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ZECCADORO 

BONONIit  PROLEGATO. 

In  Proiiincijs  Bonon.Fcrr.  Aemili^ 
Commifsario  Gcncrali , 

Ec  Forofcmpronij  cledo  Epilcopo 

FELICITATEM. 

Erarij  Philofophiae  Mathe- 
maticx,  hoceft  inter  fcien- 
tias  humanas  aurc?,quicl  ni 
Tomus  faltem  hic  tercius 
^rario SLUvecCvulpp.al Zec»  ''"•'"•'«* 
cadoro)  tibi  fcilicer^  liluftrifsime,  ac  Reue-  £'■'*"' 
icndifsimePrasful,  agnomine,moribus,  ac 
meritisvereaureo  dcbeatur?  Tibi,quem 
argenteo ,  &  aureo  benignitatis  rulgorc  ar-  i>.„c„oic. 
flat,acplaneIlluft:rifriroumrcdditPontifi- 
ciaterMaximi  Innocentij  Colunr,ba,cuius 
(vt  regius  Vates  cecinit  )  fem7&  deargen-  rfai.ey. 
taU ,  Cf  pofleriora  dor/l  tfus  w  fallore  au» 
Tf,   Vc  meritohuius  JEmij  Maihcn^atici 

♦f»     i  Author 


AuthorfnBreuiarij  C\ii  ScereotnecriciCquod 

fecundaparsefthuiustertijTofni)probIe- 

maceiecinio,atqiexodico,figuratii  permi- 

ferit,  in  qua  Pontificia  Cokmiba  efl:  alis, 

Sr/.  <l'J^fi  beneuolentix  vlnis,  expanfis,  &ca- 

iTc^iaJ/  pitcaJgeatilitii  tui  Stemmatisaureaufe- 

'»£'""'*'■  getem  obuerfo ,  a  cuius  gemino  fble  oculo- 

rum  tibi  faecunda,  acfecunda  omniapro- 

ueniunc. 

Quis  enim  aliunde  tuaslaudes  amplio- 

sp,n:Hs,n  fcs , aut  vcriores rcq uirac , o uam  3 b co  cui 

i'>r,t.fici^  diuinum  adftareSpiricumgentiliaipraCo- 

lumba  teftatur  ?   Ille  te  fuis  Pontificijs  in 

Diplomatibus  non  vno  verborum  exornat 

oraculo : Ittterarumfctentidy  vita,  ac  morum 

Ei^ia  i»  honeltaSi  altaqx  lauaahilta  probitatts ,  &'  vir- 

tnum  /'«.  tutnm  mertta ,  cjmbHS  ornatum  te  ejje  cogno- 

fctmpis.  6c ;  de  oiiusjide,  expertentia,  fctentta , 

^  tn  rebus  agendtsdexterttate  plurtmamtn 

Domino  fidHctam  habemus .  &  appellat  di^ 

le£iu*n  filium  y  quem  conftituit^f  latereLe' 

p»ntificu  gatt  t^tcetegattim,^  motuproprio,  ©* ex cer-^ 

tUk,""'  td  Scttntta  ,  €f*  matura  deliberattone  [uis ^ 

deque  ApoflottCA  poteftatts  ptenitudme  Jut^m, 

(f  ApofiottCA  Sedts  Commtjfartum  ,  cuirL. 

amphiriaais,  ^  extraoidinarijs  facultati- 

bus 


busintribus  Legationibus  Bononien(i,Fer- 
rarienfi  >  Romandiolcnli  *,  vc  fub  auguftif^ 
fimo  Innocentio  pacem  ecclefiafticas  di- 
tiones  fouentem  tu  bellica  tua  prouidcntia, 
&  racito  armorum  apparatu  (quod  &  ftre- 
Duc  preftitifti )  nr.unires. 

Nec  mirum.   Quid  enfm  aliud,  quatn 
pacis  iufla  expe6l^es  a  Colubapacis  oleam 
geftante  ?   Ac  rede  in  citati  exodici  pro-  !i,'^f^^rl, 
blematis  figura  Columbam  vides  Pontifi-  ]li"/,^;^ 
cijsPetriclauibusnononeratam ,  fedorna- 
tam  j  ac  torquatam ,  cum  epigraphc  a  Poe- 
tarum  Principe  :  elaudentur belltportA,  Ele- 
dla  Verba  funt  e  vaticinio  de  fiorente  pacis 
otioRomanum  pcrOrbem  vernaturoiub 
AuguftipacatiftimiPrincipis  Imperio. 
''—dtrAferrOy(^compagtbmar£lts 

Claudentur  belitportA:/uror  imptusintus  ^'"-'^ 

Sduajedes  fuper  arma ,  ^  centum  'utnHus 
ahenis 

Toft  tergum  nodtsjremet  horridus  ort  cru^ 
ento. 
Sciliccc  poft  cruentum  Martis  diluuiuro, 
quo  ecclcfiafticus  aeer  nuper  inundarat,   .. 
opportune  pacifica  e  coelo  aduolauit  Co-  "^"'»'"- 
lumba,qu2  non folum mitem  oleam.fed  ^»'^"- 

etiacn 


etfam  nuntiam  pacis  Iridem  {eciim  ipfL 
geftar,  dum 

y.  croceis  ex  alto  rofctda  pennis 

Mille  trahit  ^artos  adtterfo  Sole  colores , 
Illa  fuis  tibi  pennis  irradiac,dum  tibi  ad- 
fcribit  illuftria  pacis  munia  ,  quem  nuper 
experta  eft  in  bellis  non  imbellera . 

Quo  fcilicct  tempote  Cimmeria  teme- 
rarij  Mauortis  tempeftas  fub  infaufto,6c 
infefto  fydere,  dolofo,  &  inopinato  impetu 
lastis  Autumnali  fuburbano  otio  Flaminias 
populis  repente  incubuerat ,  apud  pacatos, 
innocentes ,  &:  inermes  foediflima ,  &  fxcu- 
lisomnibusdeteftanda,  quacumq;  ruebar, 
reiinquens  veftigia  ,  Maronis  tuba  tunc 
vereintonuit: 

Degeneres  animos  timor  arguit . 
mctrtnt      Vnuscu  dum  id  temporis  Casfen^  cum 
^'l'fingu.  poteftate  pra:fideres,  aduentantis  hoftis 
nu,  ieih.  veianas  mmas  aipernatus,  Mirtij  torren- 
d.ii,  ,H   tisviolentum  impetum  hrmiliimo  tuipe- 
\ZTJ!*'  dioris  obiecto  robore  fregifti,  atqjalioin- 
uituminuidusauertifti.    VnustutotPo» 
pulorum,  Picennorum ,  Vmbrorum,  Ro- 
Hiandiolorum  tibi  fuas  fortunas ,  vxores, 
liberos,  vicam  ip(am  debencium  incolumi. 

tati 


tati  confuluifti ,  quos  populabundus  ille 
turbo,te  cedcnte,  miferandis  cladibus  in- 
uoluiirct,  Vnus  tu  ecclefiafticorum  armo- 
rum ,  &  Pontificias  maieftatis  bellica  deco- 
ra  nutantiaconfirmafti,  corruetia  fuftinui- 
fti,acpalam  omnibus  prodidifti  Pontificias 
Petri  Clauesconiuratis  hoftibusformidan- 
das ,  (i  quando  a  viris  fortibus ,  &C  pruden- 
tibus,hoceft  atui  fimilibuSjinigniuoma 
belli  fulmina  vcrterentur  .  Vnus  tu  hoc 
immortali ,  6c  faeculis  omnibus  laudando 
facinoretedemumEugubinumheroapr^- 
ftitiftijhoc  eft  eius  Vrbis  patritium,in  qua, 
tanquam  in  Martis  Aerario  ,  quot  capiia 
Cfententia  eft  Serenifs.  ac  extreroi  Vrbina-  ^"^"^ 

\  _  rum  m 

tiura  Ducis)  totidem  ftrenui  exercituurrb  ""'"  i»- 
Duces  excuduntur. 

Sapientiftimi  Principis  veriflimam  fen- 
tcntiam  fuo  firmauit  cxemplo  IlUiftrifri-  i//«a#- 
musGermanustuusCarolus  Zeccadorus,  z,ccai^i 
dum  eIapfisproxiracannispropubh*ca,&  f#*«. 
Ecclefialficare  ftrenuuspeditum,acequi- 
tum  du«5tor  ftetit  in  armis,acer,  alacerqj 
pugnauit,  hoftih  ferro  ferocior>&  contem- 
pia  Morte  viuacior,  plenus  animi  fortiter 
cfFundendi  pro  Chrifti  Domini,  Dciq-,  in 

ter- 


mMr' 


terris  Vicario.  Vc  aliaspugnasommittam, 
vigec  in  faeculorum  memoriam  illuft:ris,ac 
aliarum  prima  ad  Creualcorium  vi6loria, 
cuius  illc  non  exigua  pars  fuic,  hoftibus  c^- 
fis,  fufis,  fugatifq*, 

PoftCefenaticam  gubernationem  Fani 
teVrxfedima  incermixta  lacrymis gaudia 
excepitjdum  eodemin  itinere Cefenatum 
publicus  e  tui  difceflu  dolor  te  profeque- 
retur,  publica  tibi  Fanenfium  gaudia  oc- 
currerentiac  vna  erac  lacrymarum,&  gau- 
diorum  communis  caufa,fcilicet  in  vtraq; 
Vrbe  fumma  erga  te  animorum  beneuo- 
lentia.  Quam  tu  Fanenfibus  abundc  re- 
pendifti  ,&  rebus  a  te  pra^clare  geftis  aper- 
te  contirmaftijdum  id  temporis  fuburbana 
mariahoftili  clafteFanimaeniainfeftarent. 
im  fAni  0^32  tua  tuncanimi  fortitudo,prouiden- 
^'rllufl*  tia,vigilantia?  Sandc  teftari  poftunt  qui 
/<«»»M.  plurimi  tibi  Fanenfes  adftiterunt,  ac  mira- 
bundi  viderunt  diu,  noduq^  per  m^ni^ 
circumcurfantem  ,  nouis  adftrudionibus 
infirmamunientem,omniacircurofpicien- 
tcra,  verbis,6c  excmplo  ad  ftrenuara  Pa- 
txix  propugnationem  ciuesinflaramatera, 
vigiles  excubias  agitaDCem,breuifnrai  fo- 

poris 


porisvix  partem  aliquara  libare  rosenibus 
ipfis  incubanremj  ac  ideo  dignum  cuius  in- 
ui6tum  animi  robur  pro  Ecclefiaflica:  rei 
publica  incolumicate  Ccfena,  Sc  Fanuni, 
ceu  geminum,  8c  immortale  nominis,ac 
fsLvnx  tuas  monumentum,  terra,  roariqj  de- 
prsdicenc. 

Ecce  aurem  dum  armatis  Adriaci  roaris 
fludibus  obludaris,  repente  facui  difcor-  ^J,'^^;l 
diarum  ignes  inter  auxiliarios  milites,  &C  '*"•*• 
ciues  armatosemicuerunt .  Vix  te  primi 
fulgores  afflarant,cum  ftatim  equura  in- 
fcendiftij&cum  aperto  vitae  difcriminc^, 
node  intempefta,  intcr  mfeftas  acies,  &C 
igneamgrandmera  mediusmfilijfti*,  SCoris 
praefenti  audoritate , nunc  graui  vocis ob- 
iurgatione,nunc  minaciprece,  nunc  mici 
fermonisadhortationeobcinuifti,vt,abie- 
€tis  virimqj  armis,obuiae  dexterae  in  rou- 
tua  pacis  fccdera  iungeretur ,  &  amica  con- 
(piratione  fimul  omnes  m  exteiu,  &.  com- 
rnunera  hoftem  rurfus  obarmarentur. 

Deniq-,  poft  marinum  Marteexrra  mac-  ^,2!^% 
nia  pacacum ,  intra  msenia  rursu  popularis  iX^'" 
coorta  tempeftas  fluduantibus  odio  ani- 
mis  in ciue  vnura  primarium  pubhca dc:fe- 
<!♦*{*  ^tione 


dkione  CxuicbWy  quam  tu  periculofo,  ac 

difficillinio  tempore,  fcilicec  Ecclefiaftico 

interregno ,  facillime ,  ac  celerrime  fedafti j 

'""*«' "  &  quod  olim  fortunas  Fanum  prophanum 

foTIHni  \  t  l 

,hminr,o  fmt    tu  Sacrum  publicx  Paci  terapIunLU 

dfpftU-  ....  *  • 

*>""'      condidifti. 

Quiupropter  fpedatijGTima  in  bello  pro 

pace  tua  promerita  maximus ,  &  auguftif- 

r»v/.       fimus  Rex  homimm  »  Dmt4mq\  Sactrdos 

Innocentius  te  (fic  appellat)  Commijfa' 

nuorum  rium  Generalem  EccleiiAfticorum  armo- 

connff^.  rum ,  ac  munitionum  tribus  in  Proumcijs 

%1L%.  (vtpracdidum  eft)ampli(fimo  diplomate 

proraulgauit. 

Ac  tu  ftatim  in  finibus agri  Bononicnfis 
Sf'ir*'  Caftelfranchi  Arcem,  Pontificijregni  pri- 
marium  propugnaculum ,  &  inexpugna- 
bile  Martisdomicilium,  poft  finitima  fu- 
periorum  annorum  bella  exarmatum,  ac 
praccerea  in  Vrbis  Bononienfis  regio  Pras- 
torio  publicum  armamencarium  breuiftl* 
mo  tempore omni  armorum ,  &  bellici ap- 
paratusgenere  copioseinftruxifti-,  nefcili- 
cet  Bononiae  Minerua  vel  in  Vrbe,  vel  iiL. 
agro  ficinerrais,acrepcte,fi  respofcat,exi- 
ftatinarmis. 
\  In 


l^  vrhis 
Mrmttme- 
tariH  mu- 

7IIIA  ■ 


In  honorificentilTima  vcro  tuaiftaBo- 
nonienfi  Prolegacione  (iam  pridem  vlcr^  ^I",^/'' 
Gonfuetum  triennium  tibi  non  roganti  pro-  T^TZf 
rogata^nobililTimam  hancmeam  patriam, 
actot  infignium  dodrina  virorum  laurea- 
to  cactu  florentiiTimam  tam  a^quo  regis 
iure,acdirigis,  vcneutram  commiflktibi 
publicac  luftitias  lancem  vel  auara  mune- 
ra  deprimant,  vel  negledi  iurisimpatien- 
tia  eleuet,  vel  a  iure  dolose  declinantes  am- 
bages  circumagant ,  fed  omnia  maturo  iu- 
ftx  rationis  in  xquiHbrio  expendas ,  ac  po- 
tiustu  de  tuo  non  raro  aliquid  impendas, 
quam  quidquam  alieni  iuris  deperear.  Ti- 
bi  cnim  ipfe  confcius  es  non  mentiri  publi- 
cara  de  tc  famam  ab  s^ijs  promulgatam^, 
quibus  tu  eam  paccunias  partem,  quje  ad 
tc  iufta  muldatione  pertinebat,  vltronea 
liberalitateremifcris,  vtquibusiuftacaufa 
deerat,  tua  non  deeflet  pecunia . 

Vidi  ego  dum  tu  plerumq*,  etiam  ab  in-  ^r^^  ,„^. 
iimae  plebis  muliercuHs,  &  egenis  fuppli-  ,X/w- 
ces  pro  iure  fyngraphas  humanifTime  ^lc- ^""'"^"*' 
ciperes,acftatimijfdem  aliquid  fcipiselar- 
giebarc ,  quaft  earum  ad  te  preces  emeres, 
ac  oftenderes,  tibi  duas  in  vna  manu  effc 

♦{♦♦Jf     2.  paU 


palmas,alteram  luftitfae,  liberalitatis  altc- 
ram ,  dum  qua  fupplices  chirographos  ac- 
cipis^eadem,  eodemq*,  momcnto  ftiperrL. 
T^tnitas,  etiam  non  rogantibus  erogas.   Qiiam  vc- 
,J  J."  ro  facilesomnibus  horisomniumordinum 
ad  teaditus!  Somno,  menfas,  tibi  ipfedees, 
vt  omnibus  adfis  .    Non  folum  petentes 
ftatim  admittis,  fed  tu  ipfe  in  grauiflimis 
ruis ,  ac  domefticis  negotijs  fubinde  petis 
adfintnequite,vcl  absteahquid  petant, 
vnusomnibus  femperexpoficus.   Huma- 
nillime  vero  fingulos  admiftbs  quanta  co- 
irjitate,quibus  verborum  officijs  vel  iuri 
renitentes  adaequa  illicis,  vel  miuriapref- 
foseleuas,ac  folaris!  Djfficillimas,  ac  nu- 
roero  pene  infinitas  controuerfias  vel  in- 
'#^^.    ter  priuatos ,  vel  a  priuatis  ad  pubUca  dif- 
fidia,6£periculofas  Ciuitatisfadiones  ta- 
ciie  ferpentes  peruigili  tua  prouidencia^ 
nTature,  ac  radicicus  exfcidifti ,  tanta  ia^ 
afperionbus  aliquando  vel  animis,vel  re- 
medijs lenitate  vlus,  vt  qui  paulo  ance gra- 
uiter,  ac  periculose  inter  fe  diflldebant» 
ad  te  vnum  mvnum  pacatis  animis  conue- 
nirentj&amicas,  nuperinimici,gratiarum 
adiones  publica  cu  laude  tibi  rependcrent. 

Dum 


rublici 
'.ris  prn- 
dir.li»  . 


1-- 
{Jres. 


Dum  vero  piiblicus  asqui  arbfrer  ciuf- 

les  audiscontrouerfias  tam  prompia,&;  a  „ 

fcientia  iuris  exacuta  ingcnij  tui  acie  gcr- 

dfanos  controuerfiarum  nodos  intercidis, 

dfuidis,  abfoluis,  vt  viri  iuris  prudentia^ 

prasftantes  fumma  cum  admiratione  a  te 

difcant  qux  publice  deprasdicent,  ac  do- 

ceant .  Nimirura  quemadmodum  forti- 

tudinis,ita&  fcientiac  fcmma,&:  copiam^ 

habes  non  modo  intus  ab  ingenij  ftudio, 

fcd  extra  etiara  a  Patri^  gcnio  Eugubino 

ad  arma  x(\uh ,  ac  ad  fcientias  aptiflimo  ^,^^^^ 

Conciuiuratuorum  complurium  lurifpru-  /"'"' 

dentias ,  Medic^  ,ac  Phyficas  Philofophi^, 

Sacrs  ,  prophansq*,  erudicionis  dodtiflima 

monuraenta  teilantur  Eugubij  Martem^ 

efrc  non  modo  armatum,  fed  5ctogatum. 

Quod  Ci  q'iod  aliquando  vel  exiguura 
annitempus,  filenre  foro,  libi  vacat, id  tu  ;^"V«- 
non  leuibus  animi  laxationibus  impendiX 
fed  erudit^  le6tioni,ac  in  primis  Moralis 
Philofophias  auditioni  ab  huius  Aerarij 
Authore  tui  obreruantiffimo ,  &C  olim  in 
Parmenfi  Academiaeius  Philofophi^  pu- 
bhco  Dodore*,  vt  omninm  priuataruni., 
&  pubhcarum  acliQnum  humanarum  ,c 
^  ^     5  xedx 


M)ra!is 

PkiUf:. 


diu» 


Tcdx  rationis  pracfcripto  dirigendaruin- 
primos,  ac  fuprcmos  io  ea  fcientia  fontej 
apertos  videas ,  ac  de  iurc  priuato ,  &  pu» 
blico  acqua  pronunties  nonmodoex  aliena 
fententia,  fed  eiiana  c  Philofophici  animi 
certa  ratione,  acfcieotia.   Tam  vtihs  pu- 
blice,  6c  priuatim  Philofopbi*  voluptatc 
mirum  cft  quantum  ipfe  capiare.  Vittu. 
tum  genera ,  6c  praecepta ,  quae  ab  Aerarij 
Authore  audis,  ipfe  opere  eum  m  orancj, 
tum  in  ipfum  fpeciatim  cxhibes,vtphilo- 
fophicse  in  te  fegeiis  vbcrrimos  frudus, 
fciUcec  bencmoratacin  rebus  omnibus  tem- 
perationis,  magnanimitatis,  benificentia^ 
recipiat . 
3,»./.«-       Xu  ilh  amica,  &  carifTima  tibi  capita.j 
fo,  iH.   luctisoum,  oC  gladjatorijs  luctibus  inrra- 
£la,  tibi  debiiiobfequijcaufa  infanisiacla- 
ta  vndis  cicnofae,  ac  fruftra  remis  pulfatiC 
paludis,&  furiali  proterui  Aquilonis  con» 
cuiTa  turbine,  pacaiiflimo  ,ac  tutifTimo  be- 
neuolenciae ,  ac  patroeinij  tui  portu  excepi- 
fti,  fouifti,  recreafti . 
1«  'f^m       Tu  ipfum  ^rarij  Auihorem  etiam  apud 
Principes  viros  crebris ,  publicis ,  &;  hono- 
rificis  de  eius  yirtme,  ac  Dodrina  deprae- 

dica- 


dicationibus  abfentem  decorafti ,  praefen- 
tem  fingiilaribus  bcneuolentiac  fignifica- 
tionibus  amplederis .  Quibus  ille  tibi  de- 
uindus ,  non  vt  fe  a  ram  caris  vinculis  ab- 
folueret,  fed  vt  tibi  aliquaro  faltetri  grati 
animi  fignificationem  folueret ,  tertiuiiL. 
hunc  ^rarij  Tomum  dicatum  voluit,  vc 
quantum  ille  tibi  debeat,etiam  apud  po- 
ftcrosteftaretur. 

O  iucundam  iliius diei  Memoriam,dum  K»m^ni- 
iErarij  Author  in  fuburbano  Autumnali 
feceffu  corporis,animiqi  vires  aflTiduis  com- 
mentationibus,&  typographijsfradas  tan- 
tifper  reficeret,  ac  lu  illum  humanifiimc 
inuifurus  repente,acimprouifus  fupcruc- 
nifti.  Scilicet  modeftias  tuae  dolo  >  vt  ab  M*tief/i^. 
co ,  eiufq;  focijs  frugali  menfa  exciperere^, 
dum  tuinterim  ibiomnes,ac  fingulosfin- 
gulari  excipiebas  comitate . 

IamqiAutumnaIibusferiiscxa^is,iEra- 
rij  A  uthor  in  Vrbem  defcenderaf,cum  ecce 
iucundiftimus  ilh  prae  omnibus,  ac  certifll- 
musRoma  perlaiuseftNuntiuste  Dei>& 
Apoftolicae  Sedi  Pra:fideus  Innocentij  Op- 
timi  Maximi  Pontificis,iibi  beneuolenrif- 
fi.ni,regia  gratia  ForolempfonicDfis  Epi- 

fco- 
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yc'orem.  fcopatus  fnfiilis  cJecoratiim  .  Ac  perop- 
"^!  porcune  dum  ^iarij  Authorinhoc  tertio 
;.;:''  Tomo  Pentagonum  Regulare  ope  line^ 
proporrionaliter(e£i:sderciiberer',  quaiiin 
ea  figura(quas  Epifcopalis  thiar^  formaro, 
&  fyoibolum  refert)vere  diuinaret,  fcili- 
cet  c  lineiE  (e(5lione,quam  (ob  praEclarifli- 
mos  in  Geometrica  Philofophia  vfus)  diiii- 
nam  appellant.  Paulo  etiam  antein  Bre- 
uiario  Stereometrico  folida  elementaria^ 
vnam  in  turrim  conftruxerat,  8c  ecclefia- 
fticis  vfibusaptarat, quafi  tibi  tempIurtL, 
abftradas  aienlibilibus  Sapientiac  appara- 
ret .  Sed  qmd  opus  efl:  diuinationibus geo- 
metricis  de  facra  paftorali  ttia  dignitato 
coniedan  ?  Velipfagentilitijtui  ftemmans 
meilistriticeaiam  pridem  tepaftoremani- 
morum  ominabatur  •,  fcilicet  pro  fymbolo, 
ac  mdice  tibi  non  deeffe  copiofam  alendis 
animis  annonam  Sapientiie  flauefcentis  au- 
rco  colore  paftoralis  Charitatis, 

Accedic  igitur  opportune  hoc  etiam^ 
Epifcopi  nomen,  quo  tibitertiushicy^ra- 
rij  Tomus  dcbeatur  .  In  quo  dc  propor- 
tionibus ,  de  circulo , de  folidis  Author  mi- 
rifica,  6c  perutilia  philofophatur .    Siue^ 

enim 


cnlm  Sacrorum  vdlumfnnm  iedioni  te  im- 
pendaSjVtcredicis  tjbirationalibusouibus  l",2_^^ 
aeternae  vitae  pabula  praebeas ,  mirum  cft  Uf^J"'^ 
quatum  pracddij  ad  Sacrorum  antiquorum  ff,;("£ 
rituum  ,  vaforum ,  aedificiorum  intelligen- 
tiam  conferac  folidarum  geometricarum 
figurarum,&  proportionum  cognitio.  Cu- 
iusreiluculentum  patetfpecimen  mdodif- 
rimis,&:  eruditiffimis  VilJalpandi(Autho* 
ris  Aerarijconfoci])  comentarijs  mSacrum 
Vatem  Ezcchielcm  .  Siue  populis  (vt  5c 
nunc  hic  Bononiae)  publicam  admmiflres 
luftitiam,  habes ab huiufce Tenij  Tomi de 
proportionibus  dodrina  vnde  noris  lufti- 
tiaediftributiu^e  potiftimum  opus  in  geo- 
metrica  (quemadmodum  commutatiuae  in 
arithmecica)  exercenda  proportione  vcr- 
fari.  Siue  deniq^  tc  verc  Epifcopum ,  hoc 
eft  virum  Apoftolicum  (quod  facis)  prae- 
ftiteris,  in  hoceodem  volumine  habespro 
ApoftolicoEpifcopo  documecaabinfcrip- 
tioneihCirculoPentagoni.   Nam  Apofto- 
licirculi,  fiuerotx  appellancur.quae  fuper  circuius 
terram  ,  luxca  lacra  oracula ,  eleuancur ,  cc  <» «  o»»- 
per  orbem  voluuntur,  vt  Euangelia  pro- 
raulgenc,   Epifcopalisergochiaraincircu- 

lo 


lo  animum  in  tc  oftentat  ab  infimis  auariti^ 
fordibus  eleuatuoi-,  cui  quemadmodunL. 
Epifeopalis  dignitas  (iurati  teftari  poflunc 
ij,  quibus  magnanimi  tuipedloris  arcana., 
parefcunt)  vt  minime  dicam,  prorfus  non 
optanti  obtigit ,  ita  Epifcopales  non  opes, 
fedopusbonum,de  Apoftoli  fententia,de- 
fideras,  fcilicet  pro  publica  falute  anima- 
rumlaboriofi(Iimum.Vidimus,acinexem- 
plum  porteritati  teftamur :  In  Ecclefiaftico 
ad  tedelato  principatu  princeps  libi  cura 
fuit  non  de  cenfu  inquirere ,  Ced  ftatim  ido- 
neos  Euangelicas  duiStrin^  adminiftroscon- 
quirere.  Made  hocanimo  verc  magno. 
Tudum  bonusEcclefias  Paftor  comnniftas 
tibi  rationales  ouesper  tuae  Dioecefis  oppi- 
dainfiacioiaboreiuftrnbis,  &  facr^dodri- 
njEpabulorecreabis,  Epucopalistux^hiar^ 
facrum  Pentagonum  rad  rfo  fandimonias, 
acaeternac  faslicitatis  circuio  coronabis . 

Habesnon  vnum  cxempJum  a  duobus 

tibiconciuibusj  quoruirsalierreetiamafti- 

i^^/Tjv"'  nitatc  attingit  Odauius  Accorombonus 

]"!'n!m»-  Eugubinus,&  FGrofempronij  paucis  antc 

/S/!''"'  snnis  Epifcopns,6c  Pontrficiusin  Lufitania 

Legatus,morum  integriLate,  lerum  geren-: 

da» 


darum  pruvicntia ,  Eccleliafticas  difcipliras 
nicore  llluftriirimus  Praerul,&:  futurisetia 
fiECulis  veredus.Altereft^vtc^tcravtriufq-, 
fexus  Eugubina  capica  ommittam  Sandi- 
tate  Illuftria)  Sandiflimus  Vbaldus  Eugu-» 
binus  Epifcopus.  Quibus  tertium  te,  ac 
fupparem  fore  tua  te  (perat  Patria,  vt  quo- 
rum  Virrucesimitarusfueris^etiamfa^lici- 
tatis  prjEmia  confequarjs . 

In  hac  publica  de  te  fpe ,  ac  pro  te  voto 
Epiftolx  orbem  claudo,ac venerabundus 
obfecro  ,  vt  Philofbphicum  hocce  munus 
tuis  munijs ,  ac  dignitatibus  aptiirimuiTb, 
tu^in  Authorem(auuncuhim  meumma- 
ternum)  beneuolentias  debitu ,  perpetuum 
Authoriserga  te  humillimi  obfequii  mo- 
numcntum ,  in  tui  patrocinij  mitiflimumj 
iinum  admittere  ne  graueris,5c  diutifrime 
bono  publico  valeas,  acfofpiteris. 

Bonon.  Kalendis  Decembris  1647. 


Humih^flimus,  &  addidifs.  Seruus 

Antomus  Maria  Nelius, 


AMICO   tECTOIil 

A  ntonius  Maria  Nenus 

Cur  T^eytius  Tomuspro  tertiaparte  z  Tomi} 

^Methodi  ^h  u^rarij  ^Anthore  inpi- 

tutA  opportmitas, 

l^i^SsK^^^^  Omum  Tertmm  llbuit  Infcriberehmc 
^rarijp-^^rrem ,  pro  cercia  parre,  qiix  fo* 
CLindotOLXioruperaddicamolemincorn- 
?P*^^^^^  modaai  confeciflec.  Ac  prxterea  tomLiin 
rercium  videbanrur  pofiulare  libri,  ad  quos ,  poO  diios 
anceccdenccs  elc:menrarios,  fic  graduSjquimatwrijs, 
quascontinent,  ab  anrepoficis  prorfLis  diftindti  (Linc. 
Q^niam  vcro  inTomifecundi  vtraqjparcecicantur 
aliquandoaliqua  ,  vel  indicantur  fub  nomine  cercijj 
paccis,  qaxin  hoctcrtio  Tomofunc,  ideo  potcfti  Jsni 
percintreqaafirerciiparsaJ  Tomumfecundum.  In 
hocigltur  sTomo  plurium  figurarumnumeroabll"-. 
nuic,6cfolid3rumplerafq;frorfimabop2reinc!  Ji  iullic 
in  xre  ,  5f  plura  indicauit,  quam  expofuir,  auc  appSca- 
uit  &  pkrciqj  in  Breuiarium  concraxic  Author  M:\x\\, 
fcilicct  memor  exordi j  apu J  H;ppocracem :  A''s lon' 
ga,  vitii  hreiits .  Vniuerfi  moies  elementariu  m  ^io- 

ttt  po-' 


pofitionumlnGcomccrtca  Philofophlain  immcnfuni 
cxcrcfcat>{i  fingulos  I  ibros  cxponac  hic  Author,  &  ap- 
plicet  cum  ea  vfuum  copia,  &  varictate ,  quam  habcs 
in  duobus  antecedentibus  libris  ,  ac Tomis ,  atqjintc- 
rim  accas  «^ritudinibus ,  6c  ann»s  iam  grauior  fuccum- 
batoperinonperfcdlo.Satiusigitur  vifumcft  quodam 
cii  tempcramento  praectpua  velbreuiterapplicarc,  vel 
plura  alia  faltem  indicarc  >&  aiiorum  virennbus  viri- 
bus  locarelinqaere,  ad  qu  cfe  extendant,&  fimilcmin 
modum  reliquts  clementaribus  in  libifis  (  vt  in  duobus 
praeccdentibus  cxemplum  habent  ab  hoc  Authore  ) 
laccntes  ihefauros  expro;nant  intetim,  dum,  (fi  tita.6c 
vircsfuperfocrint)  yErarij  Authorcxponat  omnia ,  qu^ 
in  fcquentibus  libns  indicac.     Mathefean  cam<^n  (lu- 
diofis,  pracfcrcimpublicis  Ledloribus ,  in  arcfbohuius 
Tomifatiseftamplitudinis,  dum  vfus  aliqui  fingula- 
rcs,acnon  vulgatiapponuntur ,  &fummacumfacili- 
tarc,  ac  brcuiratcdcmonftrantur  3  qaorumpublicain 
Scholisexpoficio  mirificc  alliccre ,  ac  fuauiftimeim- 
bucrcpoffitanimos  'Vuditorum.  Viderelicet  adinicia, 
vel  fincs  Iibrorum  fiogulorum  nonoftencatorie,  fcd 
prorfus  vcrc  appofita  eftc  in  infcrintione  huius  cercij 
Tomi  ca  SQih2.'.Materupliirtum  TomorHnt  iudican- 
tur,  Siquisenimcamposab  Acrarij  Auchoreapertos 
ingrcdiacur ,  6^  opcs  ab  €o  indicacas  a  cicatis  Authori« 
bus^Sc  argumcntiscomportarit  ad  propoficioncs ,  & 
ad  rcliquos  hic  libros  ele  mencares,  copiofam  pene  Bi- 

blio* 


bliothecam  Mathematfcani  conftruxeric .  Idco  vni- 
ucrfo  operi  facfla  infcrlpcio  Aerarij,  non  Geometricae, 
Ycd  vniuerfx  Machematicas  PhilorophisEi  adclcmcn- 
tarcs  enim  propofitioneSjtanquam  ad  fua  principia,  re- 
uocanrur  qujccunqj  inomnigencrc  Mathcmicarum 
fcientiarum ,  acqjctiam  extra  fcientias  Mathcmaricas, 
gcomctrice  dcmonftrantur, 

Qaodad  Meihoduminfcquentibus  libriselcmen- 

taribus.relcge  quae  ad  te,  Ledior,habesanceTomum 

fccundum.Quibus&addcfequetia.Cum  Aerarij  ^u- 

thorin  ocftauo  hums  Aerarij  romo.quiericdequan- 

ticate  irrationali,  a^flurus  fit  non folum  de  lineis incom- 

menfurnbiiibus ,  ( vt  habec  lib.  i  o  elcm.)  fed  de  fupcr- 

ficicbus,6c  de  folidis  incommenfurabilibus,&  earum 

omnium  quatiratum  proportionibus  ,&alijsaft.(5t:io- 

nlbus,  quxcontemplarjoncs  fupponuncplurimanon 

fblum  de  lineis  ,  dc  fupcrficiebus ,  fed  eciam  dc  folidis 

commenfurabiLbus  5  idco  eam  cocam  partem  qu  inti- 

tatisirrationaiisfcpofuic  extra,  6c  poft  contcmpljtio- 

nem  quantitatum  commenfurabilium.   Doccccnim 

naturx  meihodus  in  fciencijs  ca  polponcre  ,qux  antc- 

cedentiumcogniiioneindigcnt.  IneumoftaoumTo- 

mumtraduccnturcxlib.  I  3>6c  i^elcm.cxPappo,  6c 

alijsca  ,  qux  confuhofantomifTain  fedtione  3  Breu, 

Sccreomctrici,  in  2  par.hu. 3  Tomi.  Intnbas  enim  hi- 

fcc  Tomis  Authorquacicaccs  commenfurabiks  com- 

plcxuscft cafiae ,  ac libsncia  , quod fcraccsfuncpiur- 

muam 


iTjarum  vclIiEatain  in  omni  artium ,  &:  fcientiarum  gc- 
nere,  incommenfarabiles  vero  mirae  quide  ra,  fed  vtili- 
tatumciuiiiumfteriles,  ac  ideo  in  locumpoftremum 
abhuius  Authoris  methodo  reiedtas.  Vale  ,  Amice  Le- 
(flor,  ac  multa  paucis  inclufa  in  hoc  cettio  Tomo  lege 
oculobcneuolo. 
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TERTIVM  exnoftra, 
QVINTVM  ex  veteri  methodo. 

§1. 
S  C  H  O  L  I  O  N. 

Vniuerfalitas,&  vtilitashuiusIibriQalnti.Nu- 

merorum  vfus  in  Geometricis  aiti^rtus. 

Materia  pro  Quarto  ^rarij  Tomo 

indicaca. 
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^^   Emmaiicus  ejl  hic  libcrcjHinttis  ad  ex  ,  qu.^ 

,,^^'^    dorentur,prit/irttK  in  hb.  6  circtpr^portio- 

^^r ^J*    fHsfgiirirum,  Nos  dc  more 'vcterurn poftpo- 

1^'^'r*!";^"^    ////W//J  ^c/  h.\bes  cti.tm  .iptid  Euchden/J  'em- 

W^    }h:nahi,ii!shb.^  Pq/i proppjttiofies iib.6. 

Inveteri fchoho  e  grxco  apnd  Cemmafi' 
d/f7rtm:Liljmm(>unc  qutnium  e/em£Ktcrufn)dicunt  cfTe  Eudo- 
xi,  qiii  PJatonis  M  igiflcr  fuit.  C":  Hic  libcr  co.nuniscfl:  Gco- 
metrix,  Arith!ncric.C5  MuiKarj&  omni  fimplicitcr  M..uhcma- 
ticcE  difciplin.T .  Nam  c]ac  in  iplo  dcitionltrantur  non  loluin 
Gcomctricis  theorcmatjbus  congruuntj  fcd  &  omnibus,  quce 
ad  MathematicaSjVt  diclum  cfl,  difciphnas  rctcruntur. 

^^^od (jHtdcm  Atttnct  adGcometriam  nuUus  omnttimelemen- 
tanorum  hbrorum  vniuerf-ihdr  cji  hoc  K^J.tbro.  Nam  in  i ./.  E/cf/!. 
vtphtrtmum  de  trunguhs,  tn  2.  de  rcc7.tng:dts,  in  5,  C"  4  de  cir- 
culo ,  in  6  deproportionib:isJ'g!trarurnplan.iriim  ^tn  10  de  hnets 
tncommer.Jurabthbus;  in  rel  quis  hbris  de  ahqutbusfohdts  .tgtttir; 

L^      2  at 
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4  L  I  B  E  R     V. 

atinhoc  qmnto  agitur generaiijsiml' ,  &  dtmoriJhaMtir  de  }/ro- 
fDrtJonibiispropoJitionesconneriicntcs  ^lineis ,  &fjguris  tawu» 
planis,  qnam  folidis  cuiiifcnnqucformiS,  ac  nonJoUm  commenfu- 
rabiiibns,Jcd  etinm  incommenfnrabilibus, 

1  Soiet  /j!c  iiber  nonparum  tncomwodare  Tyronibns  ^nidis 
rcrum  iticnndtrnm ,  c'r  appiicatararn  ufbus propcjhiontitn  eierne- 
tartarum .  Nos  hanc  hnius  itbri  m  icfiam  ,  &  rnoram  Tyronibns 
anteincunda ,  quA  docentur i» iib.6 ,abiati'ri,prxmifmus  iibmm 
fextnm  ,pofl  cuius  opiparas  dapcs pofsintficiiius  toicrare  leiunas 
hunis  ith,  <^.theorias» 

.Qji/is  nos  (pr.iitcr geometrtcas  demonjirationcs  in  ipfo  iibro) 

hreutjsimis  per  numeros  cxpofiiontbus  Tyronibus  tfpottorcs ,  (k" 

faciiioresreddcmns ,  Eoqncmagis  ,ac  iibcnttns,  vtfqnando  iti~> 

2  Tomi  bri/na  ,  c^r  fcnnda  parte  aiiquid  fuppofitnm  ft  ex  hoc 

li.<^,J}attn:pofsh  Tyro  qnajjad breutfstmum  iemma  recurrcrc,  c 

JuppoftJipropoftionis  vcritatcjnftattm  in  numeris  aperti.  videre, 

D:mon-  doncc  geometrtce  videat  eandem  verit.item  in  Eucitdispropofio- 

ftratio-    f2tbus  ciim verfbitur  tn  hoc  3 .  Tomo,  Efiqnc  inpcr  nnmcros  olle- 

"""^  ^.L  fione  tdcornpendij ,  qnodnon  fh  opus  ,pro  dcmon/iratione  antece-' 

tion  in-  denti,  viia  aitkpropojittone,  vt  ajjoiet pierumqne  in geomctricis, 

digcntes       ^   .^jt^amveri)  firma  ft per  numcros  ofienfo,  ac  demon/iratio 

%hh's.  ^"'^^^^  fquentia verba M.turoiyci in Prtxfat, 2 par, //.  2 . /Irtth. 

Qiioniam  Arithmecica  inftriimcntum  cft  omnis  fuppu- 
Nime-  tationisj  Sc  numeri  funt  tcmiinij  quibus  quxlibct  magnitudo 
%77gVo  ^igni^catur ,  non  dubium  cft ,  quin  pcr  numeros  fieri  poffic 
■metricis  oinnismagnitudinis  cakulus.  Cum  vero  Geometria  coinpre~ 
frmatus  hcp.dat  omnium  quantitatum  fpccics,  videlicct  Jincasj  /liper- 
iicies,  Iblidaj  &  c.rtera  continua,  qua?  ad  \\cec  rcdigi  pofTuntj 
vt  tempora  ,  &  pondcra ;  duplicem  vtiq;  praxim  habcbit ,  v- 
nam  5  quo:  fit  hncando,  alteram  ,  qu^T  fupputando  :  quarum 
hxc  ab  illa  tamquam  a  fonredcriuatur :  (?e  illa  theorix  inniti- 
cur.  Sicuttnim  tam  thcorcmata,  quamproblemata  per  theo- 
riamdemonftrantur ,  &  foluuntur ,-  ita  mox  iiue  pcr  lineario- 
nem,  fluc  percalculum  ad  praxim  rcdiguntur .  Nam  intcllc- 
du  proemcditata  lincamus,&  lincatacalailamus.  Et  quamuis 
lincator  defcript^onejn  cc  iilo  rcpr^fcntct;,  &  mentali  fpecula- 

tionc 


L  I  B  E  R     V.  ^ 

tionc  pimdiun  gcometricum  conreqiiatiir  ,  tamcn  cilcnlti-  rtiUtas 
tor  numeris  etiam  id  ipfiim  confequitur  ,  fed  ^  &  paucis  >"'»iero- 
charadcribus  minutiores  partes  diftinguit  ,  quod  iineator  ^^^^J^ 
non  nifi  in  fpatio  immenfo ,  vel  m^igno  inftrumcnto  (quod 
nulJi  facile  cft )  prcftarc  poteft .  Qu_a:  diftjndio  quidc(n_j 
ncceflaria  eft ,  cum  pcr  numcros  irraticnaJis ,  aut  ignotf  ma- 
gnitudinis  tcnninum ,  fcu  limitcm  magis ,  ac  magis  propin- 
quantes  \'cftigamus.  /^ew  //?  fr^eUb.  \ i .  Elim.  Calculus  dc- 
mcnftrationcm  comprobat ,  &  pro  dcmonftratione  vftmcni- 
re  pctcft. 

4  Hnic  lihro  5 .  ditando  ,  &  crnrindo  habes  r.v  zfiiiierjk  Cec- 
mstrixfe/iu  infrnta,  qud  iamcjuam  adjitagencra  huc  adducasad    ■  ^'r^^' 
huius  hb,  5 .froVGjittoms.£.\  Arnhmcticts  vero prtpcrtionalitatt'-'  arithmc' 
husfupfcd!t.:bi:urir.fif7itay  O'  mtrifica  materia  prcportto/ium  in  ttcarum 
numcris ,  &j/roPcfitioKumfimtllimarumprcpoJaichibus ,  &prc-  ''°/f  ^'Z 
pcrtiombus  huius  lib,  j.  .^uarum  copta  in  prcmptu  cfi , pr.iter 
altos,apudnoflrum  Clauiiimin  dtgrejsionc  deproporltonalttatibus    f;om. 
pojt).  intcr dcfrniticnes hujib.  5.  Mijicaicrojcientianihilaliud  ttones^o- 
eli,  quavis  rfitsproportionum  tn (oKis,Vi.dc &  ex ncO-ro  yiptar. \  o  *"'■*• 
pOjSts  orn.tmenta iucunda co^.fcrre  tn  hunclibrum  •^.Irfinttafiunt 
alta  in  phyficis  pcrtinentia  adproportiones  tn  motibus,te?nporibus,     "''"/""- 
locis,  clerricntiSiJluxu  aquarHm,mottt grautum,  magnitudintbus,  rmtib.is, 
in  corporum parttbns,in legetabiliufn  ramis,  fibris  tfiolijs ,  &c.  In  tet»pori- 
arnf.  clis,  Architcciiira,  &c,  ^''■''  '-'"''• 

P  r.etcrpntdtfia  matcriamfiuppcdit.tbunt pro  amplifstmo  Tomo    ^i.i^ja^ 
circahunc li.  'ypr£omnibnsCard.xnHS tn Itbns de proportiombus,  rcs  dc^ 
vbi  varix,CHriofic ,iuc und.t  mater^s  phyficis  .ipplicttiones  propor-  F^P^^tio 
tionum  .  Prxterea  nofnr  Vtllafpandtts  tn  pltiribus  propofitiombus 
L0fnm.:t:cis  ,  quas  habet  anteliMe.isproportion.ilcs  ,  ibtplura  alia 
de  iroportionibus  magnititdiriu  vnitierfialtfistm}  demonflrat  (^prx- 
tcr  ea,  qux  tn  hoc  5  li,fiiint\in  to.^  .tn  Ezechtelcrn  in  apparatu  Vr- 
bts ,  ac  Temp/i  Hieroficlymani ,p.irte  2 depondenbus lib.  \.  cap.  2. 

Habcs  &  apttd  lo.  Bapttjiam  Bcnedtcium  in  Itbro  dtuerfiarum 
Jpccul.itionump.ig.  158.  "-/bi  theorematahuius  libri  ^.adprima^ 
quicd.jmprtncipiareuocat,  &  aliterfingula  demonfirat.  Deniq;e.\ 
Camp.iKo  crudita,  & ab  alijsl;cibit  sccipencondiendo,  ditando, 
e.\-ponendo  hmc  5  lib.Elim,  '  Ex 
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Ex pr£di6Hi&  cttatis  nos  aliqiiarido  itijlum  tomum  tonftabimus 
tn  fmnc  lib,  '^,quemadmodumfecimus  in  lib,  i  ,&  6  element.  Tnte^ 
rimparcimus  tantijper  vtribus,  & xtati ,  &  impenjls ,  &  confuli- 
mus  vtilitati  Tyronum  propterrationes ,  quas  hihes  tn  initio  hu^ 
ius  ^  Tcmi  adte,mtLehor, 


DEFINITIONES. 
I. 

PA  R  S  efl  magalciido  magnirddinis ,  mi- 
nor  maiorisqaando  minor  meticur  ma- 

lOrem,  Vt  2  eftparsipjius  6,atnonipfius  j.quia  2  me- 
titiir  S^nonmetitur  7. 

$  II. 

S  C  H  O  L  I  A. 


M 


Ementoexncflra  Methodo  fupponi  defimtiones  huius 
elementi  ante  Itbrum  ,  Jiue  elemcntum  anttcedcns 
Sextum  exveterf,Secur.duni  ex  nolira  U^ttthodc, 


II, 

'"'^  Dcfinit  partem  altquotam  ,  qu£  ftrnm  totum  aliquotiesrepc- 
Jolu mi-  tita mctitur; non  atiqu.rntam  ,  qu.c/i-.um  tottim  rrpctita  rcl nc>i-j 
nor  toto,  explct,  vclcxccdit ,  vtnumerns  2  (-Jpt^d  Lantztum  htc  intcrprc- 
au  ten.'^  jui  ter  rcpctilusnon  aficquitiir  tcttim  7,  quater  repetttus  ex- 

tittir  to-  ccdtt ,  Exhijceintclltgerc  licct  ^choltonvetus  Crxcum  ad  haKc  t 
tum.       dcfn.apudCommand:num  ,vbi docetur /ipud Geomctram  nonja- 
tisejjevtjit  minortoto,Jidettam  vt  metiatur pr,rs,  &c, 

Miil- 


DEFINITIONES.  j 

DEFIN.  li. 

Multlplex  eft  maior  minorls ,  quado  minor 
mctitur  maiorem.  vt  e  e^ muhipiex ipfics  z,  at  7  ipfms  z 

TnultipUx  ifon  ej},  quia  2  metitur  6  ,  »on  item  7, 

DEFIN.  III. 

Proportio  eft  duarum  magnitudlnum  elufde 
generis  mutua  quaedam  fecundum  quanticatem 

habitudo,*  Proportioergoeliinterres  enir^emgenerts ,vt tn' 
tcr  numeros ,  Itneas./iiperfcies,  corpora,  &c. 

S  C  H  O  L  I  A. 

/. 

ETiam  ad  alta  quA  habent  aliquam  cum  quantitatejimilitudi-  Propor- 
nem  transferturproportio .  Proporttonis  aniecedens  diatur  !'""j-'* 
qnantitas ,quAadaliamrcfertur  eavero,adquam  rcfertur,dici-  c;  coji- 
tur  conftquens  proportioms.  q»fi  qM 

II. 

£  njeterifcholiogrAco  apud  Cemmandtnum  'valde  notandafe- 

quentiafunt ,  tn  quihtis  apparet  ejje  dejivitionum  geometricarum 

Jingulaverbaponderada,  & prorfus inrelhgenda  ,ft  ah  haUu(ina-> 

ttombus  auertantur  geometnca  philojophia  fiudioft,  &  duhitatio^ 

num,  'velcauilUtio/aim  hydrtx  inadantur. 

DuArum  magnttudinum  eiujdem  generis .  Vt  feparet  ab  alijs 
fpeciebus  quantitatis ,  vt  ne  quis  lineam  cum  rupeificiecom- 
paret,-h£EC  enim  inter  fe  proportionem  nuJlam  habcnt .  Secun.. 
dum  quantitatem  .  Vt  feparet  ab  infinitis  magnitudinjbusi  Defiu.  1, 
quantitas  cnim  continua  eft  tenninus  continui  non  infinitij&  ^.^^''*^'S 
quantiras  difcreta  eft  difcreti  non  iufiniti  j  fcd  difcrctum  non  'J^")/^ 
eft  magnitudoj  muliitudo  enim  cft.  tenf. 

§1. 
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§  IIL 
S  C  H  O  L  I  O  NT. 

Proportionum  genera ,  (pecics ,  dcno- 
minacotes  • 

PLurhna,  qu£  nd  cognitionem  projiortionum  exponifojjiint, 
hic  .uctpebretti  com-pendio  ir/dicata  (juantum  fitis  cji  Ty- 
ronigeonietrico  ad  reliqu.i  elcmenta  cognofcenda  prope- 
ranti. 

Proportio  alia  efi  rationalis,  (ju<s  numcris  exprimipotejl,  ali  u 
irration.iUs,qux.  nurneris  expmm  nonpotcff,  veliit  intcr  lineas  in- 
cornmcnjiirabiies  tn  it,  \  o.Rattonalis  proportto  alia  £qualitatts,aiia 
tnAVialitatiSyinniqualttatis aiia matoris  , aiia minoris inxqnalita- 
tiSyVtaiorts  cum  qttatitas  rnator  rcfertur  admtnorem ,  mtnorts  citm 
minor .ad m.vorem ;  addttitrque particuia  ,fub,  in  dcnomtnatt^ne 
minoris  refpccfn  maioris, 

lo  ad  i  ejl matoris tnxqH.ditatis,ideJi  decupia  vmtatis,\  ad 
1  o  climinoris  in^quaiitatis,  ideftjubdecupia  vnttatis  ad  i  sfieia- 
tio,ft(proportio  m  lioris  cfi  tamqu.im  tottus,dr  continentts  ad  mt- 
noremi  tamqu.tm partem  ,  S"  contentum  ;proportto  minortscjita- 
quampartts ,  o"  conicnti  adtoturn  ,&  continens ,  itcet  vtrobiquc 
intcrcedat  idcm mtmertis,  &  differentia  notienartj  inter  'i.o,&  i, 

Ponuntttr  quinque  genera  proportionnrn  tam  matoris ,  quam^ 
rntnorti  inxqua.iit.it  ts,  mnitiplcx,  /Hperp.trttcuiarts,  fuperparties, 
mnitipiex  jiipcrp.trttcui.iris,  muitipiexfiperparttens ,  Exempit^ 
in numeris ^& compendinm ingentoftm ijabes  apudnosin  to.  2- 
Apiariorum ,Apiario  i  i.progym,  /^.tnfne  capitts  /^.vbttabeiii-' 
Tythagortca  cji  abOrontio pr.edicits  proporttontbus  appiictta ,  & 
fign.tta,  Vtde  tli.xm  0'hic,  &  tn  eacognofe  quApiurtbus  expofta 
Jii/tt  ab  ai.ys, 

^tiod 


DEFiNiTio  n;&ni. 


.^odpertinet  Adproprttomm  denominAtores  a  podertoribtis 

Altqmbtts  affcclAtos  ,  fios ,  mtyrones  impii€entur,fatitis  dnctmus 
exempUveteru  CeometrArttmfeqtii ,  qtti  in  minirnis  ntimeris  de- 
non/tnab.v?tproporttonempcr  eorttm  compAralionem,  <velttt:e/l  tn- 
ter  duAsfigurasproportio ^adj ^j Ad  iz  , drc.  J^uam animadut- 
fioncm reiege apudnos tn ctt.^p. i  i.cap,^.  Ante tabell&Orontia-' 
nam .  Pr^xdtcfA  de proportiontbus fatts  ,ftperq;fntprxui^  Tyro- 
nttm  cogmtiom  adalia,  tjua  "ofu  difcent. 


Denomi 

n^tores 

prefor- 

tionuntj 

quomodo 

apud 

Jinti- 

quot. 


DEFm.  IV. 

Pfoportioneminter  fe  habere  dfcuntur  ma- 
gnituciincs ,  quae  multiplicatx  polTunc  fe  inuice 

(uperare  .  ^^^^^  i^quet  mter  angtilum  conttngenttx. ,  &  reciili- 


B 


nettm 


titate. 
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»ciim  quimcumqiie  J/roportiotiem  non  ejje .  jQjiia  licctprior  in  inm 
Jinitum  multiplicetur,  nunquam  tamenjiiperabtt  pojlenorem, 

§  IV. 
S  C  H  O  L  I  O  N. 

D05lc,  ft folct,  Commmdinusadhanc  4  dc/init.Yloc  id- 
circo  didum  vicictur ,  vt  infinit.^  magnitudincs  a 
j /■/;««;/«  proportjonibusexcludantur.  l-jnita  eniin  magnjtu- 

ittquan-  do  quantunJibetmultiplicatatantumabcft  vt  infinitam  ma- 
gnitudiuem  exupcret,  vt  ne.a^quarc  t]uidcm  poflit vnc]uam. 

§v. 

Ex  definidone  4 

COROLLARIVM    L 

Archimedes  vindicatus  acalumniaex  ignora- 
tiahuius^definicionis, 

1  "%  Jjt  IrmncJiquamaudaBer ,  actemerl'  aliqui  audeant 
I  \/  E  flfflrerc  Jibt  auBoritatem  criticam ,  ac  fermc  dam- 
A.  ▼  JSL  rutoria-m  feiitejniam  etiam  tn  fipremos  faentia- 
rum  ^iicJores ,  aitt  illijhatores  ,  quorum  mtrijicas  thiorias  om- 
niumfxculorum  acutifsima  ingenia  &fcrittata ,  &  admiratafunt. 
Sedcinici  cenfores  meritas,  &  publicas,&  perpetuas  apud  ahfentes, 
&po/Ierosp(enas  luunt  audaa.c ,  ac  terner-ttatts ,  dttm  arguunttir 
ignoranttts.  vel in primis princtpijs  earumfcientiarum  ,  in  quibus 
piihltcosgcnttum  magifiros  carpere  non  dubitartint .  Francifcus 
rieta,&Iofeph  Scaltger  ditm  inique ,  ac  parallogfttce  ^rchi- 
medem  damnant ,  egregie ,  ac  merito  vapularunt ,  prie  alijs,a  Ri- 

tialto 
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tialto  i»  Archim.  tllujlr,  nen  fcmel,  6"  a  nodro  Clatiio  in  Geomct. 
pract,  'vht  de  ctrc.  qu^dr.  Vide  ohiecho^es  cyr/tcornm  eorum in  Jr~ 
chimedcm,  Scahgeri,  qutdem  in  cyclometrtcis  Elem.  VictA  ^'cro  iu 
li,A,ye fponfi^  ,fchol .&c  .&  in  finc  podulatortir/t  ad ftipplem  ,G  eom , 
Ptgct,  acpudet  eorum  verLt  hrc  .tpponere ,  in  cjuthus  ncc  logtc£ 
facultatis ,  necgeontetric.2  /cientt.e  ettam  inprimts  prinaptjs  i'e- 
fitgtum  Z'llum  z tdcas  ,  ita  comrafettf pugnant ,  &  ajfumtint  qu£ 
nega^t,  apcrtifdfa  aflrunt.d^c. 

2  Dcmonlirat  ( attint  ifii)  Archimedes  circulum  ejfe  /equalcm 
triangulo  rciitltneo  rcciangulo ,  ctiius  altertim  latus  circa  rccittm 
angulum  xquale  fit Jer}tidiametro  ctrcuit,  alterum  ctrcuit  periphc- 
ri.t,  quta  triangtdum  tdnec  matus,  nec  mtnus  eji  ,  crgo  itquale  ctr~ 
ciilv .  Item  :  exhtbet  Archtrnedes  lineam  matorem  amhttu  cuiusli- 
hct polygoni  tncircuio  infcripti ,  minorcm  ambttu  cuiusiibet  ctr- 
cumjcripti;  ergo,  inquit,  cii  ^qualispcripherid  ctrcuii.  &c. 

UMale  rattoctnatur,&paraiogitiicc  Archtmidcs.  St  entm  vaiet 
cius  argumentatio,  ac  dcmonfiratio ,  egoparitcr  contra  dcmonlira- 
ta  apudEucitdem  de  ar.guio  femicirculi,  quod  fit  mtnorrecio,ofe- 
dam  cumfemicircuit  anguinm  xquaiem  ejfe  recio .  Non  e/i  m.iior 
rccio,  quta  rninor  cf  omni  ohtufo  ,  qutfemper  maior  recio  eji  j  non 
eil minorrecio ,qHiim.xior ef  omni actito ,  qut  femper  minor  cfi 
rccic;  crgo  xqualis  elt  re£io  angulus  femicircuii, 

Vtpr.idi^iaiHorum  contra  Archimedcm  ,  &  mox  a  nahis  dice^ 
dapro  Archimide  reciius tntelitgas ,  hortor  te  ,  mi Tyro ,  vt  i'tfas 
p.iradox.i  .tpudnos  angnforumtn  Apiar.^,toto  Pro^ym.  j.  StVie- 
tafibi  tantumpermifil  ,  t'/  audeat  Archi/ncdt  notam  inurere  igno- 
rantt,zgeometricj:,qu.ifinefit  r,  tgeometrice  demonfirare,permtttet 
&  mil}i,opinor ,vt potius pro  Archttncdc  a^rmcm  Vietam  nimtti 
oJctt.\nter  tgnoraffe primum principium ,  l/ue  definitionetn  hanc  a. 
gcomciricam  ciementarcm-Ji  enimnon  ignoraffct,zel  inteiiexilfet, 
nunquam  tamfoede  prOK unti/ffet  in  An himedcm.  Arcln- 

3  Itaque  rcfpond.o  Vtet.t  (omtfsis  al^s,tn  qinbuspeccat  Jpara-  medes  re 
loztfmiimcffecontrahinc  defimttonem  4.  Anirullis  fcmicirculi  ^■'^'^" ''"'*' 
non  cit  uujorj  nec  nimc^r  rc^fi  j,  ergo  £qaaJii ,  qata  comparat  q-.iatiti" 
anguios,qui  nuiiim  interfc proportionem  habent  i  at  Archimedes  tMes  m- 
<0mpar.1t  &fgitras,  &  iineas^  qtixproportionem  iaterfe  h.-ihent,     ffl^F''^ 

B      2  Nam        1^. 
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•^nguli       'JSlam  Mgtili  niixtilinci ,  e  qnorurn  genere  angulus  efl  femicir- 
^'^Vb~[  ''^^''  "^^^  habentproportiommcum  rei^hli^ieis  ■■,quaritumcumq;  .n, 
pfopor-     atige.itur  angulus  femicirculi  ,nHnqueim  xquahtt,  aut  fitperabtt  4/r- 
uone  CH  gulum  re^um,  rjui  fit  A  Ji.imetro ,  cf  a  Unea  recta  tangente  circum 
lum,  cuius  angult  femfcr pars  ejiangulusfemicircultfactusadia- 
fnetro,  drperiphena  ,  qujtfemper  cadit  tntrafpattum  auguli  re- 
cli,  <^/4t  fcro,  datis  Itneis  altef^  rc^a ,  altera  ctrculan ,  'vtraltbet 
minor  .t.ucLt  potefl  vtramltbct  fuperare  ,c^  data  trianguli(  quo 
'Vtitiir  Archimedes  tn  dtmenfJone  circuli)  area ,  quxftminor  area 
circuli ,  poteli  tta  augir  i  ,  'ut  aream  circult  dati  (xcedat  ,fctlicetji 
area  trianguli  fiat  aqttalis  recfaf?gulo  ,  vcl quadrato  ctrcumfertbe- 
ti  datum  circulum  .S/c  are.t  minor  ctrcult  au&^apotefe  fitperare  da- 
tam  arcamtrtangult .  Ac propterea  ,  tuxta  hanc  dijin.  ^,.tKgulus fe' 
mictrcultnonh.ihH  proportioncm  cum  recto;  atfigurArectilinex 
P  000  -  ^"'^  cur!iilincis,triangilum,(^  circulus,  f^c.  linex  ctrcuLirts  ,  (^ 
tio  inttr  reitt  h.thent  inter  fe proporttonem  ,  &  recie  ab  Archtmcde  fit  ra- 
linsus       tioctn.itio  d'  A'jHdn.tte  tnter  e.i  qn.s  h.ibent  propsrttonem  j  male 
^     vero,  d^  cum  t?yiorantia  huius  4..  4efin,fit  a  Crtttcis  obieclto  contra 
re:hi  n.     Archi:-}iedem,dn  illi  coparant  tnter  fe.^qii£  non  hahent  propjrtione, 
4  Confirm.it  Archtmedem prxter pliiraalia,  etiamtd,quodre^ 
Conue-  clc  adnotaait  Eutoctus  ad  Archim.qu.tdr.circ,  (-r  de  quo  nosplura 
nimtiAt  ifjTo^  j^  hatus  A^rar^  addefinittonemltnex .^& adprop.  5,  §  2. 
neas  cir'  •^^'^'^^^  linea  recfa ,  <jf  ctrcularis  conueniunt  inter  fe  in  trtpltci 
cuUrc,    proxtmogenere  (Jiihremotis  &  quantitatts,  &fecundum  latttudi- 
(S^reHA.  j^g^  tndiittfibiiis)  qitia  criinex ,  drflmplices ,  &fe>nil.triumpar- 
ttum funf^ideo funt tntcr fc comp.trahilcs tVide  apud  nosin  Bre" 
*■  /  '^  ^'  uiarii  Scc,  2 ,  Probl.  1 8 ,coroll  A.,rei7.im  periphertx  ^qu.tletn. 
itqiiales         Angitli  curuiltnei  dquantitr  reciiltneis,  vt  h.abes  a  nobts(prater 
ajind  nos  citaturn progym,  5 .  i^piar,  3 .)  adAxioma  j.^ioex Prcclo  e.\c- 
pl.t.  Inpro^ym,  verh  S.ctt.  Ap.^^C^a  Proteo  ncjiro  Geometrtco  in 
Api.tr.  1  i}.ibes  exempU figurarum  curuiline.irurn  ,  C/~ mi.\ttlinea- 
Trepor-  rum,  qn<i  ^juantur  recftltnets,  ^hx  omnia  vt  videas  te  hortor  no 
tio  tnter  y^/^^^y  ob  titcundam  in paradoxts  admirattenem  ,Jed  tn  primis  ad 
^cHrMi-    ^■"'^  ^'^  negottumifeint  enirn  omnia  cr  confirmatorta  Archimedis, 
neasynti-  q-  refntatoria  calufnniatorum,&  tlhiferatoria  huius  4  defintttonts. 
^7ii  ^  "^^  Vi  //^  valde  notci  in  ^qualitatibus  illis  apnd  nos  curuilineorii, 
iteas.  '^^^ 
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velmixtilifjeorum  cum  re&ilineis,  easferme  cfiendiper  appojitie- 
?ics,  veldetrAcHonespartium,  ^ua  res  confirmant  haric  defnitio- 
nem  4  EucLde  fuperantialiermultipUcationem.^tia  enim  xqua- 
liajiunt ,  etiamfuperart  pofiuntpernouam  alterius  addittonem. 

5  Interim  audt  lofephi  Scattgeri paralogtfrium  contra  hanc  4 
defin,  c^  ineptiam  contra  quadraturam  Erifonts ,  immo  cf '  contra 
argumentationeni  Archtmcdis,  &  aliorum  Anttjittum  tn  Philofo^ 
phia  Geometricii,qhi qttidem  Brtfo ,  irfcripto  quadrato  in  circulo, 
dr  alt  ero  circumfcripto,inferihat:  crgc  medinm  i/tter  duc  illa  qua- 
drata  e/l  ,tqualc  circulo,  Scal'ger  igttur  apponit,  d^  opponttfeq, 

Deindc  daris  minore ,  &  maiorcpoflc  darc  mcdium  ,  aut 
ajqualc  fallumconuincit »  xepaTcftJ^rcj-aN» ,  qui  eft  angulus 
minor  omni  minimo  zn^ViXoxwmxziXxXxwQoxnm.Mtrabar^quod 
d^Vieta  ajfolet ,  Scaligcrum  tnphilofophicisnon  affecJare  optnio- 
7iem  Grammatici  grxcult  dum  gr.eca  lattnis  fiihindc  ingcrtt, 
f /  ahdtcet  a  fe  fummam  tnfcriptorc  ^tatheninltco  laudem  pcr- 
fpicuttatis.  '\ctltcit puduijfct  Scaligcrum  lattne  appellare  cornicu- 
larcm  angttUim,  qui  dr  contactus  (xtde  in  cit.Ap.-^.aptidnos  alias 
fpecies  corntcularium)  a.  quo  tamcn  rnale  argumcntatur  ;  nam  df 
ille  angulus  iji  ex  genere  ?nixtorum,qui  nullam  hahent  cum  rccii- 
Itneis proporttonern ;  quantumcun.q; entm  augeatur  afigulus  con- 
ta&its  nunquam  xquahit ,  aut fupcrahtt  angulum  'velnitnimur*Lj 
recitlinettm  acHtum,quia  quxlthet rccta  ducfa  ad ptinttum  conta^ 
£ius  vtfactat  angulum  cum  tangente ,  ftcat  circult  pcrtphertam, 
atqitntrafe  concludit  tamquampartem  ,  angulum  conta£thse  CO" 
uexapertpheria,  cr  rectapertpheriam  tangentc, 

Briftnts  vero paralogifmus  tn  altopcccat,  quhn  in  eo,  quodilli 
opponitScaligtr.  Vide nosinSchol.i  ad /^..prppof.Prog.^.Apiar.^. 
.^md f  Brtjo  adfmilitudincm  ^rchimcdts  pottitjjet  argtimen- 
tart/ic:  Sjtadratummedium  tntcr  circumjcriptum,^'  infcriptum 
circulo  eji  maius  ornnipolygono  tn  ctrculo  ,  &  eji  minus  omnipoly- 
gono  circa  circulum,  ergo  efi  xquale  circulo;  re^e  conciuf/Jet,tuxta 
a  nohis  antcdtcia .  Atq;  ha&enus  de  his.  Exoccajione  hic  cufn  Bu- 
teone  moneo  Tyrones ,  vt  conferant  Archimedis  modum  demon- 
firandt quadrattiramcirculi  cum  modo  Euclidisinpropof.i.  lih. 
1 2,  ^t*i  ed  depro^ortioniinter  circulos  quemadmodum  quadrata 


actr- 
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a  ctrculorunj  eti/imetris.  Eadem  emmformk ,  &  methodo  'uttrqut 

progreditur,  Cxtera ,  qux  hucfaceretojfur/t  pro  hac ^dcfmtionet 

vide  in  loco  apudnos  ad  i  Spropofjcrtij  Elcm, 

K^ddt  etiamtn  fuperliciebns  curunpLiKis  a(jualia,vt  nos  cir- 
ruas ,0-  '^''^" fupcrficiem cyli/.drtcam  xquale oliendimus injine  li, ^ . Elem. 
pUrias  (^'  Archimedes/iiperficicm  fphxricam  circulo  quadruplam  .  d^d 
jitperfi-  ^  if:dcpartcsjupcrfcieifph^iric£  cum  parttbus  circuli  habetpro- 
pertio.     porttonen-jZ  •(  fphi&ricum  trtanguliim  apudnos  dquale  fewicirculo, 

injine hb.-^,£lem.  Etinfect,  i,&  z  Bre ui.tr.  Stcreometrictplura 

tiehisapudnos,lUuc  i. 

S  C  H  O  L  I  O   N. 

EXhac  dcfn,^  rationes  habcs  aliquorum  paradoxorum  cir<x-j 
proporttones  angulorum  interjc,partim  in  cttat.  Api.  5  .par" 
ttmin,^  ad  propofliones  16.&  31  Lb,'.crt!j.Hir,ctlLi:c  tto,&in~ 
de  huc  remcato,  vt  conJbnantt.irn  geometricam  antmo  e.xaudi.ts, 

COROLL  AKIVM  II 

e  definitione  4. 

QLiantftatis  finiras  cum  infinita  non  c(\  propor- 
tioj  6c  patcfavli  paralogifini  Geometnci. 


Befi/n  ■   IS    "^.  Efinitio hdc  quartajirecte percipiantitr  eius  tcrmim(^fi~ 

tio  4  f /?     ■        jL  .ue  vcrborttm  fenfiis)  adeo  vera  ell ,  vt  fii  ettam  prtmum 
trir.mm      W       J^  J  ^    i  ,     -.^ 

yriciuiM,     *     ^    prtnctpiiint.VndeJic  vt  eojxamcs paraUgiJmtJif.t  in^ 

phtlofophta  geometrica,  fqutfant  contra  hanc,  Contra  quospnra;» 

Finiti  logtjmcs  munirc  candid..  tos  PhiloJopht.t  Gcometrtcx  nobts  htc  con- 

Adtnfini  filium  tji.  .^oniarn  igitur  c.k  prtmoprinctpioettamphyfico,  acpcr 

'cTmobor  J^ »otoJinitiadtnfinuum  nnlla  cjiproportio ,  nulla  ctiatn crtt pro- 

tio,  pertto 
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fortio  quanutatisfmtit adinfifittam  .   Ratio  ab  hac  dtfimiior.e  Ji       n.uio 

eiiidcfitifsima,  qmanuanfttasfimtn  quamumiiis  multipltcata  nn-  &(0"f-  ab 

n  I  r  j:  bac  sdf 

ejuampoteii  ^quare,  multo  mtmis Jtiptrarc  ttijimtam ,  acproptcrca   r^^  ^^^^ 

/'nita  eritjempcr  mfnor(cjuatCKUS  Itcttjic loquijtn  cowparattone  cu  qaami- 

in/imta,  nec poterit  habercfintta  cu  irjintta propcrttonern  xquali-  f**'^- 

tatis,multo  rninus  maioritafts,  c^'rf  docirtna,tuxta  haKC  /^dcfini- 

itofjcmy^vertjsima  femper  cji  tn  qnclibet  genere  quantitatis  ad  geo- 

tnctricamphilofophiam  fpeciantis.ExemplaJint tn  Itncis,  &  i»  f- 

gurisdineayVel  fgurafinitd  nonfcteji  VKquam  ejfe,ac  dcmon^rari 

dqualis  iine£,v£lfgurxinfit/itx,ac  multo  mtnus  mator,quam  linca, 

1  cl  figura  tnfntta;  vt  ctiam  rccic  notaf  hic  Clauitts .    Adde  Com- 

mandif7umtn%  -^  antcicd. 

2   Ef  quoniarrf^tuxtadcfiKitionem  i^.lib.  1  .£/fW.  figura efl  caTim- 

qu2-lub  alicjuojaut  aliqujbus  terminis  continctur  ,  impltcat  in  r»  w(l- 

Gccmetrt caphiLcJop  htafiguram  cjje ,  qua  nonfit  tcrminata  (ac  ef  riita. 

prxtcrciJubtLcluni  Gcomeirtcxphilo(cpht.ii quantitas abfiracia,(^ 

limultcrtninafa  5  nfntfum  entmfub  fcie/ifi,:m  non  cadit  ,  iuxt  <—>    iwaiti 

rrocit,drvere  Phtiofophorumgeor/;eiricorumJentcnttam^Si  qucd  'f^^lj^ 

autem    qua:  iiim  non  fit  terminatum  vndique  ,  ejl  omntno  ex~ 

tragenusfigur^ ,  habctq;  nfnttatcm  ab  eaparte  ,  a  qua  non  cff- 

guratum,  ac  tcrmtnafitm. 

^jienj.-tdmodum  igttur  in  gcnere  Itneartim  nonpotedjicri  com- 

paratto,  aut  extendt  proporfio  interfinifam,  (^  irfintlam,  ciim  ta- 

men finf  amhit  i-fltem  tneodcm gencre  fitpcnorc ,  tdcfitngencrz^ 

liKcarum;eodem,ac  multo  matori  ture  nonpotcft  dcmorftrarifquta 

nonporjl  cJfe)proportiointer  iigHr.im,0'  jpattum  quantum  aitqua 

txparte  non  terminatum,  ideliinfinttum,  quiafgura ,  d^  quanti- 

tas  intermtnata,  tdeHfntta,  dr  infnita,  dtjferunt  ettam  totogene- 

r'efigurd\ 

Vrndiciainfcllige qticmadmodum de cmni  gcncre  iincarunu» 

rcctarum,curuarum ,  regularttr/» ,  irregui.trium  mtxfarum  ,  c^c, 

fc&de  omniger.ere  fgurarum  regulariunsjrregulariumpianarji, 

foltd.tr um,  quarum  niillx  compararipojfunt  cumfpatiovllo quan^ 

titatis  non  figuratx,  infcrmtnafx,  denique  infnitx. 

3  Ac licet ncs adprop. 35.3 6.lib. i.ini .Tomo hutus u^.rarij, 

&  tnfectindo  adpropof,  1.  lik.  6.  affirmaucrimus  ir/tcr g^omelrtcA 

paiA~ 
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fnrAdoxA^triangnU,  velparallclogrammatA  inter  pdralUlas  Juper 
aqualibus  hafibus  ita  ejfe  interfe ,  vt  minimum  fefsit  aquare  ,  4c 
maius  ejje  altero  qttolibet  infinito ,  intclligefemferfnitum  trian^ 
gultm,  velparallelogrammum,licet  in  infinitumfub  maioribtis  U- 

tertbusobltqttatum. 

^jiodnonfolum  interparalklas,fed  etiam  inter  ajymptotos prO' 
ttdimus  ex  Antiquorum  Gcometricorttm  Phdofiphorum  ditirsimt} 
Payallc-  P^''^''  -^tque  ibi  dtim  affirmamus  cttm  Antiquis  etiam  inter  ajym- 
iogram-  ptotos parallclogrammo  altcui  ejje  ^quale parallelogrammum  quod- 
mata-.G'  /^^^f  tnfinttum  tnter  fpatium  tnfimttim  inter  ajymptotos  (^uod ,  ^ 
l.i  Itcet  ^d tnangu/a  traduximusj  intelltge ,mi7jro,de femper finitis pA- 
ir.fimtii-,  ralklegrammis  tntcr fpatium  Afjmptotun  tnfinittim,  quemadmo- 
ejjc  &qua^  ^j^j^  infinttum  ef}  fpattum  interparallelas,  tn  quo  tnfntta  numero, 
rno  tnter  finzper  fintta  terminis(ideHfigur£paralklogrammorum  quantttm- 
paralle-  uis  terminis  exterijorum) Jit^n par allelogrammata,  (^fingula  inter 
tas,(y  a-  ^  ^^ ^^^  ^^j mintmo  tnter  cafdcmparal/ilas,  (^  bafcs  confiitute, 
m  ,  quo       DtfitngHc  igttur,  mt  Tyro,  *!cc  mtht  tmptngc parn/ogifmttm  eut- 
fe»fu  a-  dentifimum  contrahanc  definttioncm .  Altud  enim  efi  comparare 
yud  ^o^-  Jigtiras  inter ajymptotos  nttmcro ,  &  termtnis finttasctim  a/tqua^ 
a/ia ,  a/iudeli  compararefiguram  cumfpatto  intcr  ajymptotos  ,fiue 
ciifiguristnter  ajymplutos  Jfatiu  idomne  occupantibus.,S^od  ctim 
Jittnfinititm,  ( hoc  ef/inier  nti??q/!c;m  tnterfe  conuenicntcs  /incas, 
acpropterea  tmp/tcat  accipi%'tfinnum,  cfscientminter  ajymptotos, 
(^  non  afymptotos,i,concurrentes,&  f.  o,&c,)vt  totti  occupcttir  opus 
ej/i-nfimtis  numero ,  &  qur.ntitete  in  infinitum  extensa  prxdttis 
figuris,  Vrimurn  tl/udego  ajje;  iit  de para//c/ogrammis  inter  ajym- 
ptotos,  non  autem  hocfecitnd.im ,  quodcjfit  maniffiifsimus  para- 
/ogtjmus,  proptcr prtcdtcfa  tn  hcc  2  coli.  udhanc  4  dcfinitionem->\ 
qu.i.  omntafunt  dcmonfirationis  /oco  apud  iKtc//tgentes ,  &  ftne 
feniientis,  l^c  quidquid ,  quafi cortd/arij  /cco ,  dcduccrem  ex  eo 
para/ogijmo,  toium  cjjet  def/fbfa/jum,  (ir  caten.mi  c  para/ogijmis 
'vitrc.'im_(j)ro  ad.-.mantina  cverisdemoijlrationibus)  contc.xcrcm. 
Durn  cgo  te  'vcra  eptiris  htiiusgeometricxphi/oJophi.tfontibus  do- 
ceo,  q:::dtu  mihi  fiucatatngcris ,  qn.^i  nunquarn  Ji)mntaut? 

4  An  fii.tdcs  vt pr.<cc/arurn  fii/tcct  idparadoxum  dcfinito,quod 
X'      flt  .■.qu.i/£i»fint'Cy  contraprimum  principium  ex  hac  4  definitione. 


cgo 
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ego  meis  affonnm ,  qHxplurim.%  :?i  ctnm  ^^Ttthematicarum  /cien' 

iiartimgencre  Laieo  in  meis  y^^pArijs,  tUudij:,firmcfn  argumenta-' 

tione  altcjuaper  mtntmas  farttCHlasf JigurAm  (vidtoTte  tngerentc 

audire^qu£  de?nonJlretur  itcjualis  omnthus  fguris  etufd"t^i  generiSy 

ceu parallclogrammjs  occ  uvanttius  toliijpatium  inter  --0  mptotos  > 

diutde  tn  quotlibet  mtntrnas farttcuias,  ac  f^Oiicjuam  o/itndertsprt- 

mam  ,fecundam .  crc.p.irttculasfigurdifr.gul.isfngultsp^^-^^illelo- 

grammis  ^tcpiales^conclude  deindc  dc  rcliquts  figtirxpartttus,qticd 

Jint  A-quaiiS  rcliquisparallelogran.mis  totum  afymptotunfp.itiuTn 

occupantthus.Sciltcct ,mt  fjomd  ,doccsn.e  t:>a  ila  f.llacijstma pcr 

min  imasparttculas  argumentation  cjdtum  Rh  cdtu  m  in  Geon^ct', .-  - 

carhilojcphiajaltare  .£luts  zcri  Philofophus  Ccomctrtcus  nihi 

impuncpcrrnifirit  conira  prtmum  principtum  huius  4  dcfnitiovis 

lic  rattocinari  f  Partes  altqux  prioris  figurx  funt  xqualcs  aliquibus 

p.^-.rttbus-ijiuefguris  occupantibus  p.i.rtem  Jp.ttij  tntcr  aj^mptctos, 

ergo  tota  rehqua/igura  eji  Aqu.disreHijUtspartihus.fuefgurts  oc~ 

cupanttbus  totum  fpatium  tnter ajjmptotos  f  J^od  cumft  irjini- 

tum,  idem ejjetac  fi dtcertm Jiguram  finit am  ejfc  .tquatim  infnit^t, 

fiempc  occupanti  totumfpatih,qnod  cf  inffnitum  inter  afmptotos, 

ac  fic  iiritti  adirfnitum  cjjctproportto,  contra  hanc  defn.^j^. 

5   Addopro  megcomctricc  dcmonjiratam  rattonem,  qua  fii  i>t, 
dwm  tnter  ajymptttos  affirmaut pofe parallclograntmata  c.xicnfio- 
ne  ctiaminfini:a,ejf  dqualtap.tralleiogrammo  vel  mtnimo  ,  mtel. 
lcxcrim  fcMpcr  dejii  ilc  infintiis  e.xtcnfonc  termincrum.  par.xlle-> 
Lgrammis  .ii  iltcttne  Apollonto ,  &  mihi  contraducrem .  N<^m 
Apoliontus  ContcMh.  %.prop.  14,-  &  nos,fne  Apollonio,  in  Apt.tno 
2 '  P''^^y^^'  2  'pyopoj.  ^ ,  demon/irauimus  afjr/ipioton,c^  hjpcrbo/en 
tn  cohcurfuperuenirt  ad intfrualiune  Jctnper  minus  quolihet  dato» 
Itaq;  eti.imjur/.pta  extrcma,  ac  mtnirrapartcfgurx ,  quamfngat 
quts  xqualcm  figura  conflaii^  inparttalibus  occupanhus  totumfpa- 
tium  aJymptotoan^Kiiquam potc/i  comparattonemfacere  cum  i.Mre-  Q,,y  „f,„ 
m.ipartefgur£Occupantistotumf>atiuminteraJyfnptotos  ;  datk  pojfitfie- 
entm  quaiibet partefgurji  comparand.t  curn  ajymptotan fpatio  ,  C^   '.'  ^'^^^' 
comparata  cum qualibet  aecepta,  icl acccpttbilt parte icrfs e.xtn -  „,^y^   ^-j^ 
mun.ijific l oqui  liceat denon  habente exiremumjjpatif  tmcr aJyfK-  fpatto in. 
ptotos,Jcrnj.ir adhuc minor ,  ac  m inorjupereji  tn injinttum  ,  eti.tm  '' ^  '^' ' "* 

C  pof        ''""' 


Ir»pli- 
eamio-i 
compa- 
rationis. 
C/c. 


Ter  iri' 
diuijibi- 
lia  infi- 
nita  quA 
Itbet  fi. 
gnra  cui' 
iibet  s,- 
qualis. 

Figur.-u, 

erfpatiu 
inter  a- 
fympto- 
Tos  (iiffi- 
ruHt  toto 
genere. 
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j>oJ}  AcccptAi  «fjimsjmes  fignr^,  quam  cumjpatio  mter  afymptotos 
aliquis  compararit, 

6  At  eftimjKcjuies ,  comparatitr  fgura  cum  fpatio  inter  ajym- 
ptotos  quatenus  td  efl  vel  infinitejimtum,  velfimt):  tnfinitiim,  coq; 
modo  cumjigurapoteji  comparari.  Hocfi  dtcas  te  ipje  tmplicas;ejfet 
enim  idfpatmm  inter  aJymptotos,&  inter  non  afymptotos.  Na  dum 
illivelin  reSio ,  vcl  in  obltqiiofinem  altquem  afstgas,  terminurtu» 

indicas,ad  quem(tn  app  oftta 

figtira^hypcrholtca  Itnea  FE- 

D  cumpcruenerit  ,coincidet 

cttmrc^au^B ,  acproinde 

non  erit  afymptctos.At  enim 

rurfus  figiira,  qti.e  compara- 

ttir  eurn  fpatto  tnter  afym- 

totos,  etiam  tpfa  dtHifihiUs 

ed  tnpartes  tn  tnjimtum .  Si 

trgofgttrx  partes  partibus 

fpattj  inter  afymptotos  £qita 

les  ofiendanttir,  ergo  totaji' 

gura  totifpatio  inter  afymptotos  tequabttttr .  Sctlicet  boc  efltn  Gco- 
metricaPhilofophtafgurarumquantttates,acproportionesperpar- 
tesdemonfirare.  ^oniamvero  qudtbetfigura  eji dtutjibtlts tn-» 
infintttim,qux(:bet  adquamltbet,  Itcetmtmma  admaximam,habit 
proportionem  icqualitatis  ,femper  enim  in  mtmma ,  &  maxima 
eruntpartes  in  infinitum  comparabiles.At  vero  nec  ettam  cum  hoc 
effugio,  &  abfurdofigura  vllajtcettninfinttum  dtuiJibilts,compa- 
rartpotefl  cumfpatiointcr  alymptotos  ,  quta  td fpatium ,  Itcet  & 
tpsufit  tn  infnttu  dtutftkle  (tdeo  cnim  efitntcr  afymptotos,idcfl  nu^ 
quamfe  contingentes ,  licct  femper  inter  fe  accedcntes  Itneas )  ta-. 
me» ,  vtpr^dtaum  eH  ,  efl  tn  ea  ipfia  infinitate  dtfferens  genere  ab 
infinitatefigur£,cui  comparattir.Ftgnraenim  efi  a^ufnita,termi- 
nifqi  conclufia ,  licetpotentia  infintta  ,fue  infinite  dtuifbilis  ,fpa- 
tium  vero  inter  afymptotos  efl  a£fu,  acfemper  fine  termino,  ac  tnfi- 
nitumfnibus  nen  vndiq',  conclttfum,ac  extrafgtiram .  ^are  itc- 
rum  in  abfunhprimarum  rationum  rclaberts  contra  defnttiones 
&figurx,  &  proportionis  intcrfiguras .  'Nunquam  emtnptr partes 

(Jt(e; 
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(lic(t  Humtroinfimtasfer  deJignnttoriem)multtphcAtASif)  figur/uj 

feruemes  ad AquditAtem fi atij  wter  ajymj/totos  ailu  nonfgurati, 
hoeednontcrminati,  Contfa- 

7  Benique  quid  mefremishactuadolofaferfartesargumeH-  ratio  fi- 
tandi  ratione ,  ac  non  ego  z'no  i^u  tolam  hancjyiuampartium  am-  S."^^.  *■!* 
puto  f  Relege  dejimttonem primarn  hutus  ttb.  Pars  eft  magnitudo  {^^  ^a,^ 
raagnitudinis  minor  maioris ,  quando  minor  metitur  maiorf .  ytotos  e(i 
Spati^  tnter  ajyrnftotos  injintti  ,  Jiuejigura ,  quam  fngas  occupare  '^f"J''*~' 
totum  idfpattum,tlliq;  tnqualem  eJJc,nonfu»t  z ercpartes,per  quas  „gs  i^^j^ 

pofstsfguram  (^f  licct  Jic  loqut)(paty  tnter  ajymptotos  comparare,   4  huiui 
aut  metiri;  nulla emmpars  infmtii  metitur.  Acji  velis  eit/s  ajyn.-  "'""'• 

ptot£  (liceatfc  appellarc\figurxpartes  cjffaltem  exparte  aliquan- 
tas  ,  quxjcilicet  multiplicatx  defctant  a  toto  eojpatio  ajymptotct)», 
nihtlagis  ,  ac  rurfus  cogerisfateri  nonpcjf  comparan  toiit  id  fpa- 
ttttm  cum  vlla  figura.  Jlttare,  gratijs  acris,  ac  tua  cttm  venia  rccu- 

Joparadoxum  a  te  mihi  cblatum. 

Z  Adhuc pcrfas  f  Ac  q  uafiliudiofus  mei  geometrice  ditaxdi, 
rclicla  argumcntatione  iipartibus,  oft  rs  dcmojirationcm  aliqnam 
indirccfam^d^  cum  i^rchimcde  prt  me  argttisfScilicet  vis  dnam: 

fgura  quxptam  neq;  maior  ,  ncq;  minor  ef  paralklogrammis  om^ 
ntbus  tnter  afmptotos,  crgo  cji  xqualis .  Velles ,  mt  homo  ,  me  Jttb 
fmbra  i^rchimedisfxdtus  Ubt,quam  nuper  in  anteceda.tt  Corol- 
lario Vieta  conira  ipf.m  Archtmcdcm.Nam calumnta illaVietana      . ^  ,  ^ 

Jitltem  argumentatto»cm,C'-  comparationcm  ifurpabat  ,licettrfc-  arrumc' 

riort,nontamenjupremo,actotogcherediff<.rcnttttm  ;  fctlicet ccm-  tatiom 

parabat  aroulos  cum  anouhs;  .ithicfuercm ,  te  docfore ,  cempara-  '"f"'^~ 
i  -^  0.       '  '  '  '       r  Ua  com- 

tioricm  rigurx  ctim  nonpgura,  idcli  termin at.c  quai:titatis  cum  1?:-   p^rart 
termthata  inlcr  ajymplotos .  Itgura  igitur  coparata  citmjpatto  tn-  poljin.tfi 
ter  ajymptotos ,  ncn  cji  quidem  mator  eojpatto  ,fed  tamenjemper  j"'^^'  '^ 
eJlmtnor,propter  demcnlhatain  anteccdentibus^Nonftadcsergo   tnter  4- 
bcn.im  tndtrecie  argumentaudi  formam  ,  immo  direcie  pugnan^  Jjm^tot, 
tem  ctimpnmo  prtncipio  e  quarta  hacdefmtione  ,  de  ^squ^  pro- 
poriionemtmerjc  habent  tngeomctrtca  philojophta. 

Ap.tgeigiturcum  tutspro  me,fuepotius  contra  me  cauillatiom- 
bus,  acmepromeo,  &  verojenjn  inteliige,  ditm  paraltelogr  amma- 
la ,  (^eorum  dimidtafvgulainter  .yymptotos ,  tta  tntcrje  compa- 

C      2  raut 
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raui ,  vt  afJirmArim  etiaa  minimo  eortim  aIkjuo  poffe  JifperAri  dn- 
pla  qttarJtitate  quodlibet  corHmJiorJim  fumptum  etiam  infuiitum, 
ideji  femper  fimte  tn  tnfinitiim  terminis  maioribus ,  ac  maioribus 
extenjum,  Ac  quije  non  continent  intrii  nojiros  /jojce  terrmnos  du 
1/erJanturinter  ajymptotos  itnteiligant  ex  antedtctis  feincijures 
in  'vere  ajymptotes,  tdeji  infnttos gcomctricos paraiogifinos.  .^jios 
tndtcare  eji  'vere  amarephilofopijicam  veritatem;  licct  non  fim  ne^ 
fciiis  a  Tjeritate,dum  ea  nubit  inuijo  animo,progigni  odtum,  turpij^ 
Jimum  epulcljerrima  matre  natum, 

§.vir. 

COROLLARIVM  111. 

Infiniti  ad  infinitum  non  cft  proportio,  iuxta 
hanc  4  defin« 


E 


I X  fjac  eadcmdefinitione  a^.patet pottfsimaratio  cur  liritii^ 
Geomctrtca  Pijilojopljia  doiitjsimi  reprobarint  cognittone, 
&  coparatfoncm  fgurartminterj  per  eognitionem  ,  &co- 
parationem  indiuifibiitum  in  figurts ;  fiint  enim  in  qualtbet  figura 
infnttaindtutftbtliaid'  infintti  adtnfnititmnulla  cli  proportio,&, 
iiixta  hanc  definittonem  indtutfbilia  fntus  fgur^  qiunttimiibet 
Plnbi-  ^^^^^'^^^'^'^^^"("'polpifitftperarc  indiuifbilta  alteriusfgurx,  quia 
lia  geo-  Jiif^t  infnita ,  nec  vnquam Jiimi  omniapoJfuKt ,nec  determinari po- 
mttr  tce    tefi  eorum  numert(s,acpirtnde  necfgurx  ex  t/s  (onjlatxpojfunt  in- 
^hali}v{  ^^'^fi  comparari,  nec inje  tpfs  fngtiiatim agnojci quod adquantir 
fonat  ah  tatem.  Satis  efio  hxc  qttaftn  tranftu  indtcare  Tyrontbus  in  Geome- 
hac  4  dc  tria  phiiofophiantibtts ,  quxpatentifsimaftnt  cx  verbis  huitis  de- 
pnif-   «.  fn,/^.piura nm  addtmus circahoc  tcrtium  Coroilartum ,  qutajatis 
do^ie aiiqiii  aliqua,  (^piunma  ,f%>itajuperfut(iet  ,fcrtpturi)Jcrip- 
Jerunt  in  hocgenere;  ac  ne  videamiir  vliis  priuatim  infenf ,  dun^ 
piibiiceprodefe  nttimur,  TantHm,pre  tnliituto  exponendorum  ele- 
mentorufngeometricorum,  indicamus  halinctnationes,  vt  Tyrones 
dijcant  tn  GeometricaPhiloJophta  dijptccnf  quod ef  m  prouerbie) 
Quid4iftcntiEralupinjs.  J^^i 
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DEFIN.  V. 

Ineadetnproporcionedicuntur  efle  magni- 
tudines,  prima  ad  fecundam  ,  6f  tcrtiaad  quar- 
cam,quandoacque  multiplicesprimae,  &  tertix 
jcquc  multiplices  rccund9,&  quartacfecundum 
quamuis  multiplicationem ,  vtraq,-  ab  vcraque 
vcl  aeque  deficiunt ,  vel  aeque  acquales  funt ,  vcl 
«quc  fuperant,  (i  ordine  fumantur .  vtjihcruqua- 

tuorntimerorum  8,  6, 4,  ^primt,(^tert!j  accipiantur xqu}  rnulti' 
fltces  1 6,  &  Z:Jecundi,  &  qtiartt  18  ,6^9  )&  collccentur  eo  or- 
dme,  qtio  numert,quorumfttf2t  multtplices,  hoc  mrntrum  16,  l8> 
8,  g;/itamprimusmtnoy/!t/ecundo,  erit  &  tertius  quarto  rninori 
(jrJimaior,maiori/ixqu4lts,itqua'isi/,inqt{a,hocJempercontingatj 
dicentur  quattior  magnitudtnes  tn  eadem  ejjeproportio»€. 

§\aii. 

SCHOLION     I. 

Noftra  methodus  non  patitur  difficulcates  vul- 
gatas  definitionis  quints  huius  lib«  $ . 

DVm  nojira  ntethodus  Tyrones  tradticit  per  propertionts 
rationales  quantitatts  tnl}Keis,pbms,rolidis ,  C"  in  lo- 
cum  extremttmjeponit  ea ,  quxpertinent  ad prepcrtio-' 
nes  irrationales  ,  ?!on  eget  expojitione  hn.  5  dcfinit.per  dquiratdtt- 
plicia ,  quorum  appojitione  tenebrA ,  ac  turb*  non  lcucs  Tyrcnibus 
excitantiir.Vtde  feq.fchoLi  tampro  rationali,  qHaw  pro  tnation*- 
liproportione. 
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S  C  H  O  L  I  O  N     IL 

Expofitio  diftindla ,  facilfs  ,  ac  breuis  definit.  s 
deincadcmproportione  ab  a:quemultipli- 
cibus.  &c. 


A 


D  difsipandas  omnesnuhecuUsy  cju*  tn  hac  j,  ^  in  yde  - 

fimtione pojfunt off^undi amfnisTyronum,  accipe a  nobts 

pauculajecjuentiapro  prolixioriBus  apud  aliquos  alios. 

Od^f  primo  recle  yercipiendus  ed  fenfits  verborutrt  dtjinitionisy 

quemfttis  aperttim  habcs  iii  appofita  brciii  expltcatione ,  ^  applt- 

cattone  in  numeris  ab  tnterpretc  Lantzto  .  Addo  &  alttery  dr  bre- 

uiter. 

I  S'i  antecedcntium  iequeniultlplicia  iequalia  fint ,  vel  mi- 

nora ,  vel  niaiora  jequcmultiplicibus  confcquentium ,  dicun- 

tur  antccedcntia  cfTe  in  eadc  proportione  cu  confcquentibus. 

Jperte,ac  breutterdictpoterat  a  do£fore  Geomctra:  In  eadem  pro- 

portione  dicuntur  e/Tc  quanrirates,quando  anteccdcns  prim^ 

proportionis  totics  continet  confequcnsjvcl  a  confcquentc^^ 

toties  continetur  ,  quotics  fccund^  proportionis  antcccdcns 

continet  confcquens,  vcl  continetur.&c.  Vt  interS,  &  4  eadem 

eJiproportto,quA  efi  inter  ^,c-r  2 ■tdeli  diipla.  Sedhxc  dcfimtio  com  - 

prehendittanthn  fpccies ,  dr genera proportionts  tnultipltcts ,  Jeu 

rationalis,  qu.ipotcfi  exprimt  numerts  tntcr  Je  multtpliabus,  quiq\ 

non  extenduntur  ad  alterum  fupremurn  genus  proporttonis  irratio- 

naiiS  ,qu,i  numeris  exprimi  ncquit,  &in  tjs  cfiquautttatthus,  qtu 

funt  incommcnfarabtles,&  quarum  altera  non  compietepo  tefl  alte- 

Defiii-  5  ramcompreljendere.IgiturGeotaetraPhtfofbphus,  ut  dcfintttonem 

etta  ir-  'vntucrfafem  afffrret  camprehendentem  quantttates  tam  muftipli- 

rationa,-  ccs,  &  rattonafes,  quamtrrationaf(S,dr  tncommutabtfcs,  confugit 

les  pro-  advnurn  aftqutd,  quod fit  commune  commenfiirabiftbtis ,  &  tnco- 

Lornones  i         i       -j  j 

r  mcn- 
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tnenfurahilihu  '^vtfciaturan  quantitatesfroprt}fmt  iti  eadempro-  Ingenlo- 

fortiofie^  &  cognofcatuT  quandofunt  in  eademfroporttonc.  ^^  '*''  ■'" 

2  Induium  autemid  communeingentoftfsinti fumpfit  ah  itque-  ,,^//f;_ 

miiltiplicthus  quantitatumfiue  rationalium  ,/tue  trrationalium^',  hus  tndi- 

'Nam  /idata  qu.intttates  funt  tn  eadem  proportione^ncceffarium  cl},  '^j"  ""!' 

.  ,  '      .  '  1,1  demwo' 

(utdens,  ac  perje  nottim  ettarn  scjuemulttpltces  d.itarum  quanttta-  p(,^,/^„„ 

tum  dehcre  ejfe  in  eademproporttone  j  vt  nagis  ettam  efequenti  no-  euam  in 

Oraexpojittone  patehtt.  nrano- 

Jn  eadem  autemproportione  duplex  idetitas  efl,generica,&fpe- 

cifica.  Nam  duminter  8  ,  d"  4,  &  mter  /^  >&  ze/}  eadempropor- 

tio  dttpla  antecedentium  adionfctjuentcs  numeros ,  'velftth  dupl.i—" 

conuerfo modo, eji cumfpecte dupUproportionts  etiam genus pro-     ."^^ ^'J 

portionts  matorttatis  antccedenttum  ad c onfequentes  (]UAtttates,&  ^ nifdem 

tnfuhdupfaconuerfo  modo  efl gentts  minorttatts,&c.  Itacj-^quontam  ^copor- 

identitas  fpectficaproporttonumfitpponit fmper  neccffarto  ettam^  tio/iis. 

identitalem  gcnertcam  uel  excedentix,  vcl  defcienttA ,  velttquali- 

tatis ,  ideo  tngeniose ,  ac  certofumttur  eagencrica  idcntitaspro  tn-  Expo/i- 

dtcioidentttatisfpccificxintcrquantttates,  .^oniamautem  'vt  fe  ttomnu 

hahent  quantitatcs  tnterfc  j  ita  &  earum  tzquemultipltces ,  ft  ^cfl 

duplus  vnitatts  i ,  &  dupli  eorum  numerorum  erunt  tn  eademprO" 

portione  diipla  j^,&  2  ;  &ftquantttates  nonfint  multtpttces ,  fed 

tncommenjiirabtles  ,  &  abditam  hahent proporttonemfpecificam-i 

ideniitatis,habcbunt  tarnen  apcrtamproporttonem  genericam  tden- 

Utattsfctlicetvelexcedentix,reldcfictcti<e,velAqualitatistnfuis 

Aquemultipltcibus .  Stcut in eadem proporttone inttr  z  ,&  i  ihter 

4)  &  ifnefiirem  ejjeduplam,  vt  tamen  fcirem  ejfe  eosnumerot  in 

eadem  proporttone ,&  confugerem  adgenertcarn  tdentitatem,  tdefl 

ad aquemultipltcium  vel  excedenttam,  vcl  deficicnttam,  vel  squa- 

litatem  anteccdentium  ad  confcquentes  fctrem ,  &  concluderem  et- 

iam  ejfe  identitatemjpecificam  inter  eos  numeros  2 ,  1 ;  4,  2 .  Ante^ 

ctdentinm  2,&  /^  &quemultiphccs  fint  6,&  1 2;  confequenttum  i, 

&  2  fint  /equemuitiphces  2  ,&  /^.  Sluontam  6  ,&  12  excedunt 

2i&  4}  ejiq;  inter  aquemultiphces  generira  tdentitas  proporttonis 

exccdenti£,euidens  confcquenti.i,  &  induium  efi  quaKtitates,quti- 

rumfunt  mtdtiphces ,  ejfe  ettam  in  eadem  fpectfica.  froportione  tn- 

terje  ,hcet  eaeffetmihi  ignot.i  indtitiduaUtcr  ,  idiliejfevcldupla, 

lel 
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vel  trifL;n .  (^c .  vcl  etiam  licet  ea  cjjit,  qu^  nMneris  cxprirni  mn 
foffct. Propterea dicit  Ceometra:  J^iorum  xqiicwidtipluiaieleK- 
icditnt,  lel  dcfcitint^&c  .JiiMt  in  eademproportiouc,fcUicetfpecifi' 
ca  mdtcdta  agcmnca  excedc?iti£,dcfcierttix,  &c. 
Difr/Frio        S    Ifif^opofttomt.imen  4  huius  Itb,  5.  dernonflratur  qu.mdo 
fro-pfi-    quantitatesfuKt in  eadcmfroportior.e ,  earttm xquemultiplices effc 
tioms  \  i/itcrf  non fiilumin eadcm generica proporticnc  exccdcntix,  dcf- 
'■l-.iitione    (''^ '<'■'">■  >  Ce.jea  ctt.m  cjje  tn  cadem  Jptcijicaproportione ,  tn  quj-i 
hac  ) .      fir/t  CiC  quatiiitates,  quarum  fitnt  xqttemultiplices;  fiue  enproportto 
notafit  inindiutduo  ,  dnpl.i ,  tripla,  fexquialtera.&c.  ftueft  igno- 
ta^  irrationalts,  C,-  quxnumcris patcfiert  nequeat.  Siqu.v  quantita- 
tesfi/it  tn  e.idempropcrtionc ,  earum  .equemulttplices  funt  G'  ipfk 
tn  eadcm  faUemgcnertcacxceffus,  dtfccfus.  c^e.  O"  conuersa  ratio- 
n&,fi ^quemul  iplictafunl  tn  eadem  cxcedentia.defictentta.  &c.  et- 
iam  e.vquantitates ,  quarttm  funt  ^nquemulttpltcesfint  tn  Tna,ea^ 
demq;fpecificaproporticne  ■.  cr  in  hoc  conucrtunttir ,  c^perje  nota 
h^cfntfine  alia  daaonliratione  ,pyoptcr,  dr  luxta  in  antccedchti- 
bus  explicata.  o^/  vero  qtiod  .nquemultipltctaftnt  etiam  tn  cadem 
proporttone  fpccifica,in  qua  funt  eiequantttates,quarumftfit  xquC- 
multipLtcia,nonperfe  notum  c/i ,  nccf.icile  concsdcttir ,  ntfdemon- 
Jirctur ,  quodfit  in  ^propoj.  hutus  .  Igttur  in  hac  defintttonc  ei-<, 
qu&foia  egcnt  expofittone  verbort<.m,vt pateat  vcrttas  dcfmtiomSy 
dtjitngucndafint  ab  /js,  qu£  dcmonflrattonempo/luiant,  qtixque  k 
Ccometra  ncnpouunturindcfinitione,  iuxtapr.id.  cra. 
Dtfta.  <        4  roli.t h.cc dcfinittoreponi  tnter prmAprinctpiafueaxioma- 
cji  a.xio-   ta,  qu.rhabet  Coinrncndinns  ad  finem  definitfonum  huius  Itb.  5. 
vta  u\-ud  £iiii"jei-n^{]uc  cqiialiiim  a?qiicmultipliccs  intcr  fe  :rqiiales  /imt: 
& .  Quarum  eadc  a-qucmukipltx  cft,vcl  quarum  ;rqualcs  lunt 
fqucmultipliccs  ,  &  ipfc  intcr  iz  funt  xquales' .  Vbividesin 
piopontone  .tqualitatis  confon.iretnterf.iqucmulttpltci.tcum  /js, 
quorumjunt  .iqutmiilttpltci.t.Pariter,iu.xtahanc  5  dcjinitfone^n^^ 
ctia  tn proportione inxqualitatis  confoKateJaltem  in generica  iniCm 
yi.\ic-  qualtt.ite  cxcefiis^  defecfus .  &c.  liefii  Oronttus  adhanc  5  defiK. 
maia^     Iii  proportionibus  ficuti  antcccdcntia  ad  inuiccm,  &  ipia  pari- 
dentta->    tcr conicquentia  mutuam  quandam  uitcr  ic  vidcntur  habere 
hn.^jdef.  rclationcm : hauddillimiliccr ipforum antcccdcntium jm: irer, 

& 
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&confequentium  squemulciplicia ,  iuxta  quamuis  multiplica- 
tionemcoafrumptafraternaquadamrationum  colligantur  fi- 
militudine,atqiediuerfo:tametfi  alia  inter  ipfa  sequcmuitipli- 
ciaj  abca,qucE  inter  partes  offenditurfubmultiplices  jContin- 
gat  plerumqj  rationum  identitas. 


DEFIN.  VI. 

Magnicadlnes ,  qujB  candcm  proporcionern 
habcnt,  proporcionales  vocancur, ;'/  4 ,  dr  2 .  item 

6,&  l-,  cumh.xbe.tnt  cand.tmproDerttonem,  fiempe ditpUnt,  dictt^ 
turproporttonales, 

DEFIN.  VII. 

Quando  seque  mulcipliciucn  mulciplex  pri- 
m^e  fuperac  mulciplicem  fecundje,-  at  mulciplex 
terciaenon  fupcrac  mulciplicem  quarcsBiprima 
adfscundam  dicicur  hab^re  maiorempropor- 
tionem,  quam  cercia  ad  quarcam. 

§.  IX. 
S  C  H  O  L  I  O  N. 

SEptiniadeJimtio  litcem  hahet  ah  ifS,qi(x  adfjotauimtis  ad  an- 
tecedentem  cjuiut^m.  Hic  emm  cxpltcatur  qiiiddicattir,aut 
quid tnteliigatttr ,  qmndo  iiicttttr  prima  baberemaiorem-j 
proporttonern  adjecundam  quantitatem,  qua  habet  tcrtia  ad  quar- 
tam.  Applicatu  exemplis  nttmcrorum.  Dtio  hotanda.  i  non  ejje  ne- 
ceffe  ,vt Jhttndum  omnem  multipHcationemmultipLxprimx  excc' 

D  dat 
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dat  nmlt  tj)liccmfectind£,/cdjntts  eji,vt  'velfemel^ntt/quam  tame» 
mtiltipitci terttAfuperante mtiltipltcem quartx.2, quoddicttur  de 
mHltipliceprimx  ad  multiplicem  Jecund& ,  intelUge  etiam  de  mul- 
tipliceterttx  admultipltcem  qtiartiXyfctlicet  dici  tertiam  qttantita- 
ttm  hnhcre  maiorem  proporticmm  ad  quartam,quamprtma  adfe- 
cundam,  qtiando  tertia  &quemtiltipltcta  aliquandofttperant  xquc- 
multtplicia  quartx,no  fuperatibus  xqucmultiplicibus  prtmA  ,£que- 
multiphctafecundA. 


DEFIN.  Vlir. 
Analogia  eft  proportionuai  {imilimdo. 

DEFIN.  IX. 
Analogia  in  tribus  minimum  terminis  confi- 

ftit.  rt in  his  ntimeris  4,  6,9.  vt  emm  e(i primiis  adfectmdtmi 
itafecundus  adtertiim. 

§x. 

S  C  H  O  L  I  O  N. 

Index  copiae  circa  analogias. 

DE  ^^nalogiartim  (nonfolum  de  trihns  pr^ipuis  generi- 
bttsArithmettca,Geometrica,Hartnonica)fpeciehus  dcm 
ccm,  quidfnguUfint:  ctrcaftngtdas  varia  thcorcmata, 
& prohkmata:  carurn  miras  altquas  prncipnas  affcBiones,  &alia 
plura  curiofa,&  iucunda,  quibusttlufrcs  hanc  8  defmttonem,ha- 
bes  apud  nos  in  1  parte  2.  Tom.  ad  propofttiones  10  ,  &  Ij 
J>r.iter  Pappuni  k  nobiscitatim ,  vide  &  CUutitmaddefn.  3  »/^- 
iuslib.K. 


D  E  F  I  M  1  T.     X,&XI.  »7 

DEFIN.  X. 

Cum  facrint  tres  magnitudines  proportio- 
nalcs,primaad  tcrciam  duplicatam  proporiio- 
ncm  habere  dicicur  cius.quahabetadfecudam. 

yt  CH»i/ueri»t proportiofjales  ht  trcsnumeri  2,4,8  ,  eritpropor- 
tio,  quam  habet  2  sd%,  dtiplicata  eius,  qiiam  habet  ad  4, 

DEFIN.  XI. 

Cum  fucrint  quatuor  magnicudines  propor- 
tionales ,  prima  ad  quartam  triplam  proportio- 
ncm  habcre  dicitur  eius ,  quam  habet  ad  fecun- 
dam,  Et  deinceps  femper  vnaamplius  quoad- 

Vfque  proporcio  t\\\X.tUWtfifintfroportioKakshiqua- 
tuornuKeri  2,  4, 8,  1 6,  crit proportio,quam  habet  zad  1 6,tripU 
tius,  quam  habet  ad  /^. 

$XI. 
S  C  H  O  L  I  O  N. 

Vetcrisfchcliaftaehallucinatio. 

Nvcterigrxco  Scholio apud Command.antc  hunc  li.'^  Analo- 
gia  dicitur  proportionis  propGrrio./'rf////«r  tatner/  author 
etuJceScheltj in  extH2plo  duarum  Itr.carum  ir,  duplaprcPor~ 
tione,  idr  in proportione  quadratorum  ex  illis  lineis^^uA:  quadrupl.i 
eji;  &  tinitlitudononeli  dupfi.i,Cr  quadrupUproportio>?!s,acprDin- 
de  non  eH  analogia,  qux,  exdejimtione^refiirit/nulitudtnempro- 
portionim.  &c. 

D      1  §  12. 
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$xir. 

S  C  H  O  L  I  O  N. 

PLuTA ,  (jum dici pojfiutt  abjlrane  pro  exflicatione  to  ,& 
1 1  deJinitionHm  ,  vide  apudnosin  concreto  clariora  ,  & 
adpraxes, in  ^ partZ.Tomiyad propo/,  1 9, a Oyvbt pri»ium 
Geometrapraxirm  hahet  1  o  hn  dejimt.  Vide  &  apudnos  inpraxi 
non Jemcl,  prdfertm  (xvjiigeomctrico  centri  grauitatis,velut  vbt 
de  trtplicataproportione diametrorurn  tnjpharis,  cycad^o prop. 
lib.6. 


DEFIN.  XIL 

Homologae ,  fcu  fimilis  rationis  magnicudi- 
ncs  dicuntur  c(re,antecedentes  antecedencibus, 
confequentes  conrequentibus, 

DEFIN.  XIIL 

Permutata  ratio,cft  fumptio  antecedentis  ad 
antccedentcm,  dc  confcquctis  ad  confequentc. 

Demonjfratur propof.  i6,in  (jua  cum  ejivt  A  ad  B,  tta  C  adJD  ,eli 
quoq;permHtando,  vt  l-^  adC,  ita  B  adD, 

•sSr3&*  ^jE^  jSSfi. 


§  JJ. 


1 
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§XIII. 

S  C  H  O  L  I  O  N     I. 

Expofitlo  permutatae  proportionis. 

DEjimt  quofdammodos  argunientandi  demoyidratute  in 
froportionaltbus  fjuantitatibus  apud fhtlofophos  Geo- 
metricos.  .^os  dctnde  firmos  ejje  dernonfirat  in  lib,  5. 
propofitionibus.  Igttur  htc  eos  acctpe  tantum,vt  def/ritos,  &  expli- 
catos;  vt  verhfiint theoremata demonfiratavidetn Itb. 5.  Interim 
eartim  veritatem  in  numeris  hic  oficndemus.  Permtitataproportio    Propor- 
dicitur  &  alterna  ratio ,  &  tn  demonliratiombus  ab  hacfcrma  di-  p^^^^_ 
citur: ergo &  permutando. i'el: alternando. leh ergo & vicif-  tMA  va- 
fim. Sie/i,vtSad/^j tta ^adi, cr^ opermtttando, cjl  ettam vt 8  ''"'    ''•■ 
antccedens prim£ proportienis ad  2  nnteccdcns  fecur.dxproportio-  t^y^^^i^ 
nis ,  tta  4  confiquens primA froportioms  ad  i  conjequens  fcundx 
froporttonts. 

$XIV. 

S  C  H  O  L  I  O  N     11. 

Cur  in  argumentationc  a  permutando  dcbeant 
tcrmini  elTe  in  codcm  gencre. 

I  i^  T  Otant  qutdem  qitidam  do£te  ,  ac  vere  in  bacformafola 
1  ^^  argumentationis  debere  effe  'vtrtufq;  proportionis  ter- 
■•»  ^  minos  in  eodemgenere,in  reliquis  i-erh  modtsfeqtien- 
tittm  geom  itrtcarum  illationum  circaproportiones  quantitattirrui, 
Qjelut  in  conuerfa  ,  compofitaproporttone ,  &c.pofie  ejfieprimx  pro-* 
portioms  terminos  vnius  gencris  ,fcunda  vero  proportionis  pofifie 
ejfie  terminos  ingenere  dtuerfoa  genereprmxproporitonts .  Vcrbi 

gratiA 
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gratta,  Si  inprimAfroforttoneJit  i't  lineaadltnc&fn,  ita  infecttn-' 
dafrofortionefttfnpcrfcies^/iuejigura  adfguram,  non  Itcebttper- 
mutandoinferre,  crgovt  antecedensitnea  ad antecedentemfuper- 
iiciem,fc  confqticns  adconfcqiientem  ift  enim  tranftus  agenere 
if!  diuerfim  genus ,  inter  qua  non  ctl geometricaproportio,iuxt^ 
A  definit.htttusy  &  notata  a  nobis  adeam ;  Itnea  enim  quantumuis 
e^itetidatur ,  vt  linea ,  idefl  tn  longum^  numqttam  <gquahit  fiiperf- 
ciem.  At  in  altjsfqucntthusformts  argurncntandt-pjelut  tn  feque- 
ti  ah  inuersaproportione  ,  licehit  infcrrcfi efvtlineaantecedens 
ddlincam  confquentcm,  vt fuperfcies  antecedens  ad  fupcrficiem 
confqiientcyn,  crgo,  &  inuertendo,  vtltnea  confquens  ad  lineam 
antecedente ,  fcjuperfcies  confqucns  adftperfictem  confequente, 
2   c^/  vnde  tjlx  angtftt£  in  argumcntaticne  a  pcrmutataprO'- 
poni€ne,vt  eafbla  deheat  hahere  vtriufq;  proporttonts  termtnos  in 
eodcmgcncref  Emodh diciispatet.namtn  aiijsformis  argumen- 
tandi  circaproportiones  funi  liiattones  in  eadcmproportionc^, 
ideii  conferuntur  varte  inter  f  termini ,  &  corum  partes  /«— » 
eadem proportione ,  tn  qua/itnt ;  tdcf  tcrmini primii  proporttonts 
intcrfe^tcrminifcundteproportionis  interf,  itnea  cum  Itnets  ,fi- 
perficies  curn  fuperfcicbus;  d^  in  nuiits  eariim  iiiationumft  tranf 
grefioa  gencre  terminorurn  in  vna  proportione  ad terminos  aite- 
rtusproportionis  y  ncc  itnr  a  tcrminis  in  vtto  ad  termtrios  alterius 
generis;ideo  infuo  quxq;gcnere,  Itcet  diueyfo,recie  procedunt  ilia" 
tiones.  At  quoniam  in  foiaforma  apermutando  fit  tranfitus,  d^  coi- 
latio  terminorumprimxproportionis  ,  ctiam  ciim  terrninisfcundit 
proportionis ,  ah  antcccdcnie  prtm,z  ad  antecedcns  ficundx  a  confi' 
qucnte primA  adconfequensfcundA ,  idco  ,  vt  pofsit  efific  legttima 
iilatiQ,  crproportioiuxta  ^dciif.'.debent  prtm£,  crfcund.itpropor- 
tionis  terrnini  efifc  tn  eod.gcnere.AiiqttiGeometricx  Vhtiofiopinx  im- 
peritia  in fie  prodiint ,  durn  non permutando  ,fied pcrmifi.endo  confe~ 
runt  antcccdensprirM.iproporttonis  cum  confequente  JcciindA ,  d" 
antccedens  fiecundx  cum  confquente  prtmx .  ^.^bjitrdifimu  enim 
ef,fclivt  8  ad^,  ita  %  ad  \,inferre  :  ergopcrmutando  eil,vt  8  ad 

l,fc  2  ad^.  Fxditas  entm permi.xtionts , pro permutationc ,  iiatim 

ptrficpatct. 

§    15. 
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5  XV. 

S  C  H  O  L  I  O  N     III. 

Haerefis  de  aetcrnltate  mundi  cx  ignorantia  hu- 
ius  1 3  dcfinitionis  male  fiimata. 

Hlnc/xdx.  hallucinationes  alicjnorurK philofophorum  trun- 
catorum^^  rnancorum  .^cjutfcihcet projitcnturfe  phi- 
lofophosfne  cogmtionepotioris ,  &  certiorispartisphi- 
lofophix,  ^Hxef  inprimis  Ceonietrica.  Sjtales  Aucrroiff^pleriq; 
qui.dum  hxrefm  de  ^Ltudi  Atcrnitate  affirmant,  O"  affertivms  il- 
Itusinfrmttaternvidtnt :  Vtfehabct  voluntas  Dei  noua  (vt 
atunt)zd  e.fFcdum  antiquunijidcfl  ad  Mundum ab a-ternoj  fic 
voluntas  Dei  antiqua  ^  idefl  ab  a^terno,  ad  efFccftum  nouumj 
idcfk  ad  Mundum  in  tcmpore ,  cenantur  tllam  folcire  incptifst- 
rne ,  acfxdfstmtforma  argumentationis  ab  hac  i  ^  difimtionefc: 
Vt  'voluntas  noua  ad effccJum  nouum ,  (ic  antiqua ,  fiue  £terna  in-j 
Veo  ad  tffectum  anttquum,fue  £tcrnum;  ergo,  (^permutando,i>t 
•voluntasnoua  adeffccfum  antiquum,fc  voluntas  a^ttqua  ad  cffc^ 
cium  nouunzyat  voluntasnoua nonponiteffccfum  antiquurn  ,  qui 
iam fupponitur ante  i  olunt atem  nouam ,  ergoncc  vobintas  T)et  ab 
Aterno  potuit  ponere  in  temporc  eff^iclum  nouum,idc(lmu?tdum.€r- 
go  ah  xterno  ef  mundus  cum  lolittate  Dei  .iierna.  PapA  acutos  rht- 
lefophos,  acgeometrictephilofcphi£peritifimos,&  incccuffos  xtcr- 
ni Mundifulaores  \  Nci  rudes qutdcTyrones difratiomshutus  1 3 
verba  i'el  leutterpercipientcs  tamfxd}  laberentur .  Feccant  Jlucr' 
rotflx  nonfoium  in  hxretica  materia,fedetiam  in  geometricaforma, 
dupliciter;primo ,  quiaeam  vfirpanttn  duabus proportiombus  re- 
rum  dtuerfigenerts  ,^  agenerts  vntusproporttone  tranfliunt  ad 
genus  aiteriusproportionisycontrapradiffa  tn  expoftionc  condttto- 
num  necefariarum  adverttatern  geotnetric£  ratioctnationts  a  pcr- 
rnutasdproportione .  Proportio antiquaveluntatis  adantiquum  ef- 
feiftm  altmtfs  genmstnminos  hahet  dproptrtiene  nouA  volun- 

tatts 
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tatis  adnouunt  effectum ,  tdeo  ex  pr^/cripto  geometrico  nott  Itcet 
tranfiltre  ab  altera  in  alteram .  &c,  Secundo  ,peccant  in  abufu  etia 
alteropcrmutatd  proportionis,  quia  nonpermutant,  fedpernttfccnt 
terminos,  &abantecedentepriorisproporttonis  ,ideji  avoluntate 
noua  tranfltunt  adconfequensfcundieproportionis ,  tded  ad  effe- 
clum  anttqutim;  at permutataproportio  e/i  tantum  antccedentis  ad 
antecedens ,  &  confequcntts  adconfeqitens ,  atq;  tnproportt  ontbui 
tcrmtnorum  etu/demgeneris.  Relege  notata,&  cauta  in  antcedenti 
fcholto  2. 

Kc/irtim  eli,qiiiGeometricam  Philojophtamproftcmur,expen- 
deref  quando  aliquiagcometrict  vofira  ifurpcnt ,  an  id  legitime 
fictant,  vtrecie  noliris  vtantur,  non  abutantur.  Vides  quanti  in- 
terftrecra  tntelltgentiavelvntHSge0metrtC£definttionis,qu<ttan- 
ttmomenti  h&refmtam  apcrtefbrutt,  acmentovtlitat. 


D  E  F  I  N.     XIV. 

Coniicrfa  racio  e:1  C\i  "nptlo  confeqaencis,  vc 
antccedencis,  ad  ancecedente  vc  ad  cofeq  aence, 

Videcer.prop./^ 

S  C  H  O  L  I  O  N: 

SI fft ^  adSvt  12  .tdS,  ergo conuertendo, vel e contrario, erit 
quoqi  6  ad ^vt  %  ad  12. 


DEFIN.  XV. 

Compofitioracioniscft  fumptlo  anteceden» 
tis  vna  cum  confcqucncc,vc  vna  ad  confcquen- 

t e m . Dcmerfraturprop.  i^  ,tn qua cum eji  vt  ^B adED  j  itd 

CF  adFD,  e/J  quoque  vt  K^B  adFD,  ita  CD  adFD, 

SCHO- 
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S  C  H  O  L  I  O  N. 

SleJlvtS  Antecedens ad^confequens,  ita  j  antecedens adcM- 
fequens  z ;  ergc  ^  compomndo  4  cnm  6,  cr/t  i  o  *dc$npquei 
4;  vt  i  cum  2,  ided  ^  adx,  &c. 


DEFIN.  XVr. 

DiuifiorationIscftfumpciocxcc(ras,quoan- 
tcccdcnsfupcrat  confcqucnce,  ad  confequente, 

Demoriftratur proycf.  j  7,  m  qua  cum  ejl  vt  AB  adBE ,  ifa  CD  ad    . .  ^; 
DE,  efi  quoque  vt  k^E  ad  EB,  tta  CF  adFD. 

S  C  H  O  L  I  O  N. 

Slt  16  contpofitum  exjt.&^^in  eadem  proportione  ad  par- 
tem  4,  m  qua eli  compoptum  8,  ex  6,&2,  adpirtem  2;  erit 
etiam  vtpars  1  2  ad parteni 4, ttapars  6  adp-.rtcm  ^.St  c/tvtiS 
ad  ^,it.i  8  -td  z,ergo,diuidendo,  ell  fut  x^adt^,  it:i  Sadz.  Compo- 
Jira  erah  t  tn  vna  eadcmque  proportione  qu  zdiupta  ad  parti  s,  i6ad 
4,  8  ad  2;partesJuKtin  vna,eadeq;  trtpU imerji  i  x  ad ^,6ad  2 


DEFIN.  XVIL 

Conucrfio  rationis  eft  fumptio  antcccdcntis 
ad  cxccffum.quo  ancecedcs  cofcqucnte  (uperac. 

Demorilhatur prop.  1 9,  in  qua  cum  edvt  o/5  adCD,ita  Lx/£  ad 
CF,  ertt  quoq;  EB  adFD,  vt  cjl  AB  adCD. 

E  SCKO- 
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S  C  H  O  L  I  O  N. 

Slt  totum  I  o  diuifum  in  duaspartcs  6, 4.  Item  fn  tolim  20 
diuifumin  dtias  ■pArtes  i  %,&%',  &fit  vttotum  antecedcKS 
1  o  adconiccjuens,  tdcl}  adpartem  4  ,  "vt  alterum  totum  an- 
tecedcfis  2  o  ad  confquentem,  idc/iadpartcm  8;  cnt  €tiam,i't pri- 
mum antecedens  \o ad 6 exceffum , quo  fuperat  confequens 4, ita 
&anteccdens  20 id cxcejfum  1 2, quofuperat  confcquens%, 

Si  efi  vt  load j^,  ita  zo  adS,  crgo &  conueriendc^ve Iper  con- 
uerfonem  rationis,  erit  vt  load 6,fic &  20  adn. 


D  E  F  I  N.     XVIII. 

Ex  ^quali  ratio  eft  cum  plures  fuerlnt  magni- 
cuclines,&  aliae  ipfis  numcro  aequales,quac  binae, 
6c  in  eadem  racionefumancur,  fumcq,-  vc  inpri- 
mis  magnicudinibus  primaad  vlcimam ,  ica  in 
lecundis  prima  ad  vlcimam.  Vel  eft  fumpcio  ex- 
tremarum  pcr  fubcradtionem  mediarum.  Dcmon. 

Jlratur  22,  in qua  cum  eH vt  A ad B, ita  DadF,& vt  B adC,  ita 
E  ad  F,  erst  ex  aquali,  vt  A  ad  C,  ita  DadF. 

S  C  H  O  L  I  O  N. 

I^ttres  numeri  iS,  12,6,  &ahjtrcs  i  3,  8)4,  &fnt  hm 
in eademproporttont, vt  \Sad\2,fc  \z  ad8,& vt  \2  ad 
6,  ita  8  ad^i  igittir  ex  £qiidi,fue  ex  /tqualitate  (ftbdttctis 
medus  12,% i  &fimPtis  extrmis) crit  vt  iS  ad6,  rta  izad^. 


P£- 
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DEFIN.  XIX. 

Ordinara  proportio  eft,cum  fuerft  vt  antecc- 
dens  ad  CQnfequentem ,  ita  anteccdens  ad  con- 
fequentem,vt  autem  confcquens  ad  alia  quam- 
piam,  ita  confequens  ad  alram  quampiam.  /«-» 

propof.  2o,&  2^,i»primzs  magrjitudiKtbus  /tntecedens  cli  AyCorf 
fequeKs  B,  aita  qunpiam  C,  irjjeeundts  antccedens  (JiJ)}  corifequcs 
E,  alia  qnxptAm  F. 

S  C  H  O  L  I  O  R 

S/«/  1 2,  6,  4,  cf  6.  5 ,  iifeji  11  ad6,  vt  6ad ^,  crft  eiiitfi 
vt6  ad ^  fi  ^  ad  i,dicitttr  ordinatapropcrtio,jciiicct  eodim 
ordtneprocedens  t»  prtrnis ,  c^fcundis  terminis. 


DEFIN.  XX. 

Perturbara  proportio  eft ,  quando  tribus  exi- 
ftentibus  magnicudinibus ,  &:alijsip(is  nuftiero 
aequalibus,  lueric  vt  in  primis  magnitudinibus 
antecedens  ad  confequcntem,  ita  in  fccundis 
ancecedens  ad  confequentem  .  Vt  autem  in 
primisconfequensadaliam  quampiam,  ita  in 
fecundis  alia  quaspiam  ad  antecedentem.  vt  m 

2l,dr  i^^prop.tnprimistnljus  magnttudinibus  antccedens  eli  A^ 
confqucns  B,  altaqu.tpiam  C .  Jnfcundis  antcccdcns  tji  E ,  con- 
feqaens  F,  alia  qu,eqi.irn  D, 

E      z  SCHO- 
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S  C  H  O  L  I  O  N. 

SI»f  12,B>&6  >^,  vtqtiidem  \  i  /id%  ,Jic  6  ad/^  \&  Ttt  ,vt 
inftriorihus  nnmeris  cojeques  8  ad  alium  quepiam  4.  r.g^dn- 
J>lus ,  ita  &  i»  podertoribus  mmeris  alius  quifptam  numerus  i  j 
duplusjit  ad antecedetem  6-ydicitur  hxc  illatio  perturbata.Vtraque 
feries  5/?.-  1 2  8 , 4,  ^  i  2 , 6  4.  .?/>/?  ^'/  1 2  ad%yHa  6  ad^,ertt  & 
'vt  8  ad  4^,itA  izadC.  f^i<ie nos  etiam ad  zo,&  ii propofjmtits 


Propofl.Theor.I. 

Slfuerint  quotcunque  magnitudines  quotcunm 
que  magnitudinum  aqualium  numeroyfin'. 
guUfingularum  Aque  muUiplices,quotuplex 
eji  vna  magnitudo  vnius  totupltces  fmt 
omnesomnium, 

Slnt  quotcumqj  magnitudincs 
AB,  CD  quoicumquc  ma- 
T  onitudinumE.F^qualiumnumc- 
ro/ingulac  (ingularum  «quc  mul- 
F  tiplices .  Dico  quam  multiplex  cft 

ab 
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AB  ip(ius  E,tam  multiplices  effe  AB,CD  fimul 
ipfarum  F,F  fimul.Cum  enim  quam  multiplcx 
cft AB  ipfius  Ejtam  muhiplexfit  CD  ipfius  Fj 
cruntin  CO  tot  magnitadines  xquales  ipfi  F, 
quotfiintin  ABaequalesipfiE.  Diuidatur  ABin 
magnitudines  AG.GBxqualesipfi  E,EtCDia 
CH,  H D  «quales  ipfi  F5  jfitq  ae  (nultitudoipra- 
rum  AG,  GB  asquslis  multiiudini  ipfarum  CH, 
HDtcumque  AG  ipfi  E,6c  CH  (^qualis  fit  ipfi  F, 
crunt  AG,CH2Bqualcsipfis  E.F.Eademdecau- 
fa  crunt  G  B ,  H  D  ipfis  E ,  F  xq  aales .  quot  crgo 
in  AB  (unt  magnitudincs  ^quji.cs  ipfi  E.tot  func 
in  AB,  CDseqaalesipfis  E,F.  Qiarequim  mul- 
tiplexeft  AB  tpfius  E.tam  multipliccs  funt  AB, 
CDipfarumE.F,  Si ergo fuerinc , 6cc.  Quod 
opoicuit  demonftrare. 

S  C  H  O  L  I  O  N. 

ST/it  fnmeri^,  &  ^,& vtnu/^; xcjuimultiplices  yputa ,  triplif 
tpfius  i^triplus  1 2j  ipfius  3  xcjuemultiplex  g,fiaddAnturinter 
y?  4 ,  ef  3  ,  &fiat  7  ,  addantHr&'  x(]Himultipltces  12  ,  &  9  i»' 
terje y  & fiat  il^tjuemadmodum alteruter multtpltctum je hahe- 
hit ad alterutrum ^.vel -^  ,  quorumfunt teeiHemtdtiplices ,  fic&fi' 
muladditt  Aquemultipltres  infummam  2  ife  habehunt  ad  fmnmii 
duortmj^,  &  ■^,ideft  ad^j ,idel} pariter intrtpLtproportione,/^,  j, 
7;  1 2 .  9,  a I  .Stefivtii ad^ , ita 5 ad^  i ergo entfaruer C^i 
ad  7  in  tademproportion^ . 


Pro-^ 
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Propof,  H.Theor.n: 

Si  primafecHndA  dque  multiplexfuerit,  Mtque 
tertiaqHartAfuertt  autem  ^quintafecun^ 
da  Aque  multiplexj  atque  fexta  quarta,  erii 
^compofta  exprima ,  d^qmnta  ^que  muU 
tiplexfecundAiatqi  tertia ,  <Sfexta  quarta, 

^        D       Ih^^^  prima  AB  fecund^  C  eque 

■^  X       JI>  multiplex  ,  atqiie  tertia  DE 

^';       E--       quartxFcfitvero&quintaBGfe- 

...     '        cundxC^quemultipIex.atqjfex- 

^  J,    v[r4  taEHquartaeF.  Dico6ccorDpofi- 

""  tam  ex  prima ,  &:  quinta  AG  fecu- 

dae  C  aeque  multfplicem  elTe,  atque  eft  tertia  ,  5c 

fexra  Dd  quartae  F.Cum  enim  quam  multiplex 

cft  ABipfiusC,  tam  mulciplex fic  D£  ipfiusF, 

erunt  in  DE  tot  magnitudines  aequalcs  jpfi  F, 

quotfuntinAB  xqiialesipfiC.  Eademquede 

causa  quotfuncin  ^Q  asqaaltsipfiC,  toterunc 

jn  EH  asquales  ipfi  F:  quot  ergo  funt  in  tota  AG 

aequalcs  ipfi  C ,  tot  funt  m  tota  DH  asquales  ipfi 

F.  Qua  multiplex  ert  crgo  AG,ipfius  C,  ta  mul- 

tiplex  eft  DH  ipfius  F  .  Ergo  AG,  compofica  cx 

prima,  &quinta,fecundaeCa2quemultlpIcxeft, 

atqi  tertia,  6c  fexta  DH  quartx  F .  Si  ergo  prima 

fccnndaB,&c.Quodopoicuic  dcmonftfare. 

SCHO- 
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S  C  H  O  L  I  O  N. 

Slfit  mvjeri  prtTTtiiS  2  *fjucmultipUx  ficimdi  nwneri  \iVt 
tertius  4  cft  aqiiemultiplex  quarti  numeri  2,  idefi  .primtis, 
(^  tertiHs  duphces  ficundt,  & quarti.fit  quimus  numLrus  4  xque- 
multtplex  fccundinumeri  1,  vtfixtus  numeriis  8  efi  xqnemulti" 
plexquartinumert  2,  idfi jmt  quintus,&fixtus  numert  quadru- 
pltficundi,^  quarti;erit  ettam  nnmcrus  compofitus,  exprimo  nU' 
mero  z,&  ex  quinto  numero  4,  tdtfi  6  ertt  mqncmultiplcx ficun- 
di  numeri  i ,  ac  compofitus  ex  tertio  numero  4,  &  ex  fexto  numero 
^,ideH  i2,fi  miduplex  quarti  numeri  2.  2  ,  l  i  4, 2  j  4,  8  i  6, 
I2.fi 2  e/t ad  I yVt  4 ad 2; &fieft  /^ad\,vt%ad % , erit  etiam  6 
ad  i,vt  12  ^d  2. 


Propor.Iir.Theor.Iir. 

SiprlmafecundA  Aquefuerh  mnltiplex,  atqns 
tertiti  qHartAyfumantur  apttem  £me  muiti" 
plices  prima ,  ^  tertix ,  erit  ex  d^jnali  fum» 
ptarum  vtraq ,  vtriufljiaqhe  rnultipiex,aL 
tera  qutdemfecurjda ,  altera  autemcpiiArt&» 

ESio  prima  A  fecuJx  B  jeque 
mulriplcx,  acque  lercia  C 
qiiartc  D,&:  accipiancur  ipfarura 
A,  C aequc  mulciplices  EF ,  GH. 
Dicoacquemulciplicem  effe  EF 
ipfius  B ,  acqae  eft  GH  ipfius  D  * 

CiimcnimaequemultipJex  fic  E 

rip-. 


H 


xf  - 


1 


I 


1 
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F  ipfius  A ,  atque  eft  G  H  ipfius  C ,  continebuntur 

in  GH  tot  magnitudinesaequales 

ipfi  C ,  q'.  ot  in  EF  aequales  ipfi  A. 

D  uidatur  EF  in  magnicudines  E- 

K,KF xquales  ipfi  A,&  G  H  in  G- 

L,  l  H  aequales  ipfi  C .  Eft  autem 

multitudo  ipfaru  EK ,  KF  jequalis 

cT/L  (  n  4/L     mulfitudiniipfarumGL, LH  Ec 

quia  a^que  multiplex  eft  A  ipfius  B, vt  C  ipfius  D , 

eftque  E  K  ipfi  A,  &  G  L  ipfi  C asqual  s.  erit  6c  EK 

aequemultipIexipfiusB,  vcGLipfiusD.Eade  de 

caufa  (^que  mulriplex  eft  KF  ipfius  8 ,  vt  LH  ip- 

tpropof.  fiusD.    Cum  igitur  prima  EK  fecundas  B  x* 

i -^       quc  mulciplcx  fic ,  vt  tertia  G L  quarca^  D ,  fit  vc- 

lo&qiiinca  KF  fccundac  Baequc  multiplex,  vc 

cftfexca  LH  quarfx Di,  eric  5r  compofira  ex  pri« 

ma,  &  quinta  EF  fecnndae  B  ccquc  mulciplex.at- 

queefttertiacumfextaGHquartacD ,  Si  ergo 

prima  recudaE,&c.  Quod  oportuit  dcmonftrare. 


S 


S  C  H  O  L  I  O  NT. 

/  numerHS  frimns  i  cfi  gquemiiUtplcx  fccundi  mmeri  i ,  /ic 
^  eji  tertins  numerns  4  m  iltiplex  quarti  numeri  2 .  ideji  in  du- 
flaproportione  ;  ^primt  numeri  t  /umatur  xqiicmulttple.x  6  ,  ae 
tertij  4  muhiplex  \  2,  tdeji  m  trtpla  propgrtione,  ertt  6  tsquemui- 
tipLex Jccundi  nurneri  1  ,ac  multtplcx  eji  iz  quarti  numert  zitdeji 
tn  fextupia proportione. 2,1^4,2:6,  12.  St  cji  i't  %  ad  i,tta  ^i^ad 
2,  ergo  erit  vt  6  ad  i,  ita  il  ad  2. 

Pro- 


PROPOSITIO     IV.  41- 

Propof:  IV.  Theor.*I  V. 

Sipr-imaad  fecmdam  eandem  hahuerit pro~ 
portionemjOiHAm  tertia  ad  qi^artsm,  habe- 
btint  C^dquemtiltipltcis primd  y^terttj:  ad 
aqaemHltipltces  fecund^,  (^qaartAjfe  cun^ 
dnm  quamais  multiplicationem  ,  eandern^ 
proportiontif^,  vt  imer  fc  rej pondent  ,ffim- 
ptafuerint. 


H 


Abear  prima  A  ad  feciidam 
Beandem  proportionem, 
j   quam  teitia  Cad  quartaD.   Ecac- 
T  r    T      cipiantur  ipfarum  A  ,  C  seque  nuil- 
K EA  E  GM  tiplices  E,  Fj  ipfaru  vero  B,  D quse- 
^^^^':5?^  cunqucaliae  ^eque  multiplices  G, 
1^1     H.DicovteftEadG,  itaeffeFad 
.  1  "  H.  Accipianturenimipfarum  E,F 

.  9quc  multipliccs  K, Lj ipfarum  ve- 
ro  G  ,  H  aeque  multiplices  M  ,  N*. 
Erquiaitamukiplexcft  Eipfius  A, 
vtFipfiusCacceptseque  CnntipCua  E.Fajque 
muhiplicesK,  L:'itaergo  mulcipIexeltK'p- 
Ci\:is  A,  vc  L  ipfius  C .  Eiidem  dc  causa  ita  multi- 
plcx  cft  M  ipfius  B  ,  vc  N  ipfius  D  .  Et  quia  eft  v,c 
A  ad  3,  ita  C  ad  D,acceprxque  fuacipfarum,  A^ 

>'  C  xGnh 


prO[,of. 


b  'icf.  <i. 


idef.s. 


L  I  B  E  R  V. 
C  asque  multiplices  K ,  L ,  ipfaruni 
vcroB, Dali^qiiaBcunqucM,  Njt 
crgofiKfuperac  M  ,  ffiferabic  6c  L 
ipfam  N  ^  &  (i  aequalis ,  xqualis  5(1 
minor ,  minor ,  Tuntq  le  K ,  L  ipfa- 

LFCTHN  rutn  E,FaequcmuIc]pliccs,  M  ve- 
TTTTTT  i^^  ^  ^  fQn(  ipfarum  GH  ,  aequc 

multipliccsj "  cfl  ergo  vc  E  ad  G,ica 
F  ad  H.Si  ergo  prima  ad  fccundam 
&c«  Quodoporcuic  demondrare. 


L  E  M  M  A. 

QVoniam  demonftratum  eft  >  fi  K  fuperet 
M.fuperare  &  L  ipfum  N,&c (i  fic  ^qua- 
K-.  lis,  ciTe  aequalcmi  fi  minor,  minorem j 
conftabicctiam ,  fi  M  fupcrecK,  fuperare  6c  N 
ipfum  L ,  6c  fi  fit  acqualis ,  efle  xqualem ,  fi  mi- 
nor,  minorcm,  atquc  idcirco  eric  vc  G  ad  £ ,  ica 
HadF. 


COROLLAKIV^M. 

EXhoc  manifcftum  cft ,  fi  quacuor  magni- 
tudincs  fucrinc  proportionales ,  &  couer- 
fim  proporcionales cfte.  Hoctdfitfl  vtt^Ad  B,itA  c 

S4iJ)ye£'e  qttequ*  B  «d  A,  vf  D  AdC, 

SCHO- 


P  R  0  P  0_S  I  T  I  O    IV.  4j 

SCHOLION     I. 

Slftt  dntecedenttsvtrtufci-tfroperuoms  numert  j,  4,  &ce»fi- 
qHentes  \,  ij/itq.vt  2  ^d  i,ita /^.ad%,in  dnfUprofortttHe, 
Mccipiantur  antecedetium  £e]uemultiplices,tpj(us  1  accipiatur  muU 
tiptex^,  ipfius  /^  x^uemultiplex  16,  incjuadrupU  proportioH"^. 
fariter  confecjuentium  acctpiantur  Aquemulttplices,  ipfius  i ,  mul- 
tipUx  5 ,  ipfius  2  .ecfuemu/tip/ex  6,  tn  tripta  proportione ;  erunt  & 
4tejuemu/ttpltces  antecedenttum  proportionales  cttm  xtjuemultiplt-' 
dl/MS  confequentium ,  ide/I  ertt  vt  8  mu/tiplex  primt  antecedentit 
sd ^  mu/ttpiicem primi conJequentis,ita  iS ^tquemu/tiplex fecutt» 
di  antecedentts  adS  Aquemu/ttp/icem  Jecundi  confiquentti.Zyi,l , 
3;  l6,^2,6.SteJivt  2adi,tta/^ad2,eritetiamvtZad^,it* 
l6ad  6.Vt  S  cotinet  bts  ipfum  3  ,&  duas  ipfius  3  tertiasjic  1 6  etm- 
tinet  bts  tpfur»  ^''fduas  ipjius terttas,  ideji  duos  binart^s. 

S  C  H  O  L  I  O  N     11. 

PRxterea ,  iuxta  /emmapotl  hanc  propo/itionem  quartam ,  vt  $ 
fuperat  5 ,fc  1 6fuperat 6i&vt^  mtnor  efi  tpjo  8  fic  6  mi- 
noripfo  i6»St  ^quatesfuerint extrmiprimdproportioms , erunt 
&  extrtmtfecund/t  Aquales.  &c, 

S  C  H  O  L  I  O  N     IIL 

EXc»r»ltartohuius  ^prepofelicitHr  demonHrAtio  i^defni-  Dem*n' 
titnis  ,idtfi  conHerfdprBportionts ,  atq;  htc patet geometrice  ^^j^^]*^ 
rei  vtritAS  in  ea  defnttione  indicxtx,&  arithmettce  *  nobis  ofiefe.  „,,  j^ 

S  C  H  O  L  I  O  N     IV. 

Vniuerfalicaces  huius  4  propoficionis. 


N 


Otiindaellvniuerfatitas  huius  quiirtd  prepotitionis ,  cu- 
ius  verba  vniuerfxltafunt  deproportione  ingentre,  qu± 
fctlicet  ettam  trrationalem  lomprehendat ,  vt  exproper' 

F     %  tfotte 
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i/o//e  eadc7n ,  ac  ratmiali  xcjucniultiplidnm  elicLts ,  ac  demor/fires 
etiam  qHamitatcs  irration.iles  ejje  in  cndemproportiexe .  Pr^terea 
Vfitncrfalis  ettam  cft  ad proportioncw  camdem  intcr  qti.antitates 
dincrjigeneris,  cttm  v.g^antccedcns ,  dr  confequeKs  vttiuspropor^ 
iionisfuM  Itnex,  &  alttriusproportiontsjitntfuperjicies.  drc, 

S  C  H  O  L  I  O  N     V. 

DEni/jiprohat  h^cpropofa^.  xqucnniltiplida  r/Jc  in  eadcm  et-^ 
lamjpccifcaproporttone  (umquantttatihis ,  quarum  ftmt . 
<equcmHlttp/icia .  In  dcjinittone  auteni  quinta  a(fun/p//t  cjje  faltem^ 
in genertcA  ,&c,itixta adeam  dcjinittonem  anol/ts  expltcata.ea 
relegc^. 

§1. 

S  C  H  O  L  I  O  N     VL 

Oftenfionesnumericasvalentetlam  depropor- 
tionibus  irrationalibus, 

EA'  hac  eadempropof^  licebit  nobis  demonffratiue  vtintime- 
ris  in  ornnihus  huius  Itbrtprofofttontius.Nam  Itcetnttme-' 
ripertineantfelum  ad proporttoncs  multipliccs ,&ratio- 
Tiales ,  tamen  ajfumpti  tanquam  indicespartium  in  AquemHltipU' 
iihHS proportiomtm  etiam  trrationalium ,  reife  oficndtmtprcpor' 
tiones,  &  proportionttm  ajfeciiones,  geometrtce  demonfiratas  in^ 
propoftionthus  huius  lihri  qttinti.  nam  ex  hac  ^prop.patet  geome- 
irice  iitqttcmuitipltcta  ejjc  in  eadcmproporttone  cum  quantitattbus, 
quarumjitnt  "xqucmultiplicia i&  qtiod  in  nttnieris ojicndttttr de 
nquemitltiplicthtts  z>aietetiam  de  proportiontbus  qumtttatHm  irr< 
ratiQntiUnfn.  ^nnrtmfunt  /tquemultipltcia» 

^SIiHO  <{¥9)  tf¥^4  <$%% 


i 


P  R  0  P  O  S  I  f  I  O    V.  45 

PfopofV.Theor.V. 
Sl  w^grihudo  mfignitudinis  ^ut  muUiplex 
0  fneiritjatq^  ahUta  ablat&  ^reltqua  relic^HA 
^que  multiplex  erit  atme  tota  totms, 

^  f*2  If  magnirudo  A  B  magniiudinisC- 
J  i^  D asque  frultiplex,  acque  cft  ablata 
F  AE  ablatas  CF .  Dico  6:  rdiquain  EB  re- 
j>  liquas  F  D  ceque  multiplicenv  efle ,  vc eft 
tota  ABtoiiusCD.  Quotuplexenimeft  AEip- 
^us  C  F ,  totuplex  fiat  L  B  ipCus C  G .  Ec  quia 
CBquemultipIexeft  AEipfiusCF,  atque  EB  ip- 
fius  CG  ,  a  erit  A  E  aeque  multiplex  CF ,  atque  a  propof. 
AB  ipfius  GFjponituraucem  AEjequemulti-  ''^' 
plex  ipfus  CF,  atqj  eft  A  B  ipfius  CD  xquc  mul- 
tiplex,  crgo  multiplex  eft  AB  vtriulq,  GF,  CD: 
h  cquales  ergo  funt  GF,CD.  Communis  CF  au-  i^coin 
feratur,  6:  erit  reliqua  GC  reliquae  DF  lequalis, 
Et  cum  eque  multiplex  fit  AE  ipfius  CF,atqiEB 
ipfius  GC,eftque  GC  icqualis  DF,cequeergo 
rrjultiplex  cft  A£  ipfiusCF,  atqjEBipfiusFO. 
Ponirur  aucem  &  AE  ipfius  CF  ^quc  muliiplex, 
vt  A  B  ipfius  CDiasque  ergo  multiplex  EB  ipfius 
FD,atq5  AB  ipfius  CD,-  ergo  reliqua  EB  reliqu^ 
FD aequc  mulciplex  eft,?tque  eft  cota  AB  totius 
CD.  Si  ergo  magnicudo ,  &.C.  Quodoporcuic 
dcmonftrare. 


■SCHO- 
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S  C  H  O  L  I  O  N     L 

Slnt Humeri  i6-,&Z,&  Auferalurex  \ 6 quartapars ^,  ex S 
verh  cfutirta  2  ;  &exfubdu6iioneipfiHS  ^.ex  16  rcliquus  fit 
numerus  \  %  \ exjubdu^tione  ijftus  \ex%  reltquus numerusjlt  (Jj 
Jitcj^  1 6  iffus  8  xquemultiplex,ac fars  ahlata  /^partts  abUtA  ^fci» 
licet  in  duplaproportione ,  ertt  reliquapars  1 2  /iqutmultiplex  re- 
liqu/t  6,ac  e/} totus  numerus  1 6  numeri totius  8  ,  idefi pariter in 
dupli:i6,Z^^i  ti  lt,6.Siefivttotum  tS ad  totum  B  yita  ab- 
latum  4  Adahlatftm  i,erit&reltquum  i  %  adreliquum  6,vttt' 
tum  \6adtotum%. 

JIL 

SCHOLION     IL 

Demondratio  praxis  $  \  adpoflulaca. 

E^S-hac  propofhabes  demondrationem  praxis  ingemofiy  & 
paradoxicA  inS^  adpe^ulata,  Vide  etiam  inferitts  adpra- 
pof\  9.  Habes  i»  citatt  %  vfum  fmgularem ,  &  praliicum 
ttquemuUi^licium, 

3riss»rstW 


Prt- 


PROPOSITIOVI.  47 

Pfopof.VI.Theor.VI. 

Si  itiA  magnitudines  duarum  magnitudinurff 
aque  multipluesfuerint ,  K^AhiatAqHAdam 
fint  earumd^e^ue  multiplices,erunt  reliqua 
tifdem  aut  aquales ,  aut  ^qae  multiplices, 

Slnc  duae  magnimdines  AB  ,  CD  duarum 
magnitudinum  E,  F  acque  muhipliccs, 
auferanturqj  AG,  CH  earundc  E,  F  aeque  mul- 
tiplices.  DicoreliquasGB  ,  HOipfis  E,  F  auc 
xquales  e(Ie,aur  eque  ijultiplices  5it  primoG- 
B  ipfi  E  aequalis.Dico &  H  D  ipfi  F aequalem  cf« 
fc .  Ponatur  ipfi  F  aequalis  CK .  Cum  igitur  AG 
A  K         aeque  mulnplcx  fit  ipfiusE  ,  atquc 
CH  ipfius  F,fit  vero  GB  ^qualis  ipfi 
F,6cCKipfiF,''xquemultipIexeric  ip»-'^-^ 
^il  l    AB  ipfius  E  ,  atque  KH  ipfius  F. 
B  D  £K  Ponirurauremacquemultiplcx  AB 
.  ^         ipfiusE,arqueeftCDipfiusF:2que 
crgo  nriuliiplcx  eft  KH  ipfius,  F,  at- 
que  CD  eiuf  iem  F.Cum  crgo  vtra- 
que  KH,  CD  ipfius  F  acque  fic  mul- 
tiplex  ,  h  acqualis  crit  KH  ipfi  CD.  »'<^<'%'- 
]_  I  J    CcirmunisCHauteratur.ocerunc  ?• 
B  D  E  F  rcliquac  KC ,  HD  «quaUs.  Sed  KG 

arqca- 


C 
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aequalfs  efl:  F,  ergo  &  HD  eidem  «  acqualis  erlt. 
EftergoGBaeqiialis  ipfi  E.&HDipfiF.  Simili- 
ter  demondrabimus ,  fi  GB  tpfias  E  faeric  ii^ul- 
tiplex,  Gsque  multiplicem  ede  HD  ipfius  F .  Si 
ergo  d\jx  magnicudines.  6cc.Quod  oportuic  de- 
nionrtrare.  % 

S  C  H  O  L  I  O  N. 

DT 0 ntimcri Antecedentes \6,&^ duornm  mmerorttm  con- 
fcqnetiitm  4,  &  zfint  ttrjuemttltiplices  ,  fciUcet  qn.idritplt, 
&ex  1 6,& 8  detra£fi  numeri  pa.rti.iles  1 1,& 6/tnt ^quemttlti- 
plices eoriimdem  ^..&  2,  fcilicet  triplf\  rtUquipofi dbUtioncm  1  2 
ex  16,  &  6  ex  8,  ide/i  niimeri  4,  cr  2,  eriint  xqudcs  confequen- 
tibuSyVt  patet. 

1 6j  4i 8,  2 i  1 2j  ^i  4,  2.5/  cflvt  \6  nd ^^ita 8  adi,&pariter 
Jti  12  ad^i  vt  6ad  zi  reltqui  4,  C?'  l  ^quales  ertint  ipfis  primis 
confequemibus  4,  d*  2 . 

.■^uoniamvcro  propoftio  affrmatreliquas  partes  ablationum 
prtmarum  partium  ex  antecedenttbus  ejfe  attt  tequaks,  attt  xqtie- 
wultiplices  confeqnentium ,  cjlo  ft  cundum  exemplum  tnfcqitenti^ 
bus numeris: 1 6,  4;  8^  2;  6,  5  ;\o,^,Sie/lvt  16  ad /^^tta  8  ad 2 
&  ex  1 6  ablata  pars  6  clt  ad  /^  confequens  ,  vt  ex  8  ablata  pars  ^ 
ttd  2j  ergo  &  reitqucZ  ad  compkmcntnm  i6,&8,  idc/i  10,  &  5 
ftnt  etiam  ipfc  xqtumulttpl-ccs  confquentiurn  4*,  &  1. 

CUtittis  hoc  theorema  fxtum  dcmoifrat  vniucrfilins  etia-ruj 
de  omni  genere  proportionis,vt  Eucltdes  defnonfrat  vniuerfaltter 

in  2A.thcorematc theorema  2  htiiusltb. 

^         \ri  r.iu  ;j  i ':  ^  .  . 


Pro- 


p  R  0  p  0  s  I  T  I  o    vn.         4? 

Propof.Vn.Theor.VlJ. 

[Aequalcs  adeandem  eandem  hahent  propor- 
ttonem,  (^eadem  ad  ^cjuales. 

I  ^  Int  magnitudincs  A  ,  B  acqua-" 

[  ]  ^3  lcs,  &alia  qusrunqueC.Di' 

D  A  co  vtramqac  A,B  eandcm  propor- 

IT     tioncmhabcreadC,&C  candem 
T  T  +    ad  cafdem  A ,  B .  Accipiantur  ipfa- 
EBCF    rum  A,Baequemu!tiplicesD,Ej6c 
alia  F  ipfius  C  vtcunque  muItiplex.Cum  igitur 
aeque  multiplex  fit  D  ipfius  A ,  &  E  ipfius  B  ,  fic 
vero  A  asqualis  B  ^''crit  &  D  aequalis  E  ,  e(tque  iCoHi- 
aliaF  vtcunquemultiplcx  ipfiusC  .  Siergo  D  ^;""'  '* 
maior  eft  ipsa  F,  erit  6c  E  cadem  F  maior ,  &  fi 
aequalis,  aequalisjfi  minor^minorj  funrque  D,  E 
ipfarum  A,  B  aeque  multiplicts ,  6c  ipfius C alia 
F  vccunqae  mulriplex  :  cft  ^  ergo  vc  A  ad C ,  ita  ^ def.s. 
BadC.  Dico6cCad  vtramque  A  ,Beandem 
habere proporrioncm.  lifdcm  enim  conftru<ftis 
oftendemusD  asquaiem  efle  E,  6c  aliam  quan- 
dam  F.  Si  ergo  F  maior  eft  D,  crit  &  maior,qua 
E,  6c  fi  aequalis ,  aequalis  5  fi  minor  minor ,  cftqi 
F  ipfius  C  multiplex ,  alias  vero  D ,  E  vccunquc 
niultiplices ipfarum  A ,  B .  ^  eft  ergo  vt  C ad  A,  ^H^-^i 
itaCadB  •  Sicrgo  acquales  ad  eandem ,  6fc. 

Quod  oporcuicdemonftrarc, 

G  SCHO 
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S  H  p  L  I  O  J^. 


P 


K^Itet  inipfisterminis,  t?<wi  8  €^8  habent  ad  ^  eaiiden^ 
proportionem  dupUm,  &  ^hs^et  catidem  fnbdupUm  ad 


5 


Pfopof:VIir.Theor.VUr. 

In^qualium  magnitudinum  malor  ad  eandem 
maiorcm  hahet  proporttonem,  qukm  minor, 
Et  eadem  ad  mmorem  maior%  hahet,  (^uam 
ad  matorem , 


Cxl 


Slntin^qualcs  magnitudines  AB, 
C5  fitqae  AB  maior,quamC  fic 
^  &  alia D  quxcuuque.  Dico  AB ad  D 
^l  I  maiorem  habcreproportionc  qaam 
K  H  B  C  C  ad  D ,  &  D  ad  C  maiorem ,  quam 
ad  AB . Cii  enim  AB  maior  fit  quam 
C5  ponatur  ipfi  C  aequilis  BE.  Itaquc 
minor  ipfarum  AE ,  EB  ^  multiplice- 
...  I  tur,donecmaiorfiat,  quam  D.  Sit 
N  M  i:  n  primb  A E  minor  quam  EB,  6c  mul- 
tipliceturAE,doncc  maior  fiatquamD,  quac 
ijt  FG,  &  quam  multJplex  eft  FG  ipfius  AE,tam 
multiplex  fiat  GH  ipfius EB ,  6c  K  ipfius  C .  Su- 
snatuf  L  ipfius  D  dupla,  M  tripla,  ^c  ita  ddnce- 


i-S- 


iax.    I. 


.V 

i. 


p  R  OT  s  I T  r o  viir.  %i 

ps  yna  plus ,  quoad  rumpcamultiplex  ipfius  D 
(iac  piimo  maior  quam  K  ,  fumpca  f  t  N  qua- 
drupla  ipfius  D,  &  primo  maior  quam  K.  Cum 
ergoKprimominorfitquam  N,noneric  K  mi- 
norquam  M,  cumquexque  multlplcx  fuFG 
ipiius  AE,6cGHipfiu£  EB.^ericFGacquemul-  ^  ^„^^ 
tiplex  ipfius  AE,  &  FHipfius  AB-  aequeaucem 
mulciplcx  eft  FG  ipfius  A E ,  6c  K  ip(ius  C ,  r  ac- 
queergo  mulciplex  cft  FHipiius  AB,&  K  ipfius 
C:fLintergoFH,6c  Kt^que  mulriplicesipfarum 
.AB,C.  RuifuscumGHipIius  £Bxqu;i(ic  muL 
tiplex  ,  vt  K  ipfius  G  ,  ficque  £B  ipfi  C  irqaalis,  d  ^  rom. 
erit6cGH  ipfKequalis  .UKnoneft  minor  M,  gu->re: 
ergo  necGH  minor  erit  M  .  maior  aucem  eft  F 
C,quamD,totacrgoFH  vcraqj  D,  M  maior 
eft  .Sedvtraqj  D,  Maequaliseftipfi  N,cu'b  M 
ipfus  D  ficcripla,  vcrdquautem  M,  DipfuisD 
quadrupla  :  eft  vero  &  N  ipfius   D  quadra- 
pla  ,  ergo  vcraq  j  M  ,  D  xquales  fun'  ipfi  vl .  fcd  ^  ^r^ 
FH  ipiis  M  ,  D  aiaior  eft  ,  e  ergo  FH  fuperac  N,  t- 
6c:KnonfuperacN.Qjjaergo  FH,  6cKfuntc- 
quemulciplices  ipAruai  AB  ,C,ac  N  ipfius  D 
ytcuqj  mulciplex  eft,/habebic  AB  ad  D  maiore  ^am.}:. 
proportionem,  quam  Cad  D.  DicocoufraD  V'«i 
ad  C  maiorem  haberc ,  quam  ad  A  B  iiidcm  e-  5««''^f- 
nim  conftruclis,  li-niiitcr  demonftrabiai  is   N  d.c^d. 
.  fuperarc  K,6c  noniuperare  FH.Et^.niai  N  iiiui 

.     .  '  G      2  tiplcx 


I 


inpcretq; 


rit    rnA' 

ior  pro- 
po-tio  A 
h  ad  D, 
({nkm  C 
adD, 
per  def. 
7  hui:is. 
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t7lw  ''P^^^^^^P^usDripfafum  vero  AB,C  vtcnnquc 
Tnlitj.  multipliccs  funt  F  H ,  K :  habet  ergo  D  ad  G 
^cidlN;  maiorem  proportionem ,  quam  ad  ^B.  Siciam 
;/T//A  f  AE  maior  quam  EB ,  6c  minor  E- 
t,^k.mn  I  Bmultiplicata  fiaCmaior.quamD, 

Juperet  1     A  '  '  T  ' 

muitipii'       A   T      qu^litGH.muIiiplcxquidemipiius 
unZ-     \    i^  y   EB,  maiorver6qjan)D   Et  quam 
5  Q  multiplex  ett  GH  •pfius  E  B,  ta  muN 
tiple.\  fiat  F  G  ipfius  '^  E  &.  K  ipfius 
Ci  fimiliterqj  oftcndcmus  FH ,  6c  K 
j  I     ipfarum  AB.Caequi^mulripIicescf' 
I  I     £e  Sumaturdeinde  N  maltiplexqui 
demiplius  D  .pnmoautem  maior, 
quamFG,vtrurfusFG  minor  nonfir^quamMj 
maior vero  GH quam  D. ita  vt  tota  FH ipfas D, 
M,  hoc  eft,  N  foperet ,  K  vcro  ipfam  N  non  fu- 
peret ,  quoniam  5cGF  maior ,  q  uam  GH  ,  hoc 
cft,  quam  K.non  fuperat  N.atq^  ita  pcrficiemus 
demonthationem  vt  fupra .  InaBqualium  crgo, 
6cc,  Quod  oportuit,  6cc. 

SCHOLION     I. 

INdtjualium numerorum datorum  \^  ,&%  maior  I  2  iatet 
matorcrn froporttonem  ad/^^fcilicet  tnpUm,  quam  8  ijtn  nu- 
mcrus  hahetad^  dttplam  ,&tdem  ^admtfiorem  datorum 
8  hab(t  maiorem prepcrtionet» ,  tdeflrmnori  Jitt  addittone  Aquat 
ipfum  8  ,  fcih.cetduplici  tantiim  additione  fiti ;  at  vero  re/peffn 
maiera  1 2 j  ide  4  m.iiortfui  additione,fciliccl  trtpla^  acjuat  ipfum 

11,1%. 
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1 2 .  1 2,  lc^  8  fon  tnemibusiprum  4,  dtcitHr  mator  retttinentta  feu 
proporti:  I  2  rcJpe^H 4  qutaterconttnet  4  ,  (juamproportio  8  '^'^ 
4,  quiabts tantum (onttnet .  Centrarta ratione  maiorttas  proporm 
tiontspartfscontentjtrefpe^nconttnentii Jpe^lattir  ex mtnus co' 
tincri,  &  minusejjeparttm^^ex  accedere  magis ad ejfe  fimile ipfi 
toti  non  diuifo.  J^oniam  tgttur  ^per  dttplicem  tantumfui  rcplt- 
cationem  accedit  adZ ,  atper  trtpltcattoncm  accedtt  ad  11 ,  tdeo 
fropior  ell  ttqualit .  itpftus  % ,  &  maiorem  hahet  vicimtatem  ^fiue 
proportionem  ad %,  quam  «</  i  a .  Hac  Tyronibus. 

S  C  H  O  L  I  O  N     IL 

In  qao  paradoxum  contra  hanc  prop,  %. 

ANgulusreCius^e^  angulus  femicircuti  fitnt  maiores  4«- 
gulo  Acuto,  &  li.  ctreilus  fit  maior  angub  femicirculi , 
non  halet  tamen  ad  actitum  proportiorjern  maiorem  (fi- 
ue  maijris  imqudttatis)  quam  angfemictrculi ,  Vide  rattonem  in 
§  2  adpropcf.i  SJtb,^. 


Propor  IX.  Theor  IX. 

Qj4ji  a^  eandem  eAndem  hahent  proportionem 

Aqnales  fftnt.Et  ad  (]Has  eadem  eandem 

habet,  ^iHa  ^nrit  aquales, 

^\         Y  T Abeatvtraqgc  A,6cBadCcan« 
'  P  I   mLjL  dcm  proportioncm.  Dico  A,B 
B  I       '   ^quales  efte.Si  non  (unt  aequales,"  non  ^       , 


I 


habebit  vtraqj  A ,  B  adC  eandem  pro- 

por- 


A 
B 


b  piip.  8. 
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portionemjhdbi  r  autemiasquales  crgo 

.  funt.  HdbcatdeindeCad  A,Bcandem 

^'  I   proporiionem  Dico  AjBjequaleseffe. 

I  Si f)On  funt  acquales  ,  ^non  habebir  C 

I  ad  A,Bcandcproportione.Habetaute, 

«quales  ergo  funt .  QuvX  ergo ad  eandem ,  &c. 

Quod  oportuitdemonftrare. 

S  C  H  O  L  I  O  N, 

O^a  fropofttto  patentifsima.  ejl ,  cr  conuerfa  feptimjt.. 
.^ia  eKtnt  8  j  d"  8  eandcni  dupLim  habcnt  proportio- 
nem ad^. , tdco  &  xcjuales  funt  j & quia ^adS  ,&  8 

hAb;teandcwfuhduplimproportionem,tdeofiint  8  ,  C7'  8  <<- 

quales  numeri» 


Propof.  X.  Theor  X, 

M  eAndemproporttonem  haherjtium,  qtiAma- 
iorem  habet  maior  efi ,ad  qaamvero  eadem 
maioremhahet,minoreft, 

*      *       ■ 

TJT  Abeat  A  ad  C  maiorem  proportfonem  , 

roa^  V'  ^ |~]£  quam  B.  D  co  A  maiorcm  edc .  Si  non, 

aut  A  e(l  as^ualis  B,  auc  ininor.  non  ^qualis,  ""  v- 

traq:  enim  A  ,  Bcandem  hiberct  proportionem 

ad  Cj  atno  hubetjuon  tfgo  Bcequahs  cft  ipfi  A. 

Non 
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I  Kon  iTjinor  j  quia  fi  minor  eifet  A  , 

i  quam  B  /  haberct  A  ad  Cminorepro*  bprop.s. 

A       pcrrionem,  quamBjamonhabetrnon 
crgo  A  minor  eft ,  quam  B.oftcnfum  cft 
d     3Utwm  quod  neque  fir  xqualis  j  maior 
eftcrgo  A»quam  B.HabeatrurfiisCad 
3         B  maioreiTj  proportionem,  quamad  A5 
dico  B  minorcm  ede ,  quam  A  .  Si  nouj 
aut  eft  sequalis,  aut  maior.  Non  aequalis, '  habc-  c>of.  ^. 
retenimCad  A,&.Beandemprcport]onem3at  ^' 
non  haber jnon  ergo  A  asqualis  eft  ipfi  B.  Neque 
maiorcftB,  quam  A3"habcrerenimCad  Bmi-  ^       g 
norcmproportionem,quamad  A,-  at  non  ha-  ^ 
betrnonergoB.naioreft.quam  A.Oftenfumeft 
autemquod  nequeaequalis.  maior  ergo  eft  A, 
quam  B.  Adeandem  ergo  proportionem,6(C. 
Quod  oportuit  demonftrare. 

S  C  H  6  L  I  O  N. 

DEcimAconuerfa  cfl  octautx .  Kam  dt/erum  Kutreroru», 
11, &%  h.ibentiuni froi>ortiorje>n  ad ^  m.norernfre- 
portierum  ( luxta expofita aci%^  ceijttner.ii^refpt&n 
jfjius  4  habet  i  2  ,  cjuan,  8  ,  idco  i  2  m^-ivr  numerus  e/i,  qttani  85 
Jpfe  vero  numerus  ^,  qui  habet  maiererr^ proptrtjonem.,  ac  &nili'> 
tudtnemmtnus  diuif ,  (^proptus  accedentis  ad  totumrcfpeBn 
ip/ius  8 ,  cfuam  rejpecfu  tpfus  1 2 {.i^xia  expofta  ad 8 )  tdco  &  mi- 
Tiorelt,  idcli77iif.>usrcplicate  contihcttpjL  mm,ertts%  numtruni  4^ 
^u^rn  1 2  eut?dtm  4.  Ergo  mtner  4,  quam  1 2, 


Pro- 
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PropofXI.Thcor.Xr. 

Q^uA  eidem  e*demfHrjtproporUones,^interj€ 
exdcmjuril;. 


h\ 


\  Itvr  AadB.ficCadDi&vtCad 

D,  ficEadF.  Dico  cffcvcAad 

BJtaEadF.    Accipiantur  enlmip» 

<iABL  iarum  A>C, E  aequrmultipIicesCH, 

f-    Kj  ipfarum  vero  B,  D,  F  aliae  vtcunqj 
lyi    SEque  multiplices  L,  M,  N.  Etquiacft 
HCjDM   vtAadB,  itaCadD.acceptaequcfunt 
T  ipfarum  A,C  xque  muifipHccsG,  H5 

Jipfarum  verb  B,D  vtcunq^  acque  mul- 
tipliccs  L,M:  ^  ergo  fi  G  exccdit  L,ex- 
JK  EFTsf  ccdi[&HipsaM,5cfi  aequalls,«qua- 
lis3fiminor)minor.RurfiascumfitvtC 
tid  D,  ita  E  ad  F,  &  acceptae  (inr  ipfarii  C,E  xque 
multfpliccsH,K,ip(arumver6D,Faiiacvtcun- 
^dcf^.s.  que  lEque  multipliccs  M,  N^^  crgo  fi exccdit  H 
ipfam  M  ,cxccdct  &  K  ipfam  N  j  6c  fi  aequalisi 
aequalisj  fi  minor,minor,  Sed  fi  exccdit  H  ipfam 
Mjexcedet&Gipfam  Lj  &fiasqLjarjs,aequalisj 
{iminorjminor.QuarefiexcedicGipfam  L,cx- 
ccdet  &:  K  ipfam  Nj  &;  fi  aequalis,  xqualis^fi  mi« 
norminor.   Etfunt  quidemG  »  K  ipfarum  AE 

a:que 


PROPOSITIO     XI,&Xn.  57 

xque  mukiplices5  L,  N  veroipfaiuin  B,  Ffunc 
aliae  vrcunque  xque  multiplices.   EA  <"  ergo  vt  ^  "''/•'• 
A  ad  B,  ica  E  ad  F. Qu3e  ergo eidem,  6cc.  Qood 
dcmonQrare  oporcuic . 

S  C  H  O  L  I  O  N. 

OVed  geemetrtc\  demoyillrattir  ex  j  defin,  firmata  a  ^ 
propof.hutus  lib.f^.pcr  fumptionern  dquemulttphcium, 
faciltus ait ,  (^  perje euidentius  Tjrom  per numer-.s, 
Ham /i'cfivt  ^ad  1  yttaS.  ad /f..cr  rurjus vt  ^  adz, ita 9  ad  6i 
ergo  ertt  vt  6  ■^dj^,  tta  o  9  ad  6,  tded  omnes  in/tfqutaltera. 


rropof.XII.Theor.XII. 


s 


Sl  quotcunque  magnituiines  proportionaie 
fnerifit  ,  erit  vt  vna  antecedentium  ad  v- 
nam  confequentium  ,ita  omnesantecedentts 
ad  omnes  confequentes, 

^T^  Int  quotcunqj  magnicudines  A,B,  Q  D,E, 
v3  F>  vcquidem  A  ad  B.icaCad  D  ,&:  Ead 
F.  Dico  vt  ert  A  ad  B,  ica  e(Ic  A,  C. E  ad  B.  D,F. 
Accipiancur  enim  ipfa rum  A ,  C,  E  xque  mulci- 
plices  G,H.K;iprarum  vero  B,  D,  F  aliae  vccun- 
que  aeque  multiplices  L,  M, N .  Ec cum  fic  vt  A 

H  ad 


^4. 
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ad  B,  Ira  C  ad  D,  &  E  ad  F ,  acceptaeq^ 

Jfint  ipfjfum  quide  A,  C  ,  E  asque  mul- 
tipliccsG,  H.Kjipfarum  vcro  B,D,  F 
^ABL  ^'  ?  vtcunque  xquc  multiplices  L,M, 
a^f/.  f.  "^  Njcrgo  (i  '  G  exctdit  L,excedjt  &L  H 

5-  I  z  I  ipfam  A-l,  (V  K  pfam  Mj&fiasqaalis, 
I  j  M  icqualisjfiminor,  minor  Qaarcfiex- 
HC  DM  ceditG  ipfimL,excedcnt  6cG,  H,  K 
4  ipfasL,M,>J,  6c  (iacqualisasqaaleSjfi 

1  I  mJnor.mlnorcsjfuntque  G,6cG,H,K 
j  I  j  ipfaium  A,  &  A,  C ,  E  ceqae  multipli- 
c  E  F  N  ctSj''  quid  {itueiint  quoccunque  ma- 
gnitudines  quotcunqae  magnttudinum  ,  a;qua- 
lium  numero,fingulaefirigularum  seqae  mul- 
tiplices ,  qaam  mulcipicx  eft  vna  vnius,  ta  mul- 
tiplices  funromnes  omnium  .  Eadem  de  caufa 
funt  L,  &  L ,  M,  N,  ipfaruin  B.  5c  B,  D,  F aeque 
muitipliccs.  Eftcrgo  vc  AadB,  ica  A.CEad  B, 
D,  F.  Si  ergo  quotcumque  magnjtudincs,  5cc. 
Quod  oporcuit  demonltrare» 

S  C  H  O  L  I  O  N. 

F^W'  Acc  frppc/Ino  i  2  demoKjlrAt  vntfnrfalitev  de  omnlgeA 
~a  nert  proponto^is,  etiarn  irratioKaltSy  tdy  (juod  demon* 
■A  liramt primaprepofitio  dc gcKcre proportionis  tHultipti^ 
ttSy/tc  rationalis»  Huins  veritatcf»  vidc  in  eodcm  exemjflo  mme^ 
roriftniiuoeisfo/itsadfrmamhHi 

,       po. 


PROPOSITIO     XIII. 
ProporxIII.Theor.Xlir. 


59 


Sipinia  ad  fecundam  emdem  proportionem 
hahHerit  iCiHam  tertiaadquartam  ^  tertia 
vero  ad  martam  maiorem  habuerit ,  quam 
qutntaadjcxtam,habehtt  ^ primaadfe- 
cundam  maiortm  ,quam  quintaadfexta, 

Rima  A  habear  ad  fecundam  B  esndcpro- 

portionem,qaam  cerria  C  ad  quartam  D, 

tertiaveroC  ad  quartam  D  maiorem  habeat, 

qu^m  quinca  Ead  fextam  F.Dico  primam  A  ad 

fccundam  B  maiorcm  habere  .  qudm 

qaiiicam  E  ad  fcxfam  F.  Cum.  enim  C 

ad  D  maioremproportionem  habeat, 

quam  E  ad  F ,  fintque  ipfarum  C ,  E 

quaedam  asque  multiplices,  ipfirum 

veio  D,  F  alias  quascumqueiac  mulci- 

T  plcx  quidem  ipfus  Ctxccdatmulti- 

'..  I      ..  pliccm  ipfius  D,  mulriplex  veroipijus 

1!  I  I  !'  Enonexcedac  muhiplicem  ipfiusF, 

MA  BN  SinrergoipfarumC,  Escquemultipli» 

t        f    ccsG,H,ip(arum  D,  Falix  vtcumque 

J  I  j  I    KX.^^ficviGquidemKixcedar.H*/^^-^ 

HEFI    veioLnon  excedas^  6:quammulci- 

plsx  cltGipfiusC, tam  mulriplcxuc 

Mipfius  A  j  &:quam  muUipkx  ellKiffius  D, 


H 


tam 


5 
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tam  multiplex  (it  N  ipfitis  B.  Et  cum  fit  vt  A  ael 
B ,  itaC  ad  D ,  acceptaequc  fint  ipfarum  A  C  ac- 
que  mulriplices  M  ,  G  ,  ipfarum  veio  B ,  D  aliae 
vtcumqj  aequc  multiplicesN  ,  K  s ii  M  fuperat 
N  ,  5c  G  fuperabit  K ,  5c  fi  xqualis ,  aequalis  3  fi 
\y^ef.'s-  minor,  minor :  fuperat  autem  G  iplam  Kj  ^  fu- 
perabit  ergo  &  M  ipfam  N :  at  H  non  fuperat  I, 
6cfuntM,  Hipfarum  A.Easque  multiplices.N 
vcro,  &  L  ipfarum  B,  F  vtcumque  asque  multi- 
plices  (unt :  habet  ergo  A  ad  B  maiorem  pro- 
pottionem,  quam  E  ad  F .  Si  ergo  pri  ma  ad  fc- 
cundam,  6cc.  Quod  oportuit  demoaftrare. 

S  C  H  O  L  I  O  N. 

FJcilis  efl  affenfiis  veritati  fatispatenti  huius  \  3  fropof.Jine 
liffiicmtdtiflicihus  ifi  gccmctrtca  dtmonliratione  ,fiue  'Vice 
tpjdriim vtendo  ntmicris,  tuxtadiStain  anteced, i  ipropof. 
S^od  vntuerfalittr  dtcium  eflode  reliq^^is  huius  lib,  •^.propof 
'vntuerfalthitSyCttamproprGportionibusirrationnlihus.Stnt  nnmeri 
I  ij  4;  6,  2i  43  2.  tn  (juihus/vt  i  z.primus  adfecundum  /^,fic  ter- 
tius  b  s.d  qu^irtutn  2.  &  habeat  6  ad  l  maiorem  proportioncm-}, 
^uarn  quintusnumerus  ^ad  fextum  i.fctltcct  6ad  2  trtplam,  4 
ad  idtiplam  j  ettamprtrnus  1 2  ad  fccundum  4  hahclit  matorem 
proporttonem^ quam quirtus 4 ad  fexttim  %;fcilicet  inter  12,  & 
4  trip/a^  tnier  4  d"  2  dupla  est. 


^ti^^W£l&, 


W^SlW 


Pro- 


P  R   O  P  O  S  I  T  I  O     XIV.  6x 

Propof.XIV.Theor.XIV. 

Sl  prlma  ad  fecun^Am  eandem  hahuerint  pr& 
portionem ,  quam  tertia  adquartam  ^  pri~ 
ma  autem  q^am  tcrtia  m/iorfueritj  erit  c^ 
fecmda  qnam  quarta  maior :  ^  fi  dqtialis, 
Ao^ualis^fiminori  minor, 

PRima  A  aJ  fecundam  B  eandem  habeat 
proportionem  ,  quam  tertla  G  >  ad  quarta 
D,6c  fu  ^v  quamCmaior.  D^co  &BquaraD 
maiorem  eflfc: .  Cum  enim  A  quam 
••  T  1  C  maior  {it.iirqae  aliaqux.uq;  ma- 
..  I  1  I  gnitudoBj^habcbit  A  ad  Bmaiorem 
A  "B  C  D  proportionem,  quam  C  ad  B.  Vt  au- 
tem  A  ad  B.fic  cft  C  ad  Djergo  C ad  D  maiorem 
habet,proportionc,quam  C  ad  Bj ''  ad  qaam  au-  g^f*^"^ 
tem  eadem  maiorem  proportionvm  habet ,  i!Ia 
minor  f^>j  minor  ergo  ell  D  ,  quam  B.  quare  B 
quam  D  m^ior  cft»  Similiter  demonrtrabi  mus  fi 
A  ajqualis  fit  C,  &  B  ipfi  D  aequaiem  eife :  &  (i 
A  minor  fit  qaam  Cj  6c  B  minorcm  eile  quam 
D  Si  ergo  pri ma  ad  fecundam,6cc.  Quod  opot" 
tuit  dcmonftrare. 

SCHO- 


a    prof. 
8.^ 
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S  C  H  O  L  I  O  N. 

Sltvt  12  a^^  ,  fic  6  .tdz  i  erttnt  in  eddem  proportione ,  vcl 
maioritatis ^velmifjorilati- ,  vel <£qualitatis  tnter fe  coxfe- 
quci^tes /^,  &  2, 3ft  ejuafunt mtecedentes  iz,& 6 •  Efi quxdam 
qH.nfiargnmcntatto  a.pcrrnu:ando^  &  quAfilemrna  ante  i  Spropof. 
huius.Vt  12  ad /^,fic  iS  ad  2,ergo  vt  J2  ad C  if^  maifiritate,  (ic  4 
ad  2.  Inucrte  nnmcros:  vt  6  ad2,ficjit  1 2  ad /^ ;  ergo  vt  antece- 
dens  6  minor  ejl  antecedcf.te  1 2,/r  &  confcquens  2  minor  confe^ 
qitentc  4.  Paritcr  de  dquahiatt,  ^c. 


PfopofXV.Theor.XV. 

Partes  cumpariter  multipUcihus  eandem  ha-^ 
bentprof)orttonem',fi,vtfibi  mutno  refbon» 
dentffumantur, 

Int  aeque  multlplfces  A  B  ipfiusC  ,  &  D  E 
ipfi  .s  F .  Dico  elTe  vt  C  ad  F,  ita  AB  ad  D- 
t  .Qxxvn  cnim  A  BipfiusCita  mulriplcx  fit,  vc 
D  £  ipfius  F  ,  erunt  in  A B  tot  magni- 
tudiiKs  lEqualesipfiC  ,  quorfunt  in 
Dfc  aiqu^les ipfi  F.  diuidatu?  enim  A 
Binm^2;nirudincs  AG,GH,  HBx- 
qujlcs  ii  fi  C.  Et  DE  in  DK,  KL,  LE 
afqayl-s-pri  t- ,  crifqj  mulfirudo  AG  ,GH,  HS 
cequalis  Uiuititudim  DK,  KL,  LE .  E:  qaiaiam 

AG, 


PROPOSITTO  XV,  &  XVJ.  6^ 
AG,  GH,  HB,qnam  DK.KL  LE  ascjuaies  Ihm, 
crit  vc  AG  ad  DK.ita  GH  ad  KL,  &  BH  ad  LE5 
"erit  ergo  vt  vnum  anteccdcntium  ad  vnamipro^. 
confcquecium,  ita  omncs  antecedenccs  ad  om-  ^  ^'^" 
nes  con(cquenres,B(t  crgo  vt  AG  ad  DK,  ita  A^ 
B  ad  DE  Elt  autem  A  G  ipfi  C  a^qualis ,  &  DK 
ipfiF^ergo  vtCadF,ica  ABad  DE.PatCeSvr- 
go,  6cc.  Quod  opoicuic  demonftrare. 

S  C  H  O  L  I  O  N. 

SCilicet  ficomfareKtttr  antecedentes  cum  mteccdentibiis ,  co»- 
fcqitentes  cttm  confeqiientihus,  (j-Jit  ntimerits  \  2  xejttsmtil- 
tiplex  iffiiis  4,  ac  ejl  6  ifjitis  2 ,  er^o  1 1  j^. pars ccnfctjttens prioris 
proportionis  ad  partfm  2  cortjcqtienternjccundx  proportiems ,  (?c 
C/" xquemtthtplex  1 2,antecedcs prioris properfionis^ad a^ucmnl. 
tiflicem  6  antecedemtmjecunddproporiionis. 


PfopofXVI.Theor.XVL 

Si  quatHOf  ma^nitudi^es  proportionalesffie^ 
fint,  ^permhtatApiroporttonales  ernnt^ 

Slnt  quatuor  magnitudines  proporrionales 
A  ,P,C,D.Vt  AadB.itaCadD,  Dico 
&  p^rmuiatas  proportionalcs  etis :  Vt  A  ad  C, 
iu  B  a  J  D.  Accipiantur  cnim  ipfarum  A.-  B  ^que 
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JiruItipliccs.tjFjipfarumC  Daliacvt- 
cuinquc  G  ,  H.  Et  quia  E,  F  ajquemul- 
i    •      {  lipHcesfuntiprarum  A,  B, '^habentquc 
I  ^  '   ^  parteseodem  modo  multipliciumea- 
dem  proportionem  inter  f^  coparataci 
erit  vc  A  ad  B )  ita  E  ad  F.  Vc  vero  A  ad 
1  i      J  B,itacftCadD:ergo  vtCad  Diitaeft 
•  iCDH  E^dF.  KurruscumGjHipfarumC» 
bpnp.  Dfmc  a^que  multiplices  j^erit  vc  Cad  DjitaG 
ad  H .  Vt  autem  C  ad  D,  ita  eft  E  ad  F:crgo  vc  E 
ad  F,  ita  eft  G  ad  H.  ^  Cum  autem  quatuor  ma- 
14.?-'^  gnitudines  propottionaies  fuennt  ,  &  prima 
quam  tertia  maior  tucrif,erit  &  lecunda  quajn 
quartamaior  j&.fi  acqu<ilis,afqnalisjfi  mipor, 
minor,  ErgofiEfuperaiG,&F(uperabit  H^6c> 
{iaequalis,aEqualiSj  fi  n^inor,  minor  "iunt  autcm 
E I F  ipfarum  A,  B  xqiie  multiplitesj  G,  H  vcio 
ipfarumC,  D  vccumquefunrcqae  nialtipliccs. 
ddtf.  s  ^Eft  crgo  vt  A  ad  C  ica  B  ad  D.  Si  ergo  quatuor 
magnitudinesi  &c.  Quod  oportuit  demoftrare. 

S  C  H  O  L  I  O  N. 

Exhac  r  6  demonftratio  praxis  paradoxicx 
epudnos. 

Dcmon-  ■»■  ^  ^c  eji dcnioHrattc  ^eDnetruaveritatisptr defnmontm 
ftrario       I — I  ,        .^  ^  ,      ',         -^     .,  , 

dfifiitio  A  A    1 3  ''Si^-U!cjt£ ,  nae  ad  tam  animAautrjiones  /.  estrriS,  & 

fiis  ij.     thhur/itrii  olitnfiorjtrt/,  £x 


PROPOSITIO     XVII.  6% 

Exh.tcetiam  i6.propoj.demoniiraiiir  praxis pigeniofa  §.  5 
iid prcp.Kx  l.h.i. 


PfoporXVII.Tbeor.XVir. 

Si  copofitA  magnttndines  proportioiidesfue* 
rint,  ^dfaif^proportionales  erunt, 

Slntcompofifx  magnltudines  AB,  BE,CD> 
DF  proporcionales .  Vc  quidem  AB  ad  B- 
E,  ita  CD  ad  DF .  Dico  6c  diuifas  propcrciona- 
lesede,  vc  AEad  £B  ,  icaCFad  {^0.  Accipian- 
tur  enim  ipfarum  AE  ,  EB,  CF  ,  FD  asque  rnul- 
tiplices  Gti,  HK,  LM,  A1>J ,  ipfarum  verbEB, 
FD  alias  vccumqus  aeque  multiplices  KX ,  NP. 
Et  quia  eque  muitiplex  eil  GH  iplius  AE,  vc  H- 
K  ipiius  E8,'^eric  GH  ip(jus  AE  ^que  mulciplex, 
vc  GK  ipfius  AB ,  y^que  aucem  mukiplex  e(l  G- 
H  ipfms  AE,vc  L  VI  ipfius  CF;  '^ergo  sque  mul- 
.^  tiplex  cdGK  ipiius  AB ,  vcLM  ipfius 

i         ^r  CF.  Rurfus  quiaxque  miikipkxelt 
^I         I   L M  ipfius  C F,  vc  jMN  ipfius  FD,  c  e- 
I  g,  HJ  ritLM  ipfiusCFasquemukipIcx,  vt 
1  Eicl^^t  L N  ipfius  C D .  yEque  aurem  muki- 
G  A  c  L  P^^^  eracLN  ip/ius  CF ,  vc  GK  ipfius 
AB,^ergo  GKxque  mulfipkxeft 
ipfus  AB,vc  LN  ipfiusCD.SuntergoGK,Li^ 
ipfarum  AB,CD  sequemukiplices.  Kurfusquia 

I  HK  " 


a  ^rop.i 


b  proi'. 
11.^ 


c  frop.i 


d  pro>>. 


tdef.  j 
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HKipfius  EBaequemulciplexefl:,  vt  MNipfius 
FD  5  ell  vero &  K  X  ipfius  EB  xque  mukiplex, 
epyop.  vt  NP  ipfius  FD  5  ^  erit  compofira  HX  ipfius  E8 
'"^"  aequemuicipIexjVt  MP  ipfiusDF.  Ecqniaed 
vc  A  B  ad  BE ,  ita  C  D  ad  F  D,  fijmptaeqae  func 
ipfarum  AB ,  C  D  xque  mulriplices 
G  K.LNiipfarum  vero  EB,FD  ali  je 
vtcuque  atque  multipl'cts  HX,  M- 
P  ,•  fi  ergo  G  K  fuperac  H  X ,  &  LN 
fuperabit  MP  3  6c  fi  aequalis  ,  jequa- 
lisi  fi  minor,minor .  Superec  GK  ip- 
GACL  famHX,  ablacacommuniHK,  fu- 
perabicGH  ipfamKX.  SedfiGKfuperac  HX, 
ruperabic&  LNipfam  M  P.  Superecergo  L  M 
ipfam  M  P,  fuperabit^communiMNabUraj^C 
LM  ipfam  NP.Qaare  fi GH  fuperac KX,  &  L- 
M  fuperabic  N  P.Similicer  deinoll:rabimus,(i G- 
H  acqualis  fii  KX,  &  LM  cEq  lalem  cde  M P  5  6c 
fimmor,  minorem.  Ecfunt  GH  ,  LiyHpfaruni 
AE,CF3equemultipIices,ipfarum  vero  EB,FD 
aliae  vtcumque  KX,N  P./£ft  ergo  vt  A  E  ad  EB, 
ita  CF  ad  FD.Si  ergo  compoiicae,  6ccr  Quod  o- 
porcuit  demonftrare. 

„^..    ^  S  C  H  O  L  I  O  N. 

firatiodc 

finitionis    T    |  -^'^  u^  demofijiratio geometrica  vcritatisper  defniticiiem 

^^'  XJL    ^^ifiSP*fi(at^»Vid€  ibi  apud  nos  oticnjionemtn  numeris,. 

PlO. 


PROPOSITIO     XVIII.  6-1 

PropoCXVIII.Theor.XVIII. 

Sl  ^tuifA  magnjtfidines  proporttonales  fue- 
rtnt,  ^compoftApro^ort ionales erunt, 

Slntdiuiraemagnitudlnes  AE  ,  EUj  CF,FD 
proporrionales.  Vt  AEad  EB,  ica  CFadF- 

D .  Dico  &:  compoficas  proportionales  ede ,  vt 
AB  ad  BE,  ica  CD  ad  FD.Si  non  eft  vt  A B  ad  B- 

E,  liaCDad  FD,  fic  vt  AB  ad  BE ,  ira  CD  vel  ad 
miaorem  FD ,  vel  ad  maiorem .  Sit  primo  ad 

A        minorem  DG,  Cum  ctgo  fir,  vc  AB  ad 

BE  ,  ita  CD  ad  X^G  ,  erant  compofitae 

magnitudines  proportionakSj  ?  fant  cr-  17 ,-. 

go  5c  diuifcE.vt  AE  ad  EB.ica  CG  ad  G- 

^jj    Djponiturautem  vtAEad  EB,itaCF 

adFD:^eritergovtCGadGD,itaCF^/''^-"- 
ad FD  *  Eft  autem  prlma  C  G  maior  tertia  CF5  c 
«ric  ergo  &  fecunda  G  D  maior  quarta  FDj  fed  ^f'*^'^- 
6c  minoreft.-quod  fieri  non  poteft.Non  ergo  eft 
vt  AB ad  BE.ica CDad  minorem ipsa  FD.Simi- 
liter  demoftrabimus  quod  nequead  maiorem 
FD  5  ergo  ad  ipfam .  Si  ergo  diuifoe ,  6sc.  Quod 
oportuic  demonftrare. 

I     2  Sch     o- 


F 
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S  C  H  O  L  I  O  N. 

Detnon-  .  .      ,     -     ._ 

firatio     TTT  '^^      demonstratio  geometnca  veritatis  iigfiipcatdt  per 

defiiiit.    J^  J^  dejimtionem  i  j .  Vtde  ibi  ofictijionam  in  Kumeris. 


Propof.XiX.Theor.XIX. 

Sifuertt  vt  tota  a^  totam,  ita  ahlata  ad>  ahla- 

tam,  ^  relt(itia  ad  reliqnara  eriti  "^^ 

totaadtotam, 

Int  vt  tota  AB  ad  totam  CD ,  ita  ablata  A 

^    E  ad  ablatam  CF.Dico  6c  reliquam  EB  ad 

reliqaam  F  D  elTe  vt  eft  tota  A  B  ad  cocam  CD. 

»         Cum  enim  fi;  vc  tota  AB  ad  totam  CD 

zproi:  T  c      ita  AE  ad  CF,  ^  erit  permucando  AB  ad 

AE,vt  CD  ad  CF,6c  ^  diuidendo  BE  ad 

E A,  vt  DF  ad  FC  5  rurfusque permuca- 

do  vt  BE  ad  DF,  ita  E  A  ad  FC  .  Vt  vc- 

B  15      ro  A  EadC  F  ,{icponitur  tota  AB  ad 

cprop.  totam  CD3  <■  eftergo  reliqua  EB  ad  reliquam  F- 

''^'     D  vt  roca  AB  ad  tocam CD,  Siergo  tueric, 6cc. 

Quod  opoituic  demonftiare. 


Scho- 


J. 

b  pro». 


T 


V 


P  R  O  P  O  S  I  T  I  O    XIX.  69 

S  C  H  O  L  I  A. 

I 

• 

Demonftrario  praxisapud  nos  ex  hac  r  9. 

C'  X  hxc  i^.demonfiraturpraxis^.-^.adpofitiUta. 
*-'  II 

T_T  IcdemMrat  vutuerfditer in omm gcnere proportioms etiam 
irrationali  ,  tjhpd  in  multiplici ,  &  rationali  demonUra, 
uit  inpropo/.  j.  hitias,  ibirettije  apiid  nos  oHenJionem  in  ntt- 
tneris. 

COROLLARIVM. 

ET  quia  demonftratum  cft ,  vt  eft  AB  ad  C- 
D,iic  e^cE^  ad  FO,cnr  «'permutando  vc  irf.7f' 
AB  ad  EB,  itaCD  ad  FD.Compoiicae  ergo  ma- 
gnitudines  proportionales  func ,  Oltenfum  eft 
auce,  vc  eil  AB  ad  AE,  ita  e(Te  CD  ad  CF,  quod 
eft  per conuecfionem  rationis.  Vnde  perfpicuu 
eft,  ii  compoficx  rna<Thicudines  propofcionales 
fint,f5<  per coimafionem  racionispropoicio-  ^^^/.17 
nales  efte.  '' 

Fa(5t«auc£m  funt  proportiones  6c  inaeque 
multiplicibus,  &  inanalogijs.  Nam  fiprimafe- 
cunds xque  fuoric  mulriplcx.a  qjrerna  quart^, 
cric  vcprima  adrecundam  ,ita  terria  adquar- 
tam.  Scdnonitaexcomiarioconuctticur.  Si 

cnim 
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enim  fuerlr  vt  prima  ad  fecundam,  Ita  tertia  ad 
quartam  ,  non  omnino  erit  prima  fecandae ,  6c 
tertia  quarc asque  muliiplex,  vt  in  fefquiaheris, 
vel  fefquitertijsproportionibus,  vel  alijs  huiut 
modi . 


S  C  H  O  L  I  A. 

I 

firatio      \N  hoaeCorolitrioindicaturdcmoyifiratmxprop.  19 
defim  t.     *  JJgnificataper  defnitionem  1 7.  Reinfe  ibi  oiienjicno 


I 

Demon-  ,     •     /7      10 

"'  "  "         '  ■         ""   -  \Z'erttates 


'icncmin  nuni. 
II 

Conuerfa  ratio  demonftrata  vniuerfaHter 
de  toto  genere  quantitatis . 

PRo  vnitterfaUtate  autem  demonstrationis  geometricx  (nam 
in  uumcns  apua  ncs  cjl  vniuerfdis )  circa  conuerfam  ratio- 
nem ctiam  in  magmtudinihus  dtuerforum genertm  (^alij^vtendo 
argnmentationc  apermutado^probant  tantiim  de  magKitndinihus 
eitifdem  gcnens  ,  iu\ta  animaduct/a  ad diff.  .*  1 3  }  accipc  ii  Cla- 
uio  dcmonHrationem ,qu£vaiciit ,ctiani pro  interpretis  Lafiz,^ 
eii,  quam  hahet  tlle  ab  alijs  interpretibus. 

p.  '^  T  g  ,p 


SitenimvtABadCR,  iraDEadFE.  Dicoperconuer- 
fioncmrationiscfreqiioque  vt  AB  ad  AC,ita  DE  ad  DF. 
Cum  enini  fit  vt  AB  ad  CB,  ira  DE  ad  FE  ,  erit  quoq;  di- 
uidcndo  vt  ACad  CB,  itaDF  ad  FE.  Igicur&  conuer- 
tendo  vtCBad  AC  itaFE  adDFj  ac  proptcrea  compo- 
ncndo  quoqi  vt  AB  ad  AC^ita  DE  ad  DF.  Quod  cft  pro- 
pofituauj. 

Pro- 


P  R  O  P  O  S  I  T  I  O     XX.  7! 

PropcfXX.Theor.XX. 

Slft^erinttresmagnitiiJiineSy  ^ali^  illisnu^ 
mero  &o[Hales  ,  o^ti&hin&  -^in eadem ratione 
fumantur  yCx  &.'\Hali  autem  primac^uanu 
tertia  maior  fnertt  ^  eriti^  Q^uarta  quk'/fu 
fexta  maiori^  fi  &jualisj&^ualisjfminor, 
minor, 

Slnt  tres  magnltuclines  A ,  B,  C,  &  alias  ipfis 
numero  xquales  D  ,  F,  Fj  quae  binas,  &  in 
eadcm  raiione  mmantur  .  Vc  quidem  A  ad  B, 
itaDad  E,  vt  veroBadC  ,iic  Ead 
F,  ex  asquali  aute  A  maior  Ijc  quam 
C,  Dico  &  D  quam  F  maiorem  qC- 
^  Tej  &  li  aequalis.  aequalem,  fi  minor 

\l  r  minorcm.  Cum  enim  A  maior  fic 
r>  -jr  F  quamC,aiia  veroquaecumqj  B,^ 
habcbic  A  ad  B  niaiorem  proportioncm,  quam  sV^'^*^ 
Cad  B.Sed  vt  A  ad  I?,ficclt  Dad  Ej  vtaucem 
C  ad  B ,  ita  e(\  ^'  conuertendo  F  ad  E:  Ergo  D  ad  ,6.f'' 
E  maiorcn».  proportionem  habet,quam  F  ad  E. 
^  Ad  eandtmautemproportionemhabentium, 
quae  maiorcm  habet ,  ilia  maior  eft  :  maior  eft  i^.  j 
crgo  O,  quam  F  .  S»militer  demonftrabimus,  fi 
Aiu  asquilis  C  >  5c  D  xqualem  efle  F,  &.  fi  mi- 
I  nor, 


c  pro^. 
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nor,  minorcm .  Si  ergo  tres  iuerint  magnitudi- 

nes,  &c.  Quod  demonftrare  oportuit. 

S  C  H  O  L  I  O  N. 

Hfy£(  lopropof.  cjl qtiaji lcmmd  ad 2  ^propofl  vniuerfidiom 
rem^  fl  indicabimus  adi it.  %  i.Rtponi;  hic  numeros  k  n  e- 
bis xjnrpatos  ad dcfin.  \  8.  Sint  tres  1 8 , 1 2, 6,  t!^  tres  128,  ^iVt 
l2  ''d  ii^yllc  12  ad  ^ivt  12  ad  byJicZ  ad  /^i&ex  xqiiali,  tdefi 
(inxia  tnterprctatione  difiKitionis  \%de  argumcntatione  ex  a:qua~ 
it)fiimendQ  extri  mos  inprima  fcrie  1 8»^  6,infcctmda  i  %^^.pcr 
ftibdtt&ionem  medtertim  12,&  ^•/juoniam  ejl prtmus  i  5  maior, 
quam  tcrtius  6,  erit  &quartfts  i  2  maior,  qukmjextus  4. 

Inuerte  numerosfic  6 ,  1 2, 1 8  i  4,  83 1  3.    Vtd  ;ninor  eji  ipf$ 
18,  /ic  &  4  tpfe  1  2'pariq;  rncdo  de  inquaiihus» 


Propof.XXI.Theor.XXI. 

Sifuerint  tres  magntttidines ,  ^ali&  ipfis  ntS' 
mero  dqnales qutzbinjii ^in eadcm propor^ 
tione  ftimantur,  fuent  autem  earum per- 
tmhata  proportio ,  &'ex  tnqualtprma  ma-. 
iorfuerit  qukm  tertia  5  (y  quarta  quarru 
fexta  f/iaior  erit,  ^f  ^qualts,  txquahsf  &'/i 
minor,  minor» 

Jnttres  magnftudines  A,  B,  C,6caIisEip(is 
numero  ^equaks  O,  E,  F,  qux  bins,  6c  m 
cademrations  rumamUf  ^  ijc  autcm  petturbata 


P  R  0  P  O  S  I  T  I  O    XXI;  y^ 

earum  proportio  vc  A  ad  B,  fic  E  ad  F, 

!&  vc  B  ad  C,  fic  D  ad  Ei  (iiqj  ex  equa- 
1 -.     li  AquamCmaior.Dico&Dmaiore 
^  jj  g    effe  ipfa  F  j  &  fi  ceqaalis ,  xqiialem  j  fi 
minor  minorem.  Cumcrgo  A  maior 
ficquamC,  ficquealiaquedamB^^ha-  ^    . , 
■    j      bebic  A  ad  B  maiorem  proportionem,  f. 
•  J  J  quamCadB.  Sed  vc  A  ad  B,icaeft  E 
DEF   adFj&^conuerrendo, vcCadB,icaE  ^ 
adD:  ^  quare  £  ad  F  maiorem  proportionem  ^ 
ha  bec,quam  Ead  D.  Ad  quam  aucem  eadem  t- 
maiorem  prcpcrcione  haber,illa  minore(l:mi- 
por  eft  ergo  F,  quam  D5  adcoqj  maior  D  quam 
F.  Similiter  ortcndemus  fiAfn  squalis  C,  &  D 
ipf»  F  acqualeni  eire^  &  fi  mlnor,  minorem  .    Si 
crgo  fuerint  tres  magnicudiijes,6cc.Quod  opor- 
tuic  deaionftrarc.  '  ^'^      " 


E 


S  C  H  O  L  I  O  N. 

St  /jxc  2  \  froPcf  queifi  lemmc  ad  2"^  ■pvoppf.vmiierrdiorem, 
^  ^  vt lndicabimns  ad cit. 2 3 .Rcfone  h/c ec/dt m  r,urf:cros a  mo- 
Ins vfnrp.-itos addefin,2o.  Stnt  1 2,  8, 4» (^  1  2  ?  ^ ,  4, ^ hini  fu^ 
mantur  t>iproportto^epertuybata,  ideU,tnxta  explicata  addefini^ 
tionem  %o,fr;t  vt  i  2  ad ^  ,  fc  6  ad^  ,&rt%  ad^  ^fc  1  2  ad6. 
qtiem adrKodum  ex  acjuali  (^iuxtapYxdicta rn arJec .  propo/  2e) 
e(i primui  nf.merus  \  2  n.ator  tertto  4  ,/k  &  erit  quartus  \  2  ma^ 
iorfexto  4. 

inucrte  mmierosfica^^  8,  1 2  j  4,  6j  1 2  •  Vtprimus/^  est  minor 
tertio  I  z^fiC ejuartus  /^tiniftorcfffxto  l  2. Fartquemodo de xqua- 
Itbus.  K  Prol 
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PropoflXXn.Theor.XXIL 

SifHertntquotcunq^magn'nt4(iines,^aluip. 
fis  numcro  dquales ,  qu^bina ,  ^'in  eade/tL» 
froportione  fumantur  ,  i3  ex  dqiiaU  m  ea^ 
demproporttone  erunt, 

}  ]  i  }     CJ   nes  AjBjQ&aliaeipfisnu- 

A  B  C  D  E  F  ^^^'^^  aequales  D,E,F,qU(^  bin^  6c 

iljji^^^j^j^ineadempcoportione  fumantur, 

III  vt  quidem  A  ad  B ,  ita  D  ad  E ,  vc 

■■ ;;  ver6BadC,ficEadF.Dicoquod 

i-^exxquali  in  eadem  fincpropor- 

tione.  Hoc  cftjdico  vc  e(t  A  ad  C, 

ita  ^^c  D  adF.  Sumantur  enim  ip* 

farum  A,  D  seque  muUiplices  G,  Hj  ipfarum  B> 

E  aiiae  vtcumquc  K ,  L  i  icem  ipfarum  C ,  F  aliae 

vtcumqj  MjN.Eccumfit,  vc  AadB,  ita  BadE, 

acceptxqi  finc  ipfarum  A ,  D  xquc  multiplices 

nprop.^.  G»  Hj  ipfamm  B ,  E  alias  vteumq,;  xque  multi- 

plices  K,  L,  ^erit  vc  G  ad  K,  ita  H  ad  L,  Eadem 

decaaAetit  vtKidM,  ica  Lad  N.  Cumergo 

trcs  magnitudines  fiat  G ,  K,  M,  6c  alias  ipfis  «- 

quales  numsro  H,  L,  N,  qua?  binae,&  in  eadcm 

hjroi,.  prQpofiione furnuntur,  ^  ex  xquali  ii  G  fuperat 

M,6c 


X  \ 


i. 


PROPOSITIO  X5ni,&XXIII.  75 
M,  &  H  fuperabit  N^  fi  aequalis,  aequalisj  fi  mi- 
nor,  rainor.  Ec  fijnt  GH  ipfatu  A,  Da:que  mul- 
tiplicesj  M,  N  ipfarum  C,  F:^  eric  crgo  vt  A  ad  ^  ^^  ^ 
C,  ita  D  ad  F.  Si  ergo  quotcumquc,  &c,  Qupd 
oportu»c  dcmonftrarc. 

S  C  H  O  L  I  A. 
I 

1  N hac  22  dewonflrat vnincrfaliuiid, rfuoddemoKfiranit cjtiAji 
in  lcrnmate  if? propof,  20.  Sctlicet  non  ftlirm  dc  tcrr/is  tni^gni- 
ttidinihus ,  0  detropcrtione  xqualttntis  ,  1  cbnatoritctis ,  vel  mi- 
mritatiscxtremorum,fedde  (juotcumq;  magnttttdinihus^  &  dc^ 
eadem earnm qHactmqipro^ortione,  ex isqualtte, iuxta dtf.\%. 

II 
T  T  Icdemtnflratur gecmetrtce  zcritas  fignificata  pcr  dtfinttto-  "n  *'"."''' 
nem  1  §.  Reuifc  i-.deam  dcfinttionem  mstra,  ofienfonim  in nu-ii^fifj,ti^ 
tner/s .  nriiS. 


PropofXXin.Theor.XXIII. 

Si  fuerint  tres  magnitudines ;  ^  altA  tpfls  <e- 
qualesnuwero ,  quAhintz,  ^in eadempro» 
fortione  fumantur ,  fueritque  earumper- 
turhata  proportio  ^^  ex  ^uali  in  eadenu 
■^roportione  erunt, 

^  Inc  trcs  magnitudincs  A ,  B ,  C,  &  allae  ipfis 
^3)  aequalea  numcro  binae  in  eadem  propor- 

JK     1  tio- 


b  prrp. 


c  ^rop.^. 
5. 


dfrep. 
21.  J. 


e  def.  ^, 
5- 


7^  L  I  B  E  R    V. 

I  tlone  fumptcE  DjE,  F,  fit  aute  m  ca- 
;;  [  T  t  i  f  rum  petturbata  proportio  vt  A  a4 
A  &  c  D  E  P  B ,  fic  £  ad  F  j  vt  vero  B  ad  C>  fic  O 
a  Y  '^  V'  ^'^^ ,  ad  E .  Oico  efle  vt  A  ad  C,  ita  D  ad 
■f  F.  Sumanmripfarum  A,JB,Daeque 
1    multiplices  G,  H,  K,  ipfarum  C,E, 

F,  alix  vtcumque  L,  JVl,  N  Etquia 

G,  H  ipfarum  A,B  funt  acque  mul- 
tiplices,  ^partesautemeodem  modomulripli- 
cium  eandem  habentproportionem,erjc  vt  A 
ad  B,  {^c  G  ad  H  •  Eadem  de  caufa  crit  vt  E  ad 
Fj  fic  M  ad  Nj  cumqi  fit  vt  A  ad  B,  ita  E  ad  F»  ^ 
erit  quoqi  vt  C  ad  H,  ita  M  ad  N  .  RurfLis  quia 
eft  vt  B  ad  C,ita  D  ad  E.fumptxq,  funt  ip(arum 
Bi  D  squc  multiplices  H,  K,  ipfaruiifi  vero  C,E 
alix  vtcumqj  L,Mj  <-  erit  vt  H  ad  L,ita  K  ad  M. 
Oftenfum  eft  autem  effe  vt  G  ad  H,ita  M  ad  N. 
Ciim  ergo  tres  magniiudinesG,HLproportio- 
nales  fint,&  ali^e  ipfis  numero  ^quales  K,MjN, 
hlnx  m  eadem  proportione  fumptx,  fitque  ea- 
rum  perturbata  proportiOj  ex^^aequalifiGru- 
perat  L ,  6c  K  fuperabit  N  }  6c  fiaequalis,  aequa- 
lisifiminor,  minorjruntq^G  ^Kipfarum  A,D 
aeque  multiplicesj  L,  N  vero  ipratum  C,  F.^  Eft 
ergo,  vt  A  ad  C,  ita  D  ad  F.  Si  ergo  fint  tres,&:c. 
Qupd  oportuit  demonfttare. 


Scho. 


PROPOilTIO    XXIV. 


77 


••'s  t-\ 


5  C  H  Oi^I^X)/N. 


.>T  »v  li" 


'1 1 


IN  hae  2  5  demonflrat  vntucrfdius  td,quod  demonstraulj  ^ua- 
(iirt  UmrffXte  inpropof.  2  lyfctltcet  ternarum  magnituainum 
ttiproportione  perturb.jta  extremasinter/c  hahere  nonfolumpro- 
porttonem  xqualitatis,  vehnaioritatts,  vehninoritatis  fedeJ/L^ 
tn  e&dem^etiAm  quacumqtte  proportione ,  ex  vt  illatioms  ab  txqna- 
tita  f  c_A  . 


PropofXXlV.Thsor.XXlV. 

Si  prima  a^  fectin^am  eandem  hahuerh pro- 
porttonemiqHam  tertia  ad  quartam  haheat 

-.  liuterii^ ciiitn[Aadfec^^t^tmea}7rlem,<:ii4am 
jeKta  ad  c^uartam,  hahebit  S^mpofita  ex 
prtma,(3  quinta  adfecundam  eandem  pro- 
porttonemi  quam  tertia ,  ^fexta  ad  quar- 
xaifLi  • 


I 


R 


B 


HAbeat  prima  AB  ad  recudam 
CeahdeTn  proponionem , 
I       quam  tertia  D  E  ad  quartam  F  3  ha- 
E'      beat  vero&quintaBGadfecundam 
T      I   Ceandemproportionem.quamfex- 
1    .  |.  ta  EH  ad  quartam  F.  Dico  compori- 
tam  ex  prima  ,  6c  quinta  aG  ad£e- 

cun- 


7$  L  TB  E  R    V. 

cundam  C  eande  haberc  proportionem ,  quam 
habec  compofita  ex  tertia,&  f^xta  DH  ad  quar- 
tam  F .  Cum  cnim  fit  vt  BG  ad  C ,  ita  EHad 
ma^o-Vt^ erit conuertendo vt C ad  BG , ita F ad EH. 
f"^  ^  '  Ec  quia  eft  vt  AB  ad  C ,  ita  DE  ad  F .  vc  vero  C 
hpy,r,of.  ad  BG ,  ira  F  ad  EH .  ^  Ex  «quali  crgo  eft  vt  AB 


22.  < 


c  p^^.r  ad  BG,  ita  DE  ad  EH .  r  Er  ciim  dluifac  magni- 
*^-  5-    tudines  proporticnalts  finr,  erunt  &  compofit? 


22.  f. 


proportionales.  Vt  ergo  AG  ad  GB ,  ita  DH  ad 
:HE,  EftverovtGBadCitaFHadFjrfexsE- 
quali  ergo  eft  vt  AG  ad  C,  ita  DH  ad  F .  Si  ergo 
primaadrecundam,  &c.Quod  oportuitdemo- 
ftrare  * 


S  C  H  O  L  I  O  N. 


1  N  hac  2  4  dtmlfirat  vniuerfdtter  in  cn-mj/roportioKe  id^quod 

*   din^o/JirriUtt  in  thccr.^,  c!( pcportighc  tnultiplici.Reuifc,  c^ 

eppltca.  hanc  jAffopcfi-tof.cfK in numcris,quos hahes ad %tropo- 

j[ittoP€mthiorytriid  patent,  nec  hicriCccffc  efiiterare. 

Propof.XXV.Theor.XXV. 

Si  auatuor  magnltudlnis  proportionales  fut- 

rint,maximay  ^  minma  duahusrdi^ 

quis  maiores  emnt. 


Sint 


PROPOSITIO    XXV. 


19 


B 


^  [nr  quaruor  magnir udfnes  propor- 


H 


i  D, 


rionalcs  AB,  CD  E,F,  vr  quidcm 
d{      ABadCD  JtaEadFSirmaxima  A- 
B,  minima  F.Dico  AB,6c  F,  quam  C- 
,  E  maiores  elTc .  ^  Ponarur  ipfi  E  ae- 
ACtF  qualis  AG,ipliFsqaalisCH.  Ciim  1^'^'^* 
crgo  fir  vrABadCDs  iraEadFific 
autem  ipfi  E  aequalis  AG,  F  vero  CH,  erir  vr  A- 
B  ad  CD,  ita  AG  ad CH .  Ec  quia  eft  vr  rora  AB 
adroram  CD,iraablara  AGadabiaraCH>^erir  bp-op»/: 
^creliqua  GB  adreliquam  HD  vrrota  ABad  '^•'* 
toram CDiinaior  eft  aucem  AB,quam CD,ma- 
iorergoetiamcft  GB,  quam  HD.  Ercum  AG 
asqualis  firipii  E,6c  CH  ipfi  F,  erunr  AG)  6c  F  as- 
quales  ipfis CH,  &  E.Er  cum, '^quando  ^qualia 
inaeqaalibusadduntur ,  rota  fiant  inajqualia,  cr- 
go  fi  (G  B,  H  D  inaequalibns  exiftenribus,6c  ma  - 
iori  G?> )  addanrur  ipfi  G  B  ipfae  A  G ,  6:  F5  ipfi 
ver6HDipfxCH,6cE,coIligenrurAB,&:F 
maiores,  qua m  C D ,  &:  E.  Si  ergo  quacuor,  5cc. 
Quod  oporcuic  demonftrare. 

S  C  H  O  L  I  A. 

I 

Slfvtf^Ad^,  ita ^adz; maxmus 6  3&  mintmus  2  interje 
addtti  iehfltint lummarn  %  ,  qu&  maior  eJlfHmma  7  corflAtx 
fxreii^m  ^, &  ^,yt(ie infertHS hic  ifthol. 


C  rf.V.  4, 


io  L  r  B  E  R    V. 

n 

"p  EBe mtat CUuius debere omnes  ejfc  eiufdemgtneris tVerbi 
grntia  quattior  lineas,quatHorpUnai&c.qHAtttor  HHmer.Alio 
quin  non  cenfiaretur  iufia  fumma  ex  duabus  magmtu^mibus 
dittcrforum generum,  qaa  veriffcarct  hanc2  5  propoftionem .  Si- 
mtlitcrffinttres  magnitudines  continue  proporttonales  maxima, 
Cr  mintma  erunt  matores  dtipUmedix proportionalts  .  ^uodgeo- 
mefrtcc'  habet  Ccmandintts ,  &  tainquam  corolUrtttm  dedticttur, 
ex hac  T-y^&patet  inntmeris  1,2,  ^.extremi enim  i,& ^dant 
fummam  5:  qu^  maiored  quam  4  dupU  medtj  2. 

ni 

1 K  dttpUftnt,  vt  6:&  3 ,  /A-  4,  2 .  ^'e/ 1 ,  2 , 4.  i^-v  i6,&  j  yprdr 
^.pofiitomhusfexti dtdtctlii tn htt.^^ALrar.iTotr.ff^fub extremts  6, 
&  ZyVelfub  1  &  /^reftangidae[je dqualiareiJangttits  velexme' 
dtjs  3,,  &  4,  vel  quadrato  ex  media  2.  At  dtffcrttnt  compor/ere  in- 
terfe  extrema  ,  &  inierfe  media ,  a  iuclu  Cxtremi  in  cxtremtiiti, 
&  mcdiorum  tnfe,  &c. 


C  O  R  O  L  L  A  R  I  V  M 

""Adpropo^aliquasIib.j.Elem.ex 
hadtenus  expofitis  in  hoc  hb  5 . 

EXmmerarvjs  expofitiomhus  fmius  lihri  /, 
apiid  nos  hahes  intelligenUampropofitiQ- 
num  1 2  ii  ^yi  ^y2  2  iihri  fe ptimi  ,^ jchQiiorum 
ad  eandem  propof  2 z' enifdemhh,  7  ,vhiqui>i 
hic  ffeometrtce  ettam  Mithmetice  demonfiran*-. 
tur  ,fed  hic  a  ns>hisfaciltus per  vulgataruTm»  • 
notarum  Logijlicar^fmpiicemexpo/itionem^  „ 

Se-      ' 


PROPOSITIO     XXVI.  8r 

Sequentcs  propofitiones  non  funt  Euclfdls ,  feJ 

aFederico  Comroandino  exPappo  Ale- 

xandrino  colledlae. 

Pfopor.XXVi.Thcor.XXVr. 

Si  prima  ad  fecnndam  maiorem  hahuerit  p/^o* 
porliGrHV^i  (]uam  (ertia  ^d  qnartam  ,  habe^ 
hit  conuertendofectinda  ad  primamminom 
rem  iC^uam(\ua)ta adtertiam, 

HAhcat  A B  ad  BC  maiorem  pioportionem,  auafn-j» 
OEadEF.  Dico  CBad  BA  minorem  Labeie^jfj 
ouaraFtad  ED.  .Sirvt  ABad  tCjii^a  DEad  aJiian  G:cr- 
■  _  gf.DEati  Gn  aioic  habetpic  poitioncrp, 

. 1 »  OjUan:  DE  ad  EF:  -;  minor  ergociiiG,  ^prop.s 

P       f  \^  f     quainEF.  Ponaturipfi  Garqualis  EH.   J- 
G  Quia  igicur  vt  AB  ad  BC,  ita  eflD'-  ad 

■     '  EH     eiir  -conoertcndo  ,  v*  CBad  BA, 

ita  HE  ad  ED.  c  Sed  HE  ad  EO  mir.ore  hab;:.  nroporrio-  r,-f^"l', 
nem,  quair,  FE  ad  FD-  c •.i;r  &  Cl;  ::d  AB miiic  tn  babct  ^  4.  f. 
proportionem,  quani.rEa.d  ED.  quotiopojtuit  dcmon-  cp-o^of. 
ftrare^.  S.j. 


Quod  fi  AB  ud  B  C  miMorem  babucrit 
^___5_S    prcportioncn.  ,>lv5m  Dii  a4  EFi  liabc-  Y^''^"^- 
P      ^  ^  ^        biccf  nucrtendo  <  Bad  BA  maiorc;iT._.9, 

cuan.  FE;tdED.-iitVcABaJiiC,ita  DE  "  ^■''"- 
adaliam  Hj, f?  quxmaior  cru  .  <]uam  tt:    t<;nucrici  uo   .,,,1  ^.  ^. 
ergo  erit  vt  CB  c.cl  BA,ita,C-E  ^i\^V>.   At  GE  ud  i  D  nia- 
iorcm  habct  proportionei-n,qudTn  ^  H  .id  ED,er<^o  CB  ad   g ^^^'^' 
.  AB  majcrem  hubtbir,  quaailE  aa.ED. 

L  rro- 


H  L  I  B  E  R    V. 

PropoCXX  VI  f.Theor  XXVI I. 

Slprlma  ad fecundam  maiorem  hahuerlt  pro-^ 
pQrtionem ,  quamtertta  a^  o^uartam,  habe* 
hit  t  permutando ,  prima  ad  tertiam  maio- 
rem,  ({uamfecunda  ad  quartam^ 

HAbeat  A  B  ad  B  C  maiorem  proportionem  ,quam 
DE  ad  EF .  Dico  AB ad  DE  maiorc  habere,quam 
irofo-r  Bc ad  tF. Vt  enim  AB ad  BC,ita fit  alia GE ad  EF^. qug 
hpropof.  maior  erit,  qudm  DE  .  ^  Eft  ergo,  per 

J«-^J-       1^^ B     C  mutando,vt  ABadGE,itaBCadE- 

^f^"^"-''    p     ?    -^     ?       F-<  Habetautem  ABad  DEmaiorem 

proportionem,quam  AB  ad  GE,  hoc 
cft  >  quam  15  C  ad  EF ;  ergo  A  li  a  d  D  E  maioreni_j 
proportionemhabebit,quamBCadEF.Quod  opotiuit 
dcmonilrare. 

^  B     C        Eadcm  rationc,  fiABadBCmi- 

► p^g     norem  habeatproportionem,quam 

P  ^  I — I      DE  ad  EFjfequetur^permutandOjA- 

dwopof.  ^  ^^  Dt  minorem  habere,  quam  BC 

*•  ^-    ,  ad  EF .  Sit  enim  vt  A^  ad  BC ,  ita  alia  GE  ad  EF , «  quae 

57      minor  crit,  quim  D£  •  ^  ^^^  AB  ad  DE  minorem  h^bet 

propoft]onem,quam  ABadGE,  hoc  eft,quim  BC  ad  E- 

F.  Habebit  jgimr  ABDE^niinoreproportionem,quar?l 

BCadEF,  ^^ 

Propof.XXVIILThcor.XXVIIf. 

Siprima  adfecundam  maiorem  proportionem 
iaka  t ,  quam  tertia  4d  ^^^rjami  etia/ru, 

tomn 


P  R  0  P  O  S.  XXVII,  &  yXVIIT.  S3 

componendoi  pfima ,  ^  fecundj  adfecan^ 
dam  maiorem  proporttori^e  habebuntiquiim 
tertia,  ^quartaad  quartam, 

HAbeat  ABad  Brmaioreti  proportioncm  quanilj 
DE  ad  EF.  Dico  &  AC  ad  CB  maiorem  habtr<:_j 

'     '       — •      DE .  Qiiia  igitur  eft ,  vt  AB ad  kC ;  ita_j  8  s- 
GE  ad  EF  j^erit  ,componendo,vt  ACad  CB,  ita  GF  ad  '"•  "''"P^f' 
FE.  f  Sed  GFad  FE  maiorem  proportionem  haber,  ouim  ^  lygMf. 
DF  ad  FE ;  ergo  &  AC  ad  Cb  maiorem  habet  proportio-  8.  ^. 
nem, quam  DF  ad  FE.  Quod  oportuit  demonftrare . 

Quod  fiABadBCminoremproportio- 
^        ^    ^      nemhabear,  quam  DEadEF,  rfhabebit  apmi»/: 


n  G 


'^____^     etiam  componendo,ACad  CBminorem,  i8,  j. 
quimDFad  EF.Quiaenim  ABad  BCmi- 
noreni  proportionem  habet,  quam  DEad  tFjfitvt  AB 
adBC,  itaah'aGEad  EF,f  erit  caminor,quam  DE.  Er-  e  prtpaf. 
go  vt  AC  ad  CB,  ita  erit  GF  ad  FE;  ied  GF  ad  FE  minore  ^*  f* 
habet  proportionem,  quam  DF  ad  FE;  ergo  &  AC  ad  C- 
Bminorcm  habebit,  quam  DF  ad  FE. 

Propof  XXIX.  Theor.  XXIX. 

Siprima,  ^fecmda  ad  fecnndam  maiorema 
habeat  proportionem,quam  tertia,^quar~ 
ta  ad  quartam  ,  habebtt  c^,  diuidendo,pri^ 
ma  ad  fecundam  maiorem  proportioncm, 
(^nam  tertia  ad  quartam» 


S^  L  I  B  E  R     V. 

-  ,  ^ 

|r  Abcat  ACad  CBmaiorem  pro- 

flortJoncim',  qudm  DI   ad  FE. 

Dico  ^'^.  A  B  a  d  BiC  m a  i o  r c  ni_j 

habere^quain  DEad  EF.  Vtenim  DFad 

fl  F^P^/fe,  itafiraliaGCad  CBi-^c,ritqucGCrainor5qu;im  AC 

^■•'      &,diuidcndo,erit  GB  adBQvtDE  ad  EF.<^Scd  ABad 

b  i^ro^ej,  jjc  inaiorcm  pro,portionenn  babct  ,quam.GB  ad  BC ;  er- 

•  ^'         Q  jj^      B     C  go&  ABadBCmaioremhabcbir,quam 

' — 1~. ' '  DHadEF.  Sivero  ACadCBminorem 

^ f— ^i      habeat  proportioncm ,  quam  DF  ad  F£, 

habcbit&3  diuidcndo,  ABad  BCmino- 
rcm,  quim  DE  ad  EF.  Si  enini  lit  vt  DF  ad  FH ,  it.i  alia  G- 
c  propnf.  Q  .^^\  CB.reritGC,  quam  AC5maior,'.icritquCjdiuideti- 
^"  ^"  d'>  GB  ad  BCjVti3E  ad  EF.Hibetautem  Ai5ad  BC  mi- 
dproi>of.  norem  proportionera ,  quam  GB  ad  B  C  i habcbii  ergo  & 
^7-^     ABadBCminorcm,qu..niDhadEF. 

Pfopor.XXX  Theor.XXX. 

Si  prima ,  ^  fecu^da  a^  fecundam  matorem 
prcport  lonem  habeafiOtiam  tertta,K3  quar- 
taad  auartam  ;  percomerfionem  rattonis 
prima,^fecunda  ad  primam  mtnorem  ha- 
bthit,  marn  tertta,  ^quarta  ad  tertiamt 


"H 


Abear  ACad  ECmaiorempro- 

potti(jrrem,quamDF  ad  FE;Di- 

coCAad  AB  niinoren^habere,  quam 

2  proi>of  '^ :r7 — V  I  D  ad  I-  E. .  S  u  cn  im  vt  A C  ad  CB,  fic 

8.  j.        J^ ^iS-^       Di  ad  alia  FG,  qua:  minor  erit,quam 

bcorollJE.  h  Quare,  pcr  conuerfioncm  rationis,vrCA ad  AB,ita 
^9  U  critFDadDG.f  ScdFDadL^Gminoremproportionetn 
cprovol  habct,qiumlDadDE;crgo&CAadABrninoremha- 
s-s-      bcbit,  quam  FD  ad  Dj^.Quod  fi  ACad  CB  minorem  pro- 


P  R  O  P.  XXIX,  XXX,  &  XXXI.  Sj 

portionemhabcac,  qiiain  DFadFEjhabebitperconusr- 
fionemrationis,  CAad  AB  marareiTi ,  quim  Fi3ad  DEj 
erit  ciiim  vt  ACad  CB,ita  DF  ad  maiorem,quani  F£. 
Rcliqua  manifefla  funt. 

PropofXXXI.Th^orXXXL 

Siprim.t  ad terttam  matorem  proportione  haZ 
beat,  qtikm  fccknda  ad  o^uartam ,  hahehit 
ettamprima  ad  tertiam  ,maiorem  iquam 
fyima,  i:S\fecunda  ad  tertiam^cjfquartam. 


A 

I — 


HAbeat  ABad  DE  maioreraprc- 
portionem,quam  BC  ad  EF, 


F  Dico&ABad  DEmaiorcni  hubere, 
E   <r       quam  ACad  DF.Sitcdim  vt  ABadD 

E,  ita  f:CadaliamEG,'«  quaTninor  n  propo/. 
erir,qnam  EF.  ^  Ergo  tota  AC  ad  totam  DG  cft  vt  AB  ad  ^-  ^ 
DE.r  Sed  AC  ad  Fv  d  rraiortra  proportiont  habet,  qi:am  H^"^, 
ad  DFjergo  ABad  DEmaioremhabebit,quam  AC  ad  D-  c  propof 
F.Etmaniteftumefttotam  ACadtotamDFminorem  ha-  ^-  ^- 
berc, quam  AB ad DEj Sc fiminor fi: proportio  partiSj  to- 
tiusmaiorerit. 

rropofXXXII.Theor.XXXir. 

Si  tota  ad  totam  maiorem  hahuerit proportio^ 
nem  ,  quam  abUta  ad  ablatam  j  habebit  ^ 
reliqua  ai  reiiqnammaiorcm  ,  quamtota 
adfotam,  ^ 


H 


Abeat  A  C  ad  D  F  maiorera  proportioncm ,  quam 

AB 
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AEadDE.Dico&relJquaBCad 
.       ■  II  rcliqusm  EFmaioremhaberc^, 

U ?— f-5       quam  ACadDF.  Sic  cnimvtAC 

spropof. ,  ad  DF  ,  ita  AB ad  DG;  ergc  &  rc- 

ij).  j.    M'qua  BC  ad  reliquam  GF  ert,  vt  AC nd  DE,  Sed  /  BC  ad 

bf>ropof.  EFmaioremproportionemhttbet,quamad  FGicrgo  & 

'^*       BCadEFmaioremhabcbitjquam  ACad  DF.Si  vcroA- 

Cad  DFminoremproportioncmhahcatjquam  ABad  D« 

E,&reh'quaBCad  reliquamEFminorem  habebit,  quam 

AC  ad  DE  >  quod  codem ,  quo  fupra ,  modo  oftendetiir. 

PropofXXXliLThcor-XXXin. 

Si^nttres  magnitudines ,  C^aliAipfisnume» 
roAo^udes ,  hahsatquA  prima  priorumad 
fecund^m  matorem  proportionem  ,  quam 
trima  poUeriorum  ad  [ecu/idam  .  fecund^ 
rvero priorum  adtertiam  maiorcm habeat, 
quam  fecunda  pofleriorum  ad  terti^ :  e* 
tiam,  ex  ^quali ,  prima  priorum  ad  teniam 
maiorem  habebitjqnam  prima  poperiorum 
adtertiam» 


H 


t7.f' 


Abcat  A  adBmaiorem  proportionem, 

quam  DadEj&BadCipaioiCjquaiii 

EadF.  Dico,ex?quaIiAadCmaiorem  ha- 

bere,quamDadF.  Ctimenim  Aad  Bmaio- 

*?"<.  ^^'^  proportion«in  habeat  ,quam  D  ad  E ,  4 

habtbit5permutando,A  ad  D  maiorcm,quam 

B  ad  E.  Etcadcm  rationeBadEmaiorcm_rf, 

quaniCadF.  Ergo  AadDmaiorcm  habet, 

f     qudmCadFi&,  permutando,  AadCmaio- 

D  E  F  rem 


/ 


p  R  o  p  0  s.  xxxir,  &  XXXIII.       g^ 

•cm  habebit,quam  D  ad  F.  Qaod  oportebat  demonftrare. 

Quod  fiprima  priorum  adfecundam  minorem  habeac 
proportionem.quam  prima  pofteriorum  ad  /ecundam,*, 

fccundaver6priorumadtcrtiamminoremhabear,quam 
fecunda  pofteriorum  ad  tertiamifimiJiter  demonftrabitur 
etiam,exsquali,primampriorum  ad  tcrtiam  minorem 
proportionem  habere^quam  prima  pofterior  li  ad  tertiam. 

§  III. 

S  C  If  0  L  I  J. 

Antecedentcs  propof  elementares  a  2  6  ad  3  3 
inhoclib.>  ancotericisaddics  QjjefuppO' 
nunt  coroJJ.  apud  nos  in  Jib.  6  cJeiii.  Vrus,& 
cxen^pJa  anticipationis  ctiam  in  Tlieorcma- 
tibus.  Noflra  meihodusconfirmata. 

'  A  ^^'^''  relt(ju.t  propofiij  1 5  Euc/.  adfiv.  huius  Ub.  j 
/-%  'Viufitur prinapio^ciuod fupponunt  ante  ItbrurK  6,  ^ 
-*  ^CUutotcmqusrt}  per  fe  nctum poni-ur  tn  fi.f  d:fi. 
mttor.u>n  huii'slibri  5.  e/iauitmhutufn^eai.  Quam  proportio. 
nem  hibet  magnitudo  aHqui  ad  aliam^eandcm  habe- 
bit  qua?ais  m.igaitjd)  propofica  ad  aliquam  aliam  i& 
candem  habebitqu.ipiam  alia  magnitudo  ad  quamuis 
magnitudiiicm  propcficam.  .^xtrc^ttfiiionnriaijupponA. 
t**rptrfer.6tan(,neHmeurrthicc'nfere, 

2  'ifjtrmotanutma  mtgnis  illis  Geomftrts,  cjui  firopofttiones 
Ul.spertirjetesadhunc  Ith.  ^,acperu'.iUs  addtdcru»t , recTe  fttp, 
fifl.um  tdpri.^ctpium  tam^uam  cgrollartum  ex  i  j  prepofl/b  6. 
Niht  e>:t».  Aliudefi  td prin(tpiu,feupropifiitn,(ju.i.n,  datis  tri- 

buj  magnitudinibns ,  quartam  propor donaJe  pofTe  d^iri. 
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£tiam-,  ^oddciride,  loco  [emmatisypofsit  videri  ift  lih.  6poflefuAm  in  ei> 

in  theo-  eD^fititmfucrtt exordiKC ad  izptopo/Inonem  .  Ett emn^tfjitattim 

vhs^eit    ^ii^f^do apud Ph  lo/ophos Geometras nonjolttrn pafsirn in praxi' 

antici-    htis,  C  vt  o/iendtmttsin  \  Tom.  ad  propofitiones  1 1 ,  d"  2  3   §.  4, 

fatioms  ^  2^) fed etiaaliqtiadu in theorematibttsvtt alicjtiaantictpattone. 

^doT^'   ^'^ Proclus ad propof.  it^.hb.i,  vtittirftippojitts  '2.'j  ,  ^2,  '^'J po- 

sterioribtispropo(ittonibus.Sii  Cbiiitts  ad  /.3  in  dtfptit.  contra  /V- 

Exem-   letAritim  vttttir  anttcipattone  ali:juorum,(^Hx  reqttirtint  cognttto-^ 

j)U.        ncm,d^  expoftionem  falte  dejinttionis  4  //.  5  de  t/s,  quA  in  Geom» 

philofophia  habent,  vclnon  habent  inter  fc  proportioncm.  Idem 

ctiam  ad definittones  5 ,  cr  7  Itbri  hntiis  j  dnw  circa  x-jtiemulti^ 

JjUcia  dcrnonlirat  aliqtta  ^  vttlur  altqutbus  propofttontbus  Itbri 

Je.\  ti,  qux  reqnirttnt  demons.rationes  pr  opouiionurn  nltquarurruj 

ex hoc  Itb. 5 , poH eas definitiones, quas dtmon'sirat.  Sic ettam  Co^ 

mn/dtfius,  cfqni atij addtdernnt h.is proVofiiont s propofitionim 

Kibus  Eucttd,s,fnpponnntpropof.i2  tti.  6 pautopotivtdehdayrt^ 

tamqnam  tinirnapojlpofittirn ;  nec  tntcrirn  cenjuernnt  priurittdum 

hunc  tibrum  qutntttmpcruttli  auctario  adeum  fp  6f  mtc. 

lis  exe^       5  ^liicmadrnodttrn  CT nos  non cenftimus  priuandosTyrones 

^     ^r  j  py^-itmatttra,  ac  iucunda  coinitione  rerum  cx  tib.d  dcduitarnm ,vt 
KoSi   ed'   ,  /•  .j     I  -  /      ■        " 

tamcc^v.  Itbentins  fctentt.is  M.ttticmattcas proieqncrcntur.  PrAjcrtim  cum, 

demon-  ft  qnid nosjemci  y  ac  ilertim  attqnando  jnpponamus  cx  hoc  itb.^y 
fhratiem  idtlattmpateat  tn  nttmerts  a.  nobis  appofitis  pro  dcjnittonnm,  & 
mera-  p^opoftionnm  cxpofiiionibns  j  ca  vero  qu.vprxdifti  Auciorcs  Jiip-' 
rijs in^  ponnnt  £  ttb.S, fnppontmt  ati  is,  atqitttas  anteriorcs propoiittoncs 
i^oyt'-'-    eiujdem  ttb.jextV, 

4.  Interim  noltra  methodus  hic  etiam  id  hahct  comnicdi,x  t  ciim 
\.»m-/io-  ^^^^^  ,^  j^^^  2 parteTornifecUdt  pr.icefprii  sipudnosltbri  Jxti, 
(irx  me-  atqtte tn  to propofitionis  \  2  rognitto,  f.tlnt Juppon.ittir,  CT ritc ,  ac 
thodi.  ptane  dcmenhrattnejiir: pofstnt  cti:r.mpropojiiioncs  dcprcportio^ 
nibns  hic  nddit£  tib,  5  Etcrt.  em  anc» 
SiiicL^  '^^fttfn  quidi  m  additaru  prcpcfiiionum  veritates  experiri  li- 
fnmfit.  cebtt ttbi ,nit'l )rO,in nttmcrts luxta  exernpta,  quiehabcsa  nobisin 
\.atet  in  anteccdctibns.Entq.ctiahoc  a numcris  comwodtvi  P  r  ees  o^en- 

KHm.Jf'.      .  i'  r^  ir 

timtc, "  /*  vcrttatcs  ■dditarum  propofitisr/u  non  cgeahi  jitppoji  lehc  itttttS 
princtpij,J'en  corofinry  ex  isLpropoJ.lt^l.e.per ntime'roi  enimjine 
cojfippojitoflattmpctcbunt.  Elcm. 


EtEMENTVM 

QVARTVM  exnoftra, 

TERTIVM  cxveteri 

METHODO. 

Quinti  Tomi  matcrlam ,  6ccampospatentifli- 
mos  geometricos ,  qai  cx  hoc  3-  clemenco  ^J^j"^* 
aperiuntur  videindicacos  in  fiae  noftrorum /^ 
horumScholiorumadhunc  3  librum. 


mAtena. 


DEFIN^ITIONES. 

I.  pr^  Qaales  circull  funt ,  qaorum  diamc- 
/\  A  tri  funt  aequales;  vel  quorumquac 

ex  centris  funt  sequales. 

II.  Reda  linea  circulum  tangeredlcitur,qux 
concingens  circulum,  6c  pcodudlaipfum  noa 

lecat.  /«  ffgurapropof.i6 Iwea.  AE tangit  circtditm  ABC,  In^ 
1 8 ,  d-  1 9  BE  tangit  circtdtrm  AEC. 

III.  Orculi  fe  tangere  dicuncur,  qui  feipfos  co« 
tingentes ,  fe  ipfos  non  fecanc .  circnlt  fe  contiKgunt 

aut  ifnertus,  vt  Tropof.  6  circtdi  ABC,DEC;aut  cxteritts,  v{  pro- 
pof.l  2  circtili  BAC,  BylE. 

iV,  In  circulo  sequaliter  a  centro  diflare  dlcun- 
tur  reclc  Iine2E,cia  a  centro  ad  ipfas  perpendicu- 
lares  dudas  xquales  fucrint.  vtpropofi^line.tAB, 

M  CD 
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CD  a  centret  E  &qualiter  dtfiarH  quod  EF,  EGjint  x^ttales» 

V»  Magl5di{larcdicimr,inqaam  maibrperpe» 

diculnriscadic. 

'S  C  H  O  L  I  O  N. 

1  N  dcftnitiomhtis  4 ,  €^  5  fe^i^  fitmtirdftr  dtdmtitHi  afcrpcndi^ 
•*  culari,  qtiia  ea  foU  arta  mcnfura  eji  .  Reitifc  §  4  ^?^  J>ro}^ofit. 
1  ^  inprtmo  Tomo, 


DEFINITIONES. 

VI.  Portlo circuli  eft  figura,  quas  recfta  llnea,  6c 
circuli  circumfereniia  continetur.  rtinj>rtmapro~ 

fvf.fiint portioncs  /iCBy  AEB. 

V\l  Portionis  angulus  eft,qui  redla  linea,6c  cir- 
culi  circumferentia  continetur .  vtinprimapropof 

fint  ungiiii  C  AB,  EAB,  re^fa  AB,&peripkertfS  CA,EA  contet!. 

Vlll.In  portione  angulus  efl;,cumin  circumfe- 
rcLia  portionfs  acceptum  pun^um  fuerir,6c ab 
ipfo  ad  terminosre(5lae  lineae,  quseeft  bafispor- 
tionis,iungunturre(51:x,angulusinqaamhisre- 

CtlSCOntentUS. ;^/  in  ^Spropof  at^gtilus  EDF  cfiinpor^ 
tiofH'  EDf:^    ■ 

IX  Quando  verolineae  angukun  concinentes, 
alTLurjunf  periphvrlam ,  in  illa  iniiilere  angulus 

y^^C^^^l^^.Vtinprnpof.  27  .ingtiUis  EDF  inf/iitpcriphcridEF, 

X.  Scdtor  circuli  e(t,  quando  angulusad  cen- 
trum  circuliconllireric,  figura  contentaredlis 
lincis  anguium  comprchendsniibas ,  &:peri' 

phena  ab  ipflS  aiTumpta.  rttn  prepofij  fcfor  dicititr 
fguraEHF,  '  XI  Si- 


1 
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XI.  Simlles  circulipofiioncs  funr,quaB  capftjltt 
aequales  angulos ,  aut  in  quibus  an^uli  aequales 
confiftunc. 

$1. 

SCHOLIONL 

i 

Expof]tiones,5cracioncs  1 1  definitionis. 

j  "Y  ■'V  defimuone  1 1  innuitnr  cfu£  nam  appellcKtHr  ,  o- 
5  fignilicentttr  (iKiiks  eirciilcrum  fortioncs ,  al  ci^  etiant^, 
J^  ft  notat  Chtiius ,  i^utnam  flni fifniles  circtiriiferentia- 
rum  arcus ,  ftet  vcro  ex  cicfnttione  propofitio  ,  Jidei/ide  dcmor^ 
ilrentur  portiones  circulornm  ,  lel ctrcKmferenti.irum ,  cjuxca- 
pinntxqnales  mgtdos,&c,eJfe  tnier fe fimiles^idej}  habcre  eandem 
prcPertionem  fingulos  adjiios  circuUs-,  %-eiperiphertas, 

2  Hutc  1 1  dcfinittoni  lucem  aliquam  ajfert  dcfinitio  i  tnitio  z 
Ton7.,^^tmadmodii^  enim  limilcs  figurnrecI-tltneiiijHnt,  qtiii  fi/i- 
gnles  habent  angulos  xqn.tles^  &  Utera  ctrca  xquales  angulos  pro- 
portionalia,  tdelt  tn  qiitbus  £qut.i»gulis  iJt  vnitts  fygtird  l.itus  /-i^j 
habct  -■d  alterum,  &  ad  reltqii.i  I.iter.t  eiufdem  figiirs  ,fc  &  alte-  siniili. 
rtus  Jigurx  inum  [aius,circ.fmgulum  /tqnalem  angnlo  aItcriust"(^-o  i- 
fiZ'ir£t  (e  habet  ad  dtcrtim  ,  &  ^-d  reiiejua  latera  eiufdi  m  fiiurx. ,  f' '  '  '- 
Part  ratione tn  fimilihus  Jegmcntis ,  vel circumferentiari-:m por-  /,.,c  1 1 . 
tionibits  captentibus  angulos  ^qualcs  ,  vt  in  vno  circnlo ,  vel  cir- 
cumferentiafc  habet  feg>,-^cntum  ctrcuii,  fine  arcus  circumfcrentix    In  quo 
adtotiim  circnlurn^fiue  ad  tot.wi  ctrcumfcrenttam,fc,  c^in  alte-f'^  y?w»- 
ro  circulo Jegmemum,  vel arcus,  in  quo£qualis  ell  angulus  angu-  ^^„1^^.^. 
lo  aitertns,  habent  ear.dem prcporttonem  adreliquum  circult,  veL  tornm . 
circumferenttx .  Vcr.gr.'-.  vtaitertuscircnlt ,  Vilcircumfcrenti£ 
fegmentum,  inquo  ejt  angnlus^  tertiapars  cjt  circnlt ,  vclcircnm' 
ferenttd,  (ic  in  aitero  ( ircuio Jcgmentum.,vei  ctycun frenti a,  in-j 
qutbus  esi  aqnalis  angulus ,  ejt  tcrtiap.xrs  Jnt  ctt  cult,  Vtl  circum- 
ferenti£.  M      2  3  H.tc 
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Cur(i'9^  Hitc  AUtent Cmilimdojtium  irahit  ^qualitaiem  a»gulorum\ 

mlttudo  qpi  liy^tlibns  iirculisif:f/}urit.  N  •njiduoyum  iK^qualtum  (ircH'> 

tlrum  fe  lo^'<^^  arcus  ftt}:ilcsjti2^^  idefi^m  cxtnjlo,  itajlt  arcus  maioris  cir- 

cum  tra,'  culipars  t€rliaperifhcrix,Jictit  /trcus  n.inoris circuli  eji tertiapars 

tiit  Aqua,  tgyipfjfrtg  ctiam  aKnulus^dcentrum  irifisiensterti<£  partimaio- 
litatefu '     ^       ,     ■  ..  „  .       „.     .      ^ 

angulo-  ttspcripjeru,  terfta  crttpars cjuatucr  recrorum,  qui  coKjittutpoJ' 

run>  i/u  Jitr/t  aa  ccKtrum  maicris  circuit,  (icut  ^  angulus  adcentrum  tnji- 

\epneH-  jj^^^  tertix  parti  mir.  oris  periphcriig  tertta  crit  pars  quatuor  re~ 

ilorum,  qui  conHituipcfftfKt  adcertrtim  mtKoris  circuii;  ergo  an- 

gttlus vterq-y td centrum  maior.s ,  &  mifioris  circtdifunt terti o 

pars  qu.iiuorrcclorumyac prcindcfnnt  inter  jexqualts ,  Confonat 

laa'em^  h/scdc^rina  cum  loro/lar.z  exprcpcf.  ^  ^  lihri  6  translata  anobis 

itrignloru  posl  propof.i  j  Itb.  htd.  ^  ,propter  ratio^cs  ihi  allatas,  CorolUrium 

ad  ccn-  ^^.  ^f  imgulus  in  centroad  4  rej^oSjfic  arcus  fubte nfus ad to- 

tru  con-  ■  r  • 

feqifnirr  ^^^^  circumrcrentiam . 

£]uah~       4  <^equalttitcm%ierd  angulorttm  adcCKtra  inflientiumfi-' 

tasan-    f^ii/lpifj  arcuitis  confeiiuttttr  etiam  aciualitas  anzulorum  in  fcQme' 
gHlorum    .  ,  .•^■',  ^      '  "^  ^  II 

tuCe^fiu  tts,Atq;hxc omnta ettam demomiranttirtKpropo/.lS.iJi hu.li.'^, 

tts.  Prudes  vero  Gcometra  tn  hac  1 1  dtfnitione  cum  viderct,  prx.. 

fruden-  f^^^^^  Tyrontbus ,  non  admodumfacile ,  atq;  inpromptu  ejfe  ar- 

tcr  dcfi-  ctium  fmthtudinem  agnofcere  ,  fignum  atq;  indtcium  obtultt  ab 

"a  'j    -'  angttlorum  xqualttate  tnfegmentt5,&  arcubusftttlibus,  fat  tl > 

L^  /j&    aittem  f/? f x  2  j  ,  ^  2 5 p^opof, itb. i,&(x nojirispraxibus adeas 

ag.lorit  prepo/ittoncSytnuesttgare  an  angulusangu/o  fit  aqualis  .  Compcr- 

aquah-  i^j  autcm  ii7£qualtbus anguUs  in  fegmentis-,pronuntiadum  cll  ea 

non  eJfefimtUa,fiLUtexj:qualtbusanguftSii:dicantttrfiniiiia. 

...   .        £x  quibits ettampo/Jet  a  nobis hxc  definitio ,  aliter^ ac  fortajfe 

flffini.-c  t^ctUus ad intcfitgenttaw, lic proponi.Similh  fegmeara,&  fimi- 

/s'K,lu    Iqs arcus  f.intjquibus  iniiftunt  anguli xqu.iles  ad centrum.  Sic 

\^gmt,n-  ^^j„,^  datts /cgmcntis  &  Arcubus,  &  inucntts  centrts  eorum  ,per 

2  5  propolit,  httiustiiri  icrttj  ,fi  anguU  adeorum  centra  tcquafes 

inuent.intitr^prontintianaum  ertt  cajegmenta ,  &  eos  arcus  ef?c-j 

(imiii  s, 

Jt.j^  i  hxc  adexpoftiior.em,&  rationem  \  i  deftmtionis» 


§2. 


e 
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Jir. 


fi 


S  C  H  O  L  I  O  N     11. 

Demonftratlo  vcritatls  alTsrt^  in  definitlone  i  ? 
de  angulis  aeqaalibus  in  fegmencis ,  6c  arcu* 
busfimilibus. 

QVodvero  attinet  ad prohatio»em  afjertionis  itt  hac  deff* 
nitione^  qttodfctlicetinjimilibus  fegmentis ,  velarcu- 
biis  angidt  Cint  scjuales  ,fa,cillima ,  &  breuifsima  de* 
^  monflraitone  a  nobis  expedietur ,  faucnte  nobis  no- 
(ira  methodo,  in cjuapritceffite  ad^i&  gpropof.l  b.6.  aliqu.t,qHA 
fim  ajferent  noHro  hutc  negotio  geometrico  nonfelum  defegmen- 
ttSjfedinprimis  de  arcttbiisfimiltbus,  adzfts  z>arios. 

Jleponatur  hic  figura  (X  %,  6 ad z. 

fropofJtb,6,  in cjuafnt fegmemafim 

/^  ^     "*V^     \    miliatam  ED  ,&YG  (^fub angulo  ad 

/     /     >.-~^  \     \centrumminore duebusre^is,/iue  ci- 

■  -    -  -      -  \:tme,&intiniOTAG)quamD£E,G' 

'  CV  (ftib  angulo  maiore  ditobus  retits, 
^  fue  extimo^iuxtnpandoxum  txplica^ 
ttim a nobis tn%  2. W dcfn.de angulo, 
inparteprimaTorni  i  huius  jierartj^ 
ytere  tmaginatione,  atcji  ammo  coctpe 
(nefgurasfn  e  nectfsiiate  mubipltce- 
r/iu)  ab  extremis  E,  D,  &abr,G  duclastn  angulum  duasrccfas 
Adpnn£liim alicjuod arcuum inter ED,  VG^^veladinter  GCT,  D- 
£E,  dtcoin  ifsjegmemis,  &  arcubus  angulos  ejfe  xcjiiales .  A^Jfod 
fntxqn.des  in  arcubus  ED ,  TG p.utt  fer  dem0ffratto//ti'4  §  lO 
adprop.^,  lib.  6.  Adeitis  .».  demoijhatioms  forn.  am^&fguram, 
ficonjiritclio,  &  applicatio  fiatin  appofita  hii  pgtira ,  condudetur 

&hic 


*4! 


1  jB  E  R  ra. 

(^  hic  dquditas  AHgulorum  injt- 
tnilihusED  TG .  ^uodnjeroinjl- 
ntilibus  DBEjGCV/int  £ejuales,pa- 
tet  e  fcholys  nol}%ts  j>oli  §  3  7  ad^ 
propo/.  lib.6,  •vbtfine  antictpatione 
osiendimus  aKgulos  ad  pcripherias 
ejfe  txquales ,  qutafunt  dtmidt/  an- 
guli  adeentruTH&c.  inde  huc  ap- 
pitcapguri»  appofita, 

In  frnilibus  ergofegmentis  an" 
gultftint  xquaUs,  ac  vere  definitio 
hxc  iiidajferit. 


Praci- 
ftl4  A- 
(Irofio- 
fnit£  0- 
yeratio- 
nes  m- 
tunttir 
hu    II 
difirt. 


S  C  H  O  L  I  O  N. 

V7  Idc & confrmatoria dcfnit. iiin%Bad ^i  huitts, tnfertus, 

§    III. 

Corollarla,  6c  vfus  varij  definic.  1 1  indicaci. 

COroUaria,  qtut  hinc  deduci  pojfunt  magnimomentipro  re- 
bus  prAfertim  asironomtcts  tide  tnfirius  aptid  nos  ad 
propof.  2  7  hn.  lib.  3.  Hic  tnterihi  e.x  tjs ,  qu^  docuimus 
inc.xpofittone  huius  1 1  defin..riitc  dtmoastr -^t wnem.,  habcsfmtli- 
bus  arcuhus  xqH.tles  angulos  tnfijiere ,  qualis  hic  i'nus,  ac  tdcm  c:i 
l-^G  infficns  f/mlibus  rG,Ep.  <^atognita%>eritaie  ntiuntur 
pene  omnes,fnltem  pr.uipu£  cpcrattones  AHronomicA ,  atq\  etiam 
plcr.iq:,gecmetricA .  Dimcnfioncs  cnim  arcutim ,  .itqi  altitudtnum 
cxlclitum  ctrc a  P Ixriet as ,  &  stellas,  .itcjue  cttampenphcrix  ctrcttli 
concentrict  ctmro  terreni  orbis ,  niti  vidctttur  hac dcfiniticnc  i  x, 
dum  Afifonomici,&  Gnomonict  operatortsfngunt  fe  cjfe  in  centro 
terrx  cum  fttts  quadrmttbus,Aslrolabtjs,dc  fimiltbus  alijsDioptri- 
cis  tniiricmentis,  &ab  Ciufdem  angult  Uteribus,c.\  ccntro  UMitndi 
adambttum  TerrA^vei  Ccviorum  produc7is,Jec,vi  Jimilcs  arcuspC' 
riphcriarum  minoritm,  acmaiorum, 

§4 
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§1V. 

fro:blemj, 

Etvfus  Cofmographicus  definic.i  i  indlmen» 
fione  cerreni  ambicus. 

LFl>et  h)c  cendimentiloce  vjlim  CoJfnogra^hictmJju.  dcfmt, 
X\  aptonere in exemplo  dimciiefidi  difiantiam  inter  dno 
loca,  (jit.tfiib  eodcjn  meridtano  interfe  disicni,  ac  praterea 
dimctiendi  totitis  globi  terreni  afnbititm  per  fcaphia  qttidem  ,fed 
altter,  quamab  EratoHhene  olim  ,  cuiits  ingcmof^tmam  opcratie- 
nem  habes  tn  i  Torno  huitis  Aerartj  adpropof  ig,  §  i.  Nos,vt  ibi 
Eratofthenes,  non  egemtis  demon/lrationihtis ,  &  angtifiijs  velSolis 
tn  folifttiOyVel  Frbts  feS^roptco  ,fd  fola  hora  mertdtana  ctititsli. 
het  dtei,  atiji  in  loctsfttb  (jitorHmctimj;parallclorttm ,  mocioftib  eo-^ 
dem  meridiano. 


I  Reponatitr  htcfig.  fcat/hij  ex%^%  id  4  trop.  in  l  p.tr.  2  Tomi 

Aerar..zc  ftt pro  fc  iphto  ctrcnlus  in  cu  >-n.xxtmits,ji.u  nicridt.intis  de" 

fignatus ,&  in gradus  de  rnore  dtatjus  CD£,&  in  cutu/cFuj;libuerit 

fttiidAdieico  moinitOfin  quo  vmbrx  agr/omone proiea.i  extre/n.i  di. 

Jfts 


^6 


L 1 B  E  a  iii: 


fpis  attingit  ^ine^^meridiMa^rite  defcripam  ctm  cautiombusk 
nobts  tnditis  tn  Apur.  %)  collocatumfitjcaphiumfub  Solts  radi^s, 
it  a  vt  notari  pofsit  quantitas  arcus ,  'velut  EHfe£}i  ab  vmbrofa  U- 
nea,  c  vcrtice  F proie&a.  Eiufdem  dici  eodem  meridiano  momente 
in  altera  Vrbe ftafub  eodttn  meridiano  notarit  alius  arcum  tn  alte^ 
rofcathiofectum  ab  vmbra.  Tum  acceptaper  mijfas  literas  cognt- 
tione  vtriufq;  notati  nrcus  tn  fcaphijs ,  &  minorefubduHo  a  mato- 
re,  notetur  dtjfcrentia.  Scilicet  ea  quot  minuta ,  vcl  gradus  conti- 
tmcrit,  dahit  terrejlrta  milliaria  corrcjpondentia  minutts, lelgra- 
dibiis  orbitjejol.iris.  ^^apro  re  vide  nos  in  Aftar.  z,  vbt  terraru 
crbempcr  ttirres,  velmalos  nauticos  mettmur.  Igitur  mtlliarta  in 
ca  dtjferentia  contcnta  eritnt  dtfantt.t  duorum  locorum  fub  eodcm 
mertdiano,  in  quibusmeridiaK£faC}£funiobferuationts. 

II,  At  verh pro  dimenfone  pertphcrtx  erbem  tcrtarum  contin- 
gentis,  O"  conccntrice  ambtentts,pr..idifia  dijjcrentia  arcuum  iri-j 
fcaphijsquoitipi.tfuertt parsin gradibus,  velmiKutis  totius  orbttdt 
fol.iriSi  idefl  graduum  ^  6o,erit  ^  tn  milltanjs  totupUpars  totius 
orbis  terram  ambtemts.Vinge  diffcrentiam  arcuum  tnjcaphtoftttf 
Je  grad.  T^cui  afjirmant  recenitorumaliqui  correjpondere  tnma' 
rt ,  veltcrris  milli.ma  5^.  Igttur  cx  rcgul.i proportiohiit,vt  gra-- 
dus  i  ad gradus  ^6o;fc  milltdria  '^'^  ad  q/i.irjum  numerum^  qui 
erit  \go%Oyambitus pertpherixterreflris hic pro cxemplo^non pro 
vcritaie  quxfitus.  CModum  entm  hic  tantiim  docanus^qui  etiiden- 
tf.tm  re6tx  opcratioms^  ac  demonflrattonis  hr.bct  ab  h.tc  1 1  defiy:it, 
Ttngttitr  emnifine  illafenfiBili  diffcrentia.(vide  rationem,  &  de- 

fnon- 
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moftFlrAtioHem  in  ir.itto  Jpiart^  9  )  cffi  fcaphium  CT>E  itjfra  ccn- 
tru  tcrr£^&  F  locatum  tn  tpfo  ttrra  ccntro,&  iritclUgnKtur  FE^F- 
tiin  dtre&um  cxtrafcaphtum  protratlA  vfqiadfcBionespcriphe-^ 
ri£  terrcJiris.Angttlus  ergo  ad  Ffitbprodu^ts  FE,FH  efi  adcom- 
mune  centrtim  &  pertpherixtn  fcaphio ,  & periphertA  terrcHris 
extra  fcaphttim-y  ergo  ex  hac  1 1  definitio-te  arcs  EH,  ^  quan  fin- 
ge  effe  dtlferenttam  tnuentam  in  faphio.  &c.)  &  arcus  correfponm 
dens  in  terrx  ambitu  fubpredu^is  F£,FH  (ejui  diametraliter  op- 
ponitt4r,&  iquilis  eji  arctii  di/iantid  inter  duo  locafub  eodem  me- 
ridiano  )  funt/imiles ;  idef/vt  EH  ad totumffum  arnbttttmf  qui 
fngitttr pro Solts orbita,cui  eji  loientricus^fic arcus pertpherijt  ter- 
refiitsadtotam terrxpenpheriam : ex  qtiafimilitttdtne  in  antece* 
denti  exernplo  calculttm  frotulimtts, 

§v. 

S  C  H  O  L  I  O  N. 

Methodi  noftras  opporiQnicas,  6cncce(Ticas. 

EK  anteccdenttbns  uides  opportunitatem,&  necefutatcm  ne- 
ftr*  methodt .  Nam  \  nonpotcH  cxplicari  htec  definttio  fi- 
ne  proportionttm  cognttione,quam  habes apudnos  in  i,& 
2parteanteced.  2  Tomi. 

2  NonpoteJI hxc  1 1  defin.flifiaiarnpropofitio confirmari  fint 
lemmate  de  angulo  ad circumfcrittam  dimidio  anguli  adccKtru, 
froejuo  lemmate  nos  non  egemus  propofittone  vlLt  pofierio^e  in—.< 
Itb.-^,  fedex  ^zlib.i,&  cx%.  6adcam,&  e  fho/.pof%  ^J  'td 
prop./^j  lih.Std  lcmma  excufsimus. 

3  Angulorttm  xqualitas  infegmenfts  fitib  angtilo  adcentru>tL.j 
ftppemt  tamproiata  a  ndis  -J  9  propof.  iib.  6 ,  §.  i  o. 

4  Pcr  fimilttudtncm,  cum  firrtliiusp^vris  rc£fiUncis  xonpo^ 
tcrat  tllttfirari  h^c  \  \  dtfinttio, ;.///  ex  noh  ra  n:(t/:cdc,pcri]Ham 

pr^cefsit  ideffnitio  (^ante  6  elementum  exittcrt  mcthodo)  in^ 
frimapr.rte  2  Tomi. 

5  Prob/cma  defic.tpkio  hicpr&miffinm ,  fiine  cogniticnfpropor'* 
tionn  m,&  rcgttfs,  af.rex  ncn  Itcuitfolucrc.  De  cjttibus  nos  tam  in  1 , 
&  2  f>arte  2  Tomi.&c. 

N  Vro- 


^S  L  I  B  E  R     V. 

PropoCr.  Probl.r. 
Dati  circuli  centrHm  inuenire. 


E 


Sco  datus  circulus  ABC,  cuius  centrum  in- 
uenircoporteat.  Ducatur  quasdam  recfta 
~  linea  AB  vfcuque,  '^bifecetur- 

que  in  Dj  atqjpcr  D  ipfi  A  B  ad 
^anguIosrcc5los  erlgatur  DC, 
^"  qux  producatur  in  E ,  &  ^bi- 
fccetur  CE  in  F .  Dico  F  centru 
^  e(Tccirculi  ABC.  Sinoujfit,  fi 

fieripoteft,G,ducanfurqjGA,GD,GB,6ccuni 
1?-"?"/  A£)^  DBaequa!esfint,communis  DG,^erunt 
duae  A  D,  DG  duabus  G  D,  DB  xquales ,  altera 
{^\'^°^'  aIterii/&  bafis  G A  aequalis  bafi  GBifunt  cnim 
ex  centro  G:  ergo  6r  anguii  A DG,  GDB  xqua- 
les  erunt .  Cum autem  re^la  fuper  rcvflam  con- 
fiftens  angulos  deinceps  aequales  fecerit,red:as 
^      crit  vterq,  angulorum  :  rediusergo  eft  GDBj 
fed  &  FDB  recflus  eft  5  efi  crgo  angulus  FDB  ae- 
qualis  angulo  GDB  ,  maior  minori ,  quod  fieri 
nequit.  Noncrgo  G  ccntrumeft.  Similitcro- 
ftendemus  quod  practer  F  nullum  aliud .  F ergo 
centrum  cil.  Quod  inuenjrc  oportuit. 


Corol' 
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COROLLAKIVM. 

EX  his  manifcftum  eft,  fi  in  circulorcda 
quasdam  redtam  quandani  bifariam^  6c 
ad  angulosrcdtosfecec,in  fecantc  centrum  clr- 
culi  efle . 

SCHOLION     I. 

Hoc  Eucl.  Problema  eft  Porlfmai 

HOc frtmumfrohlemahuihs  lihritertij  elementaris  eU pro- 
prie  pori/ma ,  Reuif.  in  tom.  i .  §  i  adcoroll-xrtum  ex  1 5: 
^rcfofit.  O""  hic  tnfcrittsinJchoLt.  adhrac. 

?KOrBLEM<sA. 

Duorumcirculorumfe  mutuofecantiumcen- 

tra  inuenire. 

Adem  oferk  ,  (^  opcrntione  ci:m  Eticlide  duontm  circtdorTi 
fe  tnutuofcCi^.ntiiirn  ctntr.i  in  zma,  eadcmejuc  hnea  exilien- 
tia  tnuer.itntur.Tihge  tnfigura  Euclidis  circulum  ABC  ,ib 
altero  circtdofecart per punciu  AB .  Vna ,  eademtj;  CE  bif.irians 
adreciosreciam  AB  tungentem  pur.ciatnutuarum  fecitoniim  A, 
EjCr  producixe.xtra  Varies  E  in  altcrurn  ima^inatum  circulurruj, 
(onunebit  in  fe  alicrum  cttam  centruirt ,  (^  m  bifuriatione  dta- 
metri  intter.tttur. 

K      2  Corol- 


100  L  I  B  E  R    III. 

COROLLARlVM    L 

ADa'e  corelUric  Euchdis  &  hoc  ricftrttm  dtcrum .  Ccntrum^ 
i  irculi  eU  in  rcf^a ,  quix.  IrLuifsime.  cj}  cmmum ,  qu<s  duci 
yoluiKt  kpuh&o  hif^rititivnis  T),  Rctto  di  k  dimorijlraticne,  quam 
h&bes  in  §  ^  adprcpofu  \^.tnto.\»  Hmc  — 

$  ir. 

-COKOLLAKIVM  11. 

Naturaingrauium  motibusvtiturhac  i  prop. 
Atiftoteles  elucidatus. 

I  Afct  etiim  naturam  vti  modo  Euclididfio  in  motionibus 
graHtum,0'  tfuium  deorfum,  acfurl»m,iju£  vcl  recedunt 
a  ccntro ,  vel(]u,funt  ccrnrum  mtmdtper  eam  lineam^  in 
qii.i  vcre  cji  ( qu  aque  Itnea  dire^toms  a  centro  ,  vel  ad  centrum 
appellaturj  hoc  e^ipcr  breuifsirnam  (per  quam (ernpcr  non  impe- 
dita  natura  operatur)  acfacientem  angtdos  refhs  cttm  tangente^ 
circularemjuperfiiiem  terrx.  Ex  qua  hic  docirma  intelligAS  textu 
3  3  Itbri  3  de  cxlo  api:d  Art/totclem, 

,  $111. 

FROXLEMA    l 
Centruin  In  vacuo  putei  orcinuenire. 

^Jem  opcra,  ^  modo,  quo  didictjii  circuli  centrum  intteni' 
re  ^didiudt  &paiphiri<x.  ahtrum  ,Jiltne>:m  arcularem  J^ 

ne 
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ftepUno  accipias.  Vnde paradoxuni,^^  pnt- 
xis  dedttcitur  inuetiiedt  centri  peripherix. 
circularis  etiam  in  vacuo^^vcr.gr,  in  ere  cir- 
cttlari  alicuiusptitci  ,  cut  opcrtcndo  fit  ctus 
ferh.  gr.  planum  lig  t.  curri  circulare  aptum 
confirttere  .  Futa  injigura  Euclidis  putei  os 
ejfepertpheriam  ABC  .'fumptisduabus  ha- 
Gis,  altcracj-^ applicata ihi  AB  , (^ altera ad 
bi/itriationem  reiiangulam  cor.jiittttaope  norma  tn  D  ,  dimidium 
ptincJum  inter  partes  C,  £  fccantts  osputet  dat  centrum,  a  quoji- 
midiameter  habetur  de/ignadiplani  ctrculartspro  aptoputetoper- 
ctilo.  Alterum  modum  tnuentendi  centrum  in  vacuoputealisori^ 
vide  mfertns  adpropoftt.  8  hutus* 

JIV. 

FR03LIMA    IJ. 

Alijs  modis  inuenlrc  circuli  centrum, 

ALifer  etiam  dtti  circult  ccntrum  inuenics ,  /ifrdteriB  AB 
(jnfguaEucltdts)  alier&m  cttam  rtcidni  appltces  ineo-' 
aemarculo  ABC y  ah  alterutro  ttrminorum  A ^  'vel  5, 
eamtjiffcundAm  aptlicatam  fimiiiter  hif,.ries  adrtfics^  vtfacinm 
tU  in  AB  j  re£la  enim  fecundffm  appltcatam  fc  hifartans  fecabit 
re£tam  CE  inpun^o,  vhi  cfi  centrum  lirculi.  Ftde  exempliim^c^ 
'vfum  tnfiguraprima  Eiultdts  inprtpoJ/K  5  Itb.  4  elewer^t,  Ratio 
huius  operattomsy  acpraxis  cducftur  ab  hat  i  propofitione.  Nanz-t 
ex  hacccntrumctrcult  tii  in  ztraque  hifriante  applicatam;vni.^ 
citm  aiitem  efi  ciufdem  circu/t  centriim^trgo  necefjc  eli e/je  m •vno^ 
eodemq-^pun&o  mutu.e/i  clionis .  &c.  Vide  &  altter  centrum  in' 
uemre  tnJchoL  ad  1  g.  Vtde  Cadi^  hu.  Htnc  »- 


^5 
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5  V. 

"  COROLLAKIFMyfifprohlema  W. 
Centrum  grauitatjs  inuenirc,ad  mirifica,6cc. 

Suni^praxim^  tKodum  organicum  habes  inueniendi  eti- 

am  centru  grauitntis  w jfiguris^fel  tn grauihus  pUms^ 

aut  etiam  in  iineis  circulariter  curuis.  Sujpeditur  emm 

ex  aliqua  extremaparte  planum  datx  figurx  tta  ,  vt  Ithere  depen- 

deat  i  deinde  perpendiculum  demittitur  c pun£io  fufpcnfionis.y  & 

Jigtjatiir  [tneavbi  chorda^feufilmm  raditplanamfuperfitie.  Rtir.. 

fiis  ex  altaparte  extremafu/penditur  planttm^  &  c  ptinHoftfpen- 

Jionisdemiffum  perpendtcttlifilum  vbi  fecat priorem  lincam  in-t 

plano  ftgnatam ,  tbi  e(l  centrttmgrauitatis  i»  eiusfgtir.cpUno.  In 

figura  Euclidis  finge  pl.tnum  rircuLire  fu/penfiim  fujjeprimo  ex 

A-t  &  inde  a  fitoperpendtctiU  fignatamfutffe  i^G\fecttndo  fufpe- 

ftim  etiam  effe  e  C^  vndeperpendictdi  filtim  CF  Jecat  AG,  inpun- 

Bo  F,  ibi  est centrumgrauitatts ,  £lu^od attquandopropter  dtfsi- 

Qjio  dij-  miikritatemj  &  tnxqnalitatcm parttnm  tn  ptanisphyficis,  ejl  irt—f 

jeran      Igco  dtucr/o  a  ccntro/igtirx.  Attud entm  ej/  cffe  pfinctttm  ^aquoa- 

eefiti-Hn  qnipondcr.-.i/t  omnespartes (fjHodeJi ejfe centritrngratdiatis)aliud 

graitta-  gjp^  ^  q^g  ,iqiitdiitj.nt  omnes  extremxpartesfigttrx,  rjuodetl  efJL^ 

'"    ^    centrum  figt{r,€y/iue  tcrminoram  ^gurantitm ,  drc.  Demonl/ratio 

modt  prxdtc/i  intuniendt  centrum  gratiitatis  ett  ex  modo  geome^ 

Ratio  tricotnucmendt  ccnirumcircutt.,qucmdGctiimt:s in anteced.%%  2. 

^raxis     ^  ^.Cum  cnimgra4tia  ciTfo grauttatispcr  bretiiftmamfcrantur 

in  Diit '-  ^^^  cntrum  terrx.  erzo  ficcncrum  c/t  t»  (infizura  Euct.jCE,  dr  if* 

ifi  „,-^f.  AG  fignatfsatincadireclionts  ,  nc  dicamtis centrum grauitatis in 

tiitaiK.    ^raut  AEC  cfje  non  vntm,Jcdduplcx ,  dr  iu  duokus  diuerfs ptin- 

ctis dnarum  ttnearum  (contra ii m ma quod efi tnfcrtus  ^d ^^  huj 

neccjfe ctt  ejjc tn  CLmmitntpuufio FJeJceantium CE,  AG, &c,Cu- 

i:.'S tnucnti  crrUn  a^-Wirabttcs.  aeptttnmifint  zjiis,pr£cipite irt-J 

rii.:(htn.iitrf.itojOph'i.t,pttir,maq;ab  toaeducu/itttradmtrandc-J 

par.i- 
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fdradoxd,£luprtm  aliqna  vide  apud nosm  ^piar.^,prog,i.  Ih 
fguris  verocemrt  grAuttatts^vfus  ampltfsmus  geomttricuseli ad 
rccondtts,f>rafertimStereoifnetrtx,f,ictlUmc  conlirtteda^cogriofcen- 
da,  &c.  Vt  habes  apttd  nostrtim  Guldinum,  ^  aptidnosftpe,prx- 
ferttm  in  hoc  tertto  huitts  tA-rarij  Tcmo. 

§VI. 

PR03L£MA    IV. 

Aliter  3, 6c  ^circuli centruai  inucnire. 


H 


K./ihesaltumy  ac  tertittm  a  nobis  modttm  geometricum^  (jr 
erganicttm,  dr  demonliratiuttm  •,  cjuo  vciangttlire^i  tn 
fcmtcirctilo  cenjiru^i^rci  normx  bene/icto  tnttenias  dati 
ctrculi  centrttm.  Ji^uem  vtdeapudnos  intom.  i.  hui.  i^rar.%  14 
ad  ■^2.propeft, 

Vide  i^  4.  modum  inuenicndi  ccntri  in^  ^  ad  proprfi  p  huius 
irfcrius, 

§  vir. 

COROLLARIFM  IV. 
Ad  Archlmedem  de  -^quipond. 

QVemadmcditm  htc  doceturintientio  centriin lineabfa' 
rtate  applicat/im  in  ctrculo  •■,  fc  A^^chimtdesproprf  j^, 
primt  Jkqutpond.dcmonsirat  centrum  grr.uuatts  (uiufq\ 
s  triangult  iffe  tn  linea  ab  "vno  anguiorum  ducla^  (jr 
bifiriante  haftm  oppoiitam .  Ex  quo  imenitur  idccrtrumptr  mitm 
tu^m  feciione  duarttm  ab  angults  opPofi.xs  hafis  bfc'rianttiim\tux' 
taanteced.%:\.,  &  5.  Archimedijitlfragattonem  gcometrue  h.ite 
inebis  in  §41  ad propof.^lib,  6in  ipatte  zTomt-dimoijiira- 

uimnsy 
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utmus  eKtm  reffds  ah  mgulis  emiffas ,  &  bifarUnies  dppofitA  Ute^ 
ra,/ecare/e  in  cemmumpun6fo%^oddeinde  ^^,r<^himedes  9(ieH' 
dtt  fjje  centrum  grauitatis, 

§viir. 

Moralia  circa  inuentionem  centri  in  circulo. 

"A^  §  I  5  adprop.  3  2  li.\,hahes ah imetionecetriin  circulamei' 
ralia ,  ^pra&ica ,  dum  afprmat  Arili,  non  ejje  nijiviri  honi 
mcdttim  vtrtutts inuenire  ,  (tcut  meditim  ctrculijolus philo- 
fophus  Geometrtcus  ex  hac  i  pfopof,inuenit.  ^uihus  adde  adpra- 
xcn  moralem  &  fecjuentia.  J^iemadmodum  non  nifiperdecttffa-' 
tienes  (  qux  fi}ntilacr.tfunt  crucis)  reSfarum  inuenittir  centrum^ 
circuti  i  fc  &  meditim  virtntis  non  inuenitttr  nifi^er  aduerfa ,  ^ 
crticiantiiifenjitiuum  appetitu?n ,  qui  hominem  ahdrahit  in  extre- 
ma  vclexcedentta ,  vcl  deffcientia,  extra  re£idi  rationis  morale  id 
pnnc^umy  qitodcfi  in  eo:  ne  quid  nimis .  Igitur  duartim  quaftli. 
ncarttm dccu[?attone ^atq^cruciatu,  fuflinc, &abll:ine3y?;?ww»J 
homtnis  contineatur  in  ofjicio^  vt  profpera  modeste,  aduerft forti- 
terferat,  ccntrtimvirtuttsin  htimana  vita.  circulo  inuenict,eritq\ 
fdix  quatcnus  inter  homines  liccf,  perfcfit  fxttxfuturus  pofl  hanc 
vttam  deiatus pcr iineamreii.i  tn  vitadtrecitonis  adverum  vni- 
uerfi centrtmyqiiod eii  Deusyid fctttcet  Bonum,  quod  omnia_j 
appetunt,/«Ar/^?  cxordium  moratium  Nicomachtortim  apttd  Philo'. 
fophum  Pcripatiticum,  (^c, 

S  C  H  O  L  I  O  N     II. 

ETertio  veterum  Schoitorum  apud  Commandinum  adhanc  \ 
propofii.  Hoc  primum ,  inter  problemata ,  &  theore- 
m.itamcdiumeftjquatenus  enim  qUvrrere,  etiam  aliquo 
modo  laccre  proponit  i  quatenus  vero  non  in  faLtionem, 
fcdin  inuentionem  vbi  id,  proponitcontemplari.  ^'«- 
rit ,  &  unicmi  cciurtim.  &c.  pertinet  adgenuspro^  o/iitontim,qux 
Venfmata.  dicuntiir.  Vtds  ad  coroti.prepofi  5  tth.  1 . 

Pro- 
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PropoflT.  Theor.  T. 

Si  in  circfM  peripheria  dno  punBa  accipian- 

tHTi  re^a  illa  contiingens  intra  cir- 

cuiumcadet, 

Stocirculus  ABC,  &  inelus 
peripheria  accJpiacur  quas- 
cunqj  ciuo  pundta  A^B.Dico  re- 
dam  ,  qu3E  ex  A  in  B  ducitur  In- 
ira  c>rculum  cadere.  Si  non :  ca« 
dar,  f;  iieri  potcft,  excra,vc  ALB, 
6c  accipiaturcentrumcirculi  A- 
BC,  quod  fit  D,  iunganturque  DA,  DBj  &  pro- 
ducarur  OF  in  E.  Qula  DA-"  xqualis  e(i  ipfi  DBj  id:f.K. 
berit  &  angulus  DAE  angulo  DBE  xqualis  j  Vlropof. 
cumquetrianguli  DAE  vnum  latus  AEprodu-  ^^' 
dVum  fit  in  B, '  erit  angulus  DEB  maior  angulo  i/',"^'^ 
DAE  :  asqualesiuncautem  anguliDAE,  DBE, 
maior  ergo  elt  DEB  angulus,quam  DBEj^^  ma-  "1^'^' 
ior  aurem  angulus  maius  latus  rubtendicjmaius 
crgo  eft  DB  latus,  quaai  DE.  ^  At  DB  ipfi  DF x.  \fP"- 
quale  c(lj  maius  ergo  eft  DF,  quani  D£ ,  minoic 
maiore  ,  quod  fieri  nequit :  Non  ergoquoe  ex  A 
inBduciturextracircuiumcadit.  Si.nihceroilc- 
demusquodnecin  jpram  pcripheriam  j  caciec 
crgo  extra  .  Si  ergo  in  ciiculo ,  6^c.  Quod  opor- 
tuicdemonllrare. 


o 


Scho- 
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S  C  H  O  L  I  O  N     I. 

i\liter,acfaciUime  z  propof.demonftrarc,  acdc 
contacfbu  peripheriac  in  puncto  redae.  &c. 

Ecil  Clau/us  hanc  propo^tionem  eti.tm  affirmatitie  de- 
morjjtfat  ,&  corollartumex  eadeductt  de  circulo  tan-' 
gentc  Itneam  tn  fnico  tantiim puncio.Cuipar  csl  corol- 
lar.Buclidis tnftrtus c  \6 prop. hu» ^/iUtcrnosettam,  & breuiter 
hanc  eandem  zprcpo/^di  monliramus^pr£miffis ,  O'  fuppoftis  duo- 
bus,  (juorum  i:ognitioriem,ac  demnnslrattonem  iam  hahcs  in  z.To, 
htiius  £rarif  adpropuf.i 7,  §  i  o,& ad  ■^z  in S<hol.posi  §  1 8  fci- 
Itcet :  ab  eodem  punc^o  ad  eandem  rcctam  lineam  vnic;i_j 
tantum  pcrpcndiculaiisdcduci  poteft.d".Lineacirculum 
tangenSjtftperpendicularis  ad  diametrum,&c.  Igiturft 
'vel/t  aaner/artustangicirculumdlinea  in  duoSnis  ,  lel ptnrtbus 
puncits,fingc  k  ccntro  circult  dudas cjfe duas fcmidiumetros ad duo 
tlla  punBa  contaBus:  'vtraq^  ertt  perpendictdaris  adtangentemy 
per  zfuppoftturni  ergo  ab  eodem  centro  ducipojjitnt  ad  c.-,ndc/n  re- 
(lam plurcs perpendiculareSyContraprimurn  fuppofitttm  .  Tactus 
'tgitur  circuiaris pcrijhotiicjl im^notantumimetipuncio, 

§1. 

THEOKEM^. 

De  fph^^a  planum  tangente  in  pun(^o,ex  hac  2 

propof. 

»^"g     '  Hcodcfius  Tripolita  lih.  j.SphxriccrtinTpropcf.  3  demenm 

B       Jirat  ctiamplai:  i,ni  d  iph<xra  non  tangi  niji  in  vnicopunm 

JL.      fio,    Eius  dimorjiratiodeducipoteli ex  hae  2propoft» 

Eucl. C?  ex  tiuscirciiar.  apttdclauium  ,  atq\  ett^m  cx derr^Ofdinrm 

tione  Koli  ra  indicaia  irt  antci .  i  Jchol,  Cu  m  tnim  &pUnum  confiet 

auo- 
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tfuodammodo  ex  tnfimtts  defigrtshtlibus  reciis  liKtis  (^hxus  enim 
recfx line£pUna  prodruit ftperfidem^c^ circuli f.yratfo circa du^ 
metrumproducit  fphsratt^)  ficitt  fphxra  co::fl.ta  cor^cipttur  ex  infi^ 
nitiscircults  ;propterea  td^  quodw  antecedentifcho/,  dcmonfira^ 
tum  elt  de  contaUu  vnius  circud r.dvnam  ref/arn  ^idcm  va/ct  de 
re/icjuis  ctrcu/tsjph<era  ,  (-r  reUquts  itneis  p/ant  tangentibus  tn  eiH 
'  dempun^o.  drc. 

Vide  &  a/iam  demonf/ratinnem  gecmctricam  deconta&ibus  cir- 
tuliy  &JphxrA  inpuncJo,  tn  Schol.adpropoCx  8  hujnferius. 

S  C  H  O  L  I  O  N     II. 

Phyfica  demonftratio  de  contadu  circuli  ,  vel 
fphsraeinpun^fto.- 

VT  etiam  phyfic}veritatem  demonl/res  de  centacJu  circti- 
//j  vc/ iphjira in  vnico puncfo /tnettrecix,  ve/p/ani,  re^ 
/egeqnte  apttd noshibes  in  To.  i  hu.._y£rar,  addefin.  i  j 
§  5  >&  ^,  '^'bi  &  /cca  K^riftotelts  explicantur  circa  (or/tac/um^ 
circu/iinp/.ino ,  &  expenuntur  de  ctrcu/op.nado.\a  hucfacicntia^ 
circu/HS,n.& iphxra  funt  quafivnicus,jcuperpetuHS  angu/usperi- 
pherict  a  recto,  &p/ano  reccdcntts  vtrtnquCf  &c,  quare  nen  ntfiin 
tndtuifibi/i  congruit  ctmp/ano.  &c. 

§  If. 

Vfuscontadusinpuncfto  adAriftotelis  intelli- 
gentiam  contra  indiuifjbilia,&:  pro  miraculo 
geometrico  de  afympcotis. 

VSus  hutus  rpropof,&  corol/ar.ac prxccdcntium  innefiris 
hifce  Scho/ij  s  in/ignes  ,  ac  rnulttp/tccsfun  t ,  Indii  0  a/i- 
quos .  Artliott/es  in  aureo  /ibello  de  tnfccabt/ihus  /tm  is^ 
ffue  qtiodlinea non  corftat  ex tndiui/iht/tbus ,  dcmoriftrat  quod ,fi 
cen/laret  tx pun^/ts,itrcu/us  {angens  vbt  dtio  a/iquapunc/afe  co»' 

O      2  tihgunt 
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tingunt  in  Hnta ,  iuxtk  adnerfanum  ,  tar,geret  tn  duohusput^Bis 
lif7eam,coKtra dcmofjhatatxpjac  %^rc[-of.EHcl.Nos  voh in  ^p, 
^.progym.  \  ^tropof.  \,&  i  vttmur  hic  demonlhatis ad aernon.. 
(irandHmfcutU  pro  tyronibus  miractilum  tllud gcometricum  (cjucd 
ah  alt-s  tn  cot?icts ,  velex  conicis  difticibortbus  ambaatius  dtmonm 
firatur)  de Itnets  tnter  fe affmptotis  iam  rcfia  adreclam,qu(.m  rCm 
£taad  hyperboUcam  .  Ex  ctiatis  loas  Apiartorum  expediet  Docfo- 
ri^&  Jfiditort  Gcometricis proferre ,&  cognoji  cre  ea  exen.pla  aht" 
mitm  iyronttm  tucunda  rerum  inoptnatarum  cogmtione  aU  amo- 
rem  xM-uhemaiicartimfctcntiatum  excitantia, 

§111. 

S  C  H  O  L  I  O  N     iir. 

Conta<^us  in  puncto  intelligendi  in  abHradlio- 
ne  Gcometrica. 


V^ 


JrcaprAdicta  dc  contaflu  circult ,  'vel  fph.ira  in  punftOi 

exi rcenda  ejl ahliraclto  Gttmctrica  ^ de  qtta  nos  i»  capttt 

'vlitmo TrolcJ^omencon^tn lo.l.hu.  Aer.Nam  & linedpcr- 

fefilreft^x^  &  perfecte plana ,  &perftfte  ctrcttlariafunt  in  ideis, 

&  formts geovaetricis  in  animaconcepUs  ,in  qua  &  contafttis  ilU 

pri(Cift\  ac  perfccli  formanttfr .  De  quibus  Geometrtcus  Pbilujophus 

demonsirat ,  &  tntclligi  ndus  efi  dum  tn  f/gnts  extentts  verfktttr» 

S^dfab  abiiraftis  ad  coKcreta  phyftca  defccndas ,  &■  fcrttates 

Dkla-  ^'^^''^^•'''  &  tn  a!ji*-afto  demonltratasvelismaleriA ,  (eu  cjuantttati 

dwio-    phyJiiA  apphcare ,  difceprattenihtts  erit  locus  inter  phyfitos.  non  .n^ 

ms  pljy-  tn  qusmtraic  vhyficayifttmperftcterotur.dd..  vel  plana  fiint ,  ac 

flCiiL   flY-  i       -•  i  J  t  J 

ca  ctta-  f^"^"'^'^  '■^'  t-ic!us  ctiamjtu/t  inpur.  flcphylu  u ,  itii/i  in  qunntttate 
ti:i;  qua  mtntn.-.t  (^itidtni  Jtd aiuifibili ,  nch  auicm  tnj,unfto  acccfio  in  ab" 
ti-iutn^^  lirafttonc georf!€trt(e!,cjuar.dv cor.ctpiiur  /«',cuius  nulJa  pars  tft, 
iiciunt'  ^  '''^''-  '''■^  '<^  ^  ^^"Ifbtli  fecundttm  lengtiuutf.im  ,  ltiiiit:a,rnm^ 
georjiC'  prcfui.ditatiiin,  idcc(-;inc<itttj  i.U  .^fitidqtitd igitur  digladntitttr 
tiiiisze  tmer  J't phyJM  tiniitontaftusir. phyjaa  i^uanutut  fI'httoji>i.hus 


LiO- 
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Ceimetrtcus & pacat us,  &  animi fecnrus eflinter geometricam  U-  Qiutntt- 
iam  fuam  ahUradtonem  yvbi  demonsirat defguris  coHceptisper^  ^^"■^  '"?* 
fi£ie  circuUrtbus^  S'pUnts  perfcciis  conta6Hsin  punCio ,  idcll  in  ^^liJ^ ' 
indtiafibilftquod qutdem  non  extdat  aclu  in  quantitate  ilU  abfira-  dimfbi- 
iiaJigurarHmgcometricarUifedanimotantiim  defignetur,  Suan-  ^^tatem. 
titatts  entm  abslra6ius,&purus  conceptus  ejpntialtter  inuolutt  dt-  Ex  abm 
uifibtlttatem ,  nec  ex  tndtutfbiltbus  abCira&is  (hoc  eli  punSitsMa-  ftracHi 
thematicts ,  quorum  nulU  pars  eH ,  &  cenctpiuntur  non  quanta)  'r,  .''""* 
fertpoicsi,  aitt  consiare  quantitas,  eiifq\  diuifibilitaS,  Sed  omtfsts  rio  ppte(i 

difceptatorus,  accedamus  ad  aliqutd  morale.  conlfare 

etih  ab- 

ftrudit-f 

§  1 V.         »  quatitas 

Morales  contadtus.  Vir  bonus  circularis, 
6(  iphxiicus. 

Vlr  bonus  nonfolum  eff  conjiantia  quadratus ,  dr  cubictisy 
(yt  ex  Artjiotcle protulimns  in  antecedentthus  in  Jecun. 
t<jmo^&  alibt)  fed  etiam  ifi^vt  cecimt  Vtnujinus^  teres, 
atqj  rotunduSj  ctrculans,  &Jph(!crtcus  ncnjolum  ob  virtutev^ 
petficiamy  ,ed  tn  prtmts  qttta,  (vtcirculuSy  &  Jph^ra)  terrena  non 
tangtt  nt/itnpun^o  tieajsitattSy  delittaSy  &  Juperjiuam  abundaK' 
ttam  abijciens ,  vnaique  ajfeffu  a  terrts  adrxiestia  eleu^tuSy  vere 
a-}i'jc, tdji Sancius,  Ac  opportiini  SaniJorum Jotemne ,&  commu- 
nefestum  ceiebramus  in  hifce  i^ioucmbns  Kaledisdum  h<xc  Jcribo. 


rro. 
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Propon  Iir.  Thcor.  11. 

Si  in  circulo  reHa  c^u&^am  li  nea  per  centrunu 

^H&aretiam  non  per  centrum  duBambi'^ 

fecet ,  ^  ad  angulos  redos  ij,fani  fecabtt : 

£t  (l  ad  angulosre6ios  ipfamfecet,btfa- 

riam  quoo^uefecabit. 


E 


Scocirculus  ABC,&  rcdaquacda  CDper 

centrum  re^fbam  qaandam  AB  non  per 

cencrum  dmftam  bifecct  in  F.  Dico  quod  6c  ad 

ant^ulosredtosipfamfecet.Accipiaturenimce- 

trum  Ejducanturque  EA,  IB. 

Cumqj  AF,  FB  xquales  finr, 

communis  FE»  erunc  dux  AF, 

FE  duabus  FB,FE  xquales,ba- 

*  ^"■''P''/'-    V/^  I  \/      fi fq j  E A  ba fi  EB :  ^?  c rgo  &:  a n- 

gulus  AFE  angulo  BFE  asqua- 
liserit.  Cumautemrecftafuper  redam  confi* 
ftens  angulos  deinccps  arquales  feccric,  '^  recfliis 
b  defin.  erir  vtcrq,-  squalium  anguiorumtvterque  ergo 
AFE,BFEred:userit:crgoCDpcr  ccntruir  <  u- 
<5ta  bifecans  ABnonper  centrum  ducflani-Ck  .  d 
c  froH-  angulos  rcctos  ipfam  fccabit .  Std  lon  CD ad 
angulos  recflos  fctet  ipfam  ABjdico  &.  b:fcvarc 
ipfam,hoc  ert,  AF,Ft  aequaks  efTc.  'jldt m  con« 
ftrudlis,cum  EA,  LB  aequaUs  fint,  <  ctuni  &:  an- 

«uJi 
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guli  FAF,  EBF  aequalcs :  cft  autem  reilus  AFE 
it6to  BFE  aequalis :  duo  crgo  criangula  EAF,  E- 
l  B  duos  anguloj»  duobus  angulis  equaies  habe- 
tia,  &(  vnum  latus  vni  lateri ,  ncmpc  cotnmane 
EF  5 qurd  vn»  acqualium  anguiorum  (ubiendi- 
tur,  habcbic  6.  icliqua  btcra  reliquis  aequalia:  d.ropo/. 
aequakscrgo  funt  AF,  FB.  Si  crgojncircuio,  ^ 
6cc.  Quod  oportuitdemonltrare. 


6.1, 


rroponV.Theor.Iir. 

Simcirculo  duA  nHii  line^  fe  mntuo  fecent, 

nonper  ccntfhm  dt4CiA,fehifanam 

nonfecahnnt. 


t 


Sto  clrculus  ABCD,{n  co- 
queduas  i<.(Xx  AC,  BD 
non  pcrcentrum  dud-ac ,  fe  in- 
uicem  in  E  fecent.  Dico  quod 
^  fc  bifariam  non  fecent.  Si  fieri 
poreA, r^  bifariam lccent ,  fintq?  &  AE ,  EC ,  & 
DE.  BEcEquales,6caccipiaturcentrui"n  F,duca- 
turq5  FE  Ciim  ergo  \zdi\  quxdam  FE  per  cen- 
tru rn  Ju<5Va  redlam  quandam  AC  non  per  cen- 
trum  duclambifccct,ad  red:os^angulosiprJm  3.^^.3. 
fccabic:angulusergo  FEA  rcLtus  eft.  Hujfas  ^- 
cum  reda  F£  redtam  quandam  i^D  non  per 

ceii- 


/ 
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bproij.^.  cenrtr/im  ducHram  bifccccad  ^  angulos  re<flos  ip^ 
fam  fecabit  5  red:us  ergo  eft  FEB .  Oftenfusau- 
temeft&:FEArc(n:us:ergoFEA  aequalis  cft  FE- 
B  ,  minor  maiori ,  quod  fierj  ncquit :  non  ergo 
AC,  BD  fe  bifariam  fecanc .  Sj  ergo  in  circulo, 
&c.  Quod  oportuit  demonftrare. 


PropofuioV.Theor.lv. 

Si  duo  circulife  inutcemfecHennt,mnerit  ipm 
foTHm  idem  centrum, 

Vocirculi  ABC,C* 

DG  fe  inuicem  fe- 

cent  in  B ,  6c  C5  dico  ip(b- 

rumnonefte  idem  cenciii, 

Si  eft»  efto  E,  iungatur  EC, 

&  ducatur  EFG  vtcunq.  £t 

v^defin.  <^^i'3  E  centrum  eft  circuli  ABC,^  eritECaeqna- 

]^-J-     lis EF.Rurfus quia  E centrum  eft circuli  CDG,  ^ 

Mi-     erit  &  EC  a^qualis  EG.  Oftenla  eft  autemECx- 

qualis  EF-  erit  ig-mr  EF  xquahs  L.G, minor  ma- 

iori.  Quod  rieri  nequit.Nun  ergo  E  centruui  eft 

circulorii  ARC,  eOG.  Si  ergoduo  circuli ,  6cc. 

Qiiod  oportuit  demonftrare. 


Pro- 
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II: 


Propof.  VI.  Thcor.  V. 

Si duo  clrculi  interiusfe  contingant ,  nonerit 
illorum  idem  centrum» 


D 


VodrciiIiABCCDEfe 
tanganc  interius  in  C. 


bico  illorum  no  ede  idein  cen-  %^.f"' 
ii  trum.Sicft:  EftoF,iungaturque 
FC ,  6:  ducatur  FEB  vrcunque.  \f'l"- 
Cum  ergo  F  centrum  fic  circuli  ABC ,  '^erit  FC 
aequalis FB .  Et  cum  F  centrum  etiam  iit  circuli 
CDE ,  ^  eric  FC  aequalis  FE :  demonftrata  eft  aa- 
tem  &  FC  a^qualis  FB :  crgo  FE  jequalis  cft  FB, 
minormaiorij  quod  fieri  nequit .  NoncrgoF 
centrumeftcirculorum  ABCCDE.Siergoduo 
circuli,  6:c.  Qucd  demonllrare  oportuic. 


etia      t^j*      *C'54> 
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PropofVil.  Theor.VI. 

Si  In  diametro  circult  accipiatur  punSiumj, 
quod  centrum  nonfn ,  ah  eocfi  incirculum^ 
cadant  re^^qu^dam ,  maxtma  erit  in  (\uA 
eH  centrum^minima  reliqua.aljarum  verb 
propinquiorei ,  qusper  centrum  tranjit  re* 
motiore  femper  maior  efi.  ^u^  autem  tan- 
tnm  Aquales  apunHo  in  circulum  cadentad, 
vtrafo^  partes  ipfiusminima, 

ESto  circulus  ABCD,  diamctrus  cius  AD,in 
qua  fumatur  pun(5lum  quoduisF,  quod 
centrum  non  fit .  Centrum  autem  fic  E .  Cadant 
ab  F  adcirculum  redlae  qu^dam 
FB,  FC,  FG.Dico  maximameP 
feFA,minimam  FO:  aliarum 
/^  FB  maiorem ,  quam  FC  3  &  FC 
maiorem,  quam  FG.  iungantur 
cnim  BE,CE,  GE.  Ec  quia  om- 
a^,,^,y;n!Strianguli^duo  lacera  reliquo  maiora  funt, 
**•'•  erunt  EB,  EFmaioresBFieftautem  AEipfiBE 
«quar«s,5nt  ergoBE,  EF  ^quales  ipfi  AFimaior 
igitur  ell  AF  quam  BF .  Rurfus  cum  BE ,  CE  x- 
quales  fint ,  communis  EF ,  crunt  duae  BE ,  EP 
duabus  CE,  EF  aequalcs:  fed  angulus  BEF  ^  ma- 

ior 


t»  ax,  o 


PROPOSITIO    VIL  iis 

ioreftanguloCEF:  eric  ^  igicur  &:  bafis  BF  ma 
ior  bafiCF .  Eandem  ob  caufam  maior  eft  CF,  4'.T'^' 
quam  FG  ►  Rurfus  cum  GF ,  FE  malores  finr, 
quam  EG  ,  &  EG ,  ED  aequales ,  erunc  GF ,  FE 
maiores,  quam  BDj  communisaufcracur  EFj^  ^ 
reliquaergoGFreliquaFD  maiorcric.  Efter- 
go  F A  maximaj  minima  DF,  malor  aucem  FB, 
quam  FC,  6c  hxc  maior,  quam  FG.  Dico  fccu- 
do,quod  ex  F  du^  cancum  aequalcs  ad  circulum 
cadamvcrinqj  a  minima  DF.  ^  Confticuacure- 1^.1. 
nim  ad  E  redbse  EF  angulus  FEH  aequalis  angu- 
loGEF.ducacurqj  FG.  CumcrgoGE,  EHos- 
quaks fint ,  communis  EF ,  crunc dua;  GE ,  EF 
duabus  HE,  EF  aequales,  angulufq^  GEFangu- 
lo  HEF  ?qualis:/igicur  &  bafis  FG  bafi  FH  eric  f  propof. 
aequalis.  Dico  cercio ,  quod  ipfi  FG  nulla  alia  as-  '^' '' 
qualisex  Fadcirculum  cadat.Sienimcadit.ca- 
dai  FK. Cum  crgo  vtraqj  f  K ,  FH  ipfi  FG fic ae-  g'^A. i. 
qualis,  S  crit  6c  FK  ipii  FHaequalisrpropin- 
quior  crgo  ei ,  qux  e(^  per  cencrum ,  xqualis  cH; 
remociori,  quod  ficri  nequir.Vcl  fic.Ducacur  E- 
K.Cum  ergo  GE,  EK  xqualesfint ,  communis  h^^/.ij 
FE,  item  ^  bafis  GF  bafi  FK  ^qualis,  /  er't  &  an- 
gulusGEFanguloKBFaequalis:fedCEF^qua-  \r^' ' 
liseft  angulusHEFj  ergo  &HEFaequaliserit 
ipfiKEF,  minor  maiori,quod  ficri  nequit.  Non 
crgo ab Pplures  vna  ipfi  G F  aequales  ad  circulii 

P     2  ca- 
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cadunf,  Si  ergo  in  diametro ,  64c.  Quod  opor- 

tuicdemoniliare. 


ProponVIir.Theor.VIL 

Si^xtriiciircHlitm  acctptatur  punBumy  ah eo- 
que  ad  circulum  ducantur  re[i&  qutndam  li- 
neciiC^uart^m  vna  per  centrum  tranfeat^  r^- 
liquA  vt  lihet,  Earu  quidemj  qua  in  cauam 
peripheriam  cadunt,maxima  ejl  quA  ejt per 
centrum:  aliarum  verb  proptnqutor  et,  qu& 
percentrum  ,  remotiore  femper  maiorefl, 
At  eArumj(\u&  in  conuexam  peripheriarru 
cadunt ,  minima  efiqua  interpuni^ium  ,  ^ 
diametrum  interijcitur  5  aliarum  verb  qua 
propinqidior  minima  femper  remotiore  mi- 
nor  eji  .  Du^  autem  tantum  aquales  apun- 
ci&  m  circulum  cadunt  ad  vtrafq^  partes 
mimm^ 

Sto  circulus  A  B  C ,  extra  quem  accipiatur 
J>  puncllam  D,ab  ipfoqjducantur  recft^qu^- 
cam  adcirculum  DA,  D£,  DP,  DC,  ducaturq, 
DA  pcr  centrum,  Dico  quod  cadentbm  ad  ca- 
aam  pcripheriam  A  E  P  C  maxima  iic  quas  per 
cemtum  tranfic,  DA  5  minima  jquae  incer  pun— 
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(fbum  D,  6c  diameiruni  AGintcrijcItur,  qux  si\ 

DG  5  maior  aucenfi  DE ,  quam  DP,  &i  liasc  ma- 

ior,  quiiii  DC.  EaruiTi  ver6,qax  in  conuexam 

peripheriam  H  L  K  G  cadunt ,  femper  propin- 

quior  minimx  DG  minoreft  remotiore,  hoc 

j)  eft,  DKminoreft,  q'aamDL,6c 

hasc  minor,  quam  DH,  Accipia- 

tur  centrum  M,  iunganturqjM- 

E,  MP,  MC,  MH,ML,  KM.Ec 

cum  AM,  EM  '^  xquales  fint,  ^"^'^'^' 

Communis  addatur  MD  ^  eritq^ 

ADaequalisvtrifqiE  M,  MD5 

fed  £M,  MD  ^  maiores  funr,  b^ropof. 

quam  ED:  ergo  6cADmaior  ^'^''' 

cftquamED.  RurfusME,  AIP  aequaiesfunrj 

communis  addatur  MD5  eruntq^  EM  ,  MD  x- 

quales  ipfis  PM,MD:  led  anguius  EM  D  maior 

eftanguloPMDj  ^ergo&bafis  EDmaioreft 'J!?^ 

bafi  PD.Similiter  oftedemus  PD  maiorem  efTe 

CD.Maxima  ergo  eftDA,maior  DE  quam  D- 

P,&- Dp  maior  quam  DC  .Cumqi  MK  ,  KD^;:,^ 

maiotes  fint  qudm  MD , &  MG  .equalis  MK,;^  e  ax.  ^ 
eritreliqua  KDmaiorreliquaGD,  QuareGD 
minoreft  quam  KO,  eftenimomniummini- 
ma.Et  quia  line?  MK.KD  a  terminis  lateris  M-  f  ^^^^^r. 
I^intraciianoulum  MLDconftitute  funt,reruc 

illx  minores,  quam  ML,LC> :  funt  autem  MK, 

ML 


d  propof. 
I. 


zi.  I. 
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ML  xquales :  crgo  reliqua  DK  minor  cft  rell- 
qua  DL.Eodem  modo  oftendemus  DL  mino- 
rem  cfle  DH .  Minima  ergo eft  DG5  minor  au- 
tem  D  K  quam  DL ,  6c  DL  minor  quam  DH, 
Dci  nde  dico,  quod  a  pun(5lo  D  tantum  duas  ae- 
quales  in  circulum  cadant  ad  vcrafqj  partcs  mi- 
gpropof.  pimae.  i  Conftituarur  ad  Mlincae  MDangulo 
^'"'*  KMD  aequalis  DMB ,  ducamrquc  DB.  Cunn 
ergoMK,  MB  sequalesfint,  MDcommunis, 
erunt  duae  KM,MD  duabus  BM,MD  aequales, 
alcera  alteri 5  funt  vcro &  anguli  KMD,BMD 
4/1.  ?qualcs,  ^^  eruc  igirur  6c  bafes  DK,  DB  jequalcs. 
Dico  tertio  rcdt.ie  DK  apun(5toDadcirculum 
aequalcm  aliam  noo  caderc.  Si  cnim poteft ,  ca- 
dacDISr.  Cum  ergo  DK  (it  acqualis  DN5  6c  ipfi 
DKaequalisDB  jcric '&  DBipfi  DN  aequalis 
propinquior  minimx  remotiori^quod  fieri  non 
pofte  demonftracum  eft. 

Alitcr. 

T^VcaturMM.  Cum  igitur  KM  aequalisfit 
"^  MN,communisMD,  &  bafisDKxqua- 
w/:  lis  bafi  DM,  ^erit  dc  angulus  KMD  angulo  D- 
MN  aequalis:  fed  KMD  aequalis  eft  angulo  BM- 
D^crgo6cBMD^quaIscfitNMD,minorma- 
iorij  quod  fieii  nequic .  Non  ergo  plures  quana 

dux 


I  0X 


k 
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du«  a  puncfto  D  ad  circulum  ABC  aequales  ad 
vtrafquc  partes  DG  cadunt,  Si  ergoextra  circu- 
lum,  5cc.  Quod  demonftrare  oportuit, 

S  C  H  O  L  I  O  N. 

Vfiis,  &  Praxis  8  propofic.in  inuentione  pcr 
chordam  remldiametri  oris  putealis» 


E 


X  hAc%propoJttione  dcdticitur ,  <^  de- 
mondraturfTaxis  iKuenitndx.  dume- 
tri ,  &  /imul  centri  oris  aperti  alictt» 
iusputei,  Infigura  Euclidisjinge  cs  ctrculom 
rc  apcrtipHtei  efjl  NHPA.  chordulam  /Jp'ge 
tnpun^o  quohbctpertpheritt  velut  in  Kyquit 
chordulainfertafit  in  globulum  altquem  pet' 
foratum ,  ac  mobtlem  per  eandem  chcrdam» 
Tum  choruaprotenfa  e  K  ad latus putei  (ve- 
lut  adP,  vbt  globnltis  tangat  latus,  (iueperi- 
pheriani)  moucatur  ex  P  tn  E,A,  &  <vltra  A, 
femper  globulo  oram  cxtremam  radente ^^ 
fer  chordam  meate  longius,ac  longius  a  K,  donec  globulHS,vt  oram 
tnngat,incipiatper  chordam  accedere  verfiis  K;  tum  emmprimum 
chorda  incipiet  ejfe  minor  dtametro .  Itaque  chordx  quantitas  vbi 
desijt  crefcere.,&  incocpit  dccrcfcere,  ertt  menfura  diamctri  quxfitA 
in  oreputei.  Nam  ex  hac  8  propof  linearum  tntra  pertphertamof 
xtma  esi  dtameter .  Eaq;  dtmidiata  dat  pun6tum  centri^  (^femi- 
diametrum,  adctmis  interuallum  ducatur pertphsria  pre  ctrcHlo^ 
qiujit  nqualis  eriputei. 


Pro- 


iza  LIBER.     III. 

Propof.IX.TlKor.VIIL 

Si  intra  ctrculum  accipiatur punitum,  ah  eo^ 
que  ad  circulum  plures,  quam  du£  aquales 
refi^  cadant,  erit  acceptum  punHum 
centrum  circuli, 

'2^  Sto  intra  circulum  A BC  acceptu  pundlam 
D,ab  eoqi  ad  circulum  A  BC  plurcs,qaam 
duas  iqOlx  xquales  cadant,nempe  DA,  DB.D- 
g  ,-— ^^^^     C.  Dico  D  centrumcffecirculi 
'^JNri^^TX     ABC.Iunga:urAB,BC,birecen- 
^^'^      *  aturqjin  Er&:  F,6f  iunax  ED,D- 


FproducanturinG,  K,&H,  L. 

H  Cum  ergo  AE  aequalis  fit  EB, 

communls  ED,  erunt  duae  AE,  E Dduab.BE,E- 

YoXefi.  D  ^qualesi  eft ""  wcib  6i.  bafis  D  A  bafi  DB  aequa- 

^/;T^  Iis,crit^igitur5cangulus  AEDangulo  BED^- 

\/f"-  qualis  :  ^  reclus  ergo  vterq,-  ed'  fecat  ^ergo  GK 

dpropf.  jpfam  AB  bifaria,  5c  ad  angulos  reflos.Et  quia, 

ecw.  e  qaado  in  circulo  red^a  reclam  fecat  bifariam, 

a^oif-y.i  6c  ad  angulos  re-tos  jn  fecante  centrum  e(l  cic* 

culi.eiitin  GKccntrumcircuU  ABC.  Eadem 

raiione  centrum  cncinHL:  iScnulIum  aliud 

comrDune  pun<5luirj  ha  jent  rewl:.€  GK,HL  pre- 

cerD;  ergo  Dcentrum  circuli  ABC.Siergoia- 

tta 
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tra  clrculum ,  6ccet.  Quod  oportulc  demon- 
ftrare. 


I 


.  ?. 


Allcer. 

Ntraclrculum  ABC  fumatur  pundum  D, 
abcoquead  circulum  pluresquam  duaere» 
^x  cequales  cadanc  D A,  DB,  DC.  Dico  D  efTe 
ccntrum  circuli  ABC.  Si  non  cft.  Efto  E.&:  iun- 
<5ta  DE  producaturin  F6cG. -«Ert  autem  FG^^^^ 
diametruscirculi  ABC.  Cumcrgo  in  diame-17.  i. 
tro  FG  aeceptum  fic  pundtum  D,  quod  centrii 

circulinoeft,  ^erit  DG  maxi-bpvo. 
ma  ,  malor  aucem  DC,  quam^ 
DB,&  DB  maior  quam  DA5 
fed  &  aequaies  funt  j  quod  fieri 
nonport-ft.  Eergo  centiucir- 
culi  ABC  non  eft.  Similirer  oftendemus  quod 
praeccr  Daliud  nulium,  D  ergo  centrum  cft 
circuli. 


SCHO- 


lii 
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S  C  H  O  L  I  O  N. 

VTus  9  Propof.  in  inuentione  poli  datl  circuli 
iuxta  inucntionem  centri,  ad  ftyli  perpendi- 
cularem  eredtionem. 

ATtdeprofofit.huic  p.*  fiextra  circuluacclpiatur  pun- 
(fiu,abeoqjadperipheriamplureSjqnamduxte- 
quaksdeducuturjerit  id puuwium  polus circuli. 
Relege  qnx  habes  ad  imclltgentiam  nosir£  huiu/ceprot>o/it,%  3  .ad 
dif.  1 6.  in  tc,  I  .^,  (.y£r,  Ex  hac  ergo  g.  Bucl.  eleuata  a  nob/s  etia, 
Adpolurn circnlt^i/atet  dernon/Ir.ttio praxis,  quamin  Ap.  g,  Pro- 
p.  4,  cap./^,  num.  i .  tradtdtmusy  tc vmtterfalttcr pro  crefttohe^ (^ 
examinatione  fiyliperpendtculariter  erigendi,  velercfit.Vtde,^ 
adduc hucplttra  f  §  5  adprop. li^&^  l^ad propof.  ii,  ia  to^ 
l,hu,tA.r. 

PropoCX.  Thcor.VIIir. 

Chculus  chculum  in  plurihus ,  quam  duohus 
fundis  nonfecat. 


z  prop. 
10.    I, 


b  prop. 
II.   I. 


\ 


s 


I  fieripoteft.iecetcirculus  ABC  circulum 
DEF  in  plufibuspundtis  quam  duobus,vc 
A        -        in  B,  G,  F,  H  ,  iuncftaeque 
BG^BH^^bJfecenturinK 
^fiE  &  LjatqjexK,  6cLipfis 
'^     BG,BHad^anguIosrc- 
'a:os  dudtae  KC,LM,in 
A,  6c  E  producantur .  Cu 

ergo 
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crgoin  clrculo  ABC  recfla  quasdam  AC  recfla 
quandam  BH  bitariam,&  ad  angulos  red:os  fe- 
cet, '^eritin  ACcentrum  circuli  ABC.   Eurfus^^.^T 
cumineodemcirculo  ABCredi^a  qnaeda  NX 
re(5lam  quandam  BG  bifariam  ,  &  ad  angulos 
re^ftosfecct,  ^eritinNXcetrum  circuli  ABC.  5/3!' 
Demonftratum  autem  cft  quod  &  in  AC:atqui 
in  nullo  alio  pun(fto  ttO:x  AC,  NX  concurtut, 
quam  in  O : eft  ergo  O  centrum  circuli  A BC. 
Similiter  demonftrabimus  centru  circuli  DEF 
in  O  efle.  Duorum  ergo  circulorii  ABC,  DEF 
fe  inuicem  (ecantium  idem  cft  centrii  O:"  quod  ^^r^p- 
fieri  nequit.  Non  ergo  circulus  circulum  &c. 

Alirer.  circulus  ABC  circulum  DEF  in  plu- 
ribu5,qua  duobus  puniflis  fecet,  v  lin  B,G,H,F, 
Accipiatur  circuli  ABC  ccrrum  K,iunganxnrq5 
KF,KG,KB  Cumergointra 
circulum   DEF  acccptum  fic 
pur(firiK,  abeoqj  ad  circuld 
DEF  cadant  plures,quam  duae 
re(5laeacquaIesKB  ,KF  ,KG,^  ^rop. 
erit  K  centrum  circuli  DEF:  ^"  ^' 
fcd  eft  etlam  cetrum  circuli  ABC:duorum  ergo 
circuloru m  fe  fccatium  idem  cH  cenrru: ^ quod  ^ P'"p- 
fiieri  nonpoteft.  Nonergo  circulus  circulum 
in  pluribus,quam duobus punc^is (ecat.  Quod 
oportuic  demonftrare. 
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VtopoCXl.  Theor.X. 

Si  dfio  circulife  interius  contingant ,  reBa  li- 
nea  eomm  centra  coniungens  ,fi praduca- 
turt  cadet  in  contacium  circulorum. 

VocircLiIi  ABC,  ADE  inceriusfe  con- 
tingantin  A.  Accipiaciir  circuli  quidc 
ABGcentrumF,circuli  vero  A  DE  ci^ncruiii 
G.  Dicoquod  ,  quoeexG  inFducirur  fiprodu- 
cacur,in  cocacftum  cadat.Si  non, 
cadacalio,  vcFGDH,  iungan- 
turqi  AF,  AG  .  Cum  ergo  AG, 
^  G  F  '^  malores  finc,  quam  FA , 
hoc  eft,quam  FH  (^qualis  enim 
eft  FA,  ipfi  FH ,  eft  enim  vcraq^ 
cx  cencro)  auferacpr  communis  F3:reliquaer- 
go  AG  maior  eric  reliqua  GH:eft  autem  AG  ip- 
fi  GD^  asqualis:  ericergo  GO  maioriplaGH, 
minor  maiore  quod  fieri  non  poceft .  Non  ergo 
quaeex  Fin  Gducicur,  exira  conca(ftum  Aca- 
dcr.  Ergo  in  ipfum. 

Alitec.  Cadar, vt  GFC,  quae  in  H  producacur, 
cfropf.  iunganturqj  AG,  AF  Quia  ergo  AG,  GF  ^  ma- 
TdefiH.  '^''^^  siit,quam  AFXed  AF^^quaDs  eftCF,hoc 
»J-      cft  FH i  communis  auteratur  FG ,  eriique  aG, 

quam 


a  propof. 

21. 1. 


b  {iefi/i, 
if.i. 
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quamreliqua  GHmaior  ihocefkGDmalore- 
rit,  quam  GH ;  minor  quam  maior ,  quod  fieri 
nonpoceft.  Idem  abflirdum  demonftrabimus 
Ci  maioris  ce.trum  /ic  exrra  minorcm  circulum. 
Si  ergo  duo  circuli,&c.Quod  oporcuit  demon- 
(Irare. 

Pfopof  XII.  Theor.Xr. 

Si  duo  circuli  fe  fe  exteritis  contingant  reHci 
ipfornm  cenfra  conimgens  percont4ciunf 
tranfiott. 

DVocircuIiABC>  aDE  cangant  feexcc- 
rius  in  A.acciplanturqjcirculorumcen- 

tra,  quae  fint  F,  G  .  Dico  quod  qax  P,  G  iungir, 

percoracftum  A  tran- 
lear.  S5non,rran(c3t,  fi 
fieripotcft,  vt  FCDG, 
&  iunaantur  AF,  AG. 
Cumieitur  Fcetrum    ,. 

(itcirculi  ABC/erit  FA  aequabsFC.  Eccumif. 

G  fir  centrum  circuli  aDe  ,  erit  &:  Ga  ipf  GD 

squalis.  Oftenfa  eftautem&:  FAa^qualis  FC. 

Sunc  erso  F  A,  AG  ipfis  FC,  DG  asquales .  Qua- 

re  tota  FG  mnior  cric  jpfis  F A,  aG  •.  fed  &: ^*  mi'hpr»fof. 

nor  eft:  quod  fieti  non  poceft  ■  Non  ergo  qu?  ex 


Fin 
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F  inG  dacitur  aliorsii,  quam  per  A  contadtutn 

tranfic.  Si  ergo  duo  circuli ,  6cc.  Quod  oporcuic 

demondrare. 

ProporXIII.  Theor.Xir. 

Circtilus  circul^  in  plnrihus  punBis  vno  non 
tan^it,[iue  interius ,  [iuc  extenus  tangat, 

SI  fieri  poteft ,  tangat  primo  clrculus  aBDC 
circulu.  EBFD  interiusinpluribus,  quam 
vno  pun(5tis,  vt  in  B,  D :  6c  fumatur  circuli  AB- 
DC  cencrum  G,  circuli  EBFD  cencrum  H:ergo 
a  ^ofof.         .- K-^       rc(5la  centra  G ,  H  iungciis  ^  cadec 
'  '•  5-  (_  y     in  contaaus  B,  D^  cadat,6c  fic  BG- 

A^X:\  HD.  CumigiturGficcencrumcit- 
Ef-— ^-JdcuH  aB  3C,  eric  BG  aequalis  ipfi 
GDi  maior  igitur  eft  BG,quam  H- 
D^  multocrgo  maiorBH,quam 
HD .  Rurfus  cun)  lic  H  centrum  circuli  EBPD, 
aequalis  eric  BH  ipfi  H  Dioftenfa  efl:  auccm  mu^' 
to  illa  maior,  quod  fieri  nequic.  Non  igicur  cir- 
culuscirculum  incerius  in  pluribus  quam  vno 
puncftorangic.Dicoquocl  ncq,cxcerius.Sienim 
ficri  poteft ,  tangac  circulus  ACK  circulum  AB- 
DC  excerius in  pluribus  punftis  vno,  vc in  A,  6c 
C ,  iunganturq  i  A,  C .  Cum  ergo  in  peripheria 


cjr- 
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circ  ulomm  ABDC,  ACK  accepra  fint  quxcun- 
que  punaa  A ,  & C ,  ^» cadet  reaa  illa  coniun-  \_^[^^^- 
gen  s  intra  vcrumqi  circulum.  Sed  cadic  quidem 
in  circulum  ABDC,extra  verocirculum  ACK. 
^ Quod  eft  abfurdum.  Non  erao  circulus  circu-  ^T^" 
ium  extra  in  pluribus punctis  vno  tangit.Often- 
fum  eft  autem  quod  ncqj  interius .  Circulus  er- 
go,  6cc.  Q  uod  oporcuic  demonftrare: 

PropoficXlV.Theor.XIir. 

Inctfculo  £C^p.alesr€ciji  lincA  acfualiterace?j2 

tro  difiarjt .  Et ,  qu^i  ^qi^altter  a  centro 

dijlanti  xqHalesfunt, 


S 


Vnto  in  clrculo  A  B  D  C  recS^as 
AB^CDequales.  Dicoeasae- 
qualitera  centro  diftare  Eftocen-a;;;«po/. 
trum  E  ,  a  ^  quo  ad  reclas  AB  ,  CD  '^•'- 
perpendicularesducanturEF,  FG » 
6c  iungantur  AE ,  EC  ,  Cum  ergo  retta  EFper 
centrum  du(5tare(flam  quadaABnon  percen»  bprops/: 
trum  da(fta,ad  angulos  tedos  fecet,  ^  &  bifaria 
cam  fecabit:jeqaalesergo  funt  AF,FB.  Ergo  AB 
dupla  eft  ipfius  aF  ,  Obeandem  caufam  e(l  CD 
duFlaipfiusCG:^aEqualescrgofuntAF,CG:cu.^2^J; 
igitur^&i  AE,EC3equales{int,erunc&  quadra-  '^-i. 


ta 
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l/T^  fa  ipfarum  AE,  EC  squalia.  Sunt  autem  ci  qua- 
A  C  drato/,  quodex  AE,  aequalia  quac 
\  /f \  exAF,EF  (eftcniniangulusadF 
rcdus)c"i  antem,quod  ex  EC  ^qua- 
lia  funt  quae  cx  EG  ,  GC  (  nam  & 
angulusad  Gre(ftuseft.}Suntergo 
quxex  AF,  FFaequaliailbs ,  quascxCG.GE. 
Ciim  ergo  quod  ex  AF  aequale  fit  illi ,  quod  ex 
GC^funt  enim  AF.CG  aequales)  erit  &  reliquii, 

gdefi.  quotj  cxFE  ,  reliquoquodcx  EGxqualcrfunc 
ergo  EF,  FG  ^equales.  ^  In  circulo  aurem  aequa- 
liccr  a  cenfio  abefte  dicuntur  redle.quando  per- 
pfndiculares  excentro  ad  ipfas  ducflx  aequales 
fuerint.Sediamdiftent  AB,CDequalitera  cen- 
tro,  hoceft,  EF,EG(incxqualcs.Dico  AB,  CD 
aequales  eflc,  Ijrdem  confttudlis ,  demonftrjbi- 
mus,  vtprfUS.ABdnplamtfleipfius  AF,  &CD 

''p"'?/'ipfiusCG.Cumqj  AE,CExqualesfint,erunt  &: 
earum  quadrata  a:qaalia./>'  Sunt  ver6ei,qaod  ex 
AE  a;qualia  qux  ex  £F,  FA:  &  ei ,  quod  ex  CE, 
illa  quaeexEG,  GC*.  ergoquasexEF,  FA  Cunt 
illis  qu3E  cx  EG ,  CC  xqualia ,  Ciim  autcm  ei, 
quod  cx  EGacqualefic  quodex  EF(funt  enim 
EG,  EF  aequales;  cr.it ,&  reliquum,quod  ex  aF, 
reliquo.quod  exCG^aequalei^quaiesergofunt 
Ap,  CG.Eft  autem  'pfius  AF  dupla  AB,&  ipflus 

CG  dupla  CD,  xqu^les  ergo  func  AiJ ,  CD .  In 

(cir- 
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circulo  ergo  acquales  rei^aCj&c.Quod  oportuic 
demonftrare. 

SCHOLION,     inquo- 

'^L  E  M  M  A    pro  prop.i^, 

De  quadratis  xqualibus  a  lateribus  aequaljbus, 

&  aequalium  quadracorum  lateribus 

aequaiibus. 

CVm  igitur  &  AE  ,  EC  lequales  fint ,  erunt  &  qua- 
drara  jpfarum  Al:,  EC  «qualia.  Hoc^quodfine  con^ 
troHerJiapro  certofttpponit,  ac perje  notiim  Enclides  hic 
inprop.  1 4,  demonifrat  Proclus  in  comment.  2  o,  qnodest  adprop» 
A.6  Itb- 1  Eiem  pariter  cum  conuerjo.  Vtjiemuspro  Euclide  ,Jine 
alia  demdHratione  pattt  Iweas  xqnales  acjHaiiterpo/S^e^iaeJi  txqug. 
liaprodncere  quadrata .  Ac  niuho  magis/ivtarts  rcgula  apud nos 
vniuerfaiifstma  acperje  notA  ,  quAm  cim  aiibi  ,  tum  tnprimts  ih 
Epilogo  pUninutrico ,  &  tn  Breuiario  Stcreometrict  hahcs  tnjtne 
primdpariis 3  &  in  fecundapartehuiMsTert^  tomt,fctltcet  -.ab 
£qti.jUbus  prcdnceraibus  ^qu.ilta  furJ  produlia  .  St  trgo  line^ 
funt  <squales ,  ac  e£perpendiCHiartter ,  &  per  dquales  1  tas  motA 
funtjine  diilio  Aqnali.t/Lina  quaarata  produxerunt.Sic  &  dqua- 
liaproduiia  quadrata  rejoiuiiturin  ^qualtaproducentia ,  ideii  tn 
gquales  refias  motasper  ^qualcs  'vias.  Vide  cit.Epil,^  Bretttar. 

Adde  in  numeris oiteiftoncm ,  Sjtis  enttn  duhini  ^qualiHm 
radtcum  3 3 CiT"  2  xquaUa ejfi quadratu /^.^^^ /^?  (^  Aqu^iittm  qua- 
dratorurn  numerorurn  4,  6"  ^xquaics  tiji.  ratitces  2,d^  z?  .^u^.t 
propter  re&e  EucHdcs^fne  Mta  demonsirationt  fiij'poj'  it  timqua, 
fW(r/?///5/»?//;/..quaclrataa'quaIium  AC,  ECaqualia. 


Pro- 
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Propon  XV.  Thsor.  XIV. 

Incirculo  maxima  eji;  diametms :  aliamm^ 
'veyofemper  qnA  propmqtiior  eji  centro  re- 
motioremaiorefl. 


E 


3 
li.  t 


Stocfrculus  ABCDjCuius  dla- 
metms  AD,cenrrum  Ej  pro- 
pinquior  diamctro  BC  ,  remotior  fic 
FG.  Dico  maximameffe  AD.maio- 
froi>of.  rem  BC ,  quam  FG  ,  "^  Ducantur  enim  a  centro 
ad  BC ,  FGperpendiculares  EH  ,  £K .  Ec  quia 
bdcfin.  BCpropinquioreftcentro,remotior  FG.  ^  ma- 
Ifrope/:  ior cric  fcK.quam  EH  '  Ponaturipfi  EH aeqaa- 
5  '•  lis  EL,6c  per  L  ^ducatur  ipfi  EK  ad  angulos  re- 
iii.  (ftosLM;  quaducStaiuN,  iunganturEM,  E  V, 
,  EF  EG,  Cum  erso  EH  ipfi  EL  Ct  aequalis,^  erit 

C  propof.  ^  ^       * 

14-5.  &BCipriMNJ  aequalis.  RurfuscLim  AEipfiE- 
M.ED  veroipfi  ES  fitasqualis,  erit  6c  ADipfis 

iiropof  -^E'  NE  sequalis :  fed/ME ,  NE  ipfa  MN  ma- 

*°.i-  iorc:srunt:eritergo5c  AD  maior  quam  MN. 
Et  quia  du-ae  ME,  ENduabus  FE  ,  EG  asquales 

zpropof.  fiint,anguius  vero  MEN maior  angulo  FEGj.? 

'"'■'■  erit&bafisMNmaiorbafiFGtred  MNoIlen- 
fa  tft  xqualis  BC 5  ergo  6f  BC  maior  eft  quam 
FG .  Maxima  ergo  eft  diametrus  5  maior  BC 
quam  FG.  Si  crgo  in  circulo^  6cc .  Quod  opor- 
tuicdemonftrare.  ^i« 


me- 

remi- 
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§1. 

Locus  infignis  Arift.  in  Mechan.  de  remigibus 
hac  1 5  prop.illuriratus. 

^  V  Olt4it  demonHr/jtJue  h^cproPolitio  i  5  Elem.  qu&flio}7ewLj  . 

^^   qiiArtVt/i  meiiixnicaruTfi  apitd  Anfloillcm  ,  in  qua  ouxrit 

V,— /    inr  in  Kaui  remiges  medtj  plus  rclicjtiis  nautm  impchant.  „ 

Ratiomm  atitcm affert  quia  remiges  m cdij  hf.be m  longion m par-  ^^  r, 

tcm  remt,  ac magis didantem  ajciltr.o ,  tanquam  a  reKJtcntc^ueges  ma- 

ligamento  Jhie hypomoclto ,  Tacihus  autim potcntia motictpon-"*^  ''^''' 

dus,  quaKto  magis  ab  hyp emccho  diffitiriii  qtudcfiendtt  in  ante- 

cedentibus^tbi de  admirandis  circuhiatq;  htcknohts  fupponitur 

/atis  ab  cxpericntta  ccr//prcbatum. 

K^t  iirmdimor.f}rattegecmcirica{riam ocularts.autpalmaris  Demon- 

demenfioKihiladCccmetriitn.  rl.ilcfcthum ) eiuafirn.ctur aff.r-^  "'^''° 

J  t  ^  i     J  JJ       geome- 

tttm  de  fongtore parteremi  ab  hypcmccho  apua  rcmtgcsmecttos,  tncapra 
prodit  ab  hac  i  ^ pypti/.  N-ni  (if.fign.;  Buchdts)puta  circuhim  l>ofits, 
FL  CC  ejrcnatum\  hypomccha  tn  J\  M,  A,  B^,  C,  A',  Z) ,  C,  remo-  ^""Z^"'- 
rumpartcs  ab  hyport.  ocit^s  ihtra  nf.uint  tjje  ipfas  TK ,  c^/Z  ,  AE, 
BH)  Gl\,  AL  ,  DE ,  CH  j  quoniam  quxper  centrum  E  ipfa  K./iD 
lengiortsl,  quam  rehaux  .,  magis  ac  rtagts ,  qtiorecedunt  magis 
vtrinquc ,  tuxta  haxc  \  5  5  crunt  CT  dinndia  ipjhs  AD  ^  qiupcr 
centrum,  n.  aioradimtdt  s  c^.rum^quie  nonper  ccntrum  cunt,  ma^ 
gis  i:cmagis,quoremottcra,drc.  Ac proitide  remex  in  E  moucbit 
remi partem  maiorem  AE,  quam  tJ\4L,  i>et  BH,  at  multo  magis, 
quam  TK'-,partq;,  ratione  ex  alicrap  ?>  te  de  remigihus  mouchtibus 
partcsrcMorum  ad G ,N ,D,C.J^iod i-titcm no mmoitdctur ma.  „     ^_ 
gniimphilo/cphum  wjmul.ne  halluctnationis ,  mcdestius  erit  %'t  rifiotelc 
nos benigne intcrpretimttr  Ptrtpateticorum  Magistrum  ,  ac  dtca-  co"tra.j 
musrccleillum  rettoncm  aitultjfc  a  prtmo  genere  vectis  ,  quaji'*  iv-os. 
marejit  ^ondus  moHendum,Jcalmus,  cr  nsuisprohypimocho.  Na 
tanquam  /jypcmcc/ionjcalmus  fuHtncre  nitttur  r.ijt.  mpotcnttnifi 
remoquafiZcc7e,Jut  altero  extiemo  niti  nte  mottcre  m&rc  tar.quam 

R      z  pOfduy, 
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fondus  i  Accidtt  vero  vt  fiat  ^ermutatio  ,  &maris  aqnd  renitatuff 
^fcalmus  cnm  naui  moueatur  ccdendo  nifui  ^otentix  in  veffe. 
TLatio  veroficiltoris motiofits k  r.mtgibus  medijs  valetctiamiH 
ve^e  fecundt  generis ,  in  cjuo  qtianto  magjs  diflafpotentia  apon- 
derc  intercepto,  tanto  factlius  tnou(t»  drc.  Vide  Artdotclem  in  cit. 
/^qttxf, 

§11.   , 

Vfusopticuspropofitionishums  1 5. 

Adta-  ^  "W  ji^^  vfum  opicttm  htiius  j^  propofapudnosinJp.B, 

fphzrico    ■ 1   f^ogj^^'  I  -(^f  2  >'^^^  ^-^  ^'^f  I  5  demonifrauimus  a  dta- 

magis,     A.  -A  ph^nofphxrico  magts,quam  a  cubtco  dtlatari  angulum 
quam  a   'vtfortum.llluc  vif,  (^  huc  tr ah  sfir  ad condimentu,  &  quafpra- 

CUvlCO  w       .  ■  r*         ■  ■  l  -/ 

dilata-    ^^^  htitus  i^tnre  maxtmt  rnomenti^prnfertimproJenibHs.  Q-c. 
tnr    an- 

JIII. 


gnlusvi 
forius. 


Moralia  c  1 5  propoC 


^^1""^  V  ^  fi^^  ^^"  ^^'^^^^"^)&  ^"^^^  '^'^''^  ^-^  humani  aniMi-^ac  vere 
ter  ^  (iiii  I  ^^^^  maximus,  in  quo  Deus  Opt.Max,&  tant»  qutfque  maior 
Deovni  •*►  quanto  Deo propinr  ,tantominor  ,  quanto  ab  ee  remotior', 
Jierfi  ce-  qnemadmodumtncirctdomaxithaed  diametcr ,  inquacentrum, 
pinquilr-  ^  ^'i^f^^o  diametro  vicinior  reSla cft maior ,  tanto  minor  qunnto 
rninor  a  diametro  rcmottor .  Htzc  vere pro  animofoltda  ni/icotfli^ntur  e 
tamo,  gcometricts ,  eperam  Itidimus ,  mt  Le£tor ,  A  religiefojcriptore 
eo  ^remo-  ^^'^'^^  hiufuni  moralta ,  &pra^ica  ettam  in  theonjs  ahfira^is. 
tjtr.       Vttlifsima  emnittm  abstraflio  h^c  ef  a.  figuris  ad  Dettm, 

<J  1/ri  >#.  uK '^  <?>  <X  S  <X '^  3l  Jfe 

Pro: 
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Propof.XVI.Theor.XV. 

Q  UA  diametro  ad  angulos  reBos  ah  extremi' 
tate  ducitur,  extra  circulum  cadtt ,  ^f  in 
locum,  (\ui  inter  reHam  lineamt  (3  periphe  • 
riam  interijcitur,  alta  reBa  non  cadit .  Et 
femicirculi  angulus  omni  acuto  re^itUneo 
maior  efl,  reliquus  autem  minor. 


E 


Sto  circulus  ABC  circa  ccn- 

trum  D,&  diametrum  AB. 

Dico  re(ftam  lineam  ab  A  ipfi  A- 

B  ad  angulos  recftos  duclam  cx- 

tracirculucadere.  Si  non,cadcir, 

fi  fieri  poteft,  in(ra>vt  AC,&  iungatur  DC.Cum 

crgo  Da  fit  aequalis  DC,  erit  &  angulusDAC 

angulo  ACD  aequalis:  eft autem DAC >)< rccftus,  *ey  h^. 

redtus  ergo  erit  &  ACDrfunt  ergo  DAC  ,  ACD  ^'''''^' 

duobus  recflis  aequales,  ^  quod  fieri  ncquit :Non  a  popoi. 

eigo  qu^  ab  A  puniftoipfi  BA  ad  angulos redlos  ^^''' 

ducitur,  intra  circulum  cadit.  Similitcr  oftende- 

mus  quod  nec  in  peripheriam:  ergo  extra  cadic, 

vt  AE.  Djco  fcLundo, in  locum  intcr  A E ,  &  pe« 

riphcriam  CH  A  interiedrum  aliam  re<^;?m  non 

C3derc.Sipoteft:cadar,  vtFA,  ducatuiqjex  D 

ipii  F A  perpendicularis  DG,  Ec  ciim  angul  us  A- 

GD 
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£  G  D  rccHrus  fic ,  ^  mlnor  te<Sto  D- 

AGi '  erit  AD  maior,  quam  DG: 

eftautemDA  sequalis  ipfi  DH5 
A    maior  crgo  eft  DH ,  quam  DG , 

minor  maiorcj  quod  ficri  nequit. 

Non  ergo  in  locum  recfta  AE, 
&  perlpheria  CH  A  intcrceprum  alia  re(fta  cadir. 
Dicotertio  angulum  femicirculi recfta  AB,6c 
perjpheria  CHA  contentum  ,  omni  acuto  re- 
(ftilineo  maiorcmefTejrdiquum  veroperiphc- 
riaCHA,  &re(n:a  AEcontenrum,  minorem.  Si 
enim  eft  aliquis  angulus  maior  contentoreCta 
BA  ,  &■  pcripheria  CH  A  ,  minor  vero  contento 
periphetia  CHA  ,  &r^(5la  AE ,  cadat  inter  peri- 
pheriam  CH  A  ,  &c  tc€tam  AE  jinea  recfla ,  quae 
faciat  anguium  maiorcm  rc<fla  B  A ,  6c  pcriphe- 
ria  CHA  contentum  (qui  recftis  Hneis  continea- 
tur)minorem  vero  per»pheria  CH  A  A'  re(fta  A  E 
contentum :  at  non  cadir, Non  ergo eric  angulus 
acutusredlislineiscontentus ,  qui  maiorfif  an- 
guIore(fta  BA,&peripheriaCHAcontentOjne' 
que  minor,  CH  A,  6c  AE  contento. 


E 


Corollarium» 

^Xhismanifeftumeftre(5tam,qucediametro 
abexrremitateadangulos  re(5losducitar, 


cir- 
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circulumtangere,  6c  re<ftam  circulum  invno 
duntaxat  puncflo  tangere-.fiquidem  quoe  circulo 
induobus  pun(5bis  occurrunc^  intra  circulum  ^^,'"?"/^- 
cadcre  oftenfum  e(l .  Qux  ergo  diametro ,  6cc, 
Quod  oportuit  demonllrare. 

§r. 

Paradoxa ,  5c  admiranda  1 6  propoficionis ,  6c 
corollarijexea. 

Hi,<£f  1 6  ^/»////  libri  propo/itio  f£cuf}dtfstma  efip.iradoxo- 
ruf»,  &  corolUriornm  Admirandorum  ,  denjonfiratitii 
tamen  confirmatorH}v\qtiorum  explicattonem  dtim  ageO' 
mctrict  aiicjui  non  affcjuuntur ,  aut  ys  ahuiuntui ,  tncidu"t  inpa- 
ralogiimcs  faedtjsimos,  G"  ina>nbus  difceptatiofiibus  'vmbras  diuer- 
herant,  Plane  mirum  eflquemlibet  angulum  contacliis  quantunuis  Mira^ 
maximtim  effe minoremrecitltneo  angulo acuto quantnnuii mini'  anguU 
mOm  CMirum  elt  quantunuis  maximum  angulum  contacius  a  nulla  '     /\«,.I 
recia  diutdipolfe.  Mirum  efi angulum  fcrnKircult  quaatunuts  ma^  cxrcnlu 
ximiim  nunquam  .<quari  pcjje  angulo  recio ,  O'  qu/tntunuismini- 
mum  angulumjemntrcult  ejfe  femper  maiorem  qiioltbet  acuto.  Mt~ 
rum  angulum  contacius  e/Je  minimtim ,  ^  tamen  diutfJbtlem  tn  tn" 
finitiim.Mt  um  cji  angul  mjemtctrcuiitranfirc  amaiorttatefUra 
qucmltbet  acutum ad mtnoritatem  cttra,&intra reclum ,  ^  obtu- 
fiim^nec  tamen  ad ea  duo  extrema  tre per  medtum^c^ per  aliquAtff 
tqualitatem  aiicut  altquandoreii.  lineo. 

Mirus e(i in corolltrto eiufdcm  i6 propojitionis contncius  illein 
puncioy  nectamenex puncits  constare  quantitate  apud  omncs  Ge»- 
metricos phtlofophos  ,  quitn plitrtmis paradoxis,  acprtniipue  tn  tn- 
cfmenjttrabtlttattbus  altquarum  linearum fnpponunt  (neparalogf- 
zentur)  lineas  non  componiex  indiuifibtiibus .  Acpliira  alia  adrni- 
randapa  radoxa,  qiix  ex  hac  1 6  deducuntur.  .^oritm  aiiqua  "vtde 
apndcLau.adhanc  \6  {.xCardanOyf^  alijs.  §2, 
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JIL 
PARADOXFM  fmguUfe^^ 

;-  Ex  angulo  cotra(^us,quo  fit  vt  angulus  rc(5tus 

ad  acutum  non  habcat  maiorem  proportio- 

nem ,  quam  angulus  femiclrculi .  &c.  Nulla 

item  proportio  anguli  acuti  cum  angulo  fc- 

micirculi. 

jNuiti  hic  noH  omittam  plme  finguUre  furadoxnm ,  nec 
admodnmzinlgaium ,  lyfpice  figHram  Eucltdis ,  (^ 
iti  ea  tres  anguios,  acutum  DAC  ,  femicircuh  angulum 
J>A  H,&  refhim  BAE.Vt  acutus  DAC  cHpars  anguli/c micirculi 
ADHyfc&  ADH  estpars  " eB i  AUE ,  It*que angulus ac uius vl- 
detur habere propsrtionem inacjualtlatis tam  ad atgidumfcmicirm 
ctih,  quam  aday/gulnm  rcilttm,  &  angult  rc6it  adactittim  videtur 
ejfe proportio  maiorisinAqualttatiSy^jiiam angtili femicircult  adeu- 
dem  anguliim  ncutum;  tamen  resnon  (ic  habct.  Nam  actitus  non  ha- 
bet  proportionem ad angulum  femtcircult ,  quiaquantumtits  mui- 
tipltcatus  nonpotefi  xqitare,  'vel  fuperare  angulujcmicircult ,  iuX" 
ta  defin.^  li.  5,  acutusfemper  minor  eH  angulofmic  trculi  j  habet 
tamen  proporttoncm  citm  rccfo ,  qiita  multiplicatus  potefi  peruent- 
re  ad  quaniitatcm  rc&-i.  Ac  prxterea  (  quod  e(l  planc  paradoxirm-j, 
&  quaficontrapropof%  lib.  5^  mgulusreUus  mator ,  quam  angu- 
U/sfemtctrcuit  ,  non  habet  ad ucnturn proportionem  matorem  ,iiue 
tnaiorisin^ijualitatis  ^quam  augulus femtctrcult ,  quta  matcritas^ 
qua  angulus  rc&us  fiperat  maioritatem  anguli/cmtctrcult  miioris 
acutO')  cfi  anguius  conta£ius  CHAE.^ui  qiiantumuts  mulitplicatus, 
tsi(ex  hac  1 6)fen}per  minoracuto^jdcoi/^  non  habet  cum  acutopro~ 
Parado-  fortionem .  Vtdepro  nobis  Petrtim  Nontum  in  i^igebra ;  ex  cuius 
.vff  eon-  aifimaduerfionc  in  8  ^  ropol,  li,  5 .  Eiem .  pr^  dicfa  (tt.imjirn>anlur. 
tra  S  jf^^ nitquando  :  clatis  duobus  angulis  inter fe  intVqualibus, 
^''••''•^*  inaior 
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maiornonhabetmaiorein  proportloncm  ad  tertiiim  an- 
gulura  vtroque  dato  miaotQvn.P^radoxnm  e,\traSprop.  It,  5. 

5 III. 

PlurIformcsanguIiconta6Vus,  &  afymptot^n 
miracula,  etiam  duarumrecflarum  femper 
inter  fe  accedentium,nec  vnquam  fe  contin- 
gentium,ab  angulo  contadtus. 

P^  Aradoxa,  CorolUria  ,  &  vftts  miros  htuus  1 6  propofjjahes 
etinm  apttdnosin  Apiario  3  .^prxferttm  tn  Progymn.  5 ,  'vbi 
angt!lortimp<tradox.ipcrfquimttrjbidem  'vidc  lariasfor- 
f»as angulorum  contucftts .  Corniculartsde  quo  htc  ,  Ittnularts ,  fi- 
(iroidcsj  mixtiltneiy  curuiltnet.&c. 

In/ignisvero  apud nosvfus  eji  pro  theorematibus  ,  ^problc^ 
matibus,ad  mir.tctiltim  tlludgeometricumdc  Itneis  tnter  fe  ajym- 
ptotis-y in eod.Ap.-^.progym. i.&  2.  '^'bt aperutmusfontem  ajjmpto- 
t'j>n  ah  angtilo  conta^uspromanantem,  Vide  ctt.Apiar.  &  indz^ 
Tyronibus  afer ,  0  Geometrice  Docior ,  iucunda ,  &  admtrand-t-j 
Ceometrict  phtloJophtx,vt  in  eamabripiantur.  Ostendeprxfertim  pcr  -««- 
duasafymptotos  ettam  re^as  ducere  a  dtametro  adrefiam  circulu  g^iot  co- 
tangentem  ,quii  dttmprogrediuntttr per Jeciiones  circulorumma~  *f  "\  _ 
ierumi  '^^  maiorum  imtnuentitim  angulum  contacius,  mc  vnquam  ^i^  yro- 
tangenttum  extrapttn&um  contacius  in  extt  emitate  dtametrt ,  ef-  dutla  a- 
fictuHt  vt  reii^Jemper  prodttcix  ,  &  occurrentes ,  atq;  accedentes  ■'^'^2"'/^' 
femper  magts  ad  tangentem  ,  ntinqttam  eam  contingen  pofsint.  per  acce- 
ftdefgttram  Ap.^.prog.i'propof2 exquafaciUima olienfofit  ex  dejites» 
dngtilo  comKafius  re&arum  interfe  afymptotitn.  mquam 

tan%etes. 


§4: 
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§IV. 

SCHOLION     L 

'    AnguII  contacStus  omni  acuto  mfnorcs  etiam 
ad  reliquasfecftiones  conicas,prascer  circulu. 

'T  T  amflies  hdnc  fropofitioncm ,  &  Tyrones  traducas  et- 

iam  adcomca,  vide propo/idonem  3  i  lib.  i  xonic.  Apol- 

lon!J^iu£hxc  e(l\  Si  per  verticetn  fe>5lionis  coni  re- 

ifta  linca  ordinatim  applicat.^  c-Bquidiftas  ducatur,  feiflio- 

neincon,-inget,&  in  locum,qui  inter  coni  fet5i:ionem,&re- 

«^amlineam  incerijcitur,  altera  re^ta  lineanon  cadet./.'<«- 

^ueprxter  circultim ,  etiam  relifjtix  conicx  feSlioncs  habent  angu- 

Angu-  Itm  contaclus,  qui  minor  esi  omni  acuto  angnlo  re^ilineo.  In  'ver-' 

lus  coti-  ^;^  /.jn^  propofitionis .^^  huius  1 6  exgrdcofbate  rof  ti  iroi',  (^c. 

cnr  '^b-  i'>terprete$re6ie  vertuntXocwm  fpattam  anguiiconta^its  ,  vt in- 

ciis  af-    nuant ,  opinor ,  m.igni  Geometrict  Phtlofophi  Eu  cltdes  ,  cr  Apol- 

felletur.  /g^tKj  angulum  conta^HS  ,licet  minimo  quouis  refhltneomino- 

AnM-  '"^^'  ^/P  tarnen  quantitatem  ,  e.tmq;  diuifibilem  m  infinitu ,  Jinon 

Im  cm-  per  reclxs ,  &  refi-ilincos  angulos  ,faltemper  curuas  m.uorum ,  ac 

ta^tns  t-  maiorttm  circulorum  pcrspherias  tranfeuntes  per  tdempunSittm^ 

(if  contactus,  &per  angulos  contacfusfemper  minores. 

S  C  H  O  L  I  O  N     ir. 

Ex  vcrbispropoficionis  i6  patenccaufas  para* 
doxorumanguli  conta(5lus. 


N 


Otandxfunt  ratio^es  aliqux  p.frtiuM  propofi'ionis  1 6 ,  ivLj 
qua,  Vrimo  dtctttir  in  locum  inter peripheriam  ,  &  li- 

ncam 
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neamtangentemalia  reda  non  cadet,  CjUtaexEutocio  adat. 
3 2  prof.il. \.Apcllot/.  dua:  reda-  JinerE in  eodem  pundo  con-    Cu,- v- 
..tingeotcs  efle  non  poflunt ,  ia  vnam eahdtmqiie jciltcet ccinct-  mca  ta- 
deht,ac 'ut  altera  tNferior  fit  aprioretaKgeute  dilihicla  ,/ecet  nc-    '^  J,  _ 
ccjfc  cd ctrculiim  in  altercpuncfo,  fiquidem  {inqtiit  in  corclUr,  (^,,/;;   //, 
hmtis  ^«r/.^quicciiciiJoin  duobuspundjsoccurruntj  intra  "«'«. 
circulum  cadcrc  o/tenfum  cfl:  tnprop.i.hu.  Ac nota^vcrbaEucU- 
dis:  alia  recfia,  quafidtcat:  lequor  de  recta;  natn  de  curuacirculnrt 
non  ed  duhtum,per  dejcrtptionesfctltcet  matornm  circulortim,iSc. 
<i't prxdiffum  eli  th  fine  §  .^  .intecedcntis. 

Secundo  affrnjando  aigulum  jcmictrcttlt  effefcmper  omnireSto  q^^^  i„. 
minorem ,  angulum  cont  lius  minorem  omnt  acuto,indtcattnter  termtx' 
angulosillosmixtos  ,&  interrecitlincos  non  intercedcre  propor-  '"^^^^^^ 
tionern,tu.xta  dclintt./^ltb.  <^.li entm  eorum  angulorum  alter  mul-  ^^^^  ^,;. 
tipltcatus  nonpottH  aiejuare  nhcrjim,muito  minuspoterit  CKcedtre.  gido^  non 
quA  regula  est apud  Giomctras  cognofcendi  an  proporttofit  inter  J"  lj°' 
duas  quantttAtes, 

$vr. 

S  C  H  O  L  I  O  N    iir. 

Cauilladoncs  aliqux  contra  angulum  coracfliis 
proponuntur. 

EXquibus  notatis ,  &  intelle&iiverbispropofitionis  ^facilli" 
mo  negotto  foluuntur  quacunquc p.tralogtHtc):  obtjctunt  ali- 
qui contra  hanc  dcmonlirattonem.  Ptict.irtumqutdtmfatis 
egr  egte  Clauius  confutauit .  Vietapro  nebts ,  fcupottus  contra  nos, 
Cr  antiquos  Geometr.ts,  Refponfbrumiib.  8. cap.  \l,Juo de mcrc^ 
perobfcurc.  nos,  eiusnjcrbts  omifsis,  nobts  e.\  eoftc  opponemus. 

1  Angult ex Euctide  vel re&t , vel acuti ^vcl obtufi funt .  An- 
gulusfemicirculi  nec  obtufus  ,  nec  acutus  eH,  ergore&us  j  &  reli- 
quus  anguius  cornicularis  contaiJiis  ertt  imaginaritis. 

S      2  2  f^uan- 
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2  jQjf-Mtttas  anguU/peffatur  ex  arcii  arcnlarifubtenfo\  mtU 
Ins  arcas  metitur  cornicuUrem^  efgo  non  eli  angtilus. 

3  Vtdeiur  Vtetainnuere  cum  Peletariopropefitionem  i  HL  i  o, 
inxta  qHant,(iex  acuto  angulo  refHUneo  auferatur  maius,quam  di- 
midtum,  ac  rttrftis  a  relKjuapartc  maius,  ejuam  dtmidtttm ,  (icque 
eonfnue  ex  refiduispartibus  matus,  quam  dimidtum ,  tandem  rt- 
linqiietur  minor  angulus  re&^tlineus,  quam  angulus  contattits.  Er- 
go  non  e(l  minor  quoUhct  mintmo  re(iilincB, 

4  Cmn,  s  angu/i femicirculi/unt  £quales,quia  vt  omncs  circu- 
li  ,/ic  omriLS  fcmictrcult funt fimiks  j  fimtUtudo  'v^ro  ftguraruvt->, 
iuxtnprim.tm  definitioncmfe.\ti,fpe£latur  inprimts  ex  tequuUta ■ 
te  angulorum.  St  funt  omnes  anguU  femicirculdrum  Aquaivs,  crga 
(^rcUqin  ad compUmentum  recii ,  idesi  anguU  conta.6lus  omnes 
t^ripfijunt  xquciks;  ergo  neifunt  quantitas,  quia  non  imminuiiK~ 
tnr  in  mah  "tl^us  femictrcuUs^  nec  augentur  in  minorthus  \  quanti" 
tntts  vero  e(i  augert,  &  rhtKui ,  ReUqu£  aUx  aUqua  obtefiiones  ta" 
tum  innuenttir  iaftriusin  §  ^, 

§  vrr. 

s  c  H  o  L  I  o  N    V. 

Cauillationibuscontra  angulumcontadiis 
rcfpondttur. 

'-^nnli  V^      Efpondco ad  i.EucUdes in  definit,  p,  i  o,  1 1 ,  l  2  //^.  I, 

-^  ^''"   W^       defimt  tantttm an^ulos  ncltUneos ;  at  fub  dcfiiittionc  8 
i-aecon-    g   ^  '  '^  ,       ,         f         -^  . 

curfurw  ^*"   t^^nquamjub gencre  comprehendttetta  aiignltis  cttrui' 

?Yi.7rtrH   Uneos,  d^  mtxtifncos ,  Nam  ctiam  curtiarttm ,  &reftarum  Itnea- 

inearii,  y^^^  inpfmofe mutuotangentttim^&nonindincium iaccnttum 

aUtritis ad aUcr.im  estincltnatio,  ac protnde angidusUic  rccta  tan- 

gens,&  circulurts  adpunctum  cont.-i&us  i  cr.fciunt  angulum  mtx^ 

tiUncum.^ttnimmotndefinttione  7  antt  huf.i  3  Uiyjjabes dtjini-. 

tiDitem  expT  cjjam  mi.xtt  angnUportionts  ctrcuU. 

Ad  2 .  Arcusjubtcnfus  mettttir  angulum  refttUneun;.'t»de  nihil 

contra 
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}e^tr4  rKixttm  conta£lns.^t  madrfiodnm  fiegare  mnfotes  /t/^gu- 
Xfimftmidnult  effe  quAntttatem ,  licet  eam  non mettare  a^cufttb- 
tenjo^vt  recithnei  angult  quantitatem,  ^c. 

Adx.Eapropojltio  i  Itb.  10  intelltQoidd  est  de  cjHaniitatttyn-i   -^"^"'^ 
comparattoncy  cju.i  habearit  tnterje proporttonem  ,  tac/t,tuxta  acji-  q-   ^^,,^. 
nii.^Mb  j,  qu£mulfipli:.itxpofstntJetnuiccr/>fuperatt.Angulns  ta^hs 
eontaclusy  &  acutifS  ri  fft/tncus,ex  hac  1 6 ,  nec  fe  poffunt  tiquare,  '!""  "'^' 
nedumfupcrare.  Vidc  (^  fchoLon  Clauy  i^d  i  prop.h.  i  o  ter  /cv 

yid  ^.  Euclides  dcf.  \  Jtb.6  dcfinttjimiles  figur.ts  n  6iUtne.is  non  fn.^nr- 
folttm pir  £qualitatcm  angulorum  ,Jedetiam pcr  Ir.tcra preportio-  ^'""^'^^- 
nalta circa  angulos . £iu^ dLfinitio ncn .iptaturfiguris curut/tncisy 
ve/ftitxtis.  Inctrcults  in<cqtia/tbus  btfccitSy  /tcetjit pkoportto  /emi- 
feriphcrtA  mtnorts  ad  minorem  circu/um  laacm,  qux  jcr>.'tpcriphe- 
rid  maioris  aet  matorcm  ,  tamen  ancu/us  fcmtcircu/t  maioris  tnaior 
tfi  angulo  jemicircu/i  mi^ioris ,  quta  rninus  fp.it y  ad  rcffum  angu- 
lum  Jitperest  addcndum  angu/o  femicircu/i  matoris ,  quam  angulo 
mtnoris.  Pneterea  ex  dcfn.  1 1 .//.  huius  3 ,  fimi/ttudo  tn  circaloriim 
fortionibusfumcnda  ejl  non  e.x  sqnalitate  angu/orum  mt.\  torurn^ 
(quos poitionum  angu/os  difnttin  dcfih.  -j)  jed tx xqua/it-ite  an.. 
gu/orurn rccJt/tneorum  tn  tpfs portionibus-t^cjta^^ nihtl ad mi.\-~  ■^iS'^/'- 
tos  angu/os,  aut  contra  nosfactt .  ^c  qutmadmodum ,  iuxta  htc  .^^^  ^^. 
frxdt&a,  matores,  acmincres  ftnt  maiorum ,  xc  minorumfemictr-  nes  ,t,^Ha 
eulorum  angtt/tjic  (^  contaflus.  &c.  ^"- 

5  VIII. 

^SCHOLION     V. 

Prauaallquoruillatioexangulococacflusjquod 
quancitasconftet  exindiuilibjhbus,  repuha- 
mr.  Ad  lem  recolicur  abflradtio  ocomccuca. 


o' 


E 


X  antediflis pluuntiir  etiam  c.iuilialioncs  eorttm  ,qui  ex 
angii/o  cuntactus  arguunt  quantitatem  consiare  ex  mdi- 

utj:bt- 
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uijibilthns .  .^mdenim  ?  A»gidus  contn^tus  e(l  minor  mimmo. 

acuto  rc£lilweo,  ergo  efi  tndiuijibilis,  ergo  qtiot  anguli  conta^ius, 

Non^  ^"^ i'^'ditiifihilia  .icJti  3  ex  qmbus  quantitas ,  &c.  Refpon.  negando 

qviid-      confeqtienti.-irn.non enim  qtiidqtnd eli mintismtntmo  cH indmi/i-. 

quid  efl  bile  -^nam  comparattue  ■potell  ejje  minimum ,  non  ab/olttte ;  'velut 

■  1'^  '^-^  angnlifs conta^its comparatus cum altenus generis angido  ,  n, rnpn 

\  nimo.eji  acutoreBilineo efi  ,  exdenionQrattsi»  hac  iSpropof.minor  qai' 

^j^pl'    dem  minimo  in  inffnitum  actito,  tamea  in  fejpcciatus,  in  ea  etiam 

1,^  ^        mmoritate  refpeciu  nngnli  aiuti  rcfftlinei,  co^iprehcndtt  fpatium 

(c/i  loTTOC^grace  Eucltda')  &  quantitatem  ditajibtlcmper  circulC' 

_An"H~  ^ttm  maiontm  minores  angulos  conta^tts,finonper  mtnores  rt£ii- 

lus  con-  Itneos  angulos  actitos.A  fut  enimgeneris  angtilts  angtdus  quiltbet 

tactnsejt  ^^^^ dititditurx  a  refitltneo rc^tlineus,a  curutltnco  curtnlineus,  a 
dntijioi-  \  ,  . 

lesyera-  mixto  conta£ius  wtxtus  contaSius  .non  ergo  angtnt  corntcuiarts 

Itos    pi  centingenti^  indiuiCibilitasper  rectiltneu  argtiit  abfolutam  tndttii-' 

icneas.    ribtlttatem.&c. 

2  Denique  memcnto  Jemper,  iniTyro,quantitatisgeonietrica, 
nonphyficiS,  tdeli  in  purijsima  illa  mentis  absiractionCj  in  qita  ve- 
rttatesgeometrictn  regnant.  Ac  licetfortajfe  incrafsitie  qu.intitatis 
phylicte  locus  aUqms  cffet  rectaltneAtnter  tangentem  ,  &  curuam 
ctrcttltfuperficiem  dtutdendo  angulo  contactus ,  non  offictt  Geome- 
tr£  acuminafua  non  hebetanti  inertta  quantitatis phjftcx,fed  e  -^^ 
tuenti  inpttro  Itimine  abHractionts  j  tn  qua  per  rectam  dtiiidt  non 
pofse  angulitm  contactiis  iamdemonsfratum  ef, 

$IX. 
S  C  H  Oh  I  O  N     V/. 

iV23«/.tRcliquaealiqu3eleuitatescontra  angulum  con- 
i"  tadtus  exuflat^. 

circuli,  1  JS  ^  Eliqua  aiiquajoiumpropofitafuam  ahfurditatem ,  & 
tUeo  er  f~^  fotuttonem.arguunt.Velu!:Omnes  anguiifcmicircufi 
^^'if^f^        «ttto^h»  ftmt  mtnoresrecio^ugo  omnesfunt  aquales  tnterfe, 
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aepm»de  dfiguli  (omactus  kcc  additione  quonmlihet Jemtctr-   Sicmc 

culoritm  crefcHHt,  nec  fuhtractioKe  dccrclcunt  ,ideoque  non  rnnt  ^^&"^^ 

,,  /■/•^/r--      cotacfm 

qaantttas^  quatncrementa^&decrementa/ubit.  Tatentajjumptio-  ifcetmi 

num,^  tliattonum pafal9gia,cjr conclufionum  ettam  inhpyficofen-  norcs  a- 

fufaljitas;quas  argue  ex  antcpofitisin  hifcefcholijs  adhac  1 6.,Sui-  ^'^'''' 

bus  etiam  foluendis  %/idc  nos  tn  Jpiar,  7  prog  .^  toto. 

2   lofcpho Scaligero ex angulo contactus ,  ty"  Vieta  ex  nngulo  J"'l'*^ 

femicirculi  (demonfiratis  hicyalterocjuodfie  minor  omniacuto,  al-  fKcdes 

ttro  quodft  maior  omniacuto )  reprehendentibus  Archimedis  ra-  reprehe' 

tiocintttonem  in quadratura ctrculi, habes iam refponfiones a  nobis  '"^  "^  '' 

ad  ^c  defintttontbus  libri  5  .  Ex  tgnorantia  entm ,  velnonperce-  f,^  defin:^- 

pta  ta  acfinitione  male  infimulant  Archimcdem  ( ingeniorumphis-  ^Ha- 

nicem)  ignerantiiilegicx^  ac geometricx. 

JX. 
S  C  H  O  L  I  O  N     vir. 

Fx  prxdiL^tis  ad  1 6  prop.  hu.  lux  paradox's  ali- 

quibus  angulorum  in  Apiarijs  pliilofophiae 

Mathematicae. 

POff  pr^dicta expofttainteUiges,  opinor,  alia paradoxa e  no~ 
stris  Apiartjs,  quaficorolUria  inopixat^;fcilicet. 
I    Angulus recto  maior ,  necfuperans rtctum velmini- 
maqtiantitate  angufi  acuti. 

2  Anguliis  rccto  .tqualis,  qii i  compoftus  efi  ex  angulo,  qui  mi- 
nor  efi  reHo,  cr  ex  ar.gulo,  qut  rninor  c/Iomntacuto. 

3  /»  angulis  cxtrema  i  oucntunt.medtajtcet  copoftta  ex  extrc- 
mis,  non  conueviimt  cum  cxtrcrnis. 

4  Extreniafne  mcdjsiuxtafe pofta,vt  tranftusfat  ah  extre-- 
mo  adexiremumfne  mcdio. 

5  Ififinitt  anguli  contactus fimulftmpti  nonpoffunt  tRqtiart^ 
quantitatern  miiumi  angulircctiltnet,  J'tdc  expofitones,figuras,  & 

dcmon-        / 
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denionjlrAtionesprAdktDriimpAradoxornni  ex  a>JguU  contaetus  in 
citito  prog.  5:  toto  Apiarij  terttj^  'vt^JipHhlicus  es  Docror ,  audttori^ 
hnsiucttndamfnrias  admirationemi  ZT  hanc  \6froftOrnes. 

§xr. 

S  C  H  O  L  I  O  N     VIII. 

Pronoftra  Methodo. 

EX  antecedentihus  habes  'vnde  "Sideas  ^  amite  Lector((jHem- 
ndmodum  <^  alibi  in  anteced%vtdtlii^qHam  rectctn^ittueri- 
mus  methodum  nojiram geometricam  ,  in  qnaprxponimus 
tertio Itbrum /extum  cum  dcfintttonibus  qutnti.  Nam  nonfatis  re- 
ctepoffunt  explicart  ea,(ju.e  adangulum  contactiis  pertincnt  tn  hoc 
li.l.&Jolui  obiectafine  cognittone,  &  expofttione  defimtionts  4  //- 
brtejuinti  ,exqua  deducitur  ratio  curangulus  acutusrccttlineus 
quantunuis  imminutus  non  pojftt  /equarc  angulum  contingentia^ 
quiafctltcet  inter  dus  tllagenera  angulorum  non  eflproportto.Cla- 
tiius  ipfe  dum  refpondet  Peletario  cogitur  anticipare  aliqua.  non- 
dum  expltcata,  &  ex  /^(qus  5;  apud  eum  ef^ icfinitione  Ithriquin' 
ti .  In  quam  anttctpattonem  nos  non  tncidtmus  jn  nodra  methodo, 
qux  habet  ea*n  4  definttionem  expofitam  ante  3  hitnc  librum. 

Compar.xtiones  etiam  maioris ,  vel  minoris  tnifiqualttatispropor- 
tionum  tnter  augulum  acutiim ,  reffum,  &'femtctrculi ,  de  qtttbus 
Ad  hanc  1 6,  in  §  %)  requirunt  antefc  libros  5  .&  $.drc. 


Pr6- 
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Propof.XVILProbl.ir. 

A  daio punBo reHamltneam  dncere,  qH^da^ 
tum  ctrculum  tangat, 

Sto  pundl:  imdatum  A  ,  cir- 
culus  darus  BCD  Oporteat 
37^    autemex  pundto  A  re(5tun  du- 
cercqu?  circulum  BCD  tangat. 
Acclpiaturcentrum  circuli  B  ,ducaturque  AE, 
&  cenrro  E,  interuallo  EA  dcfcribatur  circulus 
AFG,&exDfe<5lae  EA  acWangulosrectos  du-  ^fro^^of. 
catur  DF,  iunoanturque  E8F,  AB,  Dico  a  pun-  "''' 
<flo  A  rectcina  AB  duct^meCTei  qaxcirculum 
BCD  rangat.Ciim  enim  E  centrum  iit  circulo- 
rum  BCD,  AFG.^erunc  cam  EA,  EF,  qaaui  E-  b^cfiu: 
D  ,EB  jequales.-duacergo  AE,  EB  duibusFE,  ^^'^' 
ED aequales f unc,  habenrque  angalum  E  com- 
inunem  :^erit  igiturbafisOF  bdfi  ABequalis,  cproiof. 
&  triangulum  DEF,frianguIo  EBA  aeqaale,re-  ^'^' 
liquiq  anguli  reliqu'.s:eft  igitur  ipfi  £ DF  aequa- 
lis  EB  A:ar  EDF  rectas  eft.eric  igicur 5c  EB  i  re- 
<5tus.  Eft  vtro  £B  ex  centro : ^  quas  autem  dia- 
metro  circuli  ad  redtosducfrur  redta  linea  tan-  ro\>'  k?. 
git  circulum:  tangic  ergo  AB  circulura .  A  daco  ^" 
ergopan<ao,  6cc.  Quod  oporcuit  demonftcare. 

T      .  SCHO- 
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S  C  H  O  t  I  A. 

i. 
Ouiformis  figurne  dffcriptlo. 

A"  ^^c  I  ']pyopof.  &'  nd  hancfcholtjs(iraduci-is  adcontAclnm 

iiiru<&  circulis  j  &c. )  habes  praxim  demonliratam  de- 

fcribeMds  oufformtsfgurx  in  Apiar.^.prog,  i  o,Prop(f.i^. 

Eius  figurd  %fus  in  %'arijs  artihus  di  .  lucuvda  altcjua  praxi 

perarcus  circulorum  maiorum  tangentiti  rntnores  leuatnr  ,fqiiod 

fiihrepat,  txdium  Tyrontbus. 

11. 

Opes  geometric2B,  ac  praxis  ditandis ,  6c  exer- 

cendis  contac^ibus  retftarum  ad  circulos, 

indicatas. 

Vlde  adcoscontaBus  ditartdos  Marinum  Ghetaldum  in 
fupplememo yipolionrj prebl.'^ ,& lo.Baptiliam  Benedi- 
6ium  tn  Epilioi.ad  Peirum  rtz.zamanum.  Magis  vero 
propri}fpe£iant  ad hanc  1 7  Euclid,{qu£  c/i dc  rcciatangehtej  ea^ 
quA  habet  Cardanus  dc  recra  ad  cont^iciuin  duorum  arcuiorurruj^ 
i^cacfunt  in  Schol.  Ciauij.Ex  ejuibus  K^uthoribus  habet  Geome- 
tricus  Docior  'vndepraxibus  mcundts  condiat  hanc  i  'jfiis  Audi- 
tortbus. 

IIU 

Tangentem  ad  circulum,  aliter.  6cc, 

ALiter  nos ,  acfacillim}  VKica  circini  diduciione  tange»* 
tem  ducimus  ad  circuli  punfium  irt  peripheria .  To,  i . 
hu.  •A.r.  adprop.i  2,  i»  Schoi.fttb  §  1 8  j  cum  vfttpropof 
3  I  hu.fedfne  anttctpattone ,  fife  tllac, 

j  Pro- 
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PropoC  XVIII.  Theor.  XVI. 

Si  circulum  tangat  linea  qn^dam  reBa,  a  cen- 

tro  autem  ad  ta^um  re^a  ducatur ,  erit 

illa  ad  tangentem  perpendiCHlarts, 


T 


Angatrecfla  quaedam 
DE  circuiu  ABC  in 

Clumamrque  ccntrum  F, 
-atqueab  F  ad  C  ducatur  FC. 

DicoFCad  DE  pcrpendlcu- 
larem  eCTe .  Si  non,  ducatur  ab  F  ad  DE  perpen- 
d'culans  FG .   Cum  ergo  angulus  FGC  recflus 
fic ,  '^  eric  GCF  acutus :  ^ CLimq,  maiof i  anoujo  ^  f*'?"/- 
maius  latus  fubrendarur ,  erlc  linea  FC  maior,  bp.^po/. 
quam  FG   Ell  vero  FC  ^  aequ jlis  ip<l  FBj  maior  [^j!f,i^ 
t\\  ergo  FB,  qaam  FG,  mmor  maiore,quod  eft 
abfuidum  :  non  ergo  Fo  ad  D8 perpcnd-cula- 
ris  cft .  Similiter  oftcndemus  praeter  FC  nullam 
aliam:FCtr^oad  DE  eft  perpendicularis,   Si 
ergo  circulum  cangac ,  6cc.  Quod  oponuic  de* 
monftraic. 

T     2  SCHO- 
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'    S  C  H  O  L  I  A. 


H 


/,. 

£y£r  1 S  propofith  videturpatere  ex  corolUriopropof.i  6. 
Sienm  dticta  adextremitm  diametri  ad  angulcs  rtctos 
tangens  e}f,ergo  ducta  a  centro ,  idiHfemidiameter ,  ad 

tangemem  ^^ adpiirictum  contactits ,e/ldf  tpfa^erpcndictiUrts, 

hoccH  ad  angtilos  rectos^  &c, 

n. 

Confirmatlo  geometrica  dedrculi ,  &  fphsei^ac 

contad^ibus  in  pundto. 


Hlnc  ,  iuxtadicta  nd 2 .  huius ,  patef  dernonfiratio  de  cir' 
culo,  <^  fpbxra  tangentibus  Itneam,  & pUh  u  it?  "vno  tan- 
tttm  puncto.Si  enir»  in  ditebus,icl plurihus;  ductx  a  cen- 
tro  adpttucta  contactuseJfent,cx  hac  i  Z,perpendtcuUresi&  aptW" 
cto  codem,tdtf}centro,pUres  ductpojfent  perpendicul.ires ,  &  con- 
Oittii  triangttU  habcntia  ires  internos  angulos  m.iiores  i  reBis. 
t^ix  siit  ab/urda,vt  habesa  nobts  in  1.T0.&  ir^  hjc  2  .hu.Aerartj. 


PropoC.  XiX.  Theor.  X  Vlf. 

S'i  redalinea  ctrculum  tan^aty  ^a  taButan- 
genti  recia  qnMam  ad  angulos  refios  duca^ 
turj  erit  in  iHa  centrum  circuU, 

-Tan- 
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T 


Angat  circulum  ABC 
rec^a  D£  inC,  6c  ex 
C  ipfi  DEad  anguios  redlos 
ducatur  C A  .  Dico  in  CA  cflfe 
D  C  £  cencrumcirculi.  Si  non  ifit,  fi 
fieti poreft, F,  iungarnrqj CF. Ciim ergo crcu- 
lum  ABC  tangat  rscta  D£,  6:  a  cencro  ad  tadiii 
du^ftdfu  FC,*  erit  FCad  D£perpendicu!ar'S:  ,3 
anguluscrgoFCErecfluscft  :  eft  vero&ACE 
reiftus:  aequalis  ergo  cft  aneulus  FCEanguIo 
ACE,  minor  maiori  5  quod  eft  abfurdum.  F  er- 
gocenrrumcirculi  ABCnoeft.  Similiterorten- 
demus  nullum  aliud  e(Te  ,  praster  id  quod  in  A- 
C.  Si  ergo  redla  Jinea ,  &c.  Quod  demonltrare 
oportuic. 

S  C  H  O  L  I  O  N. 

Praxis  alia  inueniendi  centrl  in  clrculo. 

HL^hes  ex  hae  1 9  modii,&  praxim  alinni  iKtteffiendi  cen- 
tn  tn  dato  arctiio,pJ\iter  rncdos  adprimam  kttins;  ctim 
ijihus  x'^ propoj .& Schel.ad eam .  Bifariata  fer^eridi' 
cuUris  dnctaadpttnctumcontAciksdat  xentrum  circuli. 


.  a  proi>r.f. 


Pro- 
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VtopoCXX.  Theor.  XVIII. 

Jnciirctdo  angulfts  adcerrtrum  ^uplus  eji  an- 

guli  ad  per'iphertam,quando  eandempe^ 

rtpheriam  probafi  habeni;, 

Sto  incirculo  ABCanguliis 
ad  centrum  BEG  ,  ad  peri- 
pberiamBACfuqj  vtriufqj  ba- 
fis  per  ipheria  BC.Djco  anguluni 
BEC  duplum  elTe  anguli  BAC: 
^dcf.n.  iundla  enim  AE  producatur  in  F .  Cum  ^  ergo 
'^''  E^oequahsfitipfiEB  ,erit  &  angulus  EaB  ae- 
qnalisangulo  EBA.  Suntergo  EAB.EBA  dupli 
^jroyof.  ipfius  EAB;  eft^autem  BuFasqualisduobus  E- 
''■'"  AB,  EBA.  EftergoBEFdupiusipfiusEAB^Ob 
candem  c^ufam  efl:  angulus  FtC  duplus  anguli 
EAC:rotuscrgoBECtotius  BAC  duplusclt. 
Sit  alter  angulus  BDC,  iundtaque  DE  produca- 
turinGi6c  fimiliterdemonftrabimusanguium 
GECdupIumcfTt:  anguli  EOC:  quo%mGhB 
dupluseftjpfiusE-^Bj  rdtqaus  crgo  BEC  da- 
plus-iritrdiquiBOC.  Siergoin  circulo,6cc» 
QaoJ  opouuit  deiaonftcare. 


b 


§r; 


in 
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Vfus  prop.2o  hu.indemonftrationepraxis.qua 
vnica  circinididu(5l:ionehorarJu  conliiuicur. 

VSusftn.  > 

guU- 
rishu' 
7US  20 prop.jtpu^ 
nos  eii  Qrxfertttft 
tn  cap.  ^prog.  i, 
Jp.^Jtn  defcrip' 
tione  horarij  ho- 
rtz^ontalis  vmci 
circiftt  didnctio-' 
fjc ,  quApimci  uj 
inueyiiutur  tali.. 
nea.  Aequtno  c7i.t- 
It  AB,per  (jint  dc 
ducntnr  iine^  ho- 
rartx  cuiujcunqi 
generis. 

Hic  &  i»  ap- 

fof.fi g.&  in  rnodo 

operadt  luhetex- 

prefsiora  ,  quiim 

in  cit.cap.^yippo^ 

nere  ,  ia  CjHtbus 

aperttfstma  appa^ 

ret  demonlhatio 

fxhac  20  tafin- 

gularts ,  acpcrii- 

(ilts  opcr.utonis. 

DucJa  fit  pr0 

AetjHinocftali  re- 

€fa  ABf  quitm  ad 

re- 
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re^os  in  C  fccet  aliera  DE.Surnfta  circim  diduBione  Itibita,  ve- 
lut  aditztcrtiaUitm  CD  ,  dcfcribattir  circa  certtrum  C  circidus  B-. 
EFG,&  immota  cadem  circini  diducfione,  ab  extremo  diametri, 
'veltit  ab  EyfiaKtfectiones  inH,  cx  H  in  /,  rttrsiis  ex  E  m  L,cx  L 
in  K .  item  eGin<^ ,  ex  MinN ,  rtirsus  e  G  in  P  ,  i  T  in  O. 
trit^^  dttiifus  arculustn  i  %part€s  xqu.iles .  Mox  ex  D  per  pit»- 
£ia  fcct<eperipheri,i  M,  /,  G ,H ,P /j ,L  ,K ,N  aptata  regula(pr.o  cjua 
htc  adexprefstonem  ,  &  theoncen  ,  duclixfurjt  recta:  ^  iide  vbi  ea 
fecet  rectam  AB  ,  i-clutin  ,§^R,G,S,B,  &  exalterapartein^T,  V, 
F  ,A,&  'vltrjt  A .  Ea  enim  pttncta  fmtyper  qttA  erunt  ItneiZ  hora- 
rite  tradttctndiK  in  obliqtiisfphxris  a  centro  horarjj^  iuxta  ea  ,  cjti/e 
prafcrtbuntur, ac  dempnl}ra?itur  in  cit .Apiar .g ,Prog./>^.c.  i , 2,  y, 

2  c^tod  aiitem  inuenta  eapuncfa  tn  Unea  AB  pcr  <untcam  cir- 
cini  dtdufttonem  retfolutam  tn  peripheria  DFEG^  fint pun6lale~ 
gittmaterminmtia  horarum  fpatia,demonliratur  ex  hac  20  prop. 
Dtiffis  enim  idcentrum  C  lineis  reStisa  punflts  Je^tionum  tnpe- 
npheria,  quoniam  fingult  quadrantcs  ctrctili  dii/iduntur  in  90 
gradus,  crunt  fi.;guU  terti,z  EP,  PH,  HG,  GI,  IlM  gradtium  3  o, 
fpatiumvero  'vnius horg,  eti graduu'»  15,  nempe  vnafextapars 
(jHadrantis,ac vna  24  torius  circuft.Cum  tgtttt*-  adccntrtim  C  an- 
guli  fi^/gult fi  t  dupLi  fiagulorttm  ad D,  quoniayr>  fpattumanguliy 
•verb gy .EC P ijubtenfi a  tt rna  EP^^quadratis  IzG^efi graa.  3  o  ,  crgo 
fpattum  fttper  eadem  bt(i  EP  anguH  E  OP  ad  circunferentiam-), 

erit  dtmidittm ,  tdc/i  (^raduum  i  s ,  idedvnius  hor£,  ac protnde  re- 
clx  AB  pars  C^tntercepta  intcr  angulttm  EDP-,eritfpattTi  vnius 
horx.  Panque mododercltquis parttbus .Sji,  RG,  GS^SB,quxtn~ 
terctpiunttir  intcr  iineas ,  qux  faciunt  angulos  ad  D  fempcr  dimi- 
dios  angulortim  aa  centrumC  ,&'c,  Eodcrnque  modo  adpartes  et- 
iamvlttaK^. 

3  o^f  vt  euidentitis  etiam  adtheoricen  tibi  conflet  j  mi  Tyro, 
fpatia^ln  et  tnxottatia^tn  re^td  A  B  cjfe  cx  protc  cttiris  xqualtttm  ar... 
cuum  comprehendenttum  quindenos  gradus^ex  D{tmmota  eadem 
circini  diductione  )  dttc  femiperipheriam  XCT  tangentem  in  C  re- 
ctam  AB,fient  a  rcftts  DB,  DS  ,  DG,  DR  ,  D^n  arcu  quadran- 
tis CT  jcctiones xqualtttm  fex  arcuttm C^,  .§^,BS' ,  St  ,IZ ,2.Tt 
^Horunifingulicomprehenduni  i  ^gradus  ,y^  arcus  dqualcs  opm  ■ 


tice 
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> 


IJ2 


iice  prdjfchttuy 
ex  D  inJpattA 
inxqmlU   fu- 

RG,  GS,SB,ar. 

cus  tamen  ex. 

tremusZY^ro- 

per  DT  paral- 

lelam  ipfi  AB, 

it  in  tnfimtum 

iltra  B.  Pari^ 

ratione  fit  in-> 

arcubus  Jex  £- 

qualibus  qua- 

drtttsCKX^- 

ieciis  in  tnx^ 
qu-iltaJpattiLj 
re^d  CA,  & 

vltra  A.^ua' 

refemifertphe 

rta.  t/t(juino- 

clialis  XKC^" 

T  njides  proie' 

Bam  in  rectt 

B  i'ltra  A  ,  & 

indqualiter  jp 

fuclts   horarii 

rite  diuifam  tt 

ex  \z  ^dquali- 

bus  arculus  ft' 

mtphcri&  XK- 

CST  ,  quamex 

duplo  maionb^, 

ac squalibus  \ 2 arcuhustotius circuli  DFEG,JeSfis  vnicacircint 

diducficne ,  qua  vnica  non  Itcet  fecare  femipertpheriam  XKCit 

in  \  2  arcus  ^quales. 

V  Scho- 
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SCHOLION     I. 

Fronoftra  Methodo. 

EX  hacfemis  expofitis  tn  mtccedenti  %  i  ad  hiinc  zopropof. 
patet  nefiram  methodnm  rccfe  insiitntmi ,  in  qua  mtcrpo- 
nimus  cognitionem  aliquam  ffhxrx  armilLiris ,  %'t  Tyrones 
intelligant  htic,  ^  alia  in  hoc  3  libro  k  nobts  applicata  ijibus  ali- 
quarim propoQtiontim.  Atque  htc  quidemgnonionicus  explicatus, 
&  demonsiratus  ex  hac  2  o  Ugnimtis  iff, 

$11. 

S  C  H  O  L  I  O  N     IL 

Aftronomici  obferuacorisaftronomicus  paralo- 
gifmus  ex  abufuhuius  20  prop. 

AA'  'vero  lcgitime  vfusjit  non  ncmo  hac  2  opropo/ittonc^ 
alij  iudiiarint .  In  crttico  circa  id  tudictofatis  crtl  ■vcr- 
ha  ipfa  proponere ,  ne  qtitfquamjufptcettir  nos  impcnere 
notamignorantiie  elementariA  hemini  ( licet  in  religione  fcfiario^ 
magni  nominis  in  Asironomicis  obferuattonib.  Is  inpraxi  dcfnon- 
(irandapro  ir,qutfitione  apogxiy&eccentricttatisjoiarts-^fii  fcribit: 
fit  in  figura  orbis  ilJe  ad  terram  cccentricus  5  quem  ioX  annuo 
itinerejCfquaJiqi  dudu  defignat  THLOjCuius  cenrrum  Z.Tcr- 
ra  vcro ,  Jiue  centnim  vniuerJi  niotctur  iuxta  E ,  ducaturque 
pcr  Ii^c  duo  Jinea  HZEO.  Pauloposi addnpro  consirufiio^ic^: 
ducatur  Jinca  LT  per  centrum  terra?  cadcns  priori  HO  ad  an- 
guJcs  rcdos.  PaHliopofi :  ab  Q^ducatur  Jinea per  E  in  P ,  qua; 
m.  QEPjConivcdaturq;  P  per  lineam  PT.  Hacienus  conliruciio. 
iHtnde  addtt:  Dimidiuai  arcus  RT  efficit  angulum  QPT ,  fiue 

EPT, 


I 
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EPT  5  fiqiiidem  Is  cft  iiixta 
circunfercntiam  circuli  du- 
plus  illij  qui  ad  centrum  ^  vc 
conftatex  elimcntis  geome- 
tr  icis.  ^HjtJitii  inter  menda  Ty^ 
fographica  : pixdiciorttmver- 
hortim  nuUam  corrcciionem^ 
intceni .  Kcstgttttr  qtiafitypo^ 
graphiam  mendofam  cmendc'^ 
mtts ,  iuxtn  dtrccitonem  httiits 
2  opropof.Eticlidis.  \  ,Angulits 
^lf-T  non  ejl  ad  centrttm  cir- 
culi  HLCyTp  r  confirn&ionem  eccentrni,cuius  centnm  esi  Z^  O" 
E  extra  centrttm,proftcrea  angulus  adP  licet  adcircunjerentiam, 
von  est  ligitime  coniparntus  ctim  angtdo  .^ET  quaficttm  angulo 
ad ccntrtimcircult  H LOT  ,  idcoa;  nthil  ad  hiic propofitto  hxc  20 
//.  Non  qui  q([  iuxtacircunfcrcntfam  circuii  dupluscft  iJhj 
qui  ad  centmm  f'dpror/7/s  contrana  ratione  docet,ac  dcmonstrat 
h.tc  lopropof.  Eucl.  angulum  ad  centrtim  ejje  dupltim  ang  uli  ad 
circiitiferentiam.  Dt/ce  rnalo  alieno,  mi  Tyro,  &  cattefine  alis  rue 
geometrice  formatis ,  i^  frmatis  te  adalttora  fudolias  ,  ne  f^de 
corruas ,  ^r malc fund.itxfubsiratiio-/icste  obrnant. 


Vfuspropof^o  inparadoxis  opcicis. 


ACcipectiam  vfitm  ,  (^praxtm  nofiramiiicund.im  oplica 
jigttr.iipf  Euclidis  applicih.tm^  fcilicet  modum  certum, 
d"  ficilem  fidcndt  obtecium  idern  duplo  mtntts  in  vartfs 
punciis  etiarn  accedcndo,  ac  rcccdendo.J^dJuntparadoxa  .  A.-im 
v.-riapur.cit  vtdentitrvart.tturaquantttatem  apparentem  obtccii, 
Cr  uccjfus  aufittrus ,  reccjf.s  imminuturus  .ipparcntcr  obtccitim-y 
iuxta opticaprincipia .'Kcmcuoxi ,  quia  apparcnt  rubangulo 
minoii ,  vidcnturmiaorajviciniora,quiafub  iiiaiorc  a:^i,uIoj 

V     2  niaio- 
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Remo  maiora .  &c.  tnfpicetamcnfiguram  EucLm  hac  roprofojitione. 


ttora-,  Cy 


^  acjinge  obn  ^um,  qiiodoppomfur  oculo^  e/?e  quantitatis  BC  eleua' 
ra  appa'  A  ^"^^  '^^>  '^^  oculus,  &  ohieftumfint  i»  eodent 

rentia^  /^'  k  ^""^  ^  piaao ,  (it  oculus  in  E ,  fpe£fet^  obic&umfub 

"auanTi-       (      \\\yV\\     ^"S.'*^o^^^ '  Vt  ohteetum  idem  BC  appA. 
tatis.  (        'J¥x   I  ]     ^^^^  ^^^^  duplo  minus  etiam  in  varifs punflis 

acccfsits  j  &  recefsiis,  fige  baculumperpendi- 
culariter  tn  terram  fub  E  ,  ^  haculofunem 
aftige .  Ad  qna  ntitatem  dt/ianti<e  EF  recede 
in  dire&um  'vfqtte  ad  A,  manu  c  hordam  vfqtie  ad  A  tendens.  In 
A  oh  e&um  BC  apparebtt  duplo  minus,  quiafub  angtdo  dtiplo  mi- 
no^^e,  qitam  angulus  ad centrum  E^vidcbittir  .  Dcindecadem/em' 
pcr  chorda  quantitate  EA  tensa  ito  tn  orbem  vtrtmg.^.  rcctdendo  ab 
K^,  vetut  tn  D,  vbi,  iicet  accedas  oblique  adpartes  C  obiccii  E ., 
tamen  vidcbitureiufdemquantitatts,  cutus  videbatur  in  A,ac p ^t- 
riler  in  quocunque  ftu  orbtculari  afpexeris  BC  ntifquam  auclius, 
velimminuttus  apparebit ,  qui.ifmper  apparetfub  anguli  adiiy- 
cunferentiam  duplo  mtfiorc,quam  angulus  adcentrtirn,  Contraria 
ettam ratione, immoto oculo  , verhigratia  in  A  ,^  obiecio chordit 
affixo,  &  ctrcHmdu£io,etiam  ii  accedat  octilo,  non  apparcbit  tArne» 
aiiciius,  &c. 


Propof.XXI.Theor.XIX. 

In  circtilo  qni  in  eadem  portionefmt  anguli} 
izqiialesftint. 


S 


Incin  portione  BAED  circuli 

ABCDanguliBAD,BED.DJ. 

co  illos  aequalcs  effe.  Accipiatur  CC' 

y  trum  F,  ducanturq,  BF,  FD.Ec  quia 

^       angulusBFDadccntrumeft,angu- 
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lus  B AD  ad  peripheriam ,  habentqj  bafirri  ean- 
dem pcrlpheriam  BC D , -^  erit  angulus  BFD  du- 
plus  anguli  BA D .  Ob  eandem  caufam  erit  an- 
gulus  BFD  duplus  anguli  BED .  Sunt  ergo  BA- 
D ,  B£D  cequales .  In  circulo  ergo ,  6cc.  Quod 
oportuit  demonftrare. 

•     S  C  H  O  L  I  O  N     I. 

EX  dcfin,  1 1  ante  hunc  Itb.  &  ex  noslris  ad  camfcholijs  con^ 
firmatorijs^  non  foliim  in  cedem  fvt  in  h.ic  2  i  fropoiit.  de- 
monsirattirjfcdetiam  infimtlthtis  circnloriim  portiombus 
angulifnfj  t  scjuales .  .^x  efi  contterfi  mflrA  dcmon(irat:onis  ad 
eam  defmticnem, 

§1. 

V  S  V  S    propofzi  - 

—  In  inftrumento  ad  arcus  quantumuis  maxi- 
mos  duccndos ,  fine  centro ,  pro  varijs  ope- 
rationibus  Aftrolabicis^Gnomonicis,  6cc. 


H 


Jbcszftm^G' praxim  ex  hac  2  I  demondratam  ctrcaid 
inlirnmentiim,  cuiits  figuram  pojntmus  in  §  9  addifin» 
l<^,in  I  TuJm.Aera.ejtio tnlhtimento fgnantur  arcus 
citinshbet  ctrcnlt  qiiantumuis  maximi ,  ctiius  centrnm ,  ^jerni- 
dtameter  fintimmenf  dillatiix,pro  aliquibus  operationibus  Aslro- 
nomicis^vel  Gnomoniiis,^c,de  qutbus  dictttm  efiinitto  citati  §  9. 
Nititur  enim  tdinfirumentum ,  ^  eius  operatto  dcrnorflratione, 
quod  ■■trcus  eo  tnflrtmento  ductusft  circtdaris,  quia  continet  iruj 

ernfH- 
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emnibus  fuifumtis  eundem  angulum  immottim ,  Ac  firmatum  ab 

iiiflrnmeuti  rcgulis^  &c,  Rcuije  illuc 

Vfus  prdpo{^2  r  in  Geom.pra!(flIca. 

Sus  in  geometria,  praffica  npudnos  ,  pro  i/u7icce0s  di~ 

Jl.tntijs  tribus  flmtd  dimetiendts ,  eji  in  Apiar.  1 2  ■tpro-' 

gym.  i.propof.-j .V tde ,&  h)c  applica^&  Tyrones  ea  opc- 

rationeinstruc,  o  Bo^or  geomctrafJtiucunde  obtineant  hanc  2 1 

fropof. 


§IIf. 

Vfuspropof  2  I  inopticoparadoxo, 

VStim,&'  appltcationemopticam  iucttndam  huius  21  pro- 
fofitionis habes  apud  Eucltdem  Opticorum  thcor.^'^, 
Vndf  po!ius,tanqfiam  afuprcmoMqi  anticjuifsimofon-' 
te,(]uam apofierioribrisOpttcis rhilofophis h.tnrtre  Itbuit  ^'vt tp^ 
femet  Euclides  fibtfit  hic  ornamento,  &  condsmento, 
Jgtturthcor.^'^  cst, 

Vaol-  -^^ a^'4>i^s locus,  vbl afpecftabili  minsnte,  ocu* 
tktm.       loverorranslatOiafp^jiftabilefwiiJper  xquale 

videtur. 

It:  enim   fpeftata  magni  udo 

BG,  oculus  autcm  C  a  quo 

^     •w-*'   procedant  radij  CB  ,  CG,  & 

circa  triangulum  BCG  defcriba- 

tur  circuli  fedio  BDCGjtransferacurq;  oculus  a  punAo  C 

in 


/ 
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in  piindumD,  ex  quo  ducantur  radij  DB,  DG,-a:quaJi9  cft 
igitur  angulus  BCG  angulo  GDB,  ciim  fint in  eodcm  kg- 
mcnto  circuli .  Quae  autem  fub  a-qualibus  angulis  confpi- 
ciuntura-quaIiaapparent.Qj.iaremagnitudo  BG  eiul'dem 
quantitatisperpetuoapparetocuIoperBDCG  circumfe' 
rcntiam  ve»^ato. 

S  C  H  O  L  I  O  N     11. 

MEmentoprrp  Jitioiies has  diiAS  ^o  ,&  2l  eJfetnSchol. 
2posi%  \6 .:d ^:ropof,in  i  par.  Towt  2  /^w  dciiu- 
cias  j  &  ex  3  2  pri.  dcmonjlrat.is .  .^.tre  cognitio  ea.m 
rttm  ( (]u<e  ifrbns pluriLus proi}fJt) pvtnit  thftrn  Tyronibus  etiam 
nnteii.T^tCuiuspropeJiiiombtis  anteccdcntibusnon  egent. 

§1V. 
Moraliaad  2  I  propof. 

MOrdcfol.itium  Accipe  ab  hac  geonretrica  2 1  .Si  qtiando 
acctdat  in  ccetthits  politicis  (pr.tfertir/i  ijs ,  qtii  fJHttt- 
ti funtlcgibus r.rn  hum.rnis ,ftd diuims ,  tu.Ua  (Jtias 
tura  aliquaettam  naturalia  t?i  di>iributiua  tijinia  ,  ob  cttuini  A'«- 
mtnisrcttcreiittatn,  rc/?itttunttir')Juvjm.irn  xqu.jlitatem  (cju.i  iu.\-    ^^1^^- 
ta rltntf  [ententiam in Panegyr.adTraiantim,  fitmma tn^o.ualitas  ^^gralc d 
(ii)  feruart  aparuinprudctiterpubticam  rcm  admintL  ranttbus\ij.^  Lcome- 
(juibus fn  tniurta contra iufiitiam  diftributtuam,  mcmiKerintJc^  'piJ\,-^_ 
effe  eum  cxtcrtsquafnn  eodcrn fcgmcmo eiujdcmfarntltix^cq-igeo-  ^,1,,^  ',-^ 
n.etricc,  Itcetjortaffc  non  bene  morate,  traciari,tuxta hic dcmon-  tmujh- 
flrata  de eodemjegmcnto,  in quo angultemncs^qn.ifihomtnesjunt   '  ^,      ~ 
in %>iciu,pcenis,pr£m!js (fi qu£ tamen fint) xqualcs;  citm tc.men i»  ^-^^ 
Jigmento  cwltjuprcmticltpfimet  Jngeit  (finon  anguli )fm  tnx- 
qudes )  ac  disiindt  /jierarchijs,  &c. 


Pre- 


a 
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PfopoE  XXII.  Theor.  XX. 

Qjiadrllaterorum  tn  circulo  defcriptorum  an^ 

gjili,  qui  ex  aduerjojduohus  reHis 

Aqualesfunt, 

Slt  in  clrculo  ABCD  quadrllate- 
rum  ABCD.  Dico  angulos  cx 
aduerfo  efle  ceqaalesduobus  re(5lls. 
„^,,.,f^  ^"^ZZZ^fi  I^i-^c^ntur  AC,BD. '  Quia  ergo  om- 
^-^-  nis  tfianguli  tres  anguli  duobus  re- 

(flisfant  oequales  ,erunt&:  trlanguli  ABC  tres 
CAB  ,  ABC  ,  BG  A  duobusredlis  aequales .  Eft 
hpro^of.  aurem  C AB ^icqualis  BDC  angulo ( func enim 
"*'•     ineadempcnioneBADC  )  6c  ACB  ipfi  ADB 
(funt  enim  in  portione  ADCBjriotus  ergo  AD- 
C  duobus  BAC,  ACB  aequahs  eft .   Communis 
addatur  A BC  duobus  B  AC ,  ACB  fimul ,  6c  vni 
ADCfeorfim^eruntque  ABC,  BAC,  ACBduo* 
,^,,,^,;.  bus  ABC,  ADC  aequales.  ^  Sed  ABC ,  BAC,  A- 
-'•'•    CB  aequales  funt  duobus  redis,erunt  ergo  &  A- 
BC ,  h DC  ajquaks  duobus  recflis, Similiter ofte- 
demusScB/^D,  DCB  acquales  eiTe  duobus  re- 
d;i5.  Quadrilaterorum  ergCj&c.Quod  oportuit 
demcnltrare. 


Pro- 
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Propof.  XXIII.  Thcor.XXr. 

Super  eadem  yeBa  linea  duA  drculorum 

portionesfimiles,^  tn^quales  ad  eafdem 

partes  non  con^ituentur, 

Slfieripoteft,  conftituanmr 
1' 


^  fupereademreda  ABdu^ 
circulorum  portiones  fimiles, 
6c  inaequales ad  eafdem  partes, ACB,  ADBj  da- 
(Hiaqi  ACD  iungantur  CB,  BD.  Cum  ergo  por- 
tio  ACB  fimilis  fit  portioni  ADB  , -  fuiiiles  au-  \,X' 
temportionesaequalesangulos  capiant,  erunt 
anouJi  ACB,  ADB,  xqualcs  ,  exrernus  6c  inter- 
nus  oppofitus  ,  b  quod  heri  nequit .  Non  ergo  kj.j. 
fuper  eadem,  6cc.  Qupd  oportuic  demonftrare. 


Propof.XXIV  Theor.XXU. 
Super  iiqualihus  reciis  Itneis  fimtles  circulo' 
rum  tortioneSi  <^qHalesjunt, 

.  ./---x  <^      Q  ^"?  fuper .cqua- 

/  \         //"^      >v      »3  libusrecbsA- 

^ ^^  ^^- ^^  i,  CD  fitnilescir- 

culorum  portiones  AEB ,  CFD .  D-co  ilbs  effe 
aequales .  Congruente  enim  porcionc  AEB  por- 

X  tioni 
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e  F  tioni  CFD,  pofitoqi 

/    X        /^^^^^^  A  pundlo  fuper  G, 

d- JA  ctL^ ^»6crea:aABfuperC- 

D , congruct &  B ipfiD ,  quod  AB  , CD aequa- 

les  fint.  Congruente  autem  redta  AB  redlaeC- 

D  ,  congruet  &  portlo  AEB  portioni  CFD, 

Quod  fi  redla  quidem  ABcongruatredaeCD, 

portiovero  AEBportioni  CFD  noncongruac, 

ledalio  cadat,  vt  CGD,  fecabit  circulus  cir- 

culum  inpluribus,  quam  duobus  locis,  vt  in 

a  propof,  C,G,D,^  quod  fieri  nequit.  Non  ergo  congrue- 

i0'5-    te  redla  A  B  redac  C  D,  non  congruet  por tio  A- 

b  defin.  EB  portioni  CFD .  Congruet  ergo,  ^  adeoqj  x- 

'•^-     qualis  illi  erit ,  Si  ergo  fuper,&c.  Qaod  oportuic 

demonftrare. 

S  C  H  O  L  I  O  N. 

Vfus  Geomecrici  prop.  2  4  circa  curuilinea; 

HAhes  2/^propoJitio»is  vfum  iucundunt/^facilern,  cjuetn 
Tyronibus  ofieyidas^vertendi  curuilinea.aliquA  in  re&u 
Itnea,  &  reittlinea  in mixtilinea ,  Aptar.  i.prxlih.  j, 
fropofittone  i ,  vhitriangulum  inquilaterum  verttmus  tnfiguram 
mixtihneamfalcatam^l  ^rop.  6{vbicurtdiin€umfubtotiicit/»m. 
€uliperipheriajimifrai}a  ^uadramtts. 


Pro: 
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Propof.XXV.ProbLlir. 

DaPaportionecircuU  t  defcribere  ctrcutum 
CHtPis  eff;  portio, 

8  C  ^^  ^^^^  circuli  por- 


^^^^t    O  tioABGoporteat- 
P  que  defcriberc  circu- 

I  um,  cuius  A  BC  fit  portio.  ^?  Bife-  iTi?"^' 
ceiur  AC  in  D ,  6c  cx  D  ^  ducatur  bprop^;/: 
ipfi  AC  ad  angulos  redlos   DB,  "' 
iiingaturqj  AB.  Angulus  ergo  A- 
DB  angulo  B  A D  aut  eft  maior,  aut  asqualis,auc 
minor.  Sirprimo  maior  ,<- conftituarurquead  A  cfro^of. 
retftae  AB  angulus  BAE  aequalis  angulo  ABD,  ^^''' 
producaturque  DB  ad  E,  6c  iungatur  EC .  Ciim 
itaqne  angulus  A  BEfit  aequalis  angulo  B  A  E ,  ^^P'"/"'/^ 
crir  6:  tBaequalis  ipfi  AE,&:cum  ADaequalis 
fit  ipfi  DC,  fi  communis  DE  addatur,eruntduae 
AD,  DE  duabus  CD,  D  h  acquales,  altera  alterij 
6c  angulus  A DE  angulo  CDE  jequalisjeft  cnim 
vterquerc(5tus5'  ergo  5c  bafis  AE  bafi  CE  asqua-  epr$fof. 
lis  erir,  Sed  ipfi  AEdemonftrata  eft  BEaequalisj"^'' 
crit  ergo  6c  BE  aequalis  ipfi  CE:  tres  ergo  A  H,E- 
B,  EC  aequalc-s  funt:/circulus  ergo  centro  E,6c  ^  ropof, 
interuallo  vna  ipfarum  AE,  EB ,  EC  defcriptus, ^'^' 

X     2  tran- 
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^^^     trarifibit  etiam  pcr  rc- 
/P^\     \    liqua  portionispii(fta, 
A      i>       c  5j  circulus  defcriptus 
crlt.  Circuliergoportionedata, 
delcriprus,e{lcirculus,  cuiuseft 
portio  3  6c  cum  cenfrii  extra  por- 
c    tione  cadat ,  manifeftumeft  por- 
tionem  minorem  efte  femicirculo .  Similicer  fi 
gexffrn  ABD angulus fuerit asqualis angulo  BAD,^ etic 
fr;;^.  AD  xqiuWs  vtrique  BD.  DCjergotre^DA^DB, 
^•'-      DC  aequjLsfunc,  &Dcentrum  circuli.portio- 
que  feaiicirculus .  Si  vero angulus  ABO  minor 
hpropof.  fueritangulo  Bc^D,^^conftituaturad  A  redtae  B- 
*^"^'     A  angulusBAExquabsanguIo  ABD^cadecque 
centruminDBlineamintraportionemABC,6c 
erit  portio  ABC  (emicirculo  maior .  Si  ergo  du- 
catur  EC,oftendetur,vt  in  prima  figara,tres  BE, 
E A,  EC  efte  aeqLiales,  Data  ergo  porcione  circu- 
li,  dwfcriptus  ell  circulus ,  cuius  eft  portioiquod 
oporiuit  facere. 


^i'*'/ 


'^WM^ltW 


§1. 
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i3y 


L  E  M  M  A. 
Vnius  circuli  vnicurn  tantum  eft  centrum.' 


c 


Jrcult  AIBC  (entnmfit  D 

^jfod^fncli  ejje  affirmo» 

Stt  ,pcr  adit£r/artum,pra- 

ter  D  ,  alterum  centrtim  veltit  tn  E, 

Iiingantnr  D,E  rccta  AB .  ^uonia, 

centrum  csi  D ,  erunt  AD  ,  DB  x-^ 

qualcsyiuxtaacjiyiittonem  centri,  ^ 

aretili.  Rurfus  quomam  ,per  adtier- 

fanum,  ettan.  E  ceKtrum  efi ,  erunt 

per  eandem  deffniiionem ,  AE^EB^ 

txqn.ilcs  i  at  EB  pars  efi  ipfius  AE. 

l^am  EBpars  ef}  iP/ius  DB  ,  DB  cli 

tsqualis  ipTiDA,  ergo  EB  efi pars  ip- 

JiUsDA  j  &  I)i^cftpars  ipfius  AE, 

trgo  multo  magis  eiufdem  AE  ^ars  eli  ipfa  EB.  fimt  ergo  AE ,  EB 

*cjualcs,  (:>~ uuquales-.quod tifnplicat .ergo  centrttmnon  e(i  nidvni- 

cum  D .  Stmtiitcr  de  alyspunclis  extra,  D .  , 

Dati  fegmenti  ABC  centrumrcperire. 

V»5i:a:rectiE  AB,AQqu«  non 
funtparalld£E,fecetur  bifa- 
riam  in  D^Ej  &  ex  D,  E  eri- 
gantur  perpendiculares  DF,  EF,  irui 
quibusnecelTarioexiftitcentrumcir- 
culi,  percoroIlar.primshuius,nimi-' 
rum  in  communi  concurfu  F.  Eodem 
n\odo  defcribitur  circulus  per  qucTJi- 

bet 


D 
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bet  afia  tria  pun(5Va  A ,  B ,  C ,  vel  etiam  circa  tr/angulum^ 
dutnmodo  pun<^anon  exiftant  in  vndlinedrei^a.CFr;^/»; 
her^eras  injuo  tMcUde. 

S  C  H  O  L  I  A. 

/. 

QVodprodulfaperpendicularesEF ,  T>F  concurrant ,  patet 
expY&mtJfo  lemate,  Cnm,  n,  in  vtriuj^jit  centrum,  &  vni- 
CH  fit  eiujdem  ctrculi,neceJf/irioJecatJe  in  communi  centro, 
//. 
■   yide  inferius  ad  ^i  huius  attum  modum  facillimum  inuenic' 
di ,  &  demonlirandi  hanc  2^perinuenttonemquartdproportio- 
xales, 

Ilh 
Hahesex  hac  a  5;  demonstrataspmxes  dedticendi  circulum  per 
triapunclajiquandotn  ijs  fuppojuimus hanc  EuclidpropoJt,tan' 
quam  lemma  poHutdendum  htc  Juo  inloco.  Veluthabes  tnad 
l6ii7,&cM0.6. 

§11. 

Vfus  varij  propor^  $  J 

t»  tria  I  ▼  Vcundand£Tyronibtis huic  25  propotitioni  faciet  edenftt 
funtfeLj  fi  praxeun  apud  attos  Jatis  lulgatarttm  .^  pr^Jirttm  apud 
ducere  J|     clautum in  Schot.ad hanc  z^j&ad  ^ propoJ,li,^,qutbus 

f^lf^i^f-perdatatriapun^a  dttcitur pcripherta circttlt.  drc. 

2  ? ariter tnstrtimenti vjiis demonUratus  e\  2  i  huiusi^de quo 
injlrumento  tn  Schot.  t  adeamprepoj.  nrn  antec.)  habet  praxint 
fro  hac  2  S  prop, 

5  Vjum  ettum  habes  apud  ttos  in  Apiar.  y  prog.  I  yCap.^,vbiper 
funiid  ductmuspertiones  ctrciitorum  pro  <iiformattombus  imagi- 
num  refurmatarum  inJpecultscytindncts.Vndepromas  TyrontbtPS 
iuctindanttahic  Euclidem,  4  Prtt" 
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4  Pr^terea  indmtHr  v/us  ettam  huius  2  5  pro  arcuhus  horaru 
in  quadrante  ducendtsfer  triapunaa ,  duo  cxtrema  TropicoruWt 
&  mcdtum  in  K^equtnoatali .  Vtde  eos  ,  qui  doccnt  eorurn  hora- 
riorum  de/criptiones^iuprimisCUmnm  inpoHremoltb,  Gnomon* 

~~~~~"~~~"  i.Mii    11      II    II       I»» 

PropoCXXVf.Theor.XXIir. 

In  &c[Hdthii5  circuVts  atjuales  angdi  dquatL 

bns pertpherijs  infjltint ,  flne  ad  cemra, 

pne  adfertphertas  injfjianp. 


/  A 


l 


A.  ^B^     "J  Nclrculls  asqualibus 

-^     ,        l/K^  f^    ^^^' D£F3equales 
j/^~A/        \/A^;  infiftant  anguli  ad  c0n- 
'^   -    ^        ^^^  ^  cra  BGC ,  EHE  ad  peri- 
pherias  BACEDR  Dicoperipherias  BKC,ELF 
asquales  eflfe,  lungancur  BC,  EF  Ec  quia  circuli 
«quaks  func,'^  erunt  &  qux  ex  cencris  sequales,  ^ «?«/?/. 
Duaeergo  BG,  GC  duabus  EH,  HF  aequalcs 
funt-  fed  &  anguli  G,  H  aequales  func :  ^  ergo  &  4.^^-^ 
bales  BC ,  EF  aequales  erunc.  Ec  quia  anguli  ad 
A,  D  aequales  ponuncur,f  erunc  porciones  B AC5  cpropoi. 
EDF  fimiles,&  func  in  aequalibus  recftis  BCEF^  "*^- 
^  quae  aucem  circulorun)  porciones  (imilcs  in  ae-  d proptf, 
qualibus  func  recflis  lineis^aequales  func:  portio*  *"**'• 
nesi,ergo  BaC,EDF  aequales  func.  Sunc  vero  & 
toci  circuli  aequales ,  reliqua  ergo  pcrlpheria  B- 
KC  rcliquae  ELF  aequalis  eft.In  ^qualibus  crgo, 
^c^  Quoddemonftrareoporcuic. 
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Propof.  XXVir.  Theor.  XXIV. 

fn  Aquatihus circulis anguliyqui  ^qualihus in» 
fiflunt  pertpherijs  ^/nquale  s  funt  ifiue  ad  cen- 
tra,ffue  adperiphefiastnfjtant. 


I 


N-^qaalibils  circulls 

ABC,  DEF  sequali- 

bus  pertpherijs  BC ,  EF 

^^' — ^^    infiftant  anguli  ad  cen- 

tra  BGC,  EHF , ad  peripherias  BAC ,  EDF .  Di- 

co  tam  angulos  BGC ,  EHF  ,  qaam  BAC,  EDF 

aEquales  e(Te.  Si  enim  BGC ,  EHF  aequalcs  func, 

ap^^o/.  'Jpcrlpicuum  eft  6c  BAC ,  EDF  xquales  efle.  Si 

bpVJp»/.  nonfuntjerit  vrusmaior.SitmaiorBGC:  6c^ 

^-'^'    conftituaturad  pundVum  G  re^lxBG  angulus 

cfrofo/.  BGK  aequalis  angulo  EHF:  ^anguli  aute  aequa- 

^^'^'  .  les  sequalibus  peripherijs  infilUinr ,  cum  funt  ad 

centra :  peripheria  ergo  BK  aequalis  erit  penphe- 

rixEF:  fed  5c  EF  asqualis  eft  BQ  ergo  &  ipfi  BC 

sequalis  eric  BK ,  minor  maiori  5  quod  fieri  non 

poteft.  Non  ergo  anguli  BGC ,  EHF  inasquales 

dfropo/;furit:aequaIesergo.^Eftqueangulusad  A  angu- 

^^■*    h'  BGC,  6c  angufus  ad  D  anguli  EHF  dimidius. 

c ax.  7.  '^ Sunc  ergo  6c  anguh  ad  A ,  D  aequales, In  aequa- 

^  *      libus  ergo  circulis,&c.Qucd  oportuic  demonft. 

§1. 


P  R  0  P  O  S.    XXVII. 
§1. 


i6p 


SCHOLION     I. 

Ampliaciones  propof  2  (^2/. 

ETiam  in  circulis  non  .-squalibusa^qualcs  anguli  fimi- 
Jibus  pcripherijs  infifl:unt,fiuc  ad  centra,  fiue  ad  pc- 
ripherias  infiftant.  Et:  in  non  a^qualibus  circulis  an*- 
guli ,  qui  fimillbus  infiftunr  periphcrijs  ^equales  funt  fiue 
ad  centra,  fiue  ad  pcripherias  infiftant .  .^ms  dtias  nodras 
fropojitiones  amfUitorias  duarum hnYHm  EucltdeaYu  l6,  &  i"]) 
demonfhatas  habes  tn  SchoUjs  noliris  ad  defnnt.  1 1  huius. 

Alla  apud  nos  Corollaria  ex  prop.  2  7  ha. 

PRjidiciisadde  ^  fecjttentia  apttd  nos  coraliaria,  quaaUqin 
altj  alitcr  demonlirant  cum  nece/fitnte  antecedentium  prO' 
fofitionitm huius  li.i^inprimts  2  zpropof. 

1. 
Si  a  circulis  detrahatur  fimilia  fcgmenta,  relioua  etiam  7-^^^^^. 
fegmeta  crunt  fimilia.Sic  &  de  s,xcn\[.\s.RcionAtur  hnjig.pro'  ma  I. 
poJ.i^.Detraiiistnirn  arctthns  (quosjingc  cjfe  arculorum  injiqna- 

liufM,  (jTpro  Aqualihtts  ejje  fimi- 
les)  BCi  EF,  quoniam  remancnt 
xqiialcs  angiii;  A  ,d;  D  in  reli- 
quisfgnichtts  ,  ergopcr  def.  1 1, 
C>  nojra  ad  cam  fi  hoiia ,  arcus 
BylC  3  EDCjunt  etian  fimiles-y 
.&  contra,  detraclis  BAC,  EDT:,arcus  Ch  B,  ELF Juntjmtles ;  ac 
etiamqtiia  anguli  dquales  ad  ccntra  G  ,  H  nlts  injiiiunt. 

■     Y  Si 


wa. 
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//. 
'Theorc-  Sj  duo,  vcl  pliircs  circuli  fint  conccntrici'j&  ex  commu- 
■ma  II.  ni  ccntro  ducantur  quotiibct  communes  fcmidiametrij 
arcus  inter  easintercepti  tv\iutCnx\[\{:s..^u.e propo/itto demd- 
lirata  eji  a  f?obts&in  §10  ^d ^prope/.likO,  &  itifchvUjs  noHris 
^d  II  defin  .hi!.Efi(j,boc  theorcma  rnagrji  tnomenti  pro  problema- 
tibttspriUtputSrirt  vtuutrfa  K^iirotimita. 

S  C  H  O  L  I  O  N     II. 

Problc-  X2  X  2"/  eiement.propojitiofte  ,  &noflra  ampliattone  habes  de~ 
JL^  THon^tratiDrjeni praxeosifurpatd ab  /ipcllor.tccirca  prcbie- 
ma: Dato  anguJo  a^qualem  ad  datam  redam  anguluni  co- 
ftituere,  Apuanos  tn%  i,&  2  adprep.z^  Itb.  i  .tUuc  iife,  &  ap- 
ponefnt^  2,pr£tcribicitataClautana,etiamnoslraad  defi».  il 
huius,}chol.  2 .  Ex  cjuibus^  &  hic  ab  Eucltde  poiitts  confitttiitur  da- 
to  angulo  ad  datxpuncittm  angulns  Jiqualis,etiamper  in^qualiimt 
fegmentorum  interuaiia .  i^cquaitbus  enim  ,  autfaitem Jimttihus 
fegmentis infiftentes anguitfunt  ^quates  A  3&D  i»  figurts ,  quas 
vtde  in  ctt.  §  i ,  C^  2  ^«a^  2  3  'pri, 

S  C  H  O  L  I  O  N     in. 

EX  eadem  2  7  habes  demonfirationem  praxeos  dticendarum 
paralliiarum,  quarn  dcdtmus  in  to.  \ .  huius  Aerary  adprff- 
poj.i  I,  §  %JOperationtm,  &  figuram imht  vide. &c, 

:§  I". 

Vfus  opticus  propof  2  7. 

VSumpropofiticnis  hic  2jopticum, nec fine paradoxoJiA* 
he  ab  Eiicl.Opttc.theor./^/^yvbt obic&um  idem ,  licetab 
oculo  modo  remotum,  modo  propius  octtlo  tidmotiim,  tX' 
mcnflmper  eittfdem  apparct  quantimis, 

Eft 


heore- 
Op- 
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Hll  locus,  vbi  manente  oculgi',  res  fpe^Slata  e    rw 
loco  in  locum  murata,  aequalis  femper       """  ^ 
apparet. 

Slt  rpeifiata  magnitudoBG, 
oculiis autc  Z  . a quo  pro- 
cedant  radijBZ,GZelfici6te5 
triangulura  BZG ,  circa  quem 
defcribaturcirculusBGPZ.di- 
comagnitudincm  BG  trasla- 
tam  in  qucmlibct  locum  cir- 
■  cumfercnti.v  circuli,  eiuldem 
quantitatis  femper  apparcrc. 
TransferaturcnimBGmagnirudoin  GP,&conc(ftaturre- 
cT-a  PZ.a^qualisigitur  cft  circumfcrcntia  BG  ,circumferc- 
tia'  GP,  ob  idq;  a;qualis  cft  anguJus  GZB  angulo  GZP  qu:E 
autemfub  rtqualibus  angulis  ceriiuntur  a^qualia  appa- 
rent,^quaIisergo  apparctGBipfi  GP. 

§  IV. 

Corollarium  cle  angulo  retlo ,  qui  infiftit  qu^- 
dranti,  &  — 
Praxis  normx  examfnandae. 


/. 

OVaiiCirollar^'  loco  dcducttur  ex  2j  iiKgul/fW ,  qui  infiflh, 
^  undr^inti  ,  ijje  recrurn^NAmfijingai  m  ^fg.propodlio- 
ms  %"]  EucLeJfe  qu.xdrani.em  Ej-\  tdcH cjuartaw  partem 
peripher.-iQ  totius  ciiculi  diuijs  m  tjnatucr  xquales  partes, 
tttam  anguli  ad ccKtrum  infifioites  crunt  &  ipfi  quaruor  interje 
ifqualeSy  hoc  e&JinguHJinguits qnady^.ntilus  injiile/jtiserunt re- 

Y     2  cli 
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cit.  ntnn  ex  ijs^  fjUA  hahes  ad  i  •^propof.lib .  i,  /fmtuor  rtcti  occu^ 
pmt  totttm  Ipatium  adpimcfnm  ce/itn;&^iuxta  explicataadaxio- 
tna  \  o,  omnes  rc&ijunt  aquales.&c, 

11. 

Ex  hoc  corollario  habespraxim  examinandi  normam  .  ]S!amJi 
geminm  reguU  occupent  fecundum  latera  tam  interiora ,  quam  cx- 
terioraquadratem peripheritx,  dcfcripticirculi^p-  angtdi  normalis 
'verttcis,  tam  interior,quam  cxtcrior pK-ecise  attingant  cetrttm  cir- 
ciilt,  hahesgeometricametiidentiamexanteced.coroll&r.  &ex  27 
propofitione  angtiltm  normA  exami/iatti  tecium  cjfe. 

§v. 

S  C  H  O  L  I  O  N     IV. 

Piopofitio  3  3  lib.6  Elem.huc  opportune. 


ITa-W noflram methodum,(juA ante  lib,'^  hahet  i'Jexto,&t]tiin~ 
toiam  cognitionem  doifrinx  de proportiombus ,  huc  facitpro- 
podtto  3  3  Itb,  C^cjuxpertifiet  addoiirtnam  dc  circulo  ^  de  qtik  tn—» 
hoc  3  Itbro  ;& probatur  ex  hac  27 ,  qua/t  ampltatio  ab  Atjuaiitate 
angulorttm  ,  &  arcitum^quibus  in/i/}unt,adproporttoncm  angttiorit 
iuxta  proportionem  arcuurn.  &c.  E(l  ergopropof.  e  Itb,  6  fequens 

Pro/i.^ 3.  jn tsqualtbuscirctilis anguli candem proportionem  hahent ,(]uam 
l>eriphcrtt£,  ejttibtis  in/iUunt,  fitie  ad  centra^  (itie  adperiphe- 
rtas  conflitttti  inftdant.  ^jiin  &fe6hres.,  Q'ifpP^  ^-^ 
centra  conjltttiti. 


In 
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Ncqiialibus  cir- 
ciilis  ABC,  D- 
EF  ad  cetra  G- 
Hconftituti  fint  an- 
guli  BGC,  EHFad 
pcriplierias  BACjE- 
DF.Dicoefre,vtBC 
periphcria  adEF  periphcriam,ita  angulumBGCjadan- 
gulum  EHF  i  &  BAC  ad  EDF  :  &  inluper  BGC  fcciorem 
ad  EHFfedorem.  Ponaturpcripheria^BCrqualesquot* 
cunquc  dcinceps  CK,KL:  peripheri.T  EF  quotcunqueic- 
quaks  FM,  MN,  ducanturque  GK  ,  GL,  HM, HN  .  Cum 
ergo  peripherix  CB  ,  CK ,  KL iequaJcs  fint ,  ^  erunt  &  an-  ^^.^.gy^r 
guli  BGC,  CGK, KGL  aqualcs ,•  quam  mukirlcx  t  rgo  cft  17.3. ' 
peripheria  BLperipheri;vBC  ,tam  multiplexcftangulus 
BGLanguJi  BGC.Eadcmdc  caufaquam  multiplextft 
peripheria  NE  periphcria?  EF,  tam  multiplex  eft  angulus 
NHE  anguli  EHF.  Si  igitur  pcriphcricT  BL  ,  EN  cxqualcs 
funt,erunt  &  anguli  BGL,EHN  a:qua!es ,  &  ii  pcriphtria 
BLquamENmaioreft,erit&angulisBGLmaiorangu- 
lo  EHNi&fiminor,  minor .  Cum  igiturquatuorfint  ma- 
gnitudincs, duje peripherix BC ,  EF , &  duoanguli BGC, 
EHFjacceptarquefint  pcripheri-EBC,  &  anguHBGCa?- 
quemuJtipliccsperiphcria  hL,&angulus  BGL.Pcriphe- 
ri?  vero  EF  &  anguli  EHF  periphcria  EN,&  angulus  EH- 
N^demonftratumq.-fitjfipcripheria  BL  maiorfitperiphe- 
ria  EN,&anguIum  BGLangulo  EHNmaioremcffe,&fi 
aqualis  crqualcmjfiminor^minorem:^  Eflergo  vt  BC  pc-   b^^^>. 
ripheria  ad  peripheriam  EF,  itaanguIusBGCadangulia  ^.^. 
EHF.SedvtBGCadEHFifitaeftBACanguIusadEDF  ^i^ro^of, 
angulum,vtcrque  cnim  vtriufq;du})Iuseft:ergovt BCad  ^^'^' 
EF,  itatftBGCadEHF,&BACad  EDF.InKqualibns 
ergo  circulis ,  &c.  Quod  oportuit  deinonftrare. 
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Dico  pra-terea,  vt 

eftBCperiphcriaad 

EF  peipheriajita  cfTc 

GBCfeaorcmadH- 

FE  ledorem.Ducan- 

tur  BC,  CKj  accipia- 

turque  perifcriarum 

BC,  CKjJpundaXO, 

&  ducantur  BX ,  XC ,  CO ,  OfC .  Cum  ergo  dux  BG ,  GC, 

duabus  CG^G^v  a^qualesfint,  anguJofque  ^Equalcsconti- 

dptopof.  neant,  ^erunt&  barcsBC,CfCxqua]e5.igitur&  triangu- 

4.1-       laBGC.GCKxqualiaeruntiCumque  peripheri:eBC,C- 

Kfinta;qualcs,erit  &reliqua  BACpcripheria  reliqua?C- 

cyropof  /^K  arqualis  ;f  ergo  &angulus  BXC  angulo  CoK  cTqualis 

fJcf' 11  erit;/'portiones  ergo  BXC,  COK  fimilcsfunt  ,&  funt  fu- 

5.        '  per ipqualibusredisBC,CK:^circulorumautem  portio- 

gpr-opof  nes  fuperarqualibusredis  confticutar ,  a-qunles  funt :  por- 

^*'^"      tiones  igitur  BXCjCOK  aqualcs  funt.Sunt  vero  &  trian- 

guIaBGC,  GCK  a^qualia  ;  totusergofciftorBGCtoti  G- 

KC  cfl  a'qualis.  Eadem  dc  caufa,  crunt  fevflores  GKL,G- 

KCa?quales:trcsigitur  fc-.'torcs  BGC,  CGK,  GLK.Tqua- 

ksfunt.  Eademdecaufa  crunt&  trcs  HEF,HFM,HMN 

arquales,  Quam  nultiplex  ergo  cft  peripheria  BL  peri- 

phcria?CB,tamraulcipIexeft  fcvtorGBL  fcdorisC^BC. 

Eadcm  dccaufa  quam  multiplcx  cft  peripheria  EN  pc- 

ripl!cria:EF,tammultipIex  cftfcctor  HENfe^fioris  WEF. 

Si  ergo  periphcria  BLmaioreft  pcripheria  EN,erit&  f€- 

dorBGL  maiorfctflore  EHN,  etfiarqualis,  arqualis, &fi 

minor,mino.^Cum  igitur  quatuor  fint  magnitudincs,  duc 

peripheria;  BC,  EF,  &  duofcelorcsGBC,EHF,'  acccpta:- 

que  (int  pCripheria'  BC,&  fcCtoris  GBC  a'que  multipli- 

ccs  BL  pcriphcria,&GBL  fei5^orjperipheiia?  vcro  EF, 

&fcdorisHEF  periphena  EN,  &fec1or  HENidcmon- 

ftratumque  Cn,Ci  BL maior  fit  quam  EN,  & fcdorcm  BGL 

s,Mtf.  maiorem  eflc  ftcioie  EHNi  &  fia^qualis,  ^qualem  ,fi  mi- 

^•5.       nor  minorem,^erit  vtperipheriaBC  ad  EF  peripheria, 

ita 
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itaGBCfedorad  HEFfedorcm.  Manifcftum  crgo  eft 
efle,vteftfe*5toradfe<ftorem,itaangulumadanculum. 


PropoC  XXVIII.  Theor.  XXV. 

In  AqMalihtiS  circulis  ^qtiales  recfd ItneA  AqHa-. 
les periphrtas  aufernnt ,  maioremqutd.em 
maiori,  minorem  autemmtnori. 


s 


Inc  in  xquilibus 
circulis  ABC,0- 
EF  xquaks  recSle  BC, 
EF  aufereccs  periphe- 
riss  maiores  BAC ,  £- 
DF,  mlnores  BGC,  EHF.Dico  cam  maiorespe- 
ripherias ,  quam  minores  aequalesefie.  Suman- 
tur  enim  circulorum  centra  K ,  L ,  &  ducantur 
KB,  KCj  EL,LFj6c  funccirculiiEqualcs,  <?ergo  ^^e/w. 
&  qu^  ex  centris  aequales  erunt :  igirur  dux  BK,  ^•'- 
KC  duabus  EL,LF  xqualcs  luntjled  6:  balcs  B- 
CEFaequalefunc  ,^eiuncergo&anguIi  BKC,  h^-o^. 
ELF  jequales:^a2qualesaucemanguliaequalibus  ^c^^^^^tf 
peripherijsinfifluntciim  fuerincad  cenirajergo  ^'^•J. 
pcnpherias  BGC .  EHF  ajquales  func  j  fed  &  toti 
circuhfuncafqualcsjreliquxergoperiphcrix  B, 
AC,  BOF aequales  quoq^ etunc.Si  ergo in  <^qua- 
\  libus  circulis,  6cc.  Quod  opoicuic  demonftrare, 

5cho- 
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S  C  H  O  L  I  O  NJ 

Vtdcvftimhuius  28  propof.  in {jnadr/ttiene  curuilinei  nptid 
nosin  Apiar.\^frdibam.  3  ,  in  demonFiratione  fecund/t-t 
fropoftionis  6-  yic  tyronibus  exhibe, 

Propof.  XXIX.  rheor.  XXVL 

In  &(\udi\)us  circulis  ttqudes peripherias 
Acmdes  re^A  Une^  [uhxendmt^ 

Cctpiantur  in 
^qualibuscir- 

culis  ABC,  D£F  x- 
quaks  periphcriae  B- 
GCEHF.&ducan- 
tur  redtse  BC,  EF.  Dico  i^edlas  BC  ,  EF  aequa- 
leselTe.  Sumantur  enim  circulorum  centra  K, 
L,&:iunganrur  BKJCCjEL,  LF.  Ciim  crgo 
\IT^'  peripheri^BGCEHFaequales  fint,-  erunt& 
anguli  BKC  ,  ELF  aequales :  &  cum  circuli  ae- 
\.^f''"  quales{int,^etunt  6cqax  excentris  aequales. 
Du^e  ergo  BKjKC  duabus  EL,LF  ^quales  (unr, 
^Y'M-  continentq5squalesangulos5fergo6:ba(esB- 
C,EF  sequales  ciunt.In  aequalibus  ergo  circulis, 

&c.  Quod  opcrtuit  demonfttarc. 

Pro- 


4.1 
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Propof.  XXX.  Pcobl.  IV. 

Datam  peripheriam  bifar  iamfecare» 

^*^        T^  Sco  data  peripheria  ADB, 
/X  I     v\      XJ/  quam  bifecare  oporceac, 
^        ^       ^    ducacur  aB, '^bireceturqueinCj  aprop^y: 
&■  a^^putKflo  C  ducacur  ipfi  AB  ad  angulos  re.  '\^^l;^,,r 
dVosCD.iunganrurqi  AD,  DB. Ecquia  ACx-  ''•'• 
qualsert  CB  jCommunis  CD,erunc  duae  AC, 
CD  duabus  BC ,  CD  xquales ,  6:  angulus  AC- 
Dangulc  BCD  xqaalis,  eit  eniai  vcerquere- 
(ftus  3f  ericergo6c  bafis  AD  baiiDB  asqualis^^  c/^ropo/: 
aequalefaurein  recla:  xqualcs  periphcriasaufe-  Vpo^of 
runt,  maiciem  maiori,6c  n-inorcm  minori,elV  ^^■'* 
que  vtraq,  peripheriarum  AD,DB  minorfemi- 
circulo  5  quare  periphcna  ADa^quaJJS  eft  peri- 
phrrix  DB  :  daca  ergo  peripheria  bifccta  eft. 
Quod  opormictacere, 

S  C  H  O  L  I  O  N, 

AT> pr/ixim,prxter  eam ,  (jUArfi  'htc  hahet  Eucli^es(jnope-' 
raiione pYo  joluiiorie prohicmetu  tn  hac propcf.  30J  vterc 
praxihus,  i^uas  hakts  tn  to. i  hittus  ^erartj adpropo/it, i o lih. i . 


Pro- 
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Propof.  XXXI.  Theor.  XXVIL 

l^  circulo  angulm ,  qui  infemicirculo  re^us 
efi-j  qui  in portionemaioremlnor j  qui in  mim 
noremaiorreBoejt,  Infuper  maioris  por~ 
ttonis  angulus  maior  reBo  ^minoris  re^o  mi' 
norejt, 

Sto  circLiIus  ABCD  ,  diamc- 
trus  BC ,  centrum  E  ,  &  iun- 
l^  gantur  BA,  AC,  AD,  DC.  Dico  an- 
gulum  B  AC  in  femicirculo  re(5lam 
efTc .  ABC ,  qui  eft  in  portione  ma- 
iorefemicirculojminorem  5  ADC,  qui  eft  in 
portione  minore ,  maiorem  re(flo.  Ducatur  AE, 
producaturque  B A  in  F .  Ec  quia  BE  ,  E A  a^qua- 
w/ies{ljnt,^erunt&:anguH  EAB,EBA  ^quales. 
Rutfus,  quia  E  A,  EC  aequales  func ,  erunc  &  an- 
guli  ACE,  C  AE  xquales :  totas  ergo  BAC  duo- 
hfropof  bus  ABC,  ACB  aeqaalis  cll .  ^Eft  vero  &  FAC 
externus  duobus  A  BC ,  ACB  xqualis :  aequales 
cdcfi».  ergo  funt  BACFACj  ^ergo  redus  vterq,.  Qua- 
reanguIusBACinftmicifcuIo  BACre(ftuseft. 
dfwpo/.  ^Etquiatrianguli  ABCduo  anguli  ABC,  BAC 
duobus  redtis  minores  funt,  BAC  autem  re(5tus 
crt,  erit  ABC  minor  recfto  ^  6c  eft  in  portione  A- 

BC 
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BC  maiori  femicirculo .  Rurfus  quia  ABCD  m  l^^^ff- 
circulo  quadrilaterum  ef^jquadfilacerorum  au- 
tem  in  circulo  dercriptorum,qui  ex  aduerfo  an- 
guli  duobus  te€t's  asquales  funt^  erunt  ABC,  A- 
DCduobusredtisaequalesj^c  eft  ABC  minor 
recto  3  reliquus  ergo  ADC  maior  5  &: ell  in  por- 
tione  minore  femicirculo.  Dico  prasterea  ma- 
iorisportionisangulum  contentum  peripheria 
ABC,  &  redl:a  AC  maiorem  e({c  rcdtOj  minoris 
vero  portionis  peripberia  ADC  ,  &  refta  A  ,  C 
contentum  ,  minorem .  Quod  per  fe  apparer. 
Cumenim  anoulus  redlis  BA ,  ACcontentus 
re(ftus  fit,  erit ,  qui  penpheria  AbC,  &  rc(5ta  AC 
continetur,  rriaior  rccfto.  Et  ciini  angulus  redtis 
ACj  AF  contentus,  recHius  fit,  erit  rcdla  AC ,  6c 
peripheiia  ADCccntentus,minorrcdo.  Aliter 
demonftratur  BACredtum  tffe.  Angulus  AEC 
dbpIuscilangDli  BAE,^squdIistnimeftduo-s  fj;«;'«/ 
bus  internis  5i.  oppofitis .  Elt  veto  6:  AEBdu- 
plusanguli  EACianguliergo  .AEB  ,  AECdupii 
lunt  anguli  BACat  AEB,  AEC  aequdks  iunc 
duobus  redtis:  eijgo  B  aC  reclus  eft. 

Corollarlum, 

Exhismanifeftumeft,  fi  in  trlangulo  vnus 
angulusduobus  fit  aequal!S,eumreCtum  tife, 

Z      2  quod 
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quod  etiam ,  qui  eft  ei  deinceps  duobusreftis 
{dej!;i.  asqualis  fit:/cum  autem  anguli  deinceps  aequa- 
les  fuerint,  rccfti  func. 


JO, 


p 


ttcnm. 


Vfus  opticus  propof  3  r  • 

•^rs  ea  hmms  3  i  propoflttonis ,  in  qua  demondratur  angu-^ 
lusre£}usin  femicircnlo  ap^licationem,  &  vfiim  tnjignem 
habet  cump^radoxo  apudEucl.inOptic.thcor.Ko.  Probte- 
ProbU-  mafit  .•  Da,tis  duabus  magnitudinikns  inxqualtbus  vnam  tertiam 
ma,  Op-  componentibus .^quis  locatnueniat ,i!nde  fpe£iatx  nunc fmguU^ 
nunc  flmuUun^x  ,  femper  tamen  appareat  dtquales  magnitudines? 
Inuemct  caloca  hac  j  i  prop  ofitio ,  acdemonlirabit.  Audt,feu  lege 
Euclident 

Sintdiif  magnitu- 

dines  insqiiales,  ma- 

ior  qiiidem  BGjminor 

vero  GD,&  circa  vtra 

queearum  defcriba- 

tur  femicirculi  BCG, 

&GZD.  circa  etiam 

tota  BDj  compofitam 

ex  duabus  BG,&  GD, 

defcribatur  fcmkirculus  BAD.angulus  igitur,qui  eft  in  B- 

AD  fcmicirculo , a-qualis eft anguJo,qui  eft  in BCG femi- 

circulo.-vterqi  enim  re(f>useft(per  3  i.tertij  Elem.)^qualis 

crgo  apparet  BD  ipfi  BG.  SimiJiter  &  BD  ipfi  GD  f  quaJis 

apparet  oculis  pofitis  in  pundis  C,6c  Z  duorum  femicircu- 

lorumBCG,&GZD.dr. 


Scho. 
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SCHOLION     L 

AHtercxercere,  &:demonflrare  propof.  25  ex 

hac3i  ii.3* 


b 


PRopofitionem  2  5  excrcehis ,  &  demonflrahis /^icilHme  ex 
hacpriort parie  hntiis  3  \  ftc,  Bif.trietur  ad angnt os  re£ios 
refla.  (uhtenja  dat.tportioni  circtilari ,  (^prodiicitiir  relia. 
bifarias  z/cjiie  ad  arciim,^  ex  alteraparte  tndcfinitt  protrahatur, 
yideJignrAS  Eitcl.  hic  repofitAS  ,  &  ii/igeipfas  I iftriantcs  BDpro- 
^6  diicfai  fltra  E,^  D  ,  Ex  mn- 

//^     ^v         £ix  EA  extremo  A  educatur 

^- L i       perpcKdtcuUris.Vliea/ccalptt 

Itheam  bifr,rianm,  tbi  eritter- 
minusaltcr  diametri ,  qu.z  bifcriatA  dat  cen~ 
tnim ,  c\  (juo  ducttur  arcus  cornpUns  in  circii. 
lum  datamportionem  circularcm  .  Betnondra- 
■  tio  eH,  qtiia  dcduflaperpedteulartter  ex  A  con- 
tinet  ciim  AB  angulum  rcclum  in  fcmicircu'. 
lo,  &c.  Applicaplurib.quA pancis  indicnmtis. 

$IL 

"T  11  E  O  K  E  M  A. 

De  lineis  diKftls  a  pundVo  contadus  femiclrcu- 
lorum ,  quae  omncs  fecantur  in  proportion* 
fetftas  diametri. 


D 


Emonffratur  ex  hac  3 1  theorema  Villalpandi,  cjuo  nosvni' 
uerfaliHs propojutmus  in  (orolUrx/s  ex  Aranta  geomttri- 


'^anti 
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z^Ktcw L^/jlir.  1  pr.ilih.%,dr  tdmox  e  feq.  3  ifoluimfjs,  tn  quo 

thcor.cum  agatur  de  lifieis proportionalihus  ,  tamen  inielligetur  k 

Tyronibus  beneficio  noHramethodi  ,  qu£  huic  5  lib.pramifit  fex- 

Pro  no.  tum  ^in  quo  copiosc  ncs de lineis proportionalibus  .  TheoremacH. 

tlo<r'^'  Fa&ofen.icirculo,  &fecla  vtlubet  diamctro  in  var^spuneiis ,  & 

pcrpmBa  fe6Iiont!m  du6lisctrcults  fe  conttngentibus  in  altero 

diametri  extremi ',  quotcun^  du&a  a  pun&o  contaciusadvaria 

pun&afemkirculi  maximifecantur  omnes  minores  inproportione 

fectx  diametri.Stc  videsfc&A 

C_^ ^  diamctro  AD  femictrcult  A- 

BCD  tnpuBts  E,K\P,  & per 

ea  pttncta  dufits  Jemtctrcti" 

Its  ELD ,  KTD ,  PHDfe  in 

aiametri  AD  extrenio  D  co- 

ttngentthus^  re&as  DB,DC^ 

DO/ecari  inpun&ts  L,T,H, 

jSt,  Cj  Jl/,  T  ,1  y^  froportionalitercumfc&tontbus  E,  K,  P  dta- 

metri  AD.  Nam  angulitn  B,  Z,  T,  H,  C,  J\Z,  G,  M,  O,  F,  I,  «^  tn 

Jemictrcults^  omnes  reclt ,  &  xquales  extcrms  tnterni  ,  ac  protnde 

funtpayallcU  AB,EL,  KT^ PH ,per  z^^Prt.&per  i/extt,ha/i pa- 

rallcU  fecant  latera  x^D  ,  DB  proporttonaliter  .  Idemg^  demon~ 

drabtttir  eodem  modo  duclis  re&is  abA,E,K,P  adjcffiones  re- 

ciartim  CD  ,  DO  .  Atq;  etiamfa&is  integris  circulis ,  omnes  a  D 

virtnq;ad  dtamctriim  fecabuntur  ifi  eadcmfroporttone  cum  dta- 

metro. 


$  III. 

Corollaria  6c  Prcblemata  geometrica  de  fecflio- 
ne  re(5taruni  in  proporcione  datx  fcdtde. 


Thcore- 
ma. 


mkJ 


I. 

X  theoremate  antccedenii  habcs  pro  corollarifs  .  Primtim: 
Omnes  xc^dix  duclit  a  communi  puntiio  contadus 
plurium  circulorum  fe  contingcntium  ad  extremam 

pcr-i- 


ma. 


P  R  O  P  O  S.     XXXI.  185 

perlpheriairij  fecantur  in  eadem  proportione .  Scilicet  tn-i 
eaaemproportiom fccltontirn  dtametri,  qux  cornmtinis  efl  ctrcttiits 
fe  contingentibHS.  SeBoi  trgofttnt  DB ,  DC  3  DO  in  eadem  interfe 
froportione. 

II. 
Sectindtim  indicatiimus  in  Schol.  pof}  §  q  ad  \o lexti :  Datas  ^''"'''^' 
redas  quotciinque  (  quarum  tarren  maxima  lit  minor, 
Cjuam  ea,  ad  cuius  fimilitudinem  ftcandaf'  funt)firhul  fimi- 
liter,  ac  altera  (ccta  eft,  (eczre.Puta reffamyec7am in£,K,p, 
adcuihsfnaliludtninifecahdxjunt  trcsDB ,  DC,  DO\fuper  AD 
defrtbatur  femicirculiis  ACD  ,(^  altj  conttngentcs  in  D  /ecantcs 
ir>  E  ,K ^T . Tum rec7<£ ditx qu^iciinj-, applicenttir ex D  tnjemtm 
circulo  ACD,&e£acircultscontingcnttbus  /ecabuntttrfmul  om- 
nes  tn  proporttonc  datx^  ac  fccix  AD. 

5 IV. 

Vfus  varij  apud  nos  propoficlonis  3 1. 

Rudttiones  geomctricas  de  problematibus  locdtbus ,  e  quo- 
rumgcnere  ell  hoc  de  aiguloreclo  in  femictrculo  ,  Artdo- 
ttlisloca  ex  hoc  explicata  ,praxes  erigendx  ptrpendicuia.. 
ris ,  norm£  examen ,  centri  in  circulo  tnuentionem  altter  j  qtiain 
ex  i prop.huius,  tangenttsreci^  adctrculum  dedticlioncm,& plii- 
ra  aliaproblcmata,  thcoremata,praxes,  ifus ,  &c.demc-fiUrata  ex 
prima  parte  hutus  5  i  propof.  rcuife  apud  nostn  Tom.  i.  huius 
t^rar.ad 3 2 prop, a%  6 ad/eqq. ibi eorum cognitienem attttlimus 
Tyronibus  yibtpars  h<£c  de  angulo  recfo  demonsiratur  ex  ^2pri- 
mt,  (jine  neceffitate  dtlatioms  z^fq],  adhanc  libri  tertij  propoftione 
^l)  ad plurademonflrattiie  cognofenda  y  qucrtim  coghhtone  non 
fuenfraudandt  Tyrones .  lli  ergo  habes  vnde  htic  tran^frasplti- 
ra  tuctirida ,  &  vtilia ,  quixfixcundttatem  osiendant  primx  partis 
hutns  3  I  propof, 

^iiim  etiam  prnabis  duolustheorcmatibusapud  Eucl.in  Ot- 
ticistheor.  2 5,  d"  24.  f^i<ii  demonsirantur  tx  vfuang.  re^fi  inf- 

n.inr- 
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Parado-  mujrculo ,  Alterttm  eorumhabet  paradoxnm:  Oculo  propius 
.xumOp-  adfpbxTamaccedenteminusde  fphsera  ccrneiur  ,quam 
ttcum.    ^j^^jJQ  procui  pofito :  plus  tamen  cerni  exiftimabicur. 

r  H  E  0  R  E  M  A. 

Datis  duabus  redils  lineis,  inuenire ,  ac  oftende- 
re  potenuam  maiori?  fupra  minoreai. 

ItiKt  Theonis  effe  eam  propofitioner»: 

Porentiam  maioris  linejp  fupra 

minorem  oftendcre.  .^amnos 

cxpcdtmus  hic  adhanc^  c^ops  httitis  ^  i.  Tuta. 

n,'/iiorcm  datartm/  ejje  BC;m/norcm  alteriitram 

BA,  'vel  ACStiper  maiorc  BC  dejrrthatur/erni- 

circtilfSiC^  tn  co  ab  exiremo  ahcrtttro  ajplice- 

tttr^puta,  ipfa  AC ttincfa  AB  erit  latits  c^uadrati ,  quo  quadratitm 

ex BC maius di quadrato  ex  AC.Patct  ex  ^y pn.  cU  cf. im it/  trta^ 

giilo  re£tangulo{per  hanc  3  ly.iteris  BC  oppofitiangulorefio  (jua- 

draturn  <fcjuale  duobus  qttadratis  cx  B.A,ACiergo  detraSio  cjuadra- 

toip/ittsCA  cx!jnadrato  ip/ius  EC,reu(]unm  (jtj.^^.dratum  ex  AB 

ed  id^  quo  rccia  BCpluspotcli^  quarn  mtnor  AC, 

§VI. 

Paradoxade  angulisfegmentorum  circuli',  Ex- 
trema  iuxta  fepolita  .  Tranritusabextrvmo 
ad  exrremii  (ine  medio ,  in  angulis  ,  5c  lineis. 


Q 


Vodad  altcrampartem  hitius  5  \propof.attinct,  ea  mirisii- 
Itidris  elt paradoxis ,  qttorum  nonpauca,  habes  apud  nos 

itt 
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in  yfpiar.l,  progym.  ')ypropofc)y  &  i»  SchoL 

Vnieafferasadhanc  ^i  ea,(]Uie pof/int  ryroms  rapere  iniu' 
cttndam  admiratior.em  GeometricA  philofophi*  prodentis  e.i^', 
qtix^licet  dmonfirata^tamen  habent  inffar  worftri Jubrucntis  prt^ 
ma  nutedam principia  inpfj>ficiSi&  altjs  aliquibus  artibus  ,S^is 
emmputetficritranfitum  ab  cxtremo  ad  cxtreniurn  fine  medio? 
extrcma  iuxtafe  immedtaiepofiti  ?  Re&usangulus  tdmediusin^ 
ter  cxtremum  exccfsus ,  ideli  anguls  ohtifi  ,  &  tnter  extnmum 
dcfccliis^  idejl  angidi  acuti ,  tamen  ab  angu/ofegmenti  minorisfe^^ 
fnictrculo  itur  ad angulumfemicirculi,  xelfegmcfitt  matorisfemi- 
ctrculo,  hoc  cjl  ab  angido^  ejui  minor  (ft  ri&o  ad  angttlum^cjui  ma- 
ioy  efi  re&o,  fme  trarjituper  angulum  tcquakm  ncfe;  xtjnfgurA 
Euclidis  vides  rei?o  niaicrem  fub  ciirua  BA ,  &  rt^a  ACtmme- 
diatc pcjt!ttm  ciim  anguk,  cjui n^inor  cfi rccYoJnb curua  DA.&re- 
cla  AC  ,/iiie  ettamprojemicircu/i  angu/ojuh  rc^a  EA  ,  &  ctirua 
A  D  ytturq }  a  maiort  BAC  n,txtilinco  4d  mtnora  niixtiiiK  ea  EAD^ 
vc/CAD^fincv/lo  mixti/t);eo,qui  xqnetur^ve/xquari  pojfit  recro.     r-  .  , 

Jncircuiarietiam/ineaconuexum  ,  &  ccncauiimjirnu/  funt^  Uris  li~ 
ittirj-  ah  a/terc  ad alterumfne  rtcia  iatermedia/inca ,  ^icdpi-  »f'«  i"fi- 
tadoxtm  notntiir  ettam  tn  %-etcri  Siho/.grdto ad 2 1 p^cp,  hu.  apud  2."^P^z 
Commandtnurn . 

§vir. 

S  C  H  O  L  I  O  N     II. 

De  angulo  remici"rculi,qn6cl{iC2EquaIis  re(5lo 
hailucinacioncs  aiiquorum  eiultratae. 

X  prctdicits  habes  quidrrjpondeas ,  &  vnde  arguas  manife- 
li xfaliacix  Peietartum,  Vtctan; ^lojephumicaiigtrnm  , & 
fiqni  aiijjunt  tpfum ettani  Archimedcm rcprchendeinus,  (j" 
nttentcs probare  angu  lumjcmtctrcuii  aquaiem  r.  £Io .  Vt  anguius 
(tnquiunt)  omni  obtufo  mtnor,  &  omni  acuto  maior  aquaiis  til  r^- 

Aa  ^io:, 
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c7o;J/c  Angulu$  feMtctrculi  medius  tnter  an^ulum  tnMorisfigmen' 
ti  re^io  maioreryj^&  inter  angulum  Tnifmiiftgmentiren^o  minom 
rem^  erit  reSio  ^qualis.  J^u£  obte6lio  ,  &  illialit.  fimiles  indignx 
funtrefponftone  apudeos ,  quinon  fuperficiarie  circafcientiam  de 
fttpcrficitbusverfantcs  nullo  negotiepcjfunt  ofiendere  imphcantias 
ttiamin  ijs,  guxpatentfenfii  (^uisenim  non  lidcat  angulitmfe- 
tnicircnli  e(je  partem  anguli  rcHiex  diamelro,&  tangente  f  )& 
fallacias  in  iflorum  cautUattombus ,  dum  acuti  •vidcri  'volunt ,  & 
pungere  attdent  vel  ipfiim  Archimedcm ,  atq-^  cxpungere  a geeme- 
tric£ acuttf/?m£  VhilofophtA  dcmcnliratisieritattbus ea,propter 
quxfui  habtt  admirationem  apud ingeniiaingenia.Kclege qu£  ha- 
bes ad i6 huius apudnos in an'ecedcntibus,prsfcrttm §  2,<?f  mtd- 
to  magtSyac  apertius  in§  ^  addeHnitionem  4  lib.  5  j  vbi  ^atet  ex 
definitione  4  libri  5  ,  angulum  fcniicirculi  non  habere  proportio- 
Kem  cum  angulo  refto,  ac  tdeoparalogiiiict:  comparart  cum  co  :  & 
argumentationemparalogizantium  vaiere  dc  re&tlineis  ,  non  dt 
tmxtiiinets angulis  cum  re^iiiineiscomparaiis..  &c. 

$V1II. 
S  C  H  O  L  I  O  N     III. 
Firmantla  de£nitionem  1 1  • 

OMnesfemichculifunt/imiles ,  idefi  halent prcportioftem^,    ■ 
aqualitatis  adrciiquum^  ac^ex  hac  3  i ,  capiunt  anguies      1 
equales  rciios.  Tortiones  circulortim  maiores,  veimine..      I 
res femicirculo  f»nt  fimties  CA.  (ided  in  cadcmproportione  adrcii-      " 
ijuumfti  ctrcuii)  Joiiim  ,  qu£  capitint  anguios  minores ,  veima- 
iores  re&o^nter  fe  mquaics;  variatur,&  aheunt  afimtiitudint  dum 
angulos  variant  ab  <xqnaittate,&c.Vtre£ie,  ac  docie notatur  etiam 
inSchoi.gn^co  x^eteri  ad hanc  3 1  apud  Commandinim. 


Pro- 
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Propof.  XXXII.  Theor.  XXVIII. 

Si  clrCHlum  cju&dam  reBa  ietigerit ,  ^a  taci^ 
ducatur  recia  circulmn  fecans  ,  ermt  an- 
guli » (\uos  ad  t^n<rentemfaciti  ^quales  illis, 
qui  inalternis  ctrculi  porttombus  conJijlJ^t^ 


T 


"^  Angac  circulum  AB- 
CD  re(5ta  quaEdam 
BF  in  B ,  a  quo  ducatur  alia 
BD  lecanscirculum ,  Dico 
angulos,  quos  BD  cura  can- 
gentc  facit,  aequales  elTe  illis,qui  func  in  alcernis 
circuH  porcionibus:  hocefti  angulum  FBDs- 
qualem  e0c  illi ,  qai  eft  in  porcione  D  AB :  an- 
gulum  vero EBD  illi ,  qui  eft  in  portione  DCB. 
"Ducaturenimex  Bipfi  EF  ad  angulos  rcd'0s  ^  p^o?<. 
BA,  6c  accipiatur  in  penphcria  BD  quoduis  pu.- 
(^umC,  &.ducantur  aD,  DC.CB  j&quiacir- 
culam  tangit  recHra  qux  JamEF  in  B  ,  &  a  tacT:a 
Bduclra  eft  tangenti  ad  angulos  feclos  B A ,  ^  erit  ^j;;^"^' 
inBA  ccntrum  circuli:^  anguius  ergo  ADiiin"^ p^^*^ 
fem  icirculo  exiftcns,  recfbus  cft :  rciiqai  ergo  B  ^- 
D ,  aBD  vni  re<5to  aequaks .  S^6  &  ^^Bf  rcctus 
t?ft,  xqualisergoangulisBAD,  ABl):comma- 
nis  aBD  auferacur^  ergo  reHquus  DBF  etit  x- 

A  a     2  <jua* 


•j* 


— y 
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qualfsreliqiioBAD  in  alcerna  circuliportlonc 
cxlftenti.  Ecquia  ABCD  quadrilaterum  eftin 
\>'oiof.  ^.j|.j-p|Q  Jercrlptuin,  ^er unt  anguli  oppofitl  duo- 

A  busrectisaequalesierunter- 

go  anguli  DBF  ,  DBE  «- 
quales  angulis  BAD.BCDj 
quorumBAD  oftenrusefl: 
ajqualis  DBFj  erit  ergo6c 
reliquus  DBE  reliquo  DCB  in  alterna  circuli 
portione  DEBexiftensasqualis.  Si  ergocircu- 
lum  recla  qux Jam,6cc.Qupd  oportuit  demo» 
ftrare. 

Vfus  Aflronomicus  propoiitionis  3  2.' 

lUumi-     ▼  -iV  Ajlronomia  'vff{S,&  /ipplicatio  efl  hitiiti  3  2  propofrjt  qften- 


I 


vatvir        ■     datur  a,  Sokillsminartplufqnamhemijphjirinm  Lufiiey  ac 

fi>hAnu        Suppono  alifjuid  e  demonsiratis  apud  Aslronomos,  &  hic  etiam 

Lun£,ac  apudnosindtcafidts. 

^'■'^»         Primum,  Solem  Terra  ejje  maiorem .  .^odpat  ct  in  Apiarh  g. 

Prog.  3 .  Prepof,  i  o.  irrfnsfinem  mmeri  i .  rnargm.  &  Apiar.  2, 

rrogjm.^.Propofy.Diameterenim  Soljscontinet  vndeam  femi^ 

dtametrostcrrix.&c,. 

Secundum,Vmhram  TerrAa  Sole  illuminat^  contcameffe.-ejuod 
confcquitur  e.x  i  fuppofto ,  •vt patet  tn  appofita  figura ,  in  quafnge 
Solcn,  (_^,  ttrra  B:  radij  a  Scle  tangentes  terrnm ,  &  tungentcsfe- 
midiatnetros  (^fue  lUis  proxime  paraLlelas  IC ,  DF)  quontam  tnxr 
^ti.tiei  ICi  Df  lungunt  j  erunt  angult  DCI ,  CIF  tncUnaii  verftn 

wina" 
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itf 


mnorem  diaMttrum  /Z), 
hoc  ejl  reclk  minores ,  & 
Tddtj  recfaprocedefstcsper 

D,  Fyiixwt  in  angulfi  zr». 
Irofufn  E,/ub  vmhra  FD- 
Econtca  a  fph<eric£tcrrA 
'Vmbrosaparte  DFG. 

Terttum,  Lunam  pari- 
ter  minoreejie  Sole.  Smd 
exanteced.  rfuppojitopa- 
tet  in  eclypfihus  Itinarihus, 
in  ejuibus  Luna  tota  Jub 
imbra  comca  terra  latet 
aliqtiantifper  ^  magis ,  ac 
minuspro  vt  infpatio  vm- 
hrofo  tnter  CE  magis,  mi- 
nttfuc  distat  a  terra  BiCrgo 
■  Luna  femidiametcr ,  e^u& 
interctpttur  inter  ipfas  F- 

E,  DE  magis,  ac  magis  in 
angulum  Etnter  fe  acce- 
dentes  ,  ^  imminuentes 
femper  magis  latttudinem 
Jpattj  'tnter  FED ,  minor 

esi  dtametro  DF  terrx  B. 
Sjitbus  cognitiSj  acpo- 
(itis  ,  affirmo  afole  Atllu" 
firari  plufqua  hemifph^ 
rium  terrx  F.  Nam^  tuxta 
l,&i  /uppe/ita ,  radio  i» 


Cj 


Ftan- 


^$° 
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tfdngenie ',  'du^a  re^a. 
tlT  apun^to  ccntatusfor- 
(it  eingulum  DFE  recfa 
winorern ,  &  DFI  reSto 
■tKaiorcm-^crgo  DF£  <xqua- 
hm^-per  ham  3  2,  angulo, 
^uijieret  in  fegmento  F- 
DH  i  DFl  i'ero  xqualem 
angulo  in  Jegmento  FD- 
Ciergojcgmentum  DTtl^ 
in  quo  angulus  miner  re- 
£}o,  maius  efi  ,per  3 1  hu- 
ius,  femicirculoyjegmentii 
VFCminus.  &c. 

Eadem  argumentatio- 
7ie  ex  hac  3  2  fropoj.elem, 
demonfirarc  iicet  Soiis  A 
■partem  hcmifjjh^rio  mim. 
Twrem  radiosemitiere  in 
lerrxpartem  FDH .  Nam 
ttngulus  ICD  incltnatic^ 
Kts  cli  minor  rccio  ,  ac  <c- 
^uaiis  iili,  qitifcret  inje~ 
gmento  CLl  •  Appiica  tu 
tx  antecedentilus .  Eade 
itcm  argumentatiofjeprO" 
babitur  dr  Lunts  partcm 
hennjphxrio  maioreaSoie 
illu/irari,&c.Appitca, 
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$11. 

Vfus  geometricus  propl  3  2  in  theoremate  pro 
fedtione  redtarum  in  eadem  proportione. 

VSuf»  habes  huitispariter  5  2  i»  theoremateyfjuodcfi  aptid 
riostn uipicr.  \^pr<sliham.  2,ex  ArahckgeoTnetriz.afite. 
^uo  thtorcnu-.te  ftaris  pariter  ad praxin.profccandis 
in  e}idem p>  opor:io»e  pluribiis  fiff.ut liKcis y^/o^^Jolttm,  vt  diclum 
eflifi  §  S^propo/  3  I.  anteced./edetiam  nulia  habita  ratione  com- 
paraiionis  addiametrunt,  Acctpe  tgittir  ex  Apiar.Jcqtuntia, 

Si  duo  vcl  plures  clrculi  fe  fe  mutuo  cotlngant,  rh, 
&  a  puncfto  contactus  producantur  rectae  li- 
nexfecanresperipherias,  a  peripherijs  6c  ip* 
fx  rectae  proportionaliter  fecantur. 

""^  Ontingant  /ie  intus  ad  A 
circuJjABC,ADE,&c.& 
ab  A  deducantur  AB,  AC, 
<S:c  dico  ipfas  in  Di&  E  fecari  prOi- 
portinaliter.Hoc  autem  demoftra- 
bitur  fidemoftrabitur  iur.<5^asBC, 
DH  e/Ieparallelas  .  Ducatur  ergo 
tangensFG  .  Quoniamexj^  tertij 
anguJus  FAB  ,  quem  redta  AB  fa- 
citad  contingentemFGja-qualiseftanguiis  AED,  ACB, 
qi-u  inalternisfegmentisconfiftut^eruntperpri.axi.&ipfi 
AED,  ACBinter  fe  aquales^acproptereaparaJIeJsfunt 
BCjDE,  &  fecant  proporiionaliter  in  D,  &  E  Jatcra  trian- 
guli  hL^,pcrprop.  2  /f.e. 

Pro- 


eorc' 
tna. 


c 


l^J 
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Pfopoc  xxxin.  Pf  obi.  V. 

Stiperdata  yedJadefcrihere  porthnem  circfilt, 

qMtz  capiat  angulum  &o^tialem  dat& 

angubreBilineo, 


A.  propof. 


hpropof. 
11. 1. 

c  propOj 

10. 1. 


Slt 


data  reda  Ilnea  AB.da- 

tus  angulus  red:ilineus 

£   C ,  &  oporteat  fuper  AB  por- 

t  jone  circuli  defcribere ,  quoe 

angulum  aequalem  anguloC 

capiat .  Angulus  ergoCauc 

acutus ,  aut  redus,  aut  obtu- 

fus  eft.Sit  primo  acutus,vt  in 

ptima  defcriptione.^^  Confti- 

tuarur  ad  A  pundlum  redlas 

AB  angulus  BAD  aequalis 

angulo  Cqui  acutus  etit.  Ex 

^A  ducarur  AE  ad  angulos 

'/retflosipfi  ADiatqae  ABinE^  bifecetur.  ExE 

<spropoi. "^ducatur  EG  ad  angulos redlos  ipfi  AB ,  duca* 

"'^'     lurqiBG.Et  quia  AEaequalis  eft  £B  communis 

EGj  erunt duse  AE,  EG.duabus  EB,  EG aequales, 

angulufquc  AEG  angulo  G£B  aSqualiSi  e  cric  er- 

^       %o  ^  bafis  AG  bafiBGaequalis.circuIas  ergo 

centro  G.interuallo  AG  defcriptus  trafibit  etiam 

per 
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per  B.  Defcribatur,  &  fit  ABF,  iungarurque  FB. 
Cumitaquediametro  AF  ab  extremiwte  Aad 
angulos  recflos  fitdudla  AD,  ^ ranget  ipfa  circu'  Lr!T£ 
lum  jcumquecirculum  ABFre^flaquaedam  A-  '• 
D  tangat ,  fitq^  a^tacflu  A  in  circulum  ducfta  re- 
(fla  ABiScrit  anguius  DAB  asquaiij  angulo  AF-  gprot^cf. 
Binalterna  feaione  AFBexiftentirfed  DAB  sa  ^'''' 
aequalis  angulo  C  j  igitur  &c  angulus  C  apqualis 
erst  AFB  angulo.  Supcr  data  crgo  recfla  AB por- 
tiocirciili  defciiptaeft  capiens  angulum  AfB, 
aequalem  angulo  C .  Sit  iam  arigulus  C  re(5Vas, 
fi  querurfus  iLiper  AB  porrio  circiilf  capiens  an- 
2uIumre<5toC2Equalenidefcribenda^  ,       , 

Fiatangulus  BADanguloCaequales,  vtin  j^'. 
2.defcriptione: '  AB in  F  bifeceturj&r  cerro  F,in-  j  pyopof 
terualloFAjautFBdefcribatur  AEBcirculus.  ^  '"''co.oi. 
Tangit  igitur  r^da  AD  circulum ,  quod  angu-  ^^"''  "^" 
lus  BA D  recftu-s  iiv.  f:6  angulus  B AD  equalis  cft 
&  anoulo  C  ,  &  anoulo  '•  AFB  in  alrerna  fe^io.  Jf f '• 
ne:eriti^irur  «5c  AfcB  anguIoC  asqualis.   De- 
fcr'pta  ergo  eft  fuper  A 3  poirio  circuli  A,EB  ca- 
piensangulum  AEB^quaieni  anguIoC.Sir  ter- 
tio  angulus  C  obtuujs .  ""  ponatur  ei  ad  A  redlae  m  pm^. 
AB  xqualis  BAD,  vt  in  tertia  defcriptione, "  du-  n^ropof^ 
caturqj  recftae  ADad  angulosredlos  reda  AEj  ""'' 
5c  A  B^^  in  F  °  bifecetur,  cui  ex  F  ad  p  angulos  o  propof. 
re(ftosducaturFG,6c  iungatur  Gi^,  Cumiraqj  p"..^'  ,- 

Bb  AF       ^-'•- 


Ip4 
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i  eor^/ro" 
pf.i6.i. 
fpropof 
3Z.3. 


AF  a^qualis  fn  FB,commu- 
nisFG5eruntduaeFG,AF 
duabusFG,  BFaequaIes,& 
angulusAFG  anguIoBFG 
asqualjs :  "^  erit  igitur  dc  ba- 
iis  AG  bafi  BG  ^qualis.Cir- 
culus  ergo  centro  G ,  inter- 
ualloGA  defcriptus  tranfii. 
bitetiamper  B,  tranfeat  vt 
AEB.  Quia  ergodiametro 
A  h  ab  extremitate  A  ad  an- 
gulosrcd:osdu(5ta  eO:  AD, 
i  tanget  illa  circulumj&  cu. 
a  taftu  A  in  circulum  dudta  (it  AB  , ' erit  angu- 
lus  BAD  asqualisangulo  AHB,  qui  eft  in  alter- 
naportionecirculi  AHB.Sed  angulus  BADae- 
qualiseftanguloC,  erit  ergo  &  angulus  AHB 
inalterna  portione asqualis  angulo  C.  Super  da- 
taergo  re«ftaAB  defcriptaeft  portio  circuli  A- 
HBcapies  angulumxqualemangulo  C.  quod 
oportuitfacere. 


^:^''*^  ip^W 


sr. 
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}^^ 


S  C  H  O  L  I  O  N. 


Aliter  -• 


—  Propofitionem  3  3  huius,ac  breuiter 
dcmondrare. 


A 


D  isfaU  AC  extremum  %^ 

confiitaatur  aKgulus  JA- 
C  d*to  xqnalis  ,  (^  nb  A 
edrtcatur ferpcffdiru larts  AB.Luhi^ 
to interuallo exC ,&  Afiant  mutuA 
/ecltonesitiG ,  H ,  per  cjuas  du£lA 
recfa,  vel  adcjuns  aptata  reg  u  'a,  'vbi 
/ecabit  ipfkm  c-^  Btn  D,ent  ili  len- 
trumprrtionis  fuper  AC  defcriben- 
dx,accircHli  AinC  .  Detnde  itirMA 
C B  imagniaria  in  figura  ,  d.ibtt  an- 
gulTi  .td  B  qujfitttm  in  portiof.  e,  &c. 
'VtinEucl.crc,  ^^iotnam  tnim  ,per 
diclain  i,  Tom.  K,^riar  ad propof, 
1  o,  re^A  dt4c74per  H,  G  bifariat  tpfam  AC;crgo,  per  i .  /;u/us,  ent 
tn  btfirtate  ccntn.n.^&yter  ic^-bf.cs:  tttain  rtcij  Ah  ca.iru.irgo 
ertt  tn  comrnuni  ftcinnc  D,n   auaturcjf  in  duobui  ioits  cvti;ra 
lemma  nosirum  ad  2^  hutus ,  §  i .  Pan  raiione  nt  aLi^s  cajibus  va^ 
rtorum  angulortim.  &c% 


Bb 


§2^ 


i$6 
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fir. 

Vfus  opticus  paradoxicuspropof.  3  3»^ 

INgemoOfsima^  (^/acillimapraxis huiusprop,  IZiqu^^vfui 
elt  amecedentis  1 1 ,  inferuit  apudipfumet  EucUdem  in  Of- 
ticis^rottuundis ,  &  ex  p^i^te  paraJoxicis  propo/itionibus, 
4S)  49)^.  Efl  nelocus  ,  aut  quis  eum  inueniat ,  ex  quo  duA  ma^ 
gnitudtnes,  licet  interfe  t&quales,  tamen  inAquales  appareant  ocw 
lo  immoto  ex  eodem  loco"^ 


ma.&  Eftaliquis  locuscommunis, vnde  cequalesma- 

Parado- 
xumOp" 
tictm. 


gnitudinesinaequales  appareant. 


s 


Itenim  BGmagni- 
tudo  «tqualis  ipfi 
GDj&circaipfam 
BG  defcribatur  femicir- 
culus  BZDjCirca  autem 
ip  fam  GD  dcfcribatur  fe- 
«ftio  GZD,  c\\xx  fit  maior 
femicircuJo(per  3 1  j&  3  J 
tettij  clem.)  connedan- 
turqj  redJE  BZ,  ZG,  ZD.  Ergo  angulus  BZG,  in  femicirculo 
pofituSjmaioreftanguloGZDjquieft  in  maiore  fegmento 
(per^i  tertijElem.)Qu£Eautem  fubmaiori  angulo  fpedian- 
tur  j  maiora  apparcnt(  per  5  poftuj.)  Quare  ocuJo  collocato  in 
pundo  L  maior  apparet  BG ,  qudm  GD .  Atqui  BG  ipfi  GD 
pofita  cft  a^qualis.Eftergo  aliquislocuscommuniSjVndefpe- 
dat^  ^cquales  magnitudines  in«EquaIe$ apparent. 


§3. 


P  R  O  P  O  S.    XXXIII.  t97 

fllL 
Vfusaltcr  opticusparadoxicuspropors  3^ 

VSus  opticus  alter,  Datis  in<tqualibHS  magmtudinihus,  t(i 
ne  inuenire  locum,  ex  ejuo  magnttudines  ilU  appareant 
aqu.iles  oculo  immoto  ex  eodem  locof 

Eft  aliquis  locus  communis,  vndeinasquales 
magnitudines  aequaies  apparent. 

Icenim  BG  ma-  Thcort- 


gnitudo  maior  ^''- '  ^ 


C' _ „. 

L  J   °  r-T^     Q    Panido- 

ft-'  quamGD,  Sc  ^.^^,,0,, 

ciica  ipfam  BG  dc-  tia-.m.'' 

fcribatBr  circuJi    fe- 


R  G  "^     iStio  BZG  ,  qu3£  fit 

maior  femicirculo ;  circa  ite  ipfam  GD  dcfcribatur  circuli  fe- 
<Sio  GZDj  qu£C  fit  fimiJis  ipfi  BZG  fcclionij  ideft ,  qu^an- 
gulumcomprchendat  GZD  «quaJem  anguJoGZB(per  33 
tertijelement.)  connec^antur  autem  reftie  ZBjZG,  ZD.Cum 
igitur  anguli ,  qu  i  funt  in  fimilibus  fegmentis ,  fint  inter  fe  x- 
quales(perdecimamdefinitionem  tertij  element.)  jtquales 
ergo  funt  inter  fe  GZB ,  &GZD  anguli  in  fimilibus  fcdioni- 
bus  defcripti.C^g  autem  fub  ^equaJibus  angulis  cernunturj 
ffqualiaapparent(per  7  poftul.)Quare  ocuJocoIlocato 
inpundo  Z  £cqualis  apparet  raagnitudo  BG  ipfi  GD.  eft 
autcm  maior:  Eft  igitur  locus aliquis  communis ,  vnde  fpe- 
«Sat^intequales  raagnitudines,  jrquales  apparent. 


S4. 
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Vfus  optkus  paradoxicus  tcrt  ius  propoH  3  3 . 

^''■«^/f-  '^'   T"  S//S  opticus  iertius  .InuQnive  loca,  per  qusmorus 
^tado'     %A      ociiJusdaiammagnirudinem  videataudamjvel 
xumO^'      ▼        imminuraminlubiraproportione. 
'''^"^'  Sit  en im  re-^a  linea  •'^Z, 

circa  qua  dcfcribatur  pro 

arbirrio  feJlio  circuli,  iii 

M  qua   dcfcribatur  angulus 


//    \\        ^i-Zi  ipfiauteui  AZitqualis 
T'  i^     fir  5>  ,  circa  quam  defcri- 

batur  eriam  circuli  fectio 
ca}>icns  angulun^  dimidio 
minorem,  qnam  fir  anguhis  ?>»Z(pcr  j^.  tertij  Elem.)  An-. 
gulusergo  ^icZ  dupluseft  anguli  ^cT^.c^uare  -Z  magnitu- 
doduplomaiorvidetur  magnitudine  5>  jCum  oculicol- 
locantur  in  ^  cJ"}  ,&  AxZ  ciicumferentijs. 

S  C  H  O  L  I  A     adpraxcs. 


OVomAmlociiiict  fiint  ^rMemnta  deangttUs  in  eodcnj  fe~ 
gmemo  tsijnalihus ,  tde/l  %>ag.i»tur  a.nguh  fcmper  dLqua.' 
lcsper  arcuniftreritiam  eiujdem  fegmerjti ,  imtnto  fe» 
gmenti  ceniro,  &fixobaculo,dr  chorda.  addistantiam 
Jcntidiametri ,  ft  aocutmus  in  anteccdenrihus  ndpropef.  2  o  huius 
§  5  ,€rit  iucundum  circulariter  oher/.aKiC  oi  ulopc  vj.rta  vartorunt 
fegmentorum punHavidcfe eandem  m-gKitudnitm  modc^i er.gr, 
dnplam  tnpiurihuspufif/is ,  modo  iri^laminplnrihus.  ^c.  tn  au- 
&ione^  velimminutionc  \  dum  fUicet  obiecinm  eieuatum~Jii  iu.\t4 
dculi  eleuattOf.cm,  f>ii<f\  in  ccdempLinc» 

Fro 
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//. 

TropraxihiiSf/iue  vfibtisopticis  antecedeMibtts  habes  cornpen'- 
dium  georfielricum  a!:ohtsin  coyijlruciione  tJoflr£  dcmon^lrationis 
in  anteced.%  i  adhanc  3  5  ,  facilius  3  nifailor ,  quam  in  conjlrtt^' 
£lio»e  Euclidtand. 


Propof.  XXXIV.  Pfobl.  VI. 

Adato circulo portionem  auferre  ,qu&capiat 
anquium  Amaiem  dato  angulo  recldineo. 


F 


Sto  datus  circulus  A- 
BC.datus  angulus  re- 
ftilineus  D .  Oporreat  au- 
^  B  F  temacirculo  ABCportio- 
nemauferre,  quae  Capjat  anguiuin  angulo  D 
aequalem .  Ducatur  EF  tangens  circulum  in  B. 
'«Conftituaturqjad  BredaeEF  angulusFBCae- i^-i^"' 
qualis  angulo  D.  Cum  ergo  circulu  ABC  tan- 
gat  tcCt?  EF,&  a  ta(5tu  B  ducla  fit  BC,  ^  etit  an-  .i.T 
gulus  FBC  aequalis  angulo  BAC  in  alterna  por- 
tione  B AC conftituto ;  fed  angalus  FBC  asqua- 
liseftangulo  Djcrit  iglmr  5c  BACinalternafe- 
dbione  eidem  angulo  Dseqaalis  Adato  crgo 
circulo  ABC  ablata  eft  portio  B  ^C  capiens  an- 
gulum  aequalcm  dato  angulo  D.  quod  oporce- 
bac  faceie. 

Pro- 
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Ptopof:  XXXV.  Thcor.  XXIX. 

Sitn  clrctiloduAreHAfe  inuicem  /ecenp ,  erit 

reiiangtiihm portiomhus  vntus  contenttiV^ 
&q^ale  poftiombus  alieriuscontento, 

^  Ecent  in  circulo 
D  vj  ABCD  feinuice 
duse  tedtae  AC,  BD  in 
E  nicotedtangulum 
AEFCcontcmumas- 
quale efTe  DE,  EB  contento.  Si  ig'tur AC , BD 
per  ccncrumtranfeanr,  perfpicuum  tft,  cum  A- 
E,  EC,-  DE,  £B  ^quales  finr,  etiam  AE,  EC  co- 
tentum  acquale  erfc  DE,  EBcontento  .  Qupd  fi 
per  centrum  ncn  tranfeant:  accipiatur  centrum 
&propf.  F ,  ab  eoque  ad  redas  AC ,  DB  ^  ducaurur  per- 
pendicularcs  FG,  FH,  iunganturq,  FB,FC,  FE. 
Etquiareda  quaedamGF  per  centrum  ducfta 
redlam  quadam  AC  non  per  centrum  dudlram 
h^ropof  3d  angulos  re(5tos  fecat ,  6c  ^  bifariam  iliam  fe- 
3-3.  cabit :  aequales  ergo  func  AG ,  GC .  Cum  igitur 
rec^^a  AC  in  G  acqualiter ,  in  E  insequalitcr  feda 
cfro^ol.  ric^eritquod  AEjECconrinctui  tedangulum, 
47''    cum quadrato  quod ex  LG  ,  aequale  quadratO 

quod  tx  GCj  fi  commune  ,  quod  ex  G  F ,  adda- 

tur 


Xl.l 
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tur,  crlcquod  AE,EC  conrinetur,cum  Hlis.qus 
ex  GE,  GF  quadratis , aequale  iHis,  qaae  ex  CG, 
GF.  ^Sed  il!.s.  quxexCG.GF xquale  ^ihqiod  ^/.^^ 
ex  FC ,  illis  vero ,  quae  ex  GE ,  GF ,  acqualc  eft 
quod  ex  FE:  ergo  quod  AE,  EC  continetar ,  cu 
eo  quod  ex  FE.sequale  ei\  ei.quod  ex  FGf^qua- 
lis  autem  eli  FC  ipfi  F3  j )  ergo  quod  AE ,  EC 
continctur,  cum  illo  quod  ex  EF,  asquale  efl  ci, 
quod  ex  FB.  Ob  eandem  caufam  erfr  quod  DE, 
EB  continetur,  cumijloquodex  FE ,  aequale  ei 
quodexFB.Cfltrfumeft  autem  6cid,  quod 
AE,  EC coniinetur,  cum  eo quod  ex  FE ,  aequa» 
Ic efle  ei,  qucd  ex  FB^  ergo  quod  AE  ,  EC  con- 
tinetur  ciim  iI!o,qucd  tx  Fh,  awr-uale  eft  illi, 
quod  DE,  EB  ccntinetur,  cum  ilio  quod  cx  FE 
quadrato^communc,  quodcxFF,  aufe'ratuf:6c 
etit  reliquum  AE ,  EC  ccnttntum  iequale  reli- 
quo  DE,  EBcontento.  Si  crgoinciiculo^&c, 
Quod  cportuit  demonliiare. 

S  C  H  O  L  I  O  N     I. 

PRopefitiones  ^'<  35:.  &  firuas  56  ccntinent  lcwr^/ttA  fir- 
tnafidis  aliqutbus prehleMaiibus  ad  16,  &  ij  ld\(>,  zbt 
fritxes  aliquas  proportionalitim  linearum  inueitei.uarum  iradi- 
dimus,fupponer.tes  has  hn  3  5,  &  ^,6» ,v /V er^o  h.ibts ,  quod jkb- 
-p^mmt  tUdprax  <  s  tki  trajdit&t  iihijuui  trat  toi  us,' " 


Cc  §r; 


20Z 
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m. 


JI. 


S  C  H  O  L  I  O  N    ir. 

NoAra  methodus  pro  agoorc(;ndis  circuli  ad* 
mirandis  in  hac  3  5  prop. 

N0/?r4 methodus  fauet  fropoJitionibHS $$,&  $6 huius li- 
hri^ut  nunc  hicin  illis  iideas  myFleria  altqua  periinen- 
tta  ad  lineas projiortionaUs  foji  expltcatum  a  nebts  tn^ 
Mtccedenttbus  librum  fextum ,  qu£  non  licnijpt  aperire  in  librt 
tertio  antefextum , »«  quo  de  proportionalibus  lineis  copiose  a  no' 
bis  expo/itum  efl. 

Itaq-y  agnofce,  mi  Tyro,  miram  hanc  circuli proprictatem ,  i»-* 
^uo  binn  viU  line^fecarefe  nenpoJfunt,mJi  proportionaliter,no» 
autevt  temere,  vtferipotest  extra  circulum  >  necjolumproportio- 
natiter,Jed  cttam  reeiproce,ita  vt  in  vtraquejint  antecedentes,  & 
^onfequtntes  proportionum  termini.  Vt  in  AE  antecedent  eji  AB, 

&  in  CD  conjcquens  BC  ,fic 
in  eadeCD  antecedens  cji  B- 
D,&  confeejuens  BE  in  AE. 
^jioniam  entm  tam  didici- 
lii e  \6 lib.  6,  quatuor datis 
reffts  Itneit  ,Ji  extremarum 
re6langulum  Jit  aquale  re- 
liangule  medtarum  ,  eas  eJJe 
tterje  proportionales,  vtprt» 
adjecjic  tert.  adqtiartam^dl' 
in  1 4  eiufdem  /.6  vididipit- 
rallelogrammBrum  aqualium  i&  habentiumjaltem  vnum  angu- 
lum  angulo  altertus  &qualem ,  latera  circa  aquaies  angulosefe  et- 
iam  rectproce  proportionalia^  acjunt  reiiangulorum  omnes  anguli 
itqHides ,  ntmpe  refii  j  dttm  hk  audit  reSiangulum  Jub  AB ,  BE 

ttqua^ 
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aejttdle  ejfe  reliangulo  ex  CB ,  BD\efgo  aherutrum  torum  re^an^ 
gulorum  contirjet  duas  extremas^&  alterum  duas  mcdias  quatuor 
liNearum  reciprecc  proportionalium.  VeUit  AB^BE  dux  extrem^t 
CBiBD dud medta,  acproinde,  vt  AB adBC, ita  BD  ad B£> 

§11. 

Vfus  circuli  ex  hac  3  5  proporin  Gcometria 
fpeculaciua,  6c  pra(5tica,  (k  in  Arichmecica. ; 


ESt  ergo  circulus  fxcundiffimus  parens  linearum  proportio'  _.  . 
nalium  inueniendaruw  in  hac  j  5  .  ideo  vfus  infignesfiint  p  ^^g„g 
ab  hac,etiam  extra  terttum  tihrumprofexto,  ■vhi  de  inuen-  litieam 
ttonthusy&vfihuslincarum  proportionaltum .  Sninimmotn  i^  ff«\>or' 
propofitfexti,  ihi de medix proportiottalis inuentione,  habcs 'veftt- 
gium  vjiis  ctrcuh,  quafiin  hac  3  5  latcat  inuentio  medi^. 

Apud nosvero  habes  vfitm  circiili ettam pro  tertia.,&  quarta 
proportionalihus inueniendtsex  hac  5  5.  i»  Apiar,  3  ,progym. 10, 
propef.i,  2,  3,  & ininitso  ^partis   -x.tom ,Aer&r.ad pr opof  )  6,§ 
l.&adpropof.iyy  §  2  j  5  , 4,  5  .  ■S'^^  hac eadem  3  5  habesinuen-  Inaccef- 
ttonem  demondratam  latcris  reffi  datx  ParabUes,ad  vfits  eximtos,  '"'. ''  "' 
Apiar.j.^progym.-^^propof.i&fcqq.  ,  Lmtudi. 

Pr^terearetitje ad  16 propof.initto  rpartis  2.tom.Aerar.%  2,  «c^>Fo- 

'vCus  dtios  extmtos  cx  hac  ?  5  tn  ctntdopro  ope-ationibus  Geomctr.  ^""  '^^~ 

tracltcA  ad  tnuemendas  ignotas ,  &  inacccfjr.s  altttudtnes^  latt-  n-^re  ope 

tudines,proftinditat€S.  V(tm  etiaminfignem  j&  quaCi  ortttm att-  circnU. 

rearegt^U proportionum  in  Artthmettcisex  mutua  duarumrc-  ^"S."'-''-' 

iiarumfecftone  in circuloy  recole ibid.%  ^.Ex qutbus  hic  indicatts  rttbme- 

habes  coptam  ornandte ,  ac  illuflrandtii.  huius  3  5  propof  tua  ,  in 

Cr  e  cir- 


cnlo. 


Cc    2  5^ 
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§iir. 

Corollarium,  ac  Theorcma. 

SI  dua»re(ilaemutu6itafeccntfe,  vt  carum  (igmenta 
fintreciproceproportionalia,circulus  ibit  pcrea- 
rum  extrema./«-v/4 a nobis expo/aa m%z  antecedtnte  ad 
fjanc  5  ^,circuli(seiuftusper  tria  extrema  A,C,E,  ibit  &per  quAr- 
tuml^lineartm,  quarumfegmeinareciprocafunt. 


PropoC  XXXVI.  Theor.  XXX. 

Siextracirculum  punBumfHmatHr ,  ah  co^ 
in  circuium  duareBdineacadant,quarum 
vna  circulumfecet,  altera  tangat,  reBan- 
gulum  totafecante ,  £5*  eaparte ,  qu&  tnter 
pundum ,  ycuruam  peripheriam  eji ,  erit 
^quale  tangentis  quadrato» 

EXtra  circulum  ABC  fumatur  quoduispun- 
aum  0,  ab  eoqj  ad  circulum  cadant  duac 
redtas  DCA,DB,  quarum  DCAcirculumfecct, 

DB  tangat .  Dico  redtangulum  AD,  CD  coten- 

tum. 
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D  tum ,  aeqnale  e(Te  quadra- 
to,  quod  fit  ex  DB .  Tran- 
fic  autem  DCA  per  cen- 
trum,aut  non.  Tranfcac 
primo  per  centrumquod 
fic  E.  Dud>a  ergo  EB,^  eric 
angulus  EBD  rcdus .  Et 
quia  recfta  AC  bifecarur  in  E,eiq;  appofita  eft  in 
diredum  CD,  ^  erit  quod  A D , DC  concinetur, 
cum  co  quod  ex  EC  y  aequale  ei ,  quod  ex  EDi 
cft  vero  EC  a^qualis  ipii  fc  B:  ergo  qaod  A  D ,  D- 
Ccontinetur  recbagulum.  cum  quadraco  quod 
ex  EB , aequale  eft  ei ,  qiiod  ex  ED ,  quadraco.  <" 
Eltautemquod  ex  EDaequalcillis,  quaeex  EB, 
BDquadratis  ,  qnod  angulus  EBD  re^us  iic. 
Ergo  quod  AD  >  DC  continccur,  cum  eo  qaod 
cx  EB,  asquale  cd  illis.qux  ex  EB,BD.  commu- 
ne,  quod  t,x  EB  collacur,  ericque  quod  A  O,  DC 
ccntinecur  aequale  ei ,  quodex  Tangente  DB 
quadrato. 

Sed  iam  DCA  non  rranfeat  pcr  cenrrum ,  ac- 
clpiaturqj  centrum  E , '«'abeoq,  ad  AC  perpen- 
dicularisducatur  FE,  iunganturqj  £B,  EC,  EDj 
'  erit  crgoangulu.  EBD  recftus .  Et  cum  recta 
quaedam  EF  percentrum  ducfta  rcdtamquan- 
dam  AC  nonperccntrumductamfecct/adre- 
6tos  angulos,  illam  6c  blfariam  fccabif.func  ct- 


a  fropof. 
18.5. 


bpropof. 
6.1. 


c  propof. 
47.1." 


d  p-ropof. 


e  propof. 
18.3.: 

iprop:  j. 
5- 
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go  AF  ,  FC  aequalcs ,  Ec 
quia  recfta  AC  bilccamr 
in  F ,  eiq,-  in  dirc(3:um  ad- 
diturCD.^eritquod  AD, 
DCcontinetur,  cumiilo 
quod  ex  FC  «quale  ei, 
quod  cx  FD.Commune, 
quod  ex  F  E  addatur ,  &  erit  quod  AD,  DC  co, 
tinetur ,  cu m  iUh  quac  ex  FC ,  EF ,  jequale  i ilis 
'»>»H  quas  ex  FD ,  FE :  illis autem,  quae ex DF , FE , /& 
acquale  eft  quod  ex  DE  (eft  enim  angulus  EFD 
red:us: )  illis  vero  ,  quae  ex  CF ,  FE ,  aequale  eft 
quod  exCE.Ergoquod AD,  DCcontinetur, 
cum  ilio  quod  cx  EC ,  aequalecft  ei ,  quod  ex 
''^^'  EDj^eftautem  EC  3equal)sfpfiEB:Ergoquod 
AD  ,  DC  continetur  ,  cum  illo  quod  ex  E- 
B,  xquaIceftei,quodex  ED:  ei  autem  quodex 
^Fofof.  k  £D  gpqualia funt  qus  ex  EB,  BD .  cumangu- 
lus  EBD  fir  rc(fl;us:ergo  quod  AD,DC  continc- 
tur ,  cum  eo,  quod  ex  E  B,  aequalc  cft  jIHs,  quae 
cx  EB,BD.Comune,quod  ex  EB  tolIatur,6c  eric 
quod  AD,  DC  continetur  recftangalumasquale 
quadrato  cx  tangenteDB.  Si  crgo extra  circu- 
lum  ,'6cc.  Quod  oportuic  demonftrare. 


5i: 
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Conuerfum  noftrum  Corollatij  primi  apud 
Clauiumcx  3<»propo{^hu.li.$. 

COrollarium  e(i:fta.  oommunipun£to  quotcunq^  re5i£  du^ 
cantur  (circulur>A  fecimtes)  ifq-^  ad  cauam  peripheriam, 
reciangulafub  totis,  &parte  inter  pun£ium ,  &  c$nHe~ 
xAmperiphertam  omnia  ejje  <tqualia, 

Felut  ab  A  ductA  AC^AD,  &c, 
conHituunt duoreilAgulaC A,  AFy& 
DA,  AG  tnqualia,  quiafiltcetyCX  hac 
3  6  -ifunt  Aqualia  vm ,  eidemg^  qua^ 
drato  tangentts  AB,  Si  ergo  reilarum 
ipucio  AfegmetA  Cint  in  ctrculiperi' 
pheria,  reciangulafub  totts,&Jegme- 
tis ,  &c»  nequalfafunt, 

Cenuerfum  noltrum  ed  (quodal^ 
ab  abfurdoprobant )  St  rediarii  ab  vno 
pundio  duciarufegmenta  cutotts.&c* 
cenliituunt  rtEtangulatquaUa,funt  puncia  fecitonu  in  circulipe- 
riphtria ,  ide/i  circului  duciusper  tria,ibit  &  per  quartu  punffum 
fe^itonu  .StreSiara  ACy  AD  ab  A  du6iarum  fe6itones  in  F,G  ita 
funtyVtfubCAF  3  DAG  re^angula  Jint  £qualta  ,  circulus  per 
F,C,D  tbit  &per  G,  hoc  estfe^iionumpttncia  f,  C,  D,  Cfmt  in 
feripheria  etufdtm  circult. 


Sa. 
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$11. 

Vfusprop.  |f  prodfmcnfione  tonus  terrarum 

Orbis, 

Sus  egregiushuius  3  6  propofitionis  eH  in  inuentionc^ 
dtametri,  c^  dimenjione  'vntuerfi terrarnm  orbis.Mau^ 
rolycHS  tnjHd  Cofino^raphiaprimns  ,  ac  tngentose  ,vt 
femper  fbkt,  adtam  infignem  vfum  traduxit  hanc  pro^ofittonem» 
Vide  illum  etiam  citatum  apudclauium  tn  cap.  ijph^r^  Sairob. 

Hac  eadem  3  6  vfus  efl  omnium  exaittfrime  adpraxtm  Griem' 

lergerus.  Cutus  vperattonem^  ^  dinonjtrationcm  ex hac  ?  6  ho' 

besapudnos  in Aptar.2prvgym.^.Schol  2,poB prop.j.Labor  om- 

fjium  phito/ophorum  gco^netrtce  rerfantiurn  circa  Vjunthu.  36 

pro  terrarum  orbn  dimenfione,poJitus  efi  tn  inucnienda  recta-,quA 

vere  fit  &  re&a,  c^  tangens  fuperftaem fphxrtcam  orbts  terrtni, 

Ac  ticetpra  aitjsjumma  cum  ditigentia  pra^ica  Grtcrnbcrgerus 

Tangti  /^'^  vidcre  licct  tn  ci^.x^p.  2 J  farn  tangcntem  ducere  doi  uera  j  tam 

*'^^^'?i"-'  f^^"  ^f^^  ^"  ingCKiosa,  &  exafta  eius  oper  atione  atiquid  elr ,  quod 

pe>pctf    ttirbet.  Nam  ea  Itncn  (^juam  ilte  defrgnat ,  attt  metttur ,  ac  citrigit 

fix  po'   fuxtaperpendtc  ulttm  incidens  adreffos  t»  eius  lineapartcs  )  qtto- 

tefidnct.  tiiam pcrpcndictdumfcmper  tenditadtcryx  centrtim,cjUunto  tna- 

gisproducttur  ea  tangens  extra  ftiperficiem  terrent  orbis,  perpen- 

In  ap-  dtcutumjemper  obttqtiius procedit ,  ^ produattineam  non  refft, 

phcatio^Jed  ciirtiatamfticetfortajft  non  valde  adjenfum^  in  ctiius  parttbus 

"',  '"     fcit  angutos  refJosvcrJus  centrum,&  externos  Mjuaics  internis, 

"tncts  ad  qH^icsptint  tn  quotidianis  operationibus  aperpendicultsfupicrpia- 

phyfica   nisbreHibttsterrxcuruetnramtangcnttbus. 

'^a  '^^*         Nos  cum  ^Mutrotyco,  &  attjs  putamtt-s  Jatius  effe ,  in  hifce  ap' 

n,itm/t-  piit^tiontbusgeornetrtcis  itrca  materias  phyficas ,  vtt  openaturx 

Uh.ad::i poitus , qttaw artts in  natitratibus .  Itaq^ ciini natura  vtatttr  radio 

mius      '^'U'^'^'-^p^'^  b>eutfjima,idcft per  rcctam  lineam  dirccfo ,  vternur 

qna  ar-   nos  tti&m  htc  (zt  (^  tn  cit.Apiar.^  alitcr  vfijumiis)  radio  vtfuali 

tipcKth-  pro  tangeme,  auf,  hanc  3  6propof.facitiorefortaJfe  optra^^quam  al^ 

tfHS.  j 

•  (raau- 
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tfiducemus  i^dinjigncm  httnc  v/nm  dimeticndt  totnm  terrarum 
erbem,  non  (ine  opepropof.  l  j /exti.  Cui  opcmttoni  conducet  trari- 
Jice  nojlra  methodus,per  quAmprAccfstt  1 7  prop./exti .  Ftemur 
tnodo  hic  faciliore  non  folum ,  (juam  ejl  iile ,  ejuo  'vji  ftmustn  cit. 
A^.  1,  fedetiam  in  t^nale&o  5  >/»  /juarta  ediiione  no^rorunuj 
Aptartorum. 

Finge  igittir  inJtg.Eucl.terrartm  orbem  efe  circultim  CBA,di' 
oculum  in  Bpropcjttperficiem  terra,velmaris,  vbipojfit  in  .iperl* 
planitte  ampltjsima ,  velinfuperficic  tr.inquiili  maris ,  acin  tem- 
fcflatejerentfsima,  &  qtfxm  m.ixime  ircebit  a  vapribtis  ltbera,poJ- 
Jtt^  tnquam,  fpcct.treprocttl,  &incidat  vtfori.i  Ifne.t  BD  tn  vcrti- 
cern  D  ttirris  altcuius  CD ,  vcl  Jcopuli  ,  velmontis  ,  arboris  etiam 
altcttiusprocertfsimia .  ^«^e  ornnes  magnitiidines  ab  arte ,  (^  a 
naturaperpendtcHiariter  crecldt,  &  direcijijunt  ad  centrum  E. 

Notx  Jtint  merijuris.  vtrsq;  iiKCit 
BD  ,  LCper  rnodos  ,quosindicaui~. 
njus in  cit.  Jp%  2 'prog. 3  .prcp  7,/j/- 
qtte  etiamdocuimiistn  antec.prog. 
l,&  2  etftjdem  Ap. 2, & in  1  parte 
Tomi  2  5  ad^prop.  elem .  6  .  ^o. 
niam  igittir  quadraium  ,  per  hanc 
3  6,dtl!antix  BD  eli  aiquale  reff.t». 
gulojtib  aititudme  CD,&Juh  rccia 
DA,  ergo  ,per  l  yfexti ,  eru??t  tri  s  iinexproportionales  CD  ,  DB, 
DA.  N  otit  funt  in  menfuris  itihitisprima  CD ,  &Jeiunda  DB,  er- 
gOjperregul.im  attream  dabiturimjJdeMmenfuris,  qttieqiiaritttr, 
tertia  DA;fciiicet diuidendo ntmerum ipffits  BD  pernumcrum.^ 
ipfiusDC  ;ac  ertt  .^otiens  numcrus  ipfius  D^yi  ,  ex  quofidetra- 
has  numerumipfus  CD  ,  reiiquus  ertt  numerus  indicans  quanti- 
tatem  diametri  CA,  terrA  CBA.Ex  qua  dernde  hcebtt  elicire  non 
folumamhitumcirctdtCBAtn  terramaximi  jhoc  ell  tpfius  Orbis 
terrcni,  fed  etiam /ttperfictem  ,  dfjoitditatem  tottusO.bisttrrent, 
iuxta  mndos  a  nobis  vfrp.itos  in  ctt.propofj.pru^.  3 .  ^piar.  2 ,  Ac 
Tnttitofacilius ,&  demonflrattue  luxta  zjum  mirijicum  centrtgra- 
uitatis  a  noflro  Guidinoproditum  ,&  a  nobis  expofitum  in  exem- 
piis  facientibus  ad  hanc  terrAtrinam  dimcnfionem  iu  Anaieciu  7. 

D^  ad 
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ad  iiiinrtnm  editionem  K^ptariorum,  ^  nenfemelin  trihusTomis 
u^pud  /^w«-f  yierarij,  Vide  &  tn  ife£l,  Breniarif  fiereom»  tn  To.  5 .  hiiius 

msh':odi  Aerarij^ 

quantor       Habes ha&enus a  nobis inhoc  ^crarioqaattior  modos  dime- 
dmetic-    ...  , ,  .  ■'  .  ,     r     • 

di  Orbc  ttendt  orbis  terrarim  j  / ex  Eratonhene  ad  29  frt,  II  adZjexH, 

tcruru.  Illaddefn,  1 1  hutus.  IV  hic  adhanc  3  ^. 

JIIL 
Vfusalijpropo£3  6. 

VSus  etinm  alios  habes  noJtros  huius  3  Spro  inuentionihus 
lincantm  ■jjroportionalitim  adquam  plurima  eaomraa 
tn  omnihtts  artiibus  ,  ac  jcientijs ,  quibus^vftiifur.i  it?.'ex 
yroprt.  prc^ortionaks ,  ac  no^rttm  etiamilltidproblema  :dxx.XXt&.dS  li" 
,(5.    "   nea'duasextiemasproportionaksadijccre.  d^f. 

Vide^vnde  hitc  adducas  tUii/iranda  httic  fropofitioni  3  Bp^^o  Ty- 
ronibtts,  Aptar.  3 ,  Vrog.  \  o,propof./i^ ,  5: ,  &c,  &  tn  2  partc  Tomi 
2  adpropof\6,&  17. 

§IV. 

Problema  in  Opticis  Vitellionis  roliuum  ex 
hac  3  6  propofl 

Vcfacitprohlema,qtiod cflpropofitio  \il:h.  ^.Optic^Vi- 
tcllionts ,  ijuod&  Clatiitts  tnjua  ad  hanc  3  6  Scholiafibi 
affumpfit  .VerhaVtteLltonisfttnt'.  Pofitis  dliabus  li- 


H 


neiSjpoffibileeft  vniipfarumlinearumaliamadiimger5.>ji 
ata,  vt  illud,  quod  fit  ex  dudu  totiusline^e  cumadiundta  in 
adiundam,  arquale  fit  quadrato  reliqu^e  datarum .  Ftngcin 
appolitafignra  datasduas,  &  extractrculum  ejfc  BA  ,  ED^Uiqi^l' 
1erutr<g  eartim^i^fi  ED ,  adtungenda  atia  ita ,  vt  refiangulumjuh 
£D  cum  adiuncU,  &  fuh  aatun^afif  xquale  quadrato  reliqu<s  dA-\ 
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t£  BJ  .  Eif-riAta  ED  dat^fe- 
midUmetre  C  A  defcrtbntur 

~  circultis  DAE,  (^  edncAti/r  nb 

y^^    cxtrerf:o  A  [cmtdiametri  ipja 

^  'P        tangetis  AE  i^qualis  altoi  da- 

td  EK^-Ver  ccnirum  C  iunga,' 


tnr  DB  -^trit  illa  (ju£  cju^ritur^ 
fcilicet  ipfa  data  ED  cum  ad- 
iunStA  EB  5  qitx  in  "unam  Unet 
componitttr^  cuius  reftRgulum 
fubdata  ED  cttm  ad^ilcIaEB^ 
^fttb  adiunS^aEBi elf  xquale  quadrato  datA  BA^per  hanc  3  f . 

§v. 

TUEOREMA    l 

Sin  in  femicirculo  ex  qiionis  pucto  intra  diame- 
cruniafTLiajpco  ad  ipfam  erigatur  p-^jrptndi- 
cular!s,&ab  vcroqi ferrnino  dia.-iivCi}  dk-s 
rededucancur  (e  muiao  fecances  iarrj  fcaii- 
circalum  in  aI?quopancl:o  iind^p^rpendicu- 
laris  :aliaedu3s  re(5t«dac):.sab  ijldemrct;ni- 
nis  diametri  per  pancta,  io  q.Kbas  priores 
duaefecant  circumfetjnriam  ,  fi  producan- 
tor ,  concurrenc  v tiam  ipfas  extra-  (cf  nicircu- 
lum  in  idem  puclum  erecix  perpwndicuiarij. 

EX  vtroqiietermino  A,  Ddiametd  AH  duvflcT  fint  dua» 
rcfta.' ACjnH  le  mutuofccaics  iutra  fem'LircuIu  A- 
BL"',  inpudol  perpcdiculaiis  FB,  dicorcftasquoqj 
AH  i DC protraclas cum  eadcm  pc; pciid iculan  tocm icre 

D  d     2  in 
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^ 


ineodem'pundlojvcrbigratia  j  E.Concurrat  enimredla 

AHcumprotra(Saperpendiculari  ABjin  E,  ne<aaturque 

adlu  CE. Quoniamigiturreilangulumfub  EAjAH,  ^  3£q[ia.lQ 

b  §  I  ri^  eft  rei^angulo  fub  CA,  AI,  erunt ^ quatuor  pun«5ia  Hjl,C, 

36hui.    E,  in  circumferentia  circuli  ,&  ideo  anguli  oppofiti  ECI, 

c  21  ff^-  £j^j  jj^  quatjj-iiatero  HICE,'^  duobusrc(5lis  a^quales .  Sed 

angulus  EHI  redlus  eft,vtpote  ^qualis  angulo  AHD  in  fe- 

micircuIoiergo&anguIusECI  re*5iuscrit,  xqualifqjan- 

d?ifer.  guIoredodACD.  Quarc  cumanguli  ACE,  ACD  fint 

g^"      .  £equalesduobusre<5lis,erunt^  re(5la2  CD,CE  vnalinea  re- 

m  Euc.  «^ii5&confequenterprotra<5la  etiam  re<5la  DE  tranfibit 

per  pundlum  E.  Non  aliter  deroonftrabitur  re\5la s  AC,D-» 

Hjfecare  perpendicularem  in  eodem  pun<5lo  I,fiprius du^ 

^^  iliiilent re(5l;e  AE  p  DE ,  a d  pun<5tua;i  E ,  cxtra  femicir^ 

culum 
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culum  fccantcs  eiufdem  circumferentiam  in  pundisH,C. 
Namduftdjverbigratia,  AC  fecante  perpendicufarem 
FB  in  I,  iundlifqi  IH  ^DH ,  erunt  vt  prius  quattuor  pundla 
H,  I,  C,E  in  circumferentia  c irculi ,&  anguius  IH E  ar^ua- 
lisretfioICEf^Atquietiam  HDcumeademre».%  AEfacit  ^}^ '""" 
angulosre«fios  in  pun^fto  H  .  Ergo  redx  HI ,  HD  lunt  vna  '^' 
linea  reda  tranficnsperpun(fluroI.Q,uod  erat  demonftra- 
dum.  VtU.ilpandus.  Ex  tjiio  eins  theoremate ^rxdarA  fequentiitj 
idcm  t^iithor  dedncit. 


§  vr. 

COKOLLAKIVM. 

In  quouistriangulo  ex  tribusangulis  fi  dfmitta- 
turperpendiculares  in  latera  oppofita  ,  fe^ 
mutuo  fecabunt  in  eodem  pun(5to. 

NAm  in  triangulooxygonio  ADEdemiflTa  fitexE 
pcrpcndicularisEF,  &  circa  ADdcfcribaturfe- 
micirculus  AHCDfccans  latera  AE,DE  in  H,C, 
ncc^antui^;  AC,DH,  qux^adeademiatera  AE,DE  per-  g  51/«-- 
pendiculareserunt.   Quareex  ijs,qua?  proxime  A^ntde-  ^U 
monftrata,ea'demre>5l;B  ACjDH  ,le  m- tuo  fecabuntin 
eodem  punvflo  I ,  cum  perpendiculari  EF  ,  in  qua  fc  mutfe 
fecant  alia'  du.r  AHE,  DCE.  Deinde  fit  triangulum,verbi 
gratia,AID,  amblygonium,  Scexangulo  obtufo  AID  de- 
miftaperpendicularis  IF,  qua^  intratriangu!umcadet:re- 
liqux  vero  dux-  perpendiculares  AH,  DCcadent  in  late- 
ra  DI,  Alprotrada  .  Dicoeafdem  tresperpendicularcs 
FI,  AH,DC  concurrereinidem  punclumE.  Defcriptus 
enimfemicirculuscirca  bafimAD,  tranfibitneceflario 'i  ^^§'^ 
per  punda H  C .  Cura  igitur  AC , DH  intra  feraicirculum  ^^ 

con- 
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conucniant  in  codem  piin<flo  I  perpendicularis  FLconue- 
nient  etiam  rcdde  AH ,  DC  cum  eadem  perpendicuiari  in 
alio  puncio  E. 

Poftremo  quod  ad  triangulum  re<5langulum  attinet ,  cu 
jneoducTperpcndicularesdemiffe  exangulisacutisfint, 
ipfamet  latcra  trianguli  circa  angulum  redum ,  patet  ter- 
tiamperpendicularem  demittendam  ex  angulo  redofe 
mutuofecarecum  reliquis  ineodem  pundoj  inquoexi- 
dit  angulus  rci£tus,  Ergo.  &c.  Fii/a/p. 


Bl   .'■ 


'^ 


SCHOLION     I. 


E§  3  7  .'id ^li.  6,  AB ,  velDB  efl  tnedUprfporUonAlis inttr  A- 
//,  AE,  (^inter  AI,  AC  ,  crgo  qfadr.ttoeidem  ex  j4B  ,  vel 
ex  DBfunt  ^qualiare^angrda EAH,  CAh 

Scho- 
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S  C  H  O  L  I  O  N     II. 

PRoclns lib.iycap.jvhi affert  exeTnpltim prcpof;lioni.t ,  rt^/tfio 
//t elemeattir/tyjcd clen;eKtaris:^\QT[\^\i.  gratia.A  trian- 
gulorum  angulis  ad  latera  dudas  pcrpcndicuJares  in  vno 
(igno  coincidere.  Habes  exempUtfz  anttced.exViUalp,  Vtde  c^ 
Commandirium  adpropcj.6  2  lib,  7  Pappi, 

fVIT. 
it-tiSb  R  E  M  A    11 

Siinfeinjcirculoab  vtrqque  termino  diametri 
duaerectoeducantur ,  fe  muruo  lecantesintra 
femicircuium,  &<  ab  eifdem  terminis,  per 
pundta  inquibus  ducftaefecantcircumferen- 
tiam  ,  ducantur  duae  alias  re(5lae  concurrentes 
extra  femicirculum,  rc(5ta,  qux  coniungit 
vtrumqj  punctum  concufiu.s,erit  ad  diame- 
trum  perpendicularis. 

InfemicircuIoABCDexterminisAjD  diametri  AD 
duftcE  fint  reda:  AC5UH  fe  mutuo  lecantes  in  I,&  circum- 
fcrentiam  in  C,  H.-per  CjH.exijfdemterminisAjDedu- 
fta?  fint  DCj  AH  concurrentes  in  E .  Dico  redam  EI ,  q UtC 
iungit  vtrumq;  pundum  concurfiis  E ,  I ,  effe  perpendicu- 
larem  ad  diametruiT  AD  Producatur  enim  vfq; ad  Fiatq; 
cx  I,  intclligatur  demifia  perpendiculai  is  IF ,  qu»  cuni_» 
protrada-'  tranfcatper  E,eritperpcndicularislF,vnaea-  a§  5<d 
dcmq;  linea  cum  reda  EI, hoc  eft  cu  redla  EIF:atq; iccir-  3 ^  bu. 
co  etiamreda  EIF  erit  ad  diametrum  AD  perpendicu- 
laris.  Quod  erat  deraonftrandum.  VtlUlpandns,      CO- 
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COR  O  LLARIVM. 

Hlnc patetnoua ratio  demlticndi  lineam perpedi- 
cularenri  in  datamredam  Jineam  ex  puntfto  dato; 
Si  enim  data  foret  reda  AD  ,&  puu(5ium  E ,  de- 
lcripto  femicirculo  ABD  quouis  interuallo,ex  quouis  pu- 
dore^^  ADjiunaifqj  AE,DE  fecantibuscircumferen- 
tiam  in  H,&  C,  fi  iterum  nedantur  DH,AC,  illa:  fe  mutud 
fecabuntinpundol,  perquod  duda  redaexpundo  E, 
necefario  eft  perpendicularis  ad  re^aara  AD>v£  demon- 

■•■^  S  C  H  O  L  I  O  N. 

Demonftracio  praxis  ad  propof.  1 2  lib.  i ,  §  4»  -^ 


Q 


y^e  ex  mteccdentibus  %"]  ,&  Corollmo  VilUlpandifa- 
tis  tonjlat. 


PfO- 
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Bropof.  XXXVII.  Theor.  XXXL 

Si  extra  circulum  punHum  fumatur ,  ah  eoc^ 
incitculumdu&reciA  cadi^nt,m^ri4m  vnA 
circulumfecetj  altera  inctdat  ;  fn  aute?/u 
quod  totafecante,^  ea  parte,  quA  tnter  pH. 
dttm  ,  (3  curuampertpheriameji  ,  contirtg'» 
tur  refiangfilum  ^quale  cjuadratOj  quodfip 
db  inctdente,  tanaet  incidenscirculum, 

jp        f2^"i3tarextra  circu!u  ABC  pan- 


7 


i 


d:um  D,  abeoqaein  circufum 
cadant  dux  rccts  DCA  ,  DB  ;  qua- 
rum  DCA  fecet,  DB  incidat  circulo. 
/C/    ^J^  Sit  autciTJ  quod  AD ,  DC  continerur 
W    F    y  rc(5langulum,equ3lequadr3toquod 

'^^ fictx  DB.DicoDB  circulumtange- 

re,'«  DucaturcnimDEcirculumranirens,  fum-^  p^^psf' 
ptoq;centroF,  junganrurFE,FS,  FD  .^&erirb^r,;.»^: 
angulusFEDreclrus.Ftquia  DE  tangir,  DCA  '  '' 
fecatcirculum,<"erirquod  AD ,  DCconfineturc^;vj„y; 
aequaleei.quod  cx  DE,  ponitur  auct  m  »5«:  quod  '"'■ 
AD,  DCcontinetur,  xqualeei  quodex  DB^cr- 
go  quod  ex  DE  xqualeeft  ei ,  quod  cx  DB :  3?- 
quales  funt  ergo  D£,  DB:  ^func  vero  5c  FE,  FB  "^ /^^f^- 
aequalc§:dua2  igicur  DE ,  EF  d..iabi:s  DB  ,  BF 

Ee  acua- 


e  propof. 
S.i. 
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acquaKs  func  5  &  biiis  FD  commu- 
iij$5  e  angulus  crgo  DEF  jcqualis  <  it 
angulo  l>B'-5c(tauremDi.Fif c5t  si 
ergo&  LJBF  rca-os  crt  .  £t  Bh  ,  fi 
Y  produc3rur,cftd.amctruJn;^qu2Eau- 
/  tcm  diamctro  ad  arguios  rccftos 
ducitur  ab  exrronitdtc  ,  circulum 
t3r)^^t.  Idem  demonftrabitur  pari  modo  (1  ccn- 
trum  fit  in  AC.  Si  ergo  cxtra  circulu ,  ^c.  quod 
opoituit  demonilraie. 


^t: 


A  P  P  E  N  D  I  X 

In  qua  — 

— -Campl  Geomccrici.&  Materia 

proQuinto  lomo  /^rarij 

exlib.3,6caclrum. 

$1. 

Ad  conica  ,  &  c  conicls plurima  ad  hunc  lib  }. 

e'le»dirr.:is  'nir  latlitmtlht^  leoot^tytcii-n  dc  ltn?ii  rcciz 

J  o 

tiiymptoto  adlifienm  hypcrbohcam,  monmmnSj,  d^  i/jdtci.. 
uim:'.s(qn9d,&  hic  tn  teco  fici//ius)ex  demondratis  a  nobtsprodire 
ah  angiUo  to^Jtaffits  t.im  non  rotnctdentiam  du.trtim  fcmper  m.im 
gis  ,  .ic  migts  inter  fe  acce  kntium .  Addfniis  hic  nunc,  qiiemad- 
modum  exhoc  Itb,  j  nonp.iucatH  csnicis  egregta  ab  ipfomet  Apd-' 
lomo  demonilrantur ,  fic  Cfplura  nlix  po^e  demoniirati  e.x  propoft' 
ttombitsh-itus  lib.l  pcrttncntia  .tdcomcarumjeiftoniim  admtran' 
dus  proprtet.ucs, 

i  Imrno  in  conicis  ApoUonij  in premptu  /'.;'»  funt  pltirtmt ,  ac 
mirtdt.t  affccftunts  de  tpfo  ctrculo  ( cjui  tjuarta  tji  e  ie6ftontbtis 
<onicis,acturefttoconicorumtlementorumpritcipua  iiihtinc  Itb,  j 
aduocai^  i^monllr.im ,  cjufipoffii.t  mtrifce  dttare  hcc  eUmcntum 
ge«meiricitr/;  tertiurn  ,  c'^  ait.mos  auditorum  twbutre  nata  ccgnt~ 
ttOiif^extra  huncttbt  7,rcrun.  iiiCU»d'r;:mptritncnttHm  ad  ctrcU" 
ium,  de  ijuoproprte  ,  varte  ,  c^  ccptose  agntir  tn  hoc  5  eleni,  VidCf 
fcrutare,  rele^e apud yipotlontum,  (^  huc  appone  faliem  altqtta  et" 
rum^ijuji  .■.osfvrtafje  aliquf.do  tn  i^itntt  To.partem  alicjuam  com- 
ptngemtts  yjivires  y  &  antmus  &d  vttitoramoratia  i.irhpridertLJ 

Ee      2  afJjc- 
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d*ihctaMs^ptrmi/eyiaf .  Jnterirpjaltem  carr^m  indicmHs  Utepi- 
tcntempr^fM^s  ad  C0»ica, 

§11. 

Ad  Gcometriam,6c  Stcrcometrlam  rotundoru, 

2  j^  ^\.  ^'odift  citati  Scholy  fitie  in  Ap.  ctt.  init!opr.icecief?tis 
SphAra,  \  3  ^  ^  indicAHtmns ,  huc profril- fpe^at.  Sciltcet ,  c^uo- 
(ylJdrut  ^^l^  nimipr£ cxteris corporibus geometriits conus,  cyltn- 
'  circu-  ^^^far    drus,  (^  fphdra  quafiex  infinitis  numcro  circitits 

libiis*  compacia  vtdentur,  conus  ecircttUsfempermt>ionbus,ijlindrus 
Con:*;  ex  <£(]uaiiljus perpendtculariter ,  f^parallel'jos  alijs/iipcr  alijs  cfua- 
ex  Du  -  ficompofi:  is^  d^  fphx.ra  ex  infinitts  txtjualthus  ctrcuhs,  (]Uix.hunt  ab 
^  '  iKfii^Jttis fiLitontbus pcr  centrumiommune f..&is  ;prop:ere.>pluri- 
mxproprietaits  exdcmonsiratis  de  circuio  m  hoc  iib, /^  poffiin^ 
frndt  lad  p^oportione  demoifrari ,  ^  eleuari  a  planis  ad  folida.  Exempli 
eontem'  graiiade fph.^raplanum conttngente inpuniio  y^vt  cinulus  lintai 
y^ff-  acplura  alia,  qttx  habes  ip.td  Theedofmm  infph<ericis  ,  ex  quo  Ju- 
eytind-  ^^■'^''^phirapoteris  aduocare  adhitc  hic  de  ctrculo. 
foni.  2   Vt  circulus  lincaminpunno,(ic proporttOT,e  coni,^  cylindri  ■ 

derfi  contingunt  planumin  Itnea  vnica ,  non  tnplurtbus ;  &  cxte» 

Vt  7  co-  ra ,  cju^  de  angulo  contafiiis ,  appltcaia  folidis ;  vclut  inter  planum 

tuUiiie-  cont  ngcns, c;' dorf  cyitndri^veUont,non poffe alit^dpUnutn con- 

ad  ci,-  ^^"'g*^"^ intcrponi.  Ei  quemadmodiirn per  tdcmpuncium  coniacius 

culu  jic  duciiscirculis  rnaioribtis  ,  &  maiortbas  ,fit [emper  maior  accefus 

(iani  iid  ad lineam  circulos  matonsin  tommunipunclo  contin^entem,nul'- 

icl  co,n  ^**^'^'^^'>circHbrumqi4.intHmuis  maxtmorum  conlinget  Uneamj 

dorfHm,  t-ngentem ,prdter(]uam in tommuni ,  ac  vntcopuncio  conta&iis\ 

^  ^'        ita  cr  tn  cono  adplanum  contingens  femper  magis  accedunt  ctrculi 

imaginati  maiorts,  ac  maiorcs  verfus  bafim  cont,nuUus  tamen  con- 

tinge: planurn  extra  vnicumpuncium  in  Itnea  plant  contingentis 

aninto  conceptum.Vnde  ttiam  tn  ctt.APiar,  oltendimusprodtre  at- 

cejfum  ftmper  m.uorem ,  nufquam  tirnen  conia^ium,  hyperboltCA 

cuin  rtcia  knea.  Htc  ahjiraciatbt  applicajigiiris., 

3  ^^^ 
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5  SeJijuodmin/iitnu  ,  dr  adhucin geonietricA philcfophiain- 
togmtutn,  &  a  Culdino  noHro  nouum  tnuentum  e(i,  efl  quodcircu- 
lus  tjenpotius  circularts  ltnea,clauis  quxaam  fcientifica ,  demon- 
Hratiua  ,vmuerfalifsima ,  (^faalhma  eji  ad  aperienda  velipfis 
ettam  Tyronihus  ( cxem^la  altqiia  hahes  in  i .  lom,  huius  Aerar^, 
& in hac  I par. 2 .To,adprcpof.\^,  I  5»  2 3 -^^' ^ ^''^ ettam  hibe- 
bis^& coptojifstnit  in Eptleg.plamm. er  tn  fec.  i,&  z  Breuiar.Qe- 
reomjn  hoc  j  To.)  recondtta  omniaarcanactrca  in/ivitas  numero, 
^ formafiguras planas ^  &folida!.  componcndas,  refoluendas ,  di-  Circulus 
mettendas,tnterfe  comparar,das ,qu£  ielha6icnus  apud antiques  e  rota-^ 


tione  ce. 


clafsicos  AuthotcesgenhA ,  vel  de  nouo  tn  infintto  ntimero  gtgni 
pojfttnt  ab  animo  geoMctTti^exbftraclo  per  circularem  ceKtrigra-  uitAtis 
■jittatrs ia.linets,&plamsriueluttof>cn;.Itaqi  ad htinc  ■^.Itb.miri-  til>me>^- 
iith.ampliardam,  vhi  elemenrade  drcufo  traditnti:ir',pcrtirfet  iurt  l'*^^^}"''' 
ftoquxcumq^pe*- circular.eiitiMdcfignaia  a  cchtrogratcitatts deri^  (Jcinfi- 
•ttaniur  inpianarum ,  & joltdirurn  fgttrarumTetitndarum  tucun-  mtormt 
dftmam,  &  reconditam  cvgmitonc^ii.  '  '7'^  ■;-, 

<^c  quontam  prAdtxirnus  cyitndruni  (  mifih-  cono ,  fphara  i&  ^  hh- 
alijs  non  abfinnLbius proptcr  brcuttatem)vidtri  quaji corfiat uni  -e x  dirnm.^ 
^V^^itbusxn.c^ults  l)ort:iMftttpardlliJ.is ,-  &■  perpihdicul.jrttcr  peK. 
xentraeieuatts  ,iubet  ne  tnvno  ,  vWaltero  ixemfii-d-contempiari 
■qtiemadmoAum^ttamJiat  idem-  cyltndrus  a  circuiari  (thea  cetitri 
grauiatts,  &  quemadmodum  eadem  indicct  dijjerenttas  prvportio- 
num  (prxterea,  qus.  adi^,  i  5.  20,  23  prcp,(t.6 prodtdtmus J  tn- 
ter  circuium cyitndrt  lompojitorcm  ,  &tnter  tpfum  cylindrum ,  & 
tpjoritm etiam  dtjftrenti.ts tnterje cyitndrorum  f  Su^andoquidvm 
in  abstracitone  ^eometrica ,  quajiab  aito  ,pr£utdco  te ,  mi  Lecror, 
(etiam  dtfiantem )  annuentem ,  ades  animo  hic  nunc. Rcs iiicundi- 
tatcm  hibct  afctiitatcgemtnitam. 

4  Ctrcuius  igitur perpendicttlariter .,&  horizonti paraileius  Circului 
eiettatuscyitndrttm  conflai;  idem  ae  fidicas  tum  communt ,  &  vfi-  «'^  •^'"«i 
taiageometria.H  yitndrtjbltdttas  habeiur  ex duclu b.fis tn  iatus cy-    ,,  f- 
iindrt  •^iiue  ,  ex  duclu  area  circuUns  tnpcpcndtcui.irtm  .iltitudi- 
nem.  Ejto  tn  fcct.fig.ailttudoperpendtcuiarts  AC,zi'iGB  ^,&  area 
circuit  DCL  F£  inuenta  iuxta  vtlvfi:aiu  modlt  ab  Archimcde,vel 
ittitta  vjttm  nouum  ccntrtgirauttatis  tnfcnudtametroiyide  nos  tn  i 

Ec       ?  To..  ^ 


322 


hl^ 


G 


4 


Cylin- 
drui  et- 

iam  pro- 
ducitnr 
e  duElu 


4%i 


H¥ 


L  I  B  E  R     III. 

To.hti.AerAr.adpropoj.  45.  §  2,  3, 

4  >  5  )  C^  fiegleflis  htcpro  cUriore 

cxemplo  mmtifS,fiue  vnaJepttmA 

dtametri  )  ejlo  inqtiam  circtdi  aren 

I  %  ,qtiitliim  e(i  altttudo  perpendt- 

cuUris  ^,du-&is  4  /»  i  2  j  quajiee- 

dem  circulo  per  quatuor  gradus, 

vel partes perpedictdaris  ItKCte  eU' 

itato,Jiurit  48  cubuliprojoltditate 

cylindri.  Eattder>}prodit  circtdaris 

lineadcfignata  a  centrograuttatis 

inreffangulo  AB.Namfi,  tttxtz-^ 

definitionem  %  i  Vndecimijn  qua 

rdlan-   fraditur  generatio  cylindri  i^figas  re^angulum  AB  gjrari  circa 

^crrcH^  ^^^^-^  ^^  ^^  circtdi  orbemperfeclurn,  eodcm  tempore  centrumgra- 

defigna-  uitatis  H  (quodeii  in  comwnt  pucfo  fe  decujfantium  abanguhs  op- 

tpia  cen-  pofJtis diametrorurrt^icjignat  orbem pcripheri.t  minoris  ctrcul.iris, 

'uitatfi'  ^'^'  '■'""^  duBu  in  recianguluM prodticittir foliditas  etufdem  cylin- 

Crc.        drt  FA.    TrtftcataHI  diameier pcriphert.t a centr.gr. (  neg/effa 

fcptima  ,  vt  in  antecedentibtts  )  idcsl  tcr  2  d.tt  6.  Area  re£iangtdi 

AB  ex  duiitt  alterius  Uteris  2  in  alterum  4  dat  8 .  Dti6^ia  ergo  via 

circtiUris  centri grauitatis  6  inaream  % producit  48  cubtdosieitn' 

demfciiicet  mimerumfoltdttatis  cylindru.e  ,  qtd  cr  ex  eleuato  cir~ 

culo  in  altttudmem  .    Vide  &  attter ,  in  §  2  2  num.  2  adjinem^ 

Superfi-  lib.  2. . 

ties  cy-       5    j am ad fuperficiem  cylindricam  fne  bafihtisveniamus,  ad 

e  veri-    ^''''^^ confl.indam  elcuare licct  (  qtiemadmodum area circtili eU- 

yheriA     uata  esl  adjblidttatem  cylinari )  circttUperipbertam  perpendictt- 

circula-  iintcr^  & pnratUltts  hortzonti.drcVtdetHr  enim  (hperfcies  cyUn.. 

uationl'.  ^''^'■^ conjiare  ex peripherijs  conttguis.  &c.fit  ergo  j &  cognofiatur 

iuxta  coroUar.z  tn  §  4  ad ^rop.  1 4  Ub.S.quantttasfttperfiaei  cyiin- 

dricx  ex  duciuperipherixb.i/is  tn  aUitudtnemlatcrtsfeu  dtitudt^ 

mmperpe}2dicitl.%rem  a  centro  gntitatis  in  medio  pertpherix,yelit$ 

ex  AC,vct  GB^  dticia  inperipheriam  CDEFL ,  hoc  cji  in  trtptica- 

tam  ( omijs^ /t^Uma)  dtametrtim  4 , hoc efitni2i  &producium 

«//48  quadratiiiortim  fupcrficiem  cylmdri  AF  conjianttuni-j. 

Ckr/i 
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Cum  ijtt  etidtn  feriphert&  Su^crfi^ 

fignatie  a  antro  gratittatis  ea- ''.'.", '')'' 

dem  quantitasfupeyfciei  cyliK~  j  pi,t_ 

dricapcducttnr .  A'amf»gcL-j  p^f''''t-i' 

ctrcd  axern  HC  rotari  linear/i  ^"'^'^  ^ 

,  ^    1  aUtnidim 

altituciints  ,/eu  latns  AB  ,  cen-  ^;^ ;,  (j-f , 

trugrai  ttatisetuslateris ,  idcfi 

mcdtum  pinHttm  G,fignat  pe^ 

ripheriam  dCjnal.periph.hafJs  FEiB^  cuitis  quantitas,ex  aKtedi£iis 

( fine feptima^  elt  12  .    Latiis ergo  ABa^dii&urn  tn  iz  producit 

eundeni ,  qut  antca  numerum  48  quadratulerum. 

Finge  hafij  diametrum  EB  %tririsi;produ&am  ad  quantitatem 

dttpUm  ,  acfit  diameter  LT)%,  qualium  eft  EB/^.femidiametri  C- 

D  meditmpftti6itimft  B  ,  &fixo  extremo  C ,  rotetur  in  orbem  al~ 

tcriim  cxtrcmum  D  ;fgnatCD  aream  circuUrcm ,  gu.^^pcr  citata 

tn  To.  I  huius  ^.^erarij ,  habetur  ex  ducinfmidiarnctrt  CD/^  in 

periphertam a  centro grauitatis  Bfgnatam,hoc  esitntrtpticatam 

{fifie fcpttma)  EB^.  ideft  in  1  2 ,  &ft  ex  4  in  1  zproducJum  4S 

quadratutorum fVt  ante  duahusvtfs  inuenta  clt  eitfdcm qua:iti- 

tatis  /uperficies  cytindrtca. 

/^//«r C}lindiicafiipcrficicsline  bafibuseft  rrqualiscircu-  Srperfi- 

lo ,  cuius  femidiametcr  cft  ffquaJis  tam  aJtitudini,  quam  dia-  f'"  j  ^^' 

metro  balis  cynndxv,hcc  cit  {^niuerfitorifaacnd.eprc/e/iionij  cid  cir- 

cntusfemidiametcr  cfi  medtaproporticnatisintcrtatus,  &  d/amc-  <:uli.fit 

trum  hafis  cjtindri.  J^/rf  cohgruunt  cum  Archim.propoJ.  1 3  «'c_j  '^I"^^'^' 

fph,&  cyl.  atiter  ah  tlto,  hic  a  nohisparihus  breuitate,  facttitate,ac 

cuidentta  demcnPirataiprMipue  cum  vfugcomclnco  cc r.tri grat:i- 

tatis,  nonfotum  rotnto ,  vt  Gatdinus  ,fd  ettam pcrpcndicutartter 

moto  (tn  antecedentihus  numeris  'rnargtnaltbus  4 ,  cr  5  htiius  §  3) 

adprocreationem  rotundorum .  /itq;  inpromptu  habemus  dire^t^i 

nostr^demoHrationis  (^Archtmedis  quamplurtma  indireci<xfunt^ 

catifani  aprincipioperfc  noto  invfu  geon.etrico  ccnirigrauitatis. 

Si  producentia  funt  ffquaJia  5  crgo  &produCla.  Vth/cquo- 

Ktam  /iipcrficiem  cytindricam  ABEl  producentta  o^5,  BFEi 

funt  mquattafuprrficiem  circutanm  DNLM  produccnttbus  CD, 

BFEi ,  ergo  produtiaf  nempc  fuperfcies  cytindnca ,  &  xircttlans) 

:  (i:m 
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fiint  xqualtA.  Pideplura ,  &  "vmuerfiiliA  m  hoc  3  To.  in  fe6f.  i 
Breuiar^  Stercotnetrici^v^iaiefuperfiderunt  circafoUda  dimenCie^ 
mhfis. 


§irr. 

COROLLARIA. 


De  quadraturis  ruperfiderum  cylindricae/phae- 
ricae ,  &  triangulorum  fphaericorum .    Opes 
ex  Pappo  ad  hunc  lib.  3.  Noftrae  mcthodi 
commoda. 


0 


y/tdr/iio  circ,  LMT>N,  in  ant.fg.qui  efi  <iqualisfuper- 
fciei  cjlindricA  ABEI  ^cofeqtteierfcttnr  cutquadrato 
fit  xcjnahs  eacylindricafuperficies-.fk  &faperficics  a- 
liqHd  curUitfupcrfciebusplams  /equafjtnr, 

2  Pari  modo  quomam  ex  Arch  imede  lib,  i  .defphx.  &  cjlind. 
fropoj,  3  1  condat circtditnfphAra  maximi^velut  ipfius  ABCD 

quadrupla  effe  fuperfctcm  eiuf 
demfphxrte  (vtde  &  nofirum^ 
Vil/alp.pa.2  depond.iib.  \.ca.  4. 
prop. ^,&  '^.)&  confquenier 
fuperfictes  hemi/ph^ertca  ,  veiut 
JEt^BCD ,  qu£  tncumbit  peri^ 
pheriix.  ARCD  ,  eU  dupla  ctrcult 
ABCDi  ttedimtdta  hemjphi&rim 
cxtvelut  BAED ,  quteincubtt  di- 
mtdijtperiphcrtte  ,  hoc  efi  quarta. 
farsjphayicxfuperficiei,  erit  <xqualtscirculoeidcm  ABCD. 

3  Ergo  quartapars  hemtfphArtc^fupetfii  iet,  hec  efi  triagtilum 
fphartcum,  velut  t^BE ,  erit  /equaie  dimidio  ctrcuit  ,puta  tp/i  A- 
BC^quo  quAdr.ato,quadratura  atamfcitur  triangulijph/ertct,  tam- 
quam  coroliarniyT^  cx  Archimcdis  inuentis.  Cum 
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t7  C%m  enim  rx  magno  ilio  Gcov.etra  lam  a  tot/eculis pateat,  ttix- 
laanttdtcla,  (jtt.idrr4io  fiiperfijei  fphxricx,patuit  eliam  corsfeque» 
teriampridern  eju.tdratu) partis  .':!>c-ii:'s  JKperfciei  fphxric^  ■,  hoc 
tli  trianguli  /ph.trict,  tuxta  a  nohis  deditcl.i ,  &  f/idicat  t.  Mtrt/ica 
tamen  inuentio,  &  Archimedis  ingemo  dtgKifima  ea  curuf,fphA' 
ricx^fHperficici  cnmplana  x(iuitto,(juemadmodtim  (jr  c)'/ir.dric<e, 
cni ts occ'fii»7e  tperuimis  hjncTyronibus  iinundifimam  w geo- 
metrtcipht'o/ophiico^>3itione»}.J'idec;'  /»  fc.  2  Breuiar,Stercom, 
Pr.idic7.t  intillfje ^pof^a  circtUt  ifuadratiira. 

Ha&enuspmcula  h,ic  hic  nunc  in  exemplum .  jl^ineo  calam» 
vltertusvoLtf/tcm^  nc  a  breuttate  auolcm 

4  Seorftm  moneo  Itcere  dttare  animos  Tyronum  ,  &  hunc  ter.  Qg,fjf„g. 
tiu  li  rii,  fihuc  .idjtoces pulcherrtm.iplura,(]u  ■;.,pr,t'eralios^funt  it  Ja  tja^ 
librtscollecftonurH  CMathematicarum  Pappi  Alexandrini.Acltcet    /^^' 
in  ijsaticjua  altquxndodemmsirenturex  libns ,  qui  iri  vfitata  ,  df 
'vetert  mcthodo  f^nt  po:i  Itbriim  terttum^tamcneitxm  hutc  incom^ 
modo tutt  ob:titin noira  nethodus, in cjuafixium  ,  d^  quintum /f- 
irosfrtmtfififts  fertio  yiuxta  quam  DOjSit  Tyo  demunstratiu.trn 
h^ert  cognittonem  /ijf.cftonum  pene  omr.iu  nreconditarum  tn  ctr~ 
CMlarifigura,  licetprobentur  atiju.te.xrum  e  •y.&  6  Ittiris  .  J^od 
tommcdume.x  noiramethodoetiam  vatet pro  ijs ,  q-i.v  Apottoaius 
h.ibetde  jeciione  conica  circul.^r' .   ,Si_uid  mitis  ?  Habcs  a  noltrci 
methodoprAVitffaquxcumg^neceffiria iuntvclmolttiont ,  vel  com 
ghitio»!  motitionum  atienarum  iirca  fimofifitmam  circtdt  ^«.?- 
draturam  ^qu.tvix  vag.itur  extra  Itirostx  mltra  rntthodi  prX' 
mtjjos  buic  Itbro  teriio  Ue  circuto,  fi^ura  omnttim  min/ama. 

Omtfsa  ex  pr^diclts  copia,  nuncyprooter  rattones  indicatas  in^ 
ftdfatione  huius  3  TomtadLcCforcm  ,  breuitatem  in  hcc  3  elem» 
ajjectaiitmus  ,nec iijlum  tomumin  tdco^^fLxunnus  ,  quemadmO" 
dum/icimus ad  i,dr  6  elemcntagiometrica. 


ELEJ^. 


4»w^'-  ^^  ^ 
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ELEMENTVM 

Q  V  I  N  T  V  M 

Ex  noftra  Methodo, 

QVARTVM  EX  VETERL 


§U 


Mulfiplex ,  6r  arrplifljma  vtiIff;isGeometrlca, 

Miliraris  ,  Aflronomica.  6ct,  huiiis  qujrci 

Geometrici  EltMnenci ,  6c  materia  pro  fcxro 

-^rarJj  Tomo  indicantur .  Nollra  mcthodus 

conhrmacur. 

|g  D  hoc ^elementtm  alifjnando  ,  fivUavicnuerit^ 

ScxtiitnTomum Acrnru  cof/f.atnrt,  nu/ictnte- 

rim,  (duM  hic  aliqiia c.\  i>iq^tritis  m-Ucrix  .7pp/i- 

ratuappojtiimits)  no»  omiitttnu^y  faltempro  pu- 

bltcis MathemattcArurn lcicntiarim  Lcihribus, 

iKclicare ,  atg,  /spcrire  t  cpt.i/>j ,  cjn^  dittnt  huius 

4  elemcfiti propofiticna,  eijg^futsaudilor.bnsj  ptdascfhci.int^ 

1    Igttur  hutus  4  librt  vtilitas  ampltjfirr  a  est  pre  rcbus  Astro-   yi^  ^. 

nomiiis,  dum  arcus  ctrculi ptr  tnjiripttontm  lariarum  figurnrum  (iiono- 

Vart} diutdttntur prochordis  ,  &(intihus  ^profLcannbus ,  &  tar,-  .^"'"'J  f^" 

gentibus.  ^iarum  dtutfionum  ,&  itncarum  vptLS  oTKpliffimuscl} 

in  operritiornbus  ^AIcronomicts .Proq<*tbus  h.Lbcs  tr;.imin pr&f..-  ^"  "^- 

■        .  ■    r  ■•  ^    ■  r^  I  ■    I       ciili    di- 

ttonetnterprctts  Lantz^ ante prtmumTotnumhutus  A  rar^  rbeo  ^  ,  ^,^ 

«ddttas t^e adjinemjexti EhrfientipropofHionts  9,0  i^clturo 

Ff  13 


one. 
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1 3  elem.qutis  h/ibts  apu^/ios  locis  opportuniorthns  appo/itaSyin  tjui- 

bns  e  Utertbus  hexagoni,  decagcniypentt^ofjt  tn  circulo  n,Mat  vti' 

litasadtabulas  finHum  ,&c.  vt  tndicabtmusin alicjtiibus Schol. ad 

prop.i-y^&pofi  \6- 

Tro  phi-      ltctn^proJph<tr£  cxkRis  circulis  alicjuihus,  &pro  cxlcjlium  /«- 

mtarum  minartii  varijs  afpeBthus,  &  fro  tacita  eorum  harmeniafaciunt  ex 

bhs     '   ^'"-  4  ^^''''^^'^fipliones  alicjnarumjigurarum  in  circulo,  vt  nos  tndi- 

cabimus  adhuiiti  4  elem.propofinoncs  aliquas, 
Tro  Ar-       2   Deindepro  vart/s  artihus ,  in  primi  'pro  Archite6}ura  mili^ 
cbiteUu.  tariamplifsimus  ejl  vfushu,  li.^  dti*»  varixfgHrx,in  primts  regu- 
ra  mih-  lares,pro  belltcismunimentis  defignantur  ex  vdhus propofittonum 
hujib.^, 

3   Sedtnprimispro  vniuersagenmetria  tam planortim,quanuj 

felidcriim  aperttur  ex  hcc  4  Libro  campus  lattfstmus  .  Nampratcr 

paucas,  cjftas  Eticlides  docuit ,  Itcchit nttmero  i  vfinitas  aliasfguras 

regulares ,  &  trregulares  ctrculo  tnjcribere ,  &  eafdem  circulo  ipd 

circumfcrihcre  modis,  c^uos  indtcahimas  adjinem  huius  Ith,  4  ,  & 

*«  &  exemphs  aUquihus  explicabimus  ad  tliquas  ciujdcm  propofi- 

tiones. 

MutH.i       4  Partter  etiam,fine  circtili  tmmixtione,  patet  ittiffimus  cam- 

figitraru'.  p^^  ommum  figurarum  tn  omnibus  altjs  infcrthendarum  ,  &  (ir- 

circulo    ai" fcrthend.tr urn .  Hahes  &  apudTappum paradoxicas  injcriptio- 

injcri-     nes  figurarum  matorttm  tn  minonhus^  cf  .tpud  nos  tn  Ap  5  progy, 

i'""'        p.  ,^aparadaxa  tomum  dttare pottrunt^pr^tcr  .tlia  ex  eode  F.ip-. 

po  hucfacientia .    Exemplnrn  aliejHod  h.ihtbis  a  nobts  injeqq.pro- 

p  oJ.hu. li,^. 

5  Pr£terea  ex  hac  ^lanarum  figurariim  mutua  infertptione^& 
circiimfcripttone  Itcehit  gradum  fai  cre  adinfcrtptiones  fiiiidariimy 
pr£[ertim  regulariumfgurarum  injfhdra ,  &Jphxra  ctrca  eas,  de 
cjuihus  in  lihrispolieriorthus  elementartbus, 

6  Adde  &  alium  campum,fctlicet  tn  eodem  (irctilo  infcribcre, 
Jiue  codem  circulo  circumfcribere  plures  fimulfigttras ,  Exemplum 

vinde  apud P.tppum  li.-^prop.  1 1,  lib,^  prop,  Zi.de  circumfercntys 
vt  dtametrt,vbi  aliterin  hh.  5  docct polygonorum  in  circiUo,&  f/r- 
ca  circHliim  proportiones  ejfc  vt  a  centrts  reff*.  &c. 

7  \^ddeprxdi£tts  &  altifrrt  campum  geometrtcum  de  compa- 

'  rattO" 
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YAttOMhus  interfe  injcriptarum ,  &  armmfiriptarum  (>70f}folum 
fehaarum ,  de  cjuiUsin  atatts  poJhrionbHs  libris  elcmentarihus 
'tgitur)  i^Ufiarum /igurarum  m  arculo  ,&  arca  arculum  vt  fjos 
altquo  excmplo  tndtcakimus  ad  aliquam  propoi.hu.  lib,  Pro  cxcm- 
fle  xmuerfalifstmo  habespropo/.  i  //. i  2.  Eiem.vbi  docetur (Irmlia 
polygona  ctrculotnjcrtpta  ejfe  tnterfe^fta  diametrts  quadrata.&c. 
Ex  qutbuspr^dicJis,  &  hic  indicatts  Paiet  tngoQS  copia  rcrum  '.ti- 
lttate,digntt.ite,vartetatetucundarum,  &maximarurn  procon^  ' 
fland.tparte  maxtmajexit  Tomi. 

8  Patetpr£iereaconfUum,&-viilttas  nojlrjtmethodinonvno  ^'^1'-^^^' 
exargumento  pro  rtte  expltcai.r^o  hoc  4  rtbro  poU  qui^ttum ,  &  "^lZdi. 
Jex turn,  nam  (zt apparebtt tf;propofi'toKibns hu.  h.  4;  infcnfng /f- 
gurarumptiiturtn  primts  cx  b:fLustrt:.f.gulortt;;>,qt'.ortifnad 
bajes  angult  habenfst proportiofjes  varias  ad^ang,ilum  vcrticts , & 
^Nguicritm^ropoitioncspendentai^propof.li.  6.  cx qtiadeditcttur 
(xth.iOtsm  i.partc  z.Tomt  apud f.osj /ccJij  arcuumctrcuUriiim 
tn  liibit.isproportioKispro  afignlis,  quos  arcusfubtendufit. 

Pi aiterca vjus(vt patcbit /n  i oprop.hu.  4  it.&  i  mHrts  demon- 
nrattof.tbus,cr  ^prc^  c.lt.  6)  dtui/iofus tn  Uneajtcudum  mediam, 
&  (-x-^rcn.ar,. propcriitr.un  v^ portuntjui7,eadpraxtm  caditpro  hoc 
Itb./^po^! /cxtum  Euchchs,  & pc/t  nojira  ad ^o  hb.  S.Vide  ad  l  o. 
huiiis .  Deinque  crtbernmus  'c/us  e/t  apitdnos  tn  hoc  hb.  4,  ctrctia 
proportionumpro  fliittcntbuspene  orafuumprohtematum  hujt.& 
ahorufn  elt.xm  ,  &proprcpc:tivnibus  laterum  regutartutn pelygo- 
norufn  addiamcirnm  arutli  &c .  Omfies  ex  cotii/trumento  in  hoc 
Itbro  operationes  nuttd  nttercnttir  aemomtratione ,  acjot^  e/sent 
praxcs,ni/i  tam  iatti^ro  fextopracifsijfcnt  ex proportiontbus ea^ 
quihjiseiiisinjiruffienttjeruchira,  &ex  eooperaitones  demonfira. 
txfiierunt .  £>j4apropter  nonjotiim  bene  ,  jed  aiampro  nece/sttate 
perfe^£docirtf,.e  prjimtttendt  Jucrunt  ante  hiinc  qtiarttim  tibri 
quintus,  &  lextus,c  qiiuiii  deftr.tticmbus ^  & propelltiontbus  t^ta. 
ne,  &fcici(itucc  tntctUgunlur,&  demonitraniur  'ea,  cm^  tn  hoc  /l.     r.  n 
cternento  doccniur,  Dotto- 


.  rumlcn- 

Prxuidithoc,  (^ prornemtrt/icepronunciauitvir  acuttts,&  do-  '''•"■«  ^e 
eiustngi omitrtcts  Petetartus adpropof.l o  huius,  dumjcnbit.  \n  ^"'""f 
fumau  h^c  omnia  ex  propoitionjbiis  dcpcdcntA'  vt  nofti  uni  "^5  i" 

'"  "■      '  F  f       2  (fc        h'<ic4. 


2^0  L  I  B  E  R     IV. 

dehactotarciiidicium  ingenuecxplicemus.huic  tradlationi 
proportiones  crant  priemittcnda?.  Sjfod  t?os/icimtis. 
,  .  g  Totum huf2c lib.i\.{etiam adinjimtartim  altarnmfigtirirtim 

tustheo-  defcrtptionesextefifumt  (i  lubcat )nos  bretttffimo  ,  &faciltlsirn(i 
remati-  comper/dio geometrtce ,  &  orgamce  demonsirato  expediemus ,  vt 
ct*h  -'^4  tvtdcbtspojivltimampropojitionem .  ,^emadmodum  liber  cjuin- 
yroble-  tus  constatfoltim  }  thcorematihus ,  fc  hic  qtiartus  iotus  foltim  e 
maticus.  p(,yi£}ft^nynj  coriflatur,  Rcliqnt  Ubn  elcmentaris  l,  2,  3  ,  6par- 
■  ['^"''  tim  theorernata^partimprohlcmaHdemcnlirant, 


rrn.xtt' 


Elementum  Quartum. 

DEFINiriONES. 

I    T^  Igura  recHrilinea  figursB  recfbJlmcas  infcri- 
\^  bi  dicitur,  curr»  finguli  initripras  anguli 
fingula  latera  eius,  cui  infcnbitur,  tangunt. 

2  SinViliterfigura  figurae  circumlcribi  dicl- 
tur,  cumlingula  latera  circumfcripiaefingulos 
angulos  eius,  cui  circumrcribicur,  langunt, 

3  Figurared:iiineacirculo  infcribidicitur, 
cumlinguli  anguli  infcriptac  tangunt  periphe- 

riam  cirCuli./^^/^^/.a  ttiangulam  ABC ,fexta  quadratttm^ 
ABCD  cireulotnfiriptum  vtdes. 

4  Figurare(ffcilinea  circulo  circumfcribl  di- 
citur  ,cum  fingula  latera  circumfcriptx  circuli 
periphcriam  tangunt.  itaprop.^  trtangtilum  abc  j  o^<t- 
fia  quadratum  ABCD  circuio  circumferij/tum  cerms. 

j  Cir« 
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5  Circulusfimiliter  figurx  inR;ribi  dlcitur, 
cum  circuli  peripheiia  fingula  latera  elus ,  cui 

infcribitUr,  tangir.  Ifi  prop.  4.  circu/um  EFG  triafigulo  A^ 
BC,  oilaua,  circulum  EFHK  quadrato  AECD  infcri^ium  vtdes. 

6  Circulus  figurae  circumicnbi  dicitur,cuni 
periphcriae circuli  fingulos  angulos  eius,cui  cir- 

CUmfcribitUr,  tangit.  Itaprop.  ^  circtdum  ABC trianguloy 
fexta  c  rculum  ABCD  quadratocirctmfcriptum  vides. 

7  Recfta  llnea  in  circulo  aptari  dicitur ,  cutn 
eius  terminiin  circuiiperipheria  fuerinc. 

JII. 
S  C  H  O  L  I  A. 


/. 

1K/^riptioniSy  &  circumfcripiionisfigurarum  diuerfim  fcrma 
aprxjcrtpta  hic  ab  Euclidc  i  tde pro paradcxa  tn  Sclolto  pcd 
propcf.l.inprogym.^.Aptariji terty^ vbt  de cilDgomarnin  ete^ 
roclitarum  tnfcripttontbus. 

II. 
Contintt  hic  Ubcrtantim  quinquegenera  figurarum  in  circulo 
ivfcrtptarum  ,  dr  tpfi  circulocircur/ifiriptaruni ;  triangulum ,  ^ua- 
dratum,pentanguium,fexangulitmy  quindecangulum  ,  regularia; 
propoftiones  tamen  de  tnfcripttone  ,vel  circumfcriptione  triangu- 
lorum,  compk&untur  etiam  triangula  trregularia .  DefxangulOy 
(jrquridecangulo  non  ef}  fcrtes plurium  propofitionum ,  jedvnica 
tantum  de  altcro ,  vntca  d^  de  altero  fropftto.Catifas  indtcabtmus 
adeaspropo/ittones. 


Pro- 
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PropoC  I.  Probl.  I. 

lt$  dato  circtilo  data  reiia  linea ,  cjju^  diametra 

€irctiU  maiornon  fit  yAciHalem  retlam  //- 

ntam  aptare, 

Slt  daru.s  circulus  A  BC,  data 
red:a ,  qoxcirculi  diaine- 
tro  maior  non  fjt ,  D .  Opcrteat 
autemcirculo  ABCrccl:am,re- 
(flcE  D  aequalem,3ptare  .    Ducarur  diamctrus 
circuIiBC,  SiergoBCajqualis  cft  ipfi  D,fa- 
dlum  eft,  quod  iubtbatur*  Circulo  eniip  A  BG 
aptata  eft  BC  asqualis  recflaedatas.  Si  autcm  BC 
a  frD^of.  maioreft,quamD  ,   fiat  C£  asqualissph  Dj  6c 
^*'"      centroC,  incerualloCE  defcribaturcirculusE- 
AF,ducaturq,CA,  QuiaergoC  cenrrumcft 
hdefin.  circuli  AEF.^eritCA  jequalisCE  :fed  jpfi  Dx* 
qualisellCE:  erlt  ergo  &  Dasqualis  ipfi  AC. 
Dato  crgo  circulo  A  BC  datas  reii^x  D,  non  ma- 
iori  circuli  diametro  ,  aequalis  CA  aptata  cft. 
Quod  oportuit  faccre. 


M^.  ^if  4Jt& 


"mrim^ 


Pro- 
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Proponr.Probl.II. 

DAtoclrchlo  triangulum  dato  triamula 
Ao^uiangulum  infcribere. 


SIc 
A 


clrculus  datus 
ABC,  triangulu 
datum  DEF^oporteat- 
quecirculo  ABCtria- 
gulum,triangu!o  DEF 
sequiangulum.infcribere.  DucaturG AHtan- 
gens  circulum  ABCin  A  ^a  conliituacurque  ad  ^  p^^tf/. 
A  redlae  GAH  angulus  HAC  aequalisangulo  ^'•'- 
DEFj&GABasqualis  DFE5  ducaturque  BC. 
Quiaergocirculum  ABCtangitre<flaGAH,6c 
a  ta(5Vu  du(5ta  eft  AC^erlt  antiulus  H  ACaeqaa-  ^mof- 
lisanguloABC  in  aiternaportione  :  fed  HAC     '* 
eft  aequaiis  Df  F  angulo  3  erit  ergo  &  ABC  ae- 
qualis  eidem  DEF.  Eadeai  ratione  cric  angulus 
ACBanguIo  DFExqualis ,' reliquusergoBA-c  j»-»^ 
C  aequalis  crit  reliquo  E DF .  Ert  ergo  criangu- 
lumABCtrianguloDEFsEquiangulum,  &  in- 
fcriptum  elt  circulo  ABC .  Daco  crgo  circulo, 
&c.  Qupd  oporcuit  faccrc 


Si. 


ZI.I.j 


2H 


L  I  B  E  R    IV. 
§1. 

T  O  R  l  S  M  A 


i)ata  remidJametro  inuen-rc  rn  circfno propor- 

tionumlacustriangulixquilatecicirculo 

infcribendi. 

PRchlemipropcmmtis  etiam  non  dato  circtilo,  ctti  f/t  infcri» 
hndiim  triangut^m  i.quilatertim,  fed  datafemidiamctro, 
fnc  circttlo  ex  ea  defcrtbendo  ,  'vt  Tyrornhtts  appareat  inO' 
pnat>orpraxis ,  quAtamenmira,  facilitate ah/oluittir  ex  vfu  cir' 
cint^roportionum. 


Data  /tt  AprofemtdiametrOiProponitttr  inuentio  {fjttit  eritp.* 

(ilitma) 
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ciUma)  alterms  lifie^,  quA  Ctt  latus  squilateri  trUngnUinfcriben- 
dicirculo^  cuitis  femidtametir  e(i  A. 

^uoMamvero  "Jt  TKoninmtis  in  i  ,  &  z  fo.  adpfopojitiones  g, 
1  o ,  2  ^  >  &c,  latera  figtirari<m  reguUritm  fnam  ejtiantttatem  di^ 
menfam  hahent  a  quantttate,fett  numerograduiim  tp/ius  arcits  cir- 
cuUris,quem fttbtendttnti  &  nominaipfa  figurarum  indicant  pert- 
phcriApartes  ,quas latera figurarum  fubtcndunt ,  verbi  gratio-.', 
trianguium  ^qtulateritm  nonitnc  triiim  indtcat  tertiam  partem^ 

circtdaris  periphe- 
ri/i  ab  vno  niquiU- 
tcri  laiere  fubten- 
di  ;fi  gradus  totius 
penphertA^^Bo  di- 
uidsntur per  j  ,erit 
quotiens  1 2  o  gra- 
duiim  numerui,  cui 
fubtiidttur  Litns  ^- 
quflateri  trianguii. 
Igitur  acctpe  cir- 
cini  pyoport  onurit 
eamfaciem,  inqua. 
tradutii  funt  grit- 
dus  90  quadmntis . 
Datam  liheai?!,fiue 
Jeniidiametrum  A 
tnttrpone  tnter  nu- 
meros  6®  ,0"  60, 
eoq\  circtm  propor' 
tiontim  imrnotu  in- 
teruallo ,  acctpcin- 
tcrunilurn  tftter  go, 
&  go  ,  tiitquc  adde 
imeruaiium  acceptii 
inrer  ^o,&  ^o.Jf/- 
ticet Jemtatam.rccisi 
Adefiribe  circuium 

G  g  CIKLy 


9^$  6 


GJKL  , & interiiallo inter  ^e,& ^o  ^ac vltra quadrattim fc^io- 
tiem ex  Lin  H\&  BEfecla  Aqitalts  chord^fub ar cu  GLH gradun 
1 2  o  erit  lattts  triangult  £Cj  uilatcn  GFH  tn  circnlo  dejcriptt ,  ftib- 
tendens  fingtilts  latenbus  tertiampartem  pertfheria,  Demonfiratio 
patet  ex  tpja  condruSttonc^  c^  operattone. 

SCHOLION     I. 

Ar.itcrGeometrice,acfacilltme  intienire  latus  triangtth  ncjui- 
lateriinctrcttlo  ^vide  in  Schol.^  adpropof.  i<p}utus  tn- 
firtHS .  Ea ibi opera-io, & dtmonflratio eruttt  &  confirmatortApO' 
rifh.atis  hic  antecedentis. 


^ 


Scho- 
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S  C  H  O  L  I  O  N    ir. 

Vldeprxterea  apudnos  modum  defiriheKdi  facillinie  in  cir^ 
culo  £(jnilaterum  e  primapropofJi,pn.Elem.tn  Ap.  l  .Vri- 
Ith..^  .Schol.pos:  propoj,  1  • 


PropoClIl.Probl.Iir. 

Circadatftm  circtilum  datotriangulo  dquiaft^ 
gtilum  trianguium  de/crtbere, 

p  "pSrodatus  circulus 

/\         IL    ABC.daiu  tiian- 
a  2    F  H   guIumDEF,oporte3C- 
quecirca  ABCcirculii 
H     B      K  rrianguloDEFequian- 

guluiTi  rrla2,uluin  dcfcribere.  Producatur  vtrln- 
que  EF  in  G ,  &C  H  » lumarorque  cencruii>  K  cir- 
culi  ABC,  &  ducarur  recla  KB  vr  I jber;  6c  ^con-  a  /wa/. 
ftiruaruradK  rccl:xKBanguloD&C  ^qualis  B- "''" 
KAjangulo  vero  DFH  squalis  RKCpaqae 
puncfla  A  ,  B  ,C^'  ducantur  tangcnrcs  circulum  ^p-vf- 
LAM,  MBN.  NCL.  Etquia  LM,  MN,  NLta- '''" 
gunt  circulum  in  A,  B ,  C  j  &  a  centro  K  ad  pun- 
c1:a  A,  B ,  Cdudae  funcKA  .  KB,  KC,  ^  redt'  igi-  ^fr-^- 
turcruntanguli  adA,  B,  Cpuniiti.  Etqutaqua- 

G  g     2  dri- 


1S.5. 


258        ^  L  I  B  E  R     IV. 

dfilateri  A  M  B  K  quacuor  anguli  sequales  funt 
•  si  ,n.  quacuor  reclris  j^diuidicurenim  quadrilarerum 


t:tr   du- 


AMKB  in  duo  tjiangula  K AM,  KBM,quorum 
n.jo.a  a„g^]i  KAM,KBM  leai  funt,-  relfqui  ergo  AK- 
J  D  B,  AMBduobusrccftis 

dpro^sf.       /\  /\         :rqucilcserunt.  ^Sunc 

GL    Fh   veio  6c  DEG  ,  DfcF 


13. 1. 


^i 


ducbus  reclis  a^quales: 
M     B      k  ergoAKB.AiVlBangu- 

li  asqualesfunc  angulis  DEG,  DEF.quorum  A- 
KB ,  DEG  asquales  ciim  fint,  erunt  &  reliqui  A- 
MB,  DEF  aiquales.  Pari  modo denionftrabitur 
angulum  LN M  angulo  DFE  cequalem  elfe:  re- 
liquusergo  MLN  reliquo  EDFsequaliserii.x- 
quiangulumcrgo  efttriangulumLMNtriagu« 
lo  DEF,  &  defcriptum  e(t  circa  circulum  ABC. 
Ergocirca  datum  circuIum,5cc.Qupd  oporcuic 
facere. 


Propof  IV.  Probl.  IV. 

J^  dato  triamulo  ctrculum  defcribere» 

It  datunrtriangulum  ABC,in  quo  opoiteat 

apr<;pe;.  i^  circulu  defctibere. "* Bifccentur  anguli  A- 

BC,  BC A  redtis  BD,  CD,quae  in  D  pundto  con- 

cur- 
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currant,  ^  diicanturque  ex  D  ad  re-  ^  p^-^^» 
<5tas  AB ,  BC ,CA  perpcndicularcs 
DE,DF,DG.EcquiaanguliAB- 
D,  CBD  aequalcs  func  (eft  enim  A- 
BC  b  ft^djus)  anguli  vero  BED ,  B- 
FDredi  ,habebuntduo  criangula  EBD,DBF 
daos  angulos  duobus  angulis,  &  vnum  latus 
vni  laceri  asquale ,  nempe  commune  BD  ,  ^  ha-  jy"'/^*^ 
bebunc  crgo  &:  reliqua  latera  rdiiquiscequaliai 
vnde  DE  ,  DF  xquales  erunc .  Eandem  ob  cau- 
fam  DG,  DF  sequales  erunt.  Citculus  ergo  cen- 
tro  D,interualio  vno  punctorum  E,F,  G  defcri- 
ptus,  tranfibic etiam,  per  alia  pun(fta,  tangctque 
rccftas  AB,  BC,  CA,quodanguliadE,F,  Gre^fli 
finc .  S'\  enim  ipfas  fecarec ,  caderec ,  quse  ab  ex- 
cremitace  diametri  ad  angulos  redtos  dacicur, 
intracirculumj  ^quodcftabfurdum.  Nonergo  <ip>-op»f. 
circulus  centro  D ,  inceruallo  vna  harum  DE, 
DF ,  DG  defcriptus ,  fecat  rectas  AB ,  BC  5  CA5 
ergo  eas  tanget,  eftque  circulus  in  triangulo  A- 
BC  defcriptus .  In  dato  ergo  triangulo ,  &c. 
Qupd  oporcuit  facere. 


PrG« 
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Propofitio  V.  Probl.  V. 
Circa  datum  trtangulum  circulumdefcrihere. 


Sto  datLim  trlangulum  ABC ,  circa  quod 
oporreac  circulum  defcriberc.bifecetur  A- 
B,  ACin  D,&:E  ^atqueapunclis  D,  Educan- 
tur  ad  AB ,  AC  ad  angulos  reclos  DF ,  EF  ,  quae 
concurrenc  auc  in  criangulo  ABC,  auc  in  re(fta 
BC  5  autextra  triangulum .  Concurrant  primo 
intra  triangulum  in  F,  ducanturqj  BF ,  FC ,  F A. 
EtquiaAD,  DB  asqnales  funt  ,  communis  6c 
a/»-v-4. acian"uIosrec1:osDF,^erunt&  bafes  AF,  FB 
aequales.  Similiterdemonftrabimus  CF,  AFas- 
quales  efle:  quaie &  FB,  FC aequalcs eiunr.  Tres 
ergoFA,FB,FCaequ:ilcs  func.  Circuius  crgo 
centro  F ,  intcruallo  vna  ipraiuni  FxA  ,  FB  ,  FC 
dcrcr)piLis,tranfihit(S'.perrcliqua  pun(li:a,eritq5 
ciiculuscirca  ABCtrianguIumdefcriptus.Con- 
curranc  iam  DF,  EF  m  rt cla  BC  in  F,vl  in  fecu- 
da  defcr;ptione  ,  iungaturquc  AF.Similiterde- 

mon- 
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monftrablmuspunclumFcentrum  edecirculi  ^' 
circatriangulum  ABC  defcripci .  Concurranc 
demum  DF,  EF extra  triangalum  A8C  in  F,  vc 
tcrtia  habetdefcrJprio,  &:  iu.igancur  AF,  FB  ,  F- 
C  Cumque  AD ,  DB  xqualcs fint ,  communjs, 
6c  ad  angulos  rcdtos  DF  ,  ^cruni  &  bafes  AF*  "f"'^-^- 
BFaequales.  Similirer  demonltrabimus  &CF 
ipfi  FA  ^sqailem  eflerquarc  &  BF  equalis  erit  F- 
C.RurfuscrgocirculusCi^ntro  F.inreraallo  vna 
harum  F A  .  FB  .  FC  defcriptus ,  tranlibit  ctiam 
per  rcliqua  puni^a ,  eftque  circa  A 8C  triangalu 
defcripcus.  QuoJ  facere  oportuit. 

CorollartHm, 

Vnde  perrpicuumeft,  quando  cenrrmn  c>r- 
culi  in  triangulum  cadit .  angulum  B  \C  in  rni- 
ioreportione  femicirculo  ex^fientem  recTrb  mi- 
noremcde  .quando  veroccntrum  in  BCcadit, 
in  femicirculo  exiiUntem  ,  reclum:  quando  de- 
niquecentrumexcra  BCcadic,  in  minore  por- 
tione  femicirculo  exiftcntem  ,  maiorem  recflo. 

VndequandodatusanguIusminorcftreclo,m- 
tra  triangulum  cadunt  recTrE  DF ,  EF  i  quando 
recn^us ,  in  BC j  quando  maior  recflo ,  extra  BC5 
quod  oportuit  demonftrare. 

Scho- 
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S  C  H  O  L  I  A. 

/. 

GRiemhergerusinfuoEnclide  .  Hoc  problcma  5  reipfa 
nondiffertapiop.ajterrij,  vbidocuimus  pcr  tria_j 
pun(fla  data  dcfcribcrecirculum .  Perpcndicularcs 
cninij  c\\\£  fccant  quarlibet  duo  iatera bifariam,neccflario  co- 
ueniunt  in  qua-fito  centro. 

II. 
Hncreiioca  qu£  indicnuirniis  td  2  J  fo^t^j  ,praxes ,  iKjlrnmen' 
ta,  Crr.  Exqinbus  condiant  auditoribus  Euclidem  Ceometrici  Do- 
6lores. 

§  ir. 

EclrcinoproportlonumfbluerepropoC  5  Eucl. 

OcprohleTna  %  qu.ificonue^fwm  fecundt prohlcmatiscon- 
uerje  modo  operandi  foluendum  eli  ,  tritq;fictlliniHm 
fiin  arcinti  translatusfnerit  arcus  grad.  i  zo.&cJnter 
quos  interponattir  latns  dati  isqntlatert^&  acctpiattir  interuallum 
inter  6o,&6o,  quod  eritji.midiameter  circtUi  circumfcribendi 
dato  AqmUtero. 

§iir. 

T  K  0  "B  L  E  M  A. 

Clrca  duo  triangula  communem  bafim  haben- 

tia,  6c  angulos  ad  vertices  aequales  circu- 

luni  defcribsrc. 

Exem- 


H 
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EXemplum  hrc  aliifuod  acc/pe 
dtUtandt  Itbrum  hunc  4 
non  ad  v/tamJolum,/edad 
plures,  vt  hic ,  dnas  figuras  eodem 
circulo  circfimf.ribendas. 

Sint  d'io  triangula  EbC  ■,  CDB 
habintia  comuncm  bafim  CB ,  d* 
advertices  E ,  D  angulos  xquales. 
Circulus  de/criptus  ex  2^  proJer- 
tu  fevpun^l-a,  fiHe  atices  trianguloyum  C ,  B  ad  bajim ,  &  per  alte- 
fumpurMtim  T>  advirticcr^^,  tbtt  o  per  altcrtim  angulum  E  ^ac 
protnde  dcfrrtpferts  ctrca  duo  trtanguU  ,  C^e .  ctrculum ..  Nnm  ex 
2 1  tertij,  anguli  E,  D,  xijttaies  dali  ,/itnt  tn  eodemjegmento  AE^ 
VB  eiufdem  circuli. 

Ad  ahundantta.  addo:  Si neges  circulttm  tranfireper  E  ,  fedvel 
citra,  velvltrr.perA,tung/:htttrg(nitnaiCJ,^ioniamergGtran- 
fit  circulusper  A,erunt  tn  eodcrnjegmento  angrili  D,  ^  xtjualcs. 
eli  autem,pet  conftrticitcncm^vel  Juppojiimitm,  anguins  E  aejtia^ 
lisiPfi  D,  ergo  E^&  A  erunt  Acuales  ,  extcrt.us  A  cilra  E  iccjualis 
intirno  E ,  vel  externus E  mterno  A  vltra  E  tn  triahguUs  CEA^ 
conira  1 6pri. 


ProporVI.Probl.VI. 
In  datoctrcido  qHddratum  defcribere, 

^  Ic  in  dato  circulo  A  B  C  D  qna« 

clratuiiidvfciibendura.  uJuca-  ^pyt,p,f 
\r)  tur  diametri  AC.  BD  ad  an^ulos  rc-  "  '• 
Oios,  iunganrarq;  a  B.  BC,  CD,  DA. 
Cu  ergo  Bb  ,ED  ilnraequalcs,quippe 
exccnfroE,coinuiiis&  ad  anguiosicctus  tA, 

H  h  erit 
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bf".ip.4.  eric^&bafis  ABbafi  ADaeqaalis.  Eaderationc 

vtraqj  ipfaru  BC,CO,vcriqj  AB,AD 

eftaequalis.  Eft  ergoquadrilaterum 

ABCDaequilateruui.  Dicoquod& 

aeqiiiangulum .  Cum  reda  BD  dia- 

cpr^^f.         '  metrusficcirculi  ABCD,^eritBAD 

^'■''     femicirculusj  re(ftus  eftergo  angulus  BAD.  Ob 

eandem  caufam  quilibecanguiorum  ABC,BC- 

D,  CD  A  rectus  ell  3  rectangulum  ergo  eft  qua- 

drilacerum  ABCD.O(lenrumeftauccm6c^qui* 

ddefin.  igfgr^,;^,^  ^quadracum  ergoeft,  &  eft  circulo  in- 

fcripcum-  In  dacoergo  citculo,6cc,Quod  opor- 

tuit  facere. 

§1. 
P  0  R  I  S  M  ji.^ 

Data  fcmIdiametro,inucnire  in  circlno  propor- 
cionum  latus  quadrati  circulo  infcnbendi. 


s 


Cilketyintentallo  femidiametri  JKterpoJ/to intcr  60:)&  6q, 
in  circinopro^ortionum,  &  accepto  tnteruallo  tnter  90 ,  d* 
9O;  qttedeji  laius  quadrati  tnjcribendi  circulo,  &c» 


^i' 
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$11. 

theoremj. 

Rc(ftangulum  comprehenfum  fub  dfametrls 
quadrilaterorum  tirculoinrcriptorum  ^qua- 
le  eft  duobus  redlangulis  fimul ,  qux  lub  la- 
tctibus  oppofuiscontinentur. 

OVemadmoduyn  emm  (iKfig.prohLS  hu.)quadratum  com' 
frehenjumjuhdiametrus  AC  .  BD  quadrati  injcrtftt, 
e/i  dtquale  rcilariguliSy/iue  quadratis  ducbus  fimul  fum- 
ptis,  qu<tfuh  opfof:tis  Utirihus  yiB,  DC,&/ub  JD-.BC 
contincntur,  e.\  47  /jh.  i;  fic  hoc  theorema  imuerj.ile  cfi  etUihj  ad 
quxcumque recianguU  circulo injLripta ; c/iq;  tnpgnis  proprietas 
injcriptorum  in  circulo  rcfiangulorum  ,  ^jitc  propofitio  cum  iiire 
juo  ad (juc  iocu}?/pertineat,  &•  ipf.i  etian,  nttatur  aitquibusprope- 
fitiontbus [e  xit  eltm.nonpctercit  tthi,  amice  Lecior,  a.rrtfuo  /a  lo^ 
co,  niiipoit  Jexttt,  ex  ncjtra  methoao,  quartus  hic Itber fcquerettir, 
Igttur  ex  loUeclis  a  Ciauio^  zhipoii Theodcjtj  fth&rica de/inu- 
bus geometrtce  phtttfophatur  ,  habes  popoftttimhic  itnobtstheo- 
remt-j. 


Verha  demonfraftenis  accipe  .Incirculo  ABCD  fitquadrf- 
laterum  ABCD  ,  cuius  diamctri  AC  3 B D:  dico  redtan^ulum 

Hh     2  Tub 
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riib  AC,BD  comprehcnrum  a-qualc  CiTe  recSangnlis  fimul  Ajb 
AD,  BQ  &  fub  AB,  DC  conientis .  1-iatangulo  DAC  a.'qua- 
lis  angulus  BAE  ,  cadetq,-  recla  AE  vel  in  ipfam  redam  AC, 
velinter  ACredlamj  &  pun^^utnBjvel  deniq,-  inter  redtaro-* 


yjy^^ 


j4-— >^c        ^' 


h^ — ^ 


1 1  ter- 

5  2,  pri- 
isu 


4  \exti. 

idfs::- 
ti. 

zi  tir- 

%     . 
^Jextt. 

l6fc\-tt. 


•l\fsxti. 


AC ,  5f  puncfium  D :  atqj  erit  in  primo  cafu  angulus  BAC  an- 
gulo  DAE,  & in  rccudo  cafu  totusangulus  BAC  rori  angulo 
DAE  propter  communcm  angulum  EAC  additumi  *S:  in  ter- 
tio  cafu  reliquus  angulus  BAC  rcliquo  anguio  DAE^ob  com- 
muncmangulum  EACablatumj  ^Kqualis  Etquoniamaniu- 
JusquoqueACBanguIo  ADBa^qualisclt^eritreliquusetiani 
angulus  ABCj  in  triangulo  ABC  , reliciio  angulo  AED  in_j 
triangulo  AED  a-qualis .  Erit  igitur  \t  AC  ad  CB ,  ita  AD  ad 
DE .  Quare  re(itangulum  fub  AC ,  DE  a:qualc  elt  reftangulo 
fubCBjAD.  Rurjusquiaangulus  BACanguIo  DAC,ex 
eonftru^iiionCjXqualis  eil^&angalus  ABD  angulo  ACD^jCrit 
&:  rcliquus  angulus  AEB  ,  in  triangulo  AEB  ,  rcliquo  angulo 
ADCjintrianguIoADC  jaqualis.Entigiturvt  ACad  C- 
Dj ita  ABad  BE.  Quarc  redangulum  fub  AC, BE aquale  eft 
redangulo  fub  CD ,  AB  .  Quoniam  igitur  rcftangujum  fub 
ACj  DE  reolangulo  fub  CB, AD  oitcnlum  eft  cTqualcj,  &re- 
dangulumfub  ACj  DEredanguio  fub  CD ,  AB:  iuntautem 
rc(^tangula  fub  ACjDE,  &  fub  AC^BE  iimL^l  redangulo  fub 
AC  j  hD  a-qualia  icrit  redangulum  iub  AC  3BD  redangulo 
fubBC,AD,  &fubCD3  ABco  •tentisarquale.  ijcigom 
circuIoquaduUttruindcfcribatur,  ^q.  Quod  crat  demoii- 
ftiuiiaua^ — . 


Pro. 


K 


L. 
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PfopoC  Vir.  Probl.  vir. 

Cinadati^m  circttl^m  qHaJtratnm  defcribere» 

Ircirca  datum  circulum  ABC« 
D  quadramm  defcribenduai. 
^  DucantLir  diametri  AC,  BD  ad  an- 
l<^  gulosre(5tos,  6cper  pun^fta  A,  3, 
C,  D  ducantur  fanjjentescirculum 
FG  ,  GH  ,  HK,  KF.  Cum  ergo  FG  rangarcir- 
culum,'Sc  acenuoFadta:l:urn  AduCtalitEA, 
'^erunt  anouli  ad  A  recbi  .Eademdecdufa  erunt  •^f-'M' 
6c  anguIJ  ad  B,  C,  D  redti>  camque  angaii  AE- 
B,  EBGre(5lifinf,^eruntGH,  ACparalielas  Ea-^r'?'/- 

.  lo.I. 

demde  caufaerunr  AC,  FKparallelx.  Similiter 
demonftrabimusquod  GF,  HK  (intipfi  BED 
paralleioe.  Sunt  ergo  GK  ,  GC ,  AK,  FB,  BK  pa- 
rallelogramma^'"  vndc  asqualisert  GF  ipli  HK,  c^^-^M- 
5cGH  ipfi  FK.^Etquia  AC ,  BDxquales  funt,  ^ddefin. 
atque  AC  vrriquc  GH  ,  FK  3  5:  BD  vrriqueGF,  ^^*'* 
HK  cft  a^qualis  5  ergo  vtryque  GH  , FK  vtrique 
GFjHKcftaequalis.  Eftigituc  FjHKquadr«Ia- 
tecumaequilaterum.  Dco  quod  5cre(5taaga- 
lum  CumcDimGBaA  fitpanlleiogrammum, 
^tq,  angulus  AEB  reclas ,  ^  erit  6c  AGB  reAus.  epropof. 
Simiiiccf  demonftrabimus  quod  anguli  ad  H,  ^'*"'' 

KF, 
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K,  F  rcdli  fint  :eft  crgo  FGHK  rc(5l3ngulii  qua- 
drilarerumi  oftenfuni  eft  autem,  6c  ^quilateru, 
^^{'"'■^quadratum  crgo  eft ,  &  cft  circa  A BCD  circu- 
lum  dcfcriptum.  Ergo  circa  datum ,  6cc.  Quod 
oportuic  facere. 


rroporuioVIJI.ProblVIII. 
In  dato  ojuadrato  circulum  defcrihere. 


a  proptf. 

lO.I. 

b  proyof. 
31. 1. 


^  It  in  dato  quadrato  A  BCD 
f3l  circulus  defcnbendus,  "  B^Ce" 


fecencur  AB,ADinF,  E^^^acpe!:  £ 
qaidemducaturaltcrutri  AB,  CD 
parallcla  EH  per  F  vero  alterutri 
AD,HCparaII^laFE.SuntcrgoAK,KB  ,AH, 
HD,  AG ,  GC,  BG,GD  paralleiogramma,'^ 
ideoqilateracpporita  a^qualia.Ec  quia  AD,  AB 
aequalesfiint ,  erunt&  lemifles  earum  AE,AF 
dpropof.  aequales:^'  quare  &  oppoftrae  illis  FG,GE  aequa- 
Ics  erunr.  Simihrer  demonftrabimus  vtramque 
GH  ,GK  vtriqucFG  ,GEaequalem  cfte.  Sunc 
igitur  quatuor  GE,  GF  ,  GH  ,  GK  aequalcs.  Cir- 
culus  igitur  centro  G,  interuallo  vna  harum  G- 
E,  GF,GH,  GK  defcriptus ,  tranfibit  6v  per  reli- 
qua  pundl:a:fed  &  tangit  re(ftasAB,  BG,  CD,  D- 

A, quod 


c  proVQ. 
34.1- 


Hil 
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A  ,  quod  anguli  ad  E,F,  H,K,  reai  fint.  Si  enim 
circulus  \pCas  AB,  BC.CD,  DA  fecaref,  caderec 
quae  ab  extremicate  diametri  ad  angulos  recTros 
ducitur,in  circulumj^quod  cftabfurduoi.Mon  ^  pr^of 
ergo  circulus  c5cro  G,  6c  interuallo  vna  harum  '''^' 

GE,  GF,  GH,GKdercriprusrc!caCre(fl:asAB,B- 
C,  CD,  DA:  cangic  ergo:&  eft  quadraco  ABCD 
inrcriptus .  In  dato  ergo  quadrato ,  &c.  Quod 
oportuitfacere. 


$1. 

Qu^adratum  circa  circulum  eft  duplum  quadra- 
ti  intra  circulum. 

ACcipe  hicvmm,  ac  altertim  filtem  exemplimt  diUtAndt 
htinclib.  4  adcomprrationes,  &  proporttones  figuraru 
mntuotnterfe  tnfcriytartim,  lelctrctiKfcriptartim,  i'e- 
lut  hicpoUexempU  apud  EHchdem  cjtiadratt,^'  tn  circtilo,&  cir- 
^  "  -  cacirculum.  Vtrttmtjjfmtii /intjintra 

ciriitltim  ABCD  minus ,  circa  circu- 
lum  quaaratum  maius  F  G  H I ,  etuod 
dtco ejfe dttflum injcrtptt .  NamquOr 
dratt  infcxipti  ABCD  diameter  BD,tn 
recfangtdotriangulo  BAD,oppofita  rc- 
f}o  angulo  A ,  dat  quadratum  £^uale 
dtiobus  quadrattsex  BA^AD,per^j, 
pri,  idcst  quadratum  cx  BD  ( idelitpjum  FGHI )efi  duptum  qua~ 
drati  ex  vno  Jaterum ,  velut  cx  AB,  tdcft  ctt  ipftus  ijuadratt  ABCD 
dupltim.  ^cHO- 
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S  C  H  O  L  I  O  R 

PRAcedemtheoremA  fttpponitur ah  Eudidein  imtiopropdfi^ 
lib.  \l  ■,&  a  Commnndtm  ad  eampropof.  &  a  Peletario  hic 
dinerfismodts  demonfirntnr,  S^odaittcm  mox  Jeqmtur ,  edex 
Orontio  apttd  Clattium  in  Geom.prac. 

511. 


T  H  E  O  R  E  M  J. 

OVoni.tm  oc7ogonttm  regitlare  incirculo  infcrihitttrf.icil} 
per  bifartationtm  Uterum  tnlcripti  cjuadr^tt ,  accipc^ 
pulchcrimum  Theorema  ,  in  cjtto  ip/um  Oc-  ogonum  loco 
nieci. um  intcr  quadrata  circulo  infcriptum,  &  ctrcumfcrtptum,  ejl 
etiam  quatttate  mcdinproport.inter  njiruqi.  Sit  ciicuJlis  AEC  Dj 
Pn/in_  ^  A  1         cuiusccntiuin  Eiduf  diaiTctri  ACj 

"         ^"^         "  BD,  fecantes  lc  fe  in  E  ad  angulos 

rcdos.  lundis  cigo  rcdlis  AB  ,  BCj 

CDjDAjCrit  quadraiiim  circub 

infciipcum  ABC  D,  ^t  cx  demon- 

ftrationcpropor.  6  iib.  4  EiicJ.ccn- 

ftat.Ducantur  quoqueper  A,  B^C, 

D  3  perpendicuJares  ad  diametros 

coenntes  in  FjGJi,  I,  eritque  quadratum  circulo  circumfcrip- 

tum  FGHIj vtpatct  ex  demonftrutione  propof.j  Jib.4  EucJid. 

—  a  17.  Dudis  autem  diamctris  Fi^  ,  GI ,.?  fccabuntur  quadrantes  A- 

b?Sa/.  ^>  ^^J  C^  J  ^A  biferiam,  propterea  quod  anguli  in  centro 

3  i,fri.  funt  omnesa^quales ,  ^  nimirum  femirecti :  ^ac  prcinde  «Se  la- 

c Schol.  tcra  quadrati  infcript i  diuif a emnt  bifariamj.Sc  ad  angulos  rc- 

]]'  "'"  Ctos.  Et  fi  iungantur  reda',  AK,  IsB,  &c.  dcfcriptum  erit  oi51-o- 

gonumintra  circuli.m  .  Dico  itaefle  quadratum  cxterius  ad 

odfrjgonum ,  vtotftogonum  ad  quadratum  interius.Qiioniam 

cnim 
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enjm  triangula  AEF  j  EAL  aqiiiangula  funtj  quod  ivtlos 
habcatangulosj&fcinircdos  .-dcritEF  adFA,  iioccftjad  j^/^.v- 
EKj^eftnamqueEKjipfiEAjhocertjipfi  AF,  jequalis)  vtE-  ti. 
A,hoc  cftj  vt  EK;,ad  AL,  e  hoc  eftjad  EL,  coquod  AL,  EL,  ^  ^P'''' 
fint  squales ,  proptcr  angulos  femiredos  A  3  E  ,  in  hiangulo. 
AEL.  Sunt  crgo  tres rccia?  E F ,  EK,  EL  , continue  propoi tlo- 
nalcs.  Igitur  &  triangula  AEF ,  AEK ,  AHL ,  continue  erunt 
propoirionalia:  f  cum  bafibus  EF  j  EK,  EL ,  fint  proportiona-  fi  fsx- 
lia,-  g  Ac  proinde  &  eorum  octupla  continue  erunt  proportio-  "■ 
nalia^quadratum  videlicctFGHI,  oclogonum  AKBCDAj  ^^/„r*. 
&  qiiadratum  AfiCDiquippe  cum  prardicla  triangula  fint  ha- 
rum  rigurarum  odaua?partes ,  vt  liquet .    Odogonum  igitur 
mcdio  loco  proportionaic  eft  inter  quadrata  FGrfl ,  ABCD, 
quod  demonftrandumcrat. 

S  C  H  O  L  I  O  N. 
Pro  noftra  Methodo. 

VldcsMofira  methodibeneficio  pr.ecede/is pulcherrimum 
theorema  rite  hic  fuotn  loco  collocatum  ,  dc  demonftra- 
tum  pol  Itbrum  fixtum  ,  cutns  duabus  propo/itiofitbus 
c^et  demorifimtio  ,/ctlicct  x  ,  d-  4  ,  i»  Itbro  vtro  (cxto  mtfitts  ftbi^ 
aptuni  lccum  cxtra  h)c pyo-.riuKi  occupajjet .  Vactt  &  mfira  mc- 
thoduspro  jheoremate pofito  ad amcced.prop,6,  in  §  ^.&c. 


^"-^r 


^^  d^^i^^^ 


li  §2. 


a^a 
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Propoficio  IX.  Pfobl.  IX. 
Cma  datum  quadratumcirculumdefcriberc. 


s 


It  clrca  datum  quadratil  AB- 

CD  circuliis  defcnbcndus: 

du(5tae  rc(5la5  AC,  BDfe  inEfe- 

cent.  Et  quia  DA',AB«quaIes 

funt,  ACcommunis,  eruntduae 

DA,  AC  duabus  BA ,  AC  acquales :  fed  5c  bafes 

Y^ropof.  £)c^Bc^  acqualesfunt:^cruntergo6r  anguli 

h^^oyof.  D^Q  ^  BACaequales :  angulus  ergo  DAB  rcaa 

AC  bifecatur.   Similitcrdemonrtrabimus  que- 

libet  horum  ABC  ,  BCD  ,CDA  reais  AC  ,  DB 

bifecari.Etcumanguli  DAB,ABC<jqualesfint, 

fintqj EAB,  EBA  eorum  dimidij  ,<^ erunt6cip(i 

acqualcs:  quarc  6c  latera  E  A  ,  EB  asqual  ja erunc, 

Similitcrdcmonftrabimus  vtramque  re(ftarum 

ECEDvtriqueEA.EBaequalemefle,  Quaiuor 

crgo  E  A  ,  t  B ,  £C ,  ED  acquales  funt.  Igiiur  cir- 

cuIuscentroE,interuallo  vnaharumEA,  EB 

defcriptus,tranfibit6c  per  reliqua  pun(5la.E(l 

jgiturcirca  ABCDquadratum  delcriptum .  Er- 

go  citca  datum,  6cc.  Quod  oportuic  tacece. 


c«,v«7. 


§1. 


p  R  o  p  o  s.  ix; 

r  0  R  j  s  M  J. 


Dato  laterc  quadrati  inucnirc  in  circino  propor* 

tionum  fcmidiametrum  circuli  quadrato 

circumfcribcndi. 


B 


M 


ESf6  datum  quidnu  Itttti  BD,t]HOciinterpomtHr  if?tago,0' 
go  circini propcrtt ontiM ,  ^^immota  c^tdniHotie  cinini^ac- 
cifiAtur  interHallttm  inter  60f&  6o,puta  ipjum  A^  cuius 
^nterue/iu  tx  D,  &  Bfiant  njutHxfccfiones^  quit  dabiint  centrttfn, 
excjHO  dfxfHS ctrculus ibitperextrema  B yD  -,6^  rcci.in.  BT  tn ee 
circulo quattr  ap.pitca:a,t*tl} cjuadr^ttifn  JCLKl  circurnjcribet.Vt 

•I  i     2  90 
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po  dSo.fic htus ^t> h>ter^o,&  90  ^dfemidiafnetrum  inttr  5o, 
&  60,  &c.  Cdtera^mm e.x den..pro^of.^. 


§11. 


O^ 


C  0  R  O  L  L  A  KlV  M. 

Supcr  data  recfla  quadratum  exdtare  ope  clrci- 
niproporcionuni  facilius>quain  per  46  lib. i . 


Adetn  opera,  tjuafroxirne  anteccdensportfrna  folutu  eff,etm 
iatn  opcratto  htttus  corollarijperfecia  elt.  Nani  data  recfa, 
■>  BD,  &  in  circinopreporifonum  inucntk  femidiamctro ,  vt 
fa^liim  ctl  m  antead.portfrnate ,  CAfcmidianHlroftocculttm  cir- 

•  culum 
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culum  ducasper  B,  D^  in  eo  ctrculo  quater  applicaid  BD  coKjittuit 
quidrAturti^fine  'vCU  curareaortim  angtdorurntVelperpendicula-* 
rtum .  c?-f.  Demonjiratto  eadcm  ed^  qux  in  mteced.panjrnate,  C^ 
jnjiropoj.^jjtt, 

F  R  0  X  Z''k'M  A. 

Circa  quadrilaterum,  cuius  duo  anguli  oppofiti 
finc  jequaics  duabus  retftis,  circulum 
defcribere. 


Xemplum  h/c  aliejttod  accipe 
diUta/^di  huric  lib.^.adcir^ 
fumjcriptionem  circuli  etia 
circa  irreguUires  Jiguras  (  pr.it er 
triangiiU  irrcguUria ,  ztjictt  Eu- 
clidcs) Ttlut  etir.r/i,p.rAiit  Cjuacira' 
tutr,  hic,arcri  (juadrar.gulnni  j  cu- 
iusduo  angiili  oppc(iti'fmt  duobus 
re&ts  ^cjuales^  circuUm  defcriki  re .  Sint  ergo  ejuadriUieri  ABCE 
.  oppofitt  diioanguh  B-,  E  dnobus  reffts^equaies,  & pcr  2  5  tcrt^,  dc- 
fcrtbatur ctrculusper triapun&a,  velutper  A,E ,C\ ibticj; e:tam 
per  quartnm  E.  St  neges,  cat  citra^felzitra  E  ^crD,&  tungantur 
AD,  CD  bi:  binte.  ^toniam  ergo  qttadrtiatertim  ABCD  ed  circu- 
io  tnfcrtptum ,  erunt  duo  anguit  oppojiti  B ,  D  xquaies  duobuf  re^ 
fits,  &  detracto  commtini  B,  erttnt  dtio  D ,  £  &quaies .    lungatur 
CA:  ergo  trtangtdorum  CDA ,  CEA  Jupcr  com muni  bafi anguius 
D  fub  minorihus  iatenbus  CD ,  AD  non  erit  maior  anguio  EJub 
matortbus latertbiis  CE,  AE  contra  2 1  lib.  i.Sic  nec  E  ejjei  maior 
txti  rno  extra  ctrcuium.  Crc .  Erit  ergo  quaaniztcrum  ABCE  /«- 
jcriptftm,  'vei  circumfcriptum  ab  tpjo  ctrcuio» 


Pro- 


ajtf  L  I  B  E  R    IV: 

Propof:  X.  Prcbl.  X. 

Ttriangdum  ifofceUsconHituere  hahens 

"vtrumque,  qut  ad  haftm,  angulum 

duplumreliqui, 

^  Xponamr  redl:a  quacdam  AB, « 

\   tL  quaeinCficfecetur,  vtAB,B' 

Ccontenium  aBqualefic  quadrato 

ex  CA  dcfcripto .  Igitur  certcro  A, 

inceruallo  AB  dcfcribatur  circulus 

b^ropo/. BDEj^eiqjaptcturrecfta  BD  aequalis  ipfi  ACj 

cpo/,0/; &dud:isDA,  DC,^  defcribaturcirca  triangU' 

^"^'      lum  ACDcirculus  ACD.  Etcum  quod  AB,BC 

continetur  aequale  fit  ei,  quod  cx  AC  quadrato, 

{icque  AC  ipfi  BD  squalis, etit  &  quod  A B,  BC 

continetur  xquale  ei ,  quod  cx  BD.  Cum  igitur 

extra  circulum  ACD  acceptum  fit  punCium  B, 

abeoqjad  citculum  ACDcadant  duxrt dlas  3- 

CA,  BD,  quarum  vna  circulum  (ecat ,  akera  ei 

incidit,  fitquequod  AB,  BCcomincturaDquals 

dr^^fft^y:  ei,quodex  BD,"^  tangct  BD  circulum  AC Oj 

'^'    cumqueBDcirculum  ACDcangar,  aracflu  au- 

eprspof.  tem  D  dudra  fic  DC,  «^  ciit  angulus  BDC  angulo 

D AC  in  alterna  circul»  portione confifleti  ^qua- 

iLs .  Cuin  ergo  anguli  BDC,  DAC  fiat  «quales, 

li  com- 
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fi  comunis  CDA  addatur ,  erit  totus  BD A  duo- 
busCDA,DACaequalis:'fedduobusCDA,D-  ^w/^ 
AC  icqaalis  cft  exrcrnus  BCDjcrgo  B  D  A  aequa- 
lis  erit  ipfi  BCD :  kd  ipfi  BD A  a:qualis  eft  CB D. 
cuai6cs  latera  AD,  AB  fincxqualia:  quare6c  ^defin. 
DSA,BCDacqualeserunt:trescrgoBDA,  DB-'^''" 
A,  BCDruntaequalcs:&.  cumanguli  DBC,BC- 
D aequalcs fint,  crunc6clatera  BD.DC aequaiiaj 
fed  BD  ipfi  CA  ponituf  acquale :  iunt  ergo  AC, 
CD,aequaiia:  vnclc  6c  anguli  CDA,  DAC  :Equa- 
1  es  etuni:». rgo  anguli  CDA,  DAC  dupli func an- 
guU  D AC  :  eft  vero  6c  BCD  aequalis  duobus  C- 
DA,  DACjergo  BCi3  dupluseft  ipfiusDAC.Ec 
cumvterqj  BDA,DBA  angulo  BCDfitasqua- 
lis,  duplus  cric  vterque  reliquo  D  ^  B.  Triangu- 
lum  ergo  itofceles ,  6cc,  Qupd  oporcuic  fatcre, 

$1. 

Probl.iolib.^excirclnoproporclonumfacilli- 
meexpedire. 

ESf  inftar  lemmatishdcprop.  i  o,  qits  fupponiturpro  fequeo" 
tts  1 1  propoCtttoms  abJoltiendoprohlema(e,Nosprohlem.t^ 
tn  hac  1  opropofttione propojitur/,  factllime,  acaltter,  quim 
htc  F.U(ltd-s  3  expcdtmus  ex  ifit  circini proporttoKum  fic, 

Sit  coniiituendum  triangulum  tfojceles,  quod  habeat  vtrumque 
dJigftlum  duplumangultadverttccm  ,  &Jitdata,  ~  el  exponatur 
re^A  AD,  ^^per  aliqucm  epluribus  modis ,  quos  habes  apudKcs 

ad 
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adtrop,  ^  o  //'.  6  ifi  2  p.vte  Tomi  2,  fccetnr  in  C  medh  ^  extrcma 

rattenc^; 

Sit  modus  h:c  in  circifio  proportio- 
mm ,  vt  rccl-£  AD  intnttallnm  interpo- 
fi/ttur  intcr  60  ,6^  60  numcros  dtdu6ti 
circtui  propflrtioniim,eoq,  internai/o  im- 
mote ,  acctpiatur  interualiu?n  inter  3  6, 
&  •^6'iC0q\  fecctur  cx nltcro  extremo  A, 
leiDrccia  aD  in  C  Atque  ex  Dyinter- 
ualio  maiorisfegmeti  AC,  dr  ex  A  tnter- 
fiaiio  tottus  ADfant  mutu.e  Jt  cftones  tn 
B.  lunc/is  AB ,  DB^  erit  triangulHm  A- 
B  D  ifojccks,  ac  habens  ad  bajim  BD  an- 
■;  li  guium  B  dupium  a?iguii  A,  ^  anguium 
D  pdrtrcr  dupirim  tpfius  A, 
J^uod  fld  fe^icnem  in  Cproporiienaiem  (jc,  habes  demonjira^ 

iionemin  §§6,7,8  adp^op.  ^oiib.  6.  Ejienimin  circino iatus 

hexagom  6q  jcc/ ;im proporttonaiitcr  in  3  &,  dr  iatns  3  6  ,  cjncd efi 

watus  (cgmcntum ,  est  i^uus  dccagem  ,  tnxta  ibi  demon/ir.ua. 

^fod adreiiqu.1.  j  dcmofiltratio  eji  cadem  quji  hic  apnd Euclid.in 

probLhoc  I  o. 

§11. 

S  C  H  O  L  I  O  N. 

Dc  reliquis  iforcelibus  ad  infcribendas  alias  ali« 

quas  figuras  nondum  iuuentis.  A  nobis 

aliquid  opis,  ac  opum. 

1  ^  ^  Riembergerus  in  fuoEncl.  Infciiptio  Hcptagonij 
1  ^»  Nonagonij  II  Jateriim,  13,  &c.adhucdcfidera- 
^-~»    tiirj quia  Eiondum  eft  rcpertum  probJcma,  &  co- 

firudiotrianguJiiloiceJis  ,  cuius  vtcrJibet  anguJorum  sequa- 

Jiuni 
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llum  fit  triplus,  quadruplus  &c.reliqui  anguli ,  quorum  bene- 
ficioinfcribercntur  circuloheptagonum,  nonagonum  &c.Eo 
modo  quo  defcribitur  pentagonum .  Et  beneficio  heptagoni, 
&  nonagoni  inrcribcretur  figura  6 j  x  laterum ,  ficut  inrcriptu 
fuit  ab  Euclide  quinti  decagonum. 

2  Nos  tAmenpoJi  vliitnam  propo/itiONem  huius  lih,  4 ,  fifie  cit- 
fA  ,  cr  conflru6ltonc  trtangulorum  illorum ,  vniuerfal: ,  &  facili 
compcndte  nonfolum  organtce  demenFlrattue  per  circinu  propor- 
ttonum  t  fed etitm practse geometrice docebtmus infcnbere  ^uam- 
iibetfigtirAm  regularer»  in  circulo.  &c. 


Pi-opof.XI.Probl.XI. 

Dato  clrculo  pentagonum  Aqmlaterum ,  ^ 
£qf£iar2gulum  infcrtbere, 

^  Itindatocirculo  A- 
l3  BCDE  pecagonum 
aequilaceram,  6c  aequian- 
gulum  defcribendLi.  Ex« 
ponatur  triangulum  ifb- 
fcelesduplum  habcns  vcrumq^angulumad  G, 
H  ,  cius  qui  eft  ad  Fj  6«i  ^  infcribatur  circuio  AB-  ^^ropf. 
CDEcrianguIum  ACDaequianguIum  criangulo  '•+• 
FGri ,  ita  vc  angulo  F  aequalis  fit  angulus  CAD, 
angulis  G,  H  anguli  ACD,  CDA .    Ec  quia  vcer- 
que  ACD,CDA  duplus  eftanguIiCADj^bife- b/^rff^,;. 
fecentur  re(ftis  CE,  DB,  iungancurqj  AB,  BC,  C«  '  "^ 
D,  DE ,  E  A.  Cum  iraque  vcerque  angulorum  A- 

KV  CD, 
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CD  CDAdnplusilranguIiCAD,  bTecfllqi fint 

^^^'^  CE,  DB,  erunt  quinqueanguli  D.iC.AC- 

^propo .  p^  g^j^  ^  ^^g  ^  ^^^  xquales  inter  fe.  '^  tt  cum 

acquales  anguli  xqualibus  peripherijs  infiftanc, 

^^,^,f,^^^^^^^^'",^^^P^^¥^^^'*^A^^'BCX.D^  DE,  EA 
zp.^.  ■  aequaks:  ^lcd  aequaies  pcripherias  xqualc?  rea:.c 

p  A  rubtenduntifuntersohc 

^'  >    j.    quinque  rcdlx  AB ,  BC, 

(W    V/,      CD,DE,EAsquales,eft 

^^^  M./      ergopenragonum  ABC- 

~  DEaequiiaterum.    Dico 

quod&xquiangulum.Quia  AB,DEperipheiiac 

aeqaales  funt^ficommunisBCDaddatur, crunt 

torae  ABCD,  EDCBxqualcsi  &in{irticperiphe« 

r'aB  A  BCD  angulus  AED,  peripherias  vero  BCD- 

\^'l'^-  EanguIusBAEi^fumcrgoAED,  BAE  anguli 

acquales.  Eadem  dc  caufaquilibccangulorum 

A  BC  ,  BCD ,  CDE  vtriquc  A  E D ,  B  A E  acqual is 

crit:  cltcrgo  pcntagonum  ABCOEasquiangu- 

lum :  dcmonftratum  autem  cft quod  &:  xquila- 

terum .  Dato  crgo  circulo ,  6cc,  Qupd  oporiuit 

facere. 


jr. 
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§r. 

P  O  R  I  S  M  J. 

Data  femidiamctro ,  inucnfre  in circlno  propor- 

cionum  latuspencagoni  regulariscirculo 

infcrtbendi. 


D 


Atdfitprofemidiamem  reSta  A ,  eiuf^  tKtcruallum  in- 
terponatur inter 60.&  60 numcrot  circini  troportie- 
num,immotog^ctrctf,o  tuxta.  id intcruallum ^  qutniA 


diuisAtotdperipheria  ^tog^^duumper  nutnerum  5  indicatttm  x 
Homtvepcntagont ,  prouenit  numcrus 7 2  , accipiatur interfia'U:m 
interji^^  ']rt'^rtt(f,  qua^tum  latuSyputa ejuantttttis  BM^oucd 
incircuio^tx  Ajemtdtametro,afplicatum  ,0"  cjuinqunsreflicam 

K  k      2  tkm  . 
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tum dahit wfiriptum pentagoKtm  GMOV^TheoYice,  atdemtn* 
(Iratiopdtent piirttm  ex  antecedeMihus  alys  nonrisportfmatibus  in 
hoc  ^ltkj>arii^/,  ex ^cntonliratiom hiiius  ■iipropof.EHcl, 

S  C  H  O  L  I  O  N. 

Aliter  partim  cx  Ptolom^oinuenire  latuspenta- 
goni  circulo  infcribendi. 

■i  '• 

' ide tnferius adpropcf.i  5 huius api!is,quam adhanc  i  li 


V 


511. 

Moralc  pentagonum  in  clrculo,  (iuecirca 
circulum  Fortunae. 


r 


*Vfa  etiamforttma,  (^fiue  diuinaprouidcntia)  cuicirculus  r0' 

gitur  in  orbeterrartmy&in  humanarum  vicifsitudtmm  ctr- 

■pentag.  ^   "'^^  ^«  ^'*dtt ,  &petag.  incircumfcribit .  Infpice  figuram  pro- 

Tortu-    pe/ittonisjc^.  1 2  EucLa  verticalt  angulo  G  ffl  inflexio  temportimy 

^*'         &  inclinatio  in  H^K,Ly  M.ln  vertice  G  bene  efi,in  H  bene  erat,  in 

K  benefuit,  in  L  benefuerat ,  in  M  bene  erit ,  &  rtirfus  in  G  bene 

td.Afsidue  circanoshoc  qutnq-ytemporum  pentagonum  rotatur.Ac 

re£ie  monet  Poeta: 

Durate,  &  vos  met  rebus  feruate  fecund  is . 

^uoniam  enim^vt aiebat Socrates:Circu.lus  monaUa.i&  rota 

dtutnxprouidentiit  nunquam  non  retioluitur,  /lafnmmo  fteUcitaus 

TiKran-  verttce  deuoluaris pcr  temporti  gradus  ,fpera ,  &  expeflamc/iora, 

d^i'vf  ^° ^ "^*^^^ nunc,& olim fic Ztk.Horat.Rurfus afcendes.  Fortu- 

mue ad  "  ^^^  ^^  deuo/ttentem feras,  &  /erua  te  rttrfumfecundts  rebus .  In^ 

moilia.    quibus  ittrum  colCocatus,  qua/iin fittnmo  rot£fd/tcttatis,vt  mode- 

Jie  tcgeras,  memento pofi pr,tfens pr^terita  confeqitt  tempora.  PoH 

qux  in  futtiro  fperandum ,  &  inpr^fenti  rurfum  Ixtandum .  Hit 

Prxfcrip  pentagonumfue  circulo  tnfcrtbit  Fortuna.^uaapttd  Boettum  /,i. 

lumctr-  jg  confol.prsft  lyrtffe  monet: Rotam  volubili  orbe  verfamus, 

'tlindin-  Jnfima fummisjfumma infimis mutaregaudemus.Afcende 

[criptu.   fiplacet,lcd  calcge,ne  viijcumludicrimei  ratiopofcet, 

dcfcenderc  iniuriam  putes.*  Pf  O; 


crr^''^~-^--*- 
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Propor.XIf.ProbI.XII. 

Circa  datum  circHlum pentagonum  AquiUte» 
rtimj  ^ajniangdnm  de/crtbere. 


o 


Porteat  circa  circulura 

ABCOE  pentagonum 

3equilatcrum,&  aequiangulum 
delcribere.    CcgitcnturangU" 
1<    c     1-       lorum  petagoni  infcripti  pun- 
<5ta,  A,  B,  C,  D,  £  ica,  vt  peripherix,  AB,  BC,  C- 
D.DE.EAaequ^ilesfint,  -«ducanturqueper  A,B,  ^propof. 
C,  D,  E rea^e GH,  HK,  KL,  LM,  MGtangen- '^ '• 
tes  circulum,  &-accipiatur  centrum  circuli  F, 
iunganturque  FB,  FK,  FC,  FL,  FD .  Ciim  itaq^ 
KL  redla  circulum  in  C  tangat ,  &  ab  F  ad  con- 
tadtum  C  dudta  fit  FC ,  ^  erit  ipfa  ad  KL  perpen-  ^^''yf- 
dicularis :  vterque  ergo  angulus  ad  C  cft  recftus, 
Eandem  ob  caufam  re<5ti  funtanguli  ad  B,  DjSc 
cum  angulus  FCK rearus  fit ,  c  erit  quod  ex  FK  ^J^^^f^ 
aequale  illis,  qux  ex  FC,  CK  quadratis .  Eadem 
de  caufa  erunt  qux  cx  FB,  BK  aequalia  illi,  quod 
ex  FK :  funt  ergo  quaecx  FC ,  CK  asqualia  ill>s,  fb^fS 
qux ex  BF ,  BK 5 qaorum  quod ex  FC xquale^  [^^^*'^ 
clt  ei,  quod  ex  FB :  erjt  igitur  6l  reliquum  quod  1''Pp^ 
ex  CK  aequale  rcliquo ,  quod  ex  BK :  funt  ergo  ad  teii- 
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BK,  CK  aequales .  Ec  quia  FB ,  FC  acquales  funt, 

communis  FK ,  crunt  duae  BF ,  FK  duabus  CF, 

ifropof.  FK  aequalcs ,  &  bafis  BK  bafi  CK  aequalis  j  «^cr- 

*•'■      go  &  angulus  BFK  xqualis  eric  angulo  KFC, 6c 

angulus  BKF  angulo  FKC :  cft  ergo  angulus  B- 

FDdupIusanguIiKFC,  &BKC  duplusanguli 

FKC.  Obeandcmcauramcric«5c  CFDduplus 

ipiius  CFL ,  6c  CLD duplus  ipfius  CFL ,  Cum- 

cpropcf  que  pcriphesiae  BC,  CD  aequales  finc , '  crunt  & 

*7-^-  ^    C^  ^  anguliBFC,CFD<^qu3lcs,c{t- 

quc  BtC  ipfius  KFC  duplus, 
DFC  vcro  duplus  ipfius  LFC: 
'^  afqualtsergoluncKFCjCFL. 
fpropof  "^  *^  ^  /duocrgocriangulaFKCFLG 
*<^  '•  duos angulos  duobus  habencia  «^qualcs  alccrum 
alccri ,  ^  larus  vnum  vni  laccri  FC  vcrique  com- 
mane,  habebunc  6c  reliqua  lacera  reliquis  xqua- 
lia  ,  angulumque  rcliquum  reliquo.  Sunc  igirur 
tam  rc(5lseKC,  GL,  quam  anguli  FKC,  FLC  x- 
qualcs,cumque  KCaeqnalisfic  CL  ,  dupla  cric 
KLipfiusKC.  EaJcmdecauIademonftrabicur 
HK  dupla  jpfius  IK  j  &  cum  dcmonrtratum  fic 
r  K  squalis  KC,  htc^i  KL  dupla  ipfius  KC,  &  H- 
g^,.  6  K  uupla  fpfms  FK,  ?  ciic  6c  HK  ipfi  KL  aequalis. 
Similicer  demonUrabirur  quahbec  ipfarum  G- 
H ,  GM  ,  M  L  vtrique  H K,  K L  xqu dis :  cft  crgo 
pencagonumGhKLMxquilatcru,  Dicoquod 

&aequian- 
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6c2quiangula  n.  Cuneniaiariaal  pKC  FLc 
aeqa.^l  srint,oflentasq  iz  fit  HKLdapIus  it)fias 
FKC,  & ipfius  FLC  duplus  KL  '4  ,  er  1 5c  HKL 
ipfi  KLiVi  ^qualis.^iaiilKcrdeinoiiftrabicur  qai- 
hbctipfomniKHG.HGM.GMLvtriqueHK- 
I,  KL\1  asqual  s.  Qainqaeergo  angulj  GHK, 
HKL,KLM,LMG.  MGHfuncxqualesi  22- 
quiangi)Iu;n  ergo  ert  pentagonu  n  .  Oftenfuin 
autem  cit  6c  aequtlaterumj^r  e(t  defcrlprum  cir- 
ca  circulum  ABCDE .  Quod  oportebjc  facere. 


Propof  XlILProbl.  XliL 

Ddto peniagono  ACfHilatero ,  ^xqitiangulo 
arculHm  infcrihere, 

)Porteat  dato  penfago- 
no  oequilacero ,  ^  x- 
Gui^n^ulo  ^BCDEcircuIum 
jnlcfibere.  "^  bifecctur  vcerq^  iprof^f, 
angulorumBCD,C0Ere(5t!S  ^•'- 
CF  ,DF,(5capuna:oF,inquoCF,DFconcur- 
runt ,  ducantur  redtac  FB, FA, FE.  &  quia  BC,C- 
D  xqujlcs  iunt ,  communis  CF ,  crunt  dux  BC, 
CFduabusDC,CF  aequales,  &  angului  BCF 
angulo  DCF  squalis :  ^  ergo  5c  baiis  BF  bafi  DF  ^p^- 

«qua- 
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«qualiscrit,  &criangulum  BFC  rriangulo  DC- 
F,  reliquiq;  anguli  rcliquis,  quibus  aequalia  late- 
ra  rubcenduniur,«qu3leserunt,  Sunc  igituran- 
guli  CBF,  CDF  acqualcs,  Et  ciim  angulus  CDE 
duplus  fitanguli  CDF,  aequales  autem  &  CDE, 
ABC ,  £x  CDF ,  CBF  ,erit  &  CBA  duplus  ipfius 
CBF:  sgquales ergo  funt  A BF,  FBCrbifecatur er- 
go  angulus  A BC re(fta  BF.Similirerdemonftra- 
biturquemlibet  angulorum  BAE,  AEDre(ftis 
opropof  FA,F£birecari.cDucamurenIm  abFad  AB,B- 

-         C,  CD,  DE ,  E A  rccfVae  perpe- 

^^ jp  dicularesFG,FH,FK,FL,F- 

M.Qmaergo  anguliHCF,K- 

y/^     CFa:quaIes(unt,FHCrc(flus, 

jj       aequalisre(floFKC,eruntduo 

triangula  f  HC,  FKC  duos  an- 

gulosduobusasquales  habentia,  vnumqj  lacus 

vni ,  FC  latus  commune  ,  &  vni  aequalium  an- 

d  tycf,cf.  gulorum  rubtenfumj'^  lnbcbunr  ergo  »3c  reliqua 

laterarclJquisaequalia :  funt  ergo  perpendicula- 

rcs  FH ,  FK  aequalcs .  Pari  modo  demonftratur 

qu.^libcc  harum  FL,  FM,  FG  vtriqj  FH ,  FK  ,  x- 

qualis.  quinque  ergo  re(5lx  FG  ,  FH  ,  FK  ,  FL, 

FM  aequalcs  funr^  circulus  ergo  centro  F,  intcr- 

uallo  vna  barum  FG ,  FH ,  FK  ,  FL,  FM  defcri- 

ptLis  tranfibic  &  per  reliqua  puntila,  tangetqj  re« 

(flas.-^B,  BC,  CD,D£,EA,eoqu6danguliad 

G,  H, 


d 
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G,  H,K,L,  Mredlifint,  Quod  fiillasnontan- 
gat,  (ed  fccet ,  cadet  quas  ab  extrcmitate  diame- 
tri  ad  angulos  rearos  ducirar ,  inrra  circulum ,  e  \t.lf' 
quod  abrurdum  cfTc  oftenfum  efl :  non  crgo  cir- 
culus  centroF,  interuallo  FG,  FH.  FK.  FL,  FM 
defcriptusfecatreaas  AB»  BC.CD  ,  DE,  EA5 
crgo  tanget.  dato  ergo  penragono.  Q^od  opor- 
tuit  facere. 


PropofXIV.Probl.XlV. 

CircA  datam pentagonum  £^/4iUtemm ,  ^ 
^niangHltimt  ctrcainm  defcrihere, 

(^^*^  Porteat  clrca  datum  pen- 
..J  tagonum^EquilatefLi,  & 
a^quianguium  A  BC  DEcirculii 

defcribere.^  Bifecetur  vrerqjan-  iorofof. 

^  ^^      gulorumBCD,CDErec1:is  CF, ^•''- 

FD5  ^  ab  F  pundl:o,inq'Jo  rcdlae  concurrunt  ad 
B.  A,  E,ducanturrecle  FB,  FA  ,  FE.  Similiter 
ergo ,  vt  in  praecedente  ,  demondrabitur  quem- 
Iibet  angulorum  CBA,  B  \E,  AED  redlis  BF,  F- 
A,FEbifecari.Ecquia  anguli  BCD,COE  oequa- 
lesfunt,cftqiFCDdimidiusip(ius  BCD,  &  C- 
DFdimidiusipfiusCDE,  erunc  FGD  ,FDGas- 
quales  j^  quare  &  lacera  FC ,  FD  xqualia  erunc.  ^p^opf. 
SimiiiccrdemonftrabifurquamljbctipforumF- 

Ll  B,FA^ 
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B,  FA,FEvtriIibccFC,  FD^qualemeflTe  Quln^ 
A  queergoFA,FB,FC,fO,Ffc«- 

qualcs  funt.  Circulus  igitur  cccro 
F,interuaIlo  vna  harum  Fa  ,  FB  j 

^        FC,FD,FEdcrcripcustranfibit6c 

^  ^      per  reliqua  pundla,  critq^  circa 

pentagonum  ABCDE  defcriptus,  Circa  datum 
ergo,  &c,  Quod  facere  oportebar. 

51. 

PR03LEMA. 

Supcr  data  re<fta  e  circino  proportionum  penta- 

gonum  regularefacillime  excitare. 


Om^ 
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QVodaltj  diter ,  nos  Jncfactllimo  negotio  ex  eccafiom  htt- 
ius  l^,i»  (]ua  dato  pentagom  reguUri  circumfcrtbittir 
circulus ,  abfoluernus  hocfroblema ,  Edo  data  BM  fCit-> 
^  ius  (fuantitas  imerponatttr  i»  circtno  proporttontiyn^ 
inter  numeros  7  2,  C^  7  »  ,  eoq^  interuallo  immoto  permanentc;  in 
circino  accipiatiir  intertiallttm  inter  60  &  So.ejuoiKterualloytam- 
quamfemidiametro,  ex  extremis  B  ,  M  ffant  mutu£  fe&-ionespro 
ccntro ,  &per  cxtrema  B  ,  M  tbit  occultus  arculus ,  in  quo  quin- 
qtties  rephtata  DM  cor/ftttuet  pentagonuK:  regulare» 

§rr. 

COROLLARIT^M,  a 
P  O  R  I  S  M  A. 

Dato  latere  pentagoni  regularis,  inuenire  in  clr 
cinoproporcionum  remidiametrum  circuli^ 
pentagono  ciicumfcribendi. 

E^dem  epera ,  qua  in  antcced.probl.per  circinum  proportio' 
fjum  trextfiiftperdata  BMpentagont{mregitlare,abfoluifii 
etiamproblcma  I4  Ettclid,  quod hic  efi  propoftttim  a  nobis 
(orollarittm  dednnum  ex  antcced,nofiroproblemate  .  Namfemi- 
diameter  inter  60  ,&  60  defcribet  ctrcidumin  antecprobl.occuU 
tum  ,  hic  manifiHtirn  tranjeuntempcr  extrema  laterispentagoni, 
(^  concludentem  intra  fepentagonum  cx  dato  latere  defriptum. 

$iir. 

Aliter ,  ac  fecundo  pentagonum  regulare  fuper 
data  excicarc  ope  circini  proportionum. 

jlta  AB  fecetur  tn  C  media ,  &  extremaproportione  per 
modtim  altquem  cxvfttrpatis a  nobis  adpropoj,  3 o  lib, 
6^&  vtrinqne producAtur  in  D  ,  &  E  ad quantttatem 

Ll      2  m*» 


D 
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matorisfegmenti  ACy  hoc  eB  ipjt  AC Jit  Aqmlit  DJ,  &  eidcm  Ac 

Jit  &qualts  BF,    Ttim  irjteruaUo  totius  AB  cxA,&D  fiant  mutuA 

Je6iioncs  tn  F>  itcmqi  rx  B,&E  in  G .  jRurfus  eodem  interuallo  eic 

Fi&  Cfaf/tje&ionesin  H;  eritque  opefeSlionis  medi<s^&  extremx 

fetagonii  ABGHF  regulare  excitatufuper  data  AB  ,  fine  vlia  cura^ 

&proiixtori  operaiione  in  conRituendts  angulis  adquantitaiem  re- 

qutiitam  tn  pentagono.  &c.  Demlliratiopatet  exio  pro- 

H  pof.  htuNam  AB  ^qualts  efi  ipfi 

FA,  &,fa6ia  fe£iioneprcportio» 

nali ,  maius  Jegmentum  ACfa-^ 

iiiiefibafis  ifojcelis  ADF,  quod 

efi  trianguium  ,  quale  requiritf 

&  coniittuit  Eticlides  in  i  Qpro-. 

pof,&  ex  regulapulcherrinttLjy 

fi        C  Ti  quamhahesincorollar.i fub% ^ 

ad  ^i  prop.lih.  i  ,in  huius  t/£rartf  i  tom.anguius pentagont  conti- 

mtvnum  rcdum,  &  njnam  quintampartem  vnius  recii.  Sitrian- 

guli  DFA  dtios  re£ios  ita  ditiidns  ,  •vtfingttii  ad  bajim  DAfnt  du- 

fii  angult  adverttcem  F  ,  erunt  ad  baftm  vteritbet  tontinens  qua~ 

tuor  quintas  vnius  rciii,  &  angulus  adverticem  continebtt  duas 

quintas  vnius  reiii .  Cum  igitur  angulus  DAF  contineat  quatuor 

quintasvnius  reiii,  ergo  adcompltmentum  duorum  re6iorum,  rf- 

Itquus,  qui  deinceps  FAC,  continetfe:c  quintas  vnius  reiii,  hoceil 

refium  vnum  ,  &  vnam  quintam  reCii ,  ac  proinde  angulus  FAC 

efi pentagoni,  Stc,produiitsreitquis  iaterihus  ad quantitatern  AC 

ex  altjst/ofcelibus  dqualthus  tpfiDFA,  demsnFirabuntur  reliqui 

anguii pentagoni  &c.  ac  en.nes  aquales,  qucmadmodum  &  omnia 

lateraper  conftrHciiohcmfunt  xquaita, 

§  IV. 

Alitcr,ac  tertio  fuper  data  red>a  pentagonum  re- 

gulate  excitare.  Aliquorum 

hallucinatio.  6cc. 


S 


Ciiicet,ftne  ifofcelibus  ,per  c  onfiitutionem  anguhrumpentA" 
gonicorttm  ope  ctrciniproportisnum,  Hic  non  eft  iterandum, 

qnod 
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^ttodhahcs  tnpraxi  ftih  §  6  <«  2  5  frop.  tt.  \  in  \  tom.  hti.  -.A.rar, 
Reutje  praxes  //>  §  §  1 0 ,  1 1  ,  1 2 ,  1 5 ,  1 4  v/  2  7"«».  adf  ro/^.g  /1.6, 
Vtdeiktin  cttat.  to.  \.ichol.  3  tndic  uoserrorestnvttlgatis ali- 
quorum  con/trticftontius  apud  CUu.in  Giow.praff.  Omttto  &  Pc- 
ietar^  adio  hutus/hrmattonem  fentagoni  operojiorem,  &  CAteras 
altorutft^. 


PropoC  XV.  Probl.  XV. 

In  dato  circulo  hexagonum  Aqmlaterum ,  ^ 
A(\u\angulum  defcribere, 

QltmdatoclrcuIoABCDEF 
|3  hcxagonumequilaterum,6c 
cqufangulum  dercribendum.Du- 
(\d.  diamctro  AD/umatur  centru 
G,  atque  centro  D ,  interuallo  D- 
G  defcribatur  circulus  EGCHj  ^ 
&  ducflae  £G,  CG  producantur  ad 
B,  F,  iunganturqs  AB,  BC,CD,DE,  EF,  FA.  Oi^ 
co  ABCDEFhexagonum  aequilaterum  ,  6c  ae- 
quiangulum  effe  .Cum  enim  G  centtum  fit  cir- 
culi  ABCDE,6c  eruntGE,GDaequales,Etciifn 
D  ccntrum  fit  circuli  EGCH ,  erunt  &  DE ,  DG 
aequales.  Sed  GE  oftefa  cft  aequalis  ipfi  DG,^eric 
ergo  &  G  F  aequalis  ipfi  ED;  iriangulum  crgo  E- 
GDaBquilatcrumefti6c  trcs  angulicius  EGD, 
QUh  i  DEG  sequalcs ,  cum  iroicdium  rriangu* 

lorum 


a  a.v.  I , 
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lorum anguli  ad  bafim  aequaies  fiot.  Et  quia  tres 

h  prcpoj.  anguli  trianguli  duobus  re(5lis  aequales  (unt,^  erit 

angulus  EGD  tcrtia  parsduorum  redtorum  •  Si- 

militerdcmonftratur  DGCtertia  parseffeduo* 

rum  redlorum ,  &  cum  redra  CG  fuper  EB  con- 

c pyopo/:  fiftens  '"angulos  deinceps  EGC,  CGB  duobus 

'*•'•     redtis  jEQuales  faciat ,  erir  &  rel jquus CGB  tertia 

pars  duorum  redtorum^  funt  igitur  anguli  EGD, 

d  ^roi>o[.  DGC ,  CGB  inuicem  xquales  5 ^  erunt  igitur  & 

'c'i>l'opoj.  qui  ad  verticeiTi  BG  A,  AGF ,  FGE  aequales  3  ^  ac- 

^^^         qualcs  autem  anguli  aequalibus 

B  periphersjs  infiftunt  :  peripheriae 

\\^^J\    crgoAB,BC,CD,DE,EF,FA 

iyjo^of.  ^^j^^   J^^  ^^^^  aequales  j/^aequalibus  autem 

peripheris   sequaies   te6tx  lineae 

fubtenduntur:  fex  igitur  retflae  ae- 

^  quaies  funt ,  ideoq  jhexagonum 

ABCDEF  sEQuilaterum  ert.Dico  quod  &"  aequia- 

guIum.CumenimperiphcrisE  AF,  EDxquales 

{intjfi  couimunis  A6CD  addatur ,  erunt  tocae 

g^f/ip.  FABCDjEDCBAsequales  .sSedperipheri;:eFA- 

'*        BCD  infiftit  aoguius  FED ,  peripheriae  vero  ED- 

CBAanguIusAFEjfuntergoanguIi  AFE,DEF 

^quales.  Similiterdemonftrabitur  reliquoshe- 

xagoni  ABCDEFanguios  vtrique  AFE  ,  FED 

sequsles  efle,    Eft  crgohexagonum  ABCDEF 

a£quiangulum:oftcn(umcftautem6caequiIate- 

rum» 


2.6 
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rum,  &  eft  in  circulodefcriptum.   In  dato  ergo 
circulo,  6cc.  Qaod  oportcbat  facere. 

CorolUrium, 

II?  X  his  manifeftum  eft  latushexagoni  aequale 
j  efle  ei,  qux  ex  centto  circuli .  Et  fi  per  pun- 
(5la  A,  B,  C ,  O ,  £>F  "  tangentescirculum  xeO:x  hj,.,^^^ 
ducantur,  circa  circulumhcxagonumaequila»  '^^- 
terum,6c  aequiangulum  defcriptumeftc,  vt  in 
illis ,  quae  de  pentagono  dicta  funt ,  vid ^re  licet. 
Prasrerea  iuxra  illa,  qujs  de  pecagono  di^i  funt, 
in  dato  hexagono  circulum  defcribemus. 

SCHOLIOlSi"     I. 

EX  corolUrio  huius  i  5  Prop.patet  qttlm  fci£Ktifice  tio^ra  Ita- 
Itca  iingtia  vocet  ciranum:  \\  fcfto  .  Circini  enim  quxlibet  A" 
pertura,  &  operatie  e/linteruallumjcmidianietrii^tiA  rc£ia  id  fub' 
tendensfextampertphertxpartem. 

§1. 

IB  KO  'B  L  B  M  A    L 

Supcrdata  rc(5ta  hexagonuraregulareexcitarci 
circulo  infcribere,  circumfccibere.  £cc* 

NVllo  negotio foliitmtur  propofita  hic  omniaprohlemata  •  Nara 
fuper  datk  excitat$  tiquiUterQ  ,  ccntro  quoltbet  tnnm  an- 

gulorum. 
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gulcrum ,  ^femi^Umetro quoUbet  trium  .x^nalitim  laterum'^  df. 
fcrtbetnr  circulus ,  t»  quo  ^adem  fernidiameterfexies  applicatapro* 
dutet  regttlare  hexagomm  ir/fcriptum,  &c,€x  coroUario  hu,  i  j, 

S  C  H  O  L  I  O  N     IL 

Allter  hexagonum  regularc  circulo  infcribere^ 

PErporifma  in  %iad  iprop.hu.de/cripto  triangnlo  xfjuilate- 
ro  in  circuiceius  latern  ad  reclos  bi/kriata  dabunt  tn  circu* 
/opunffa,  adqttit  re^x/ubte^fiierHnt  hexagoni  regulans 
latenu* 

S  C  H  O  L  I  O  N     III. 

De  mutuis  figurarum  infcriptionibus  etiam 
extracirculum. 

VT  exemplunt  etiam  alicjnod  habeas  infcriptiottis  mutut 
fgurarum  ettam  extracirculum  ,  (^  extra  tradttasfigu- 
rarum  i^fcriptioncsin  hoc  Itb.^^  vide  tn  Ap.^  ,progym, 
f.corollar,  j.e^  ^poUprep.  ^facillimas  tnfcriptiones hexagoniin 
tquilateroy  4tqutUteriin  hexagono,  d^c, 

§ir. 

Vfus  Aftronomlcuscorollarij  propof. huias  15, 
nempe  Pianetarua  Tetra  diltacias  agnofcere. 

1"*  ^en.plttfn  esi  in  Soki  tnitefligant  AFlroftotr/i,  ^- ajjequuntur 
^   vartjsmodis  diAnietrum  diftfoUrts ,  >&  ttdent  quotam  foc* 
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U,  fMeorbit^foUris^th  3  6ogradus  diuif<i,partemftthtcr}dat ,  Vt 
vero  Solts  &  Terra  di/I.wliam  confeqnaKtur  cenfugiunt  ad  hanc 
1  i^propofittonem,  &  adetus  coroiUrium,  nempe  ad  hexagOKurru» 
in  circulo  yfiue  orhita  ctrculari  cursiis  folarts  infcrtptum ,  &  acctm 
fiunt  hcxagont  Utus ,  nemp} fubtenfarn  fcxt xparti periphert<e, 
(jun  ,ciim  fit  etiam  femtdiametcr  ,notificat  di/iantiam  PUnet&a 
Terra,  cuius globus  tamquam  centrum  est ,  &  eius  ab  OrhepUne- 
tario  eadem  eft  frmidiameter,  &  dtsiantta ,  Satts  httcpro  indicc^ 
prxclart  vsiis  hutus  i  •)  propof,  Vtprtictftora,  &  apertiora  vtdeaSf 
•vide  in  ^^ptar.%,progym.  3  ^propofi  .prxfertim  ixrfisfiriem, 

§iir. 

V  S  V  S     CatoptrictiS,hocef  -^ 

—  Puncftum  vftionls  phyficae  e  fphaerlco  fpecu- 

lo  inuenire  ope  1 5  propof.hu.lib,  4.  <^f*^'^- 

(iracie 

PHyfcam  'vfiionem  dixi ,  vt  eam  dtHinguam  ah  rflione  iri—i  ^jfio    ^ 
ahsiracitonc  geemetrica ,  in  qua  dcmonsiratto  trrefragahi-  fiihis.rico 
lis  aptid  Ettcitdem  tn  Catoptrtcts  ,&apudaitos  Anttquosk^'^"  "^ 
phtJofi>phosCatcptricosefi^plurium,tmmoomniuni radtoruminci-  jyg .. 
dentitimtn  fph.irtcitmfpecuUm  fiert  concurfurn  adcentrtimfpe-   —Phy' 
cutt,  &  conftqucnter plurtmiim  ibi  lumtnis,  &  caloris ita,  vtficu-  >'''?  J'^ 
bifprofcfio  ihi pottus^quam  a/thi  exfra  centrum,  deheat  t^tri  vfito.  ^^  ^art^ 
^j^^fiex  dehtto  geometrtc.tdemon/iratienis  Konft  ^fdinalio  dume- 
pun6lo  extra  centrurn,ft  do/o  latcntts  a/icutusphyfici arcant,quod  'f'    ^^ 
litrageomeirtcamverttatcfortaffe  ,reqmrttur adphyficamv/iio-  ;„j  ^^o- 
nem,&  quodextrAcentrumfpccuiilateat,  mttncA 

Videnos hac dereinAp,i.Progym.z.propof\,&  2,&proprie  '^^ft^^^ 
frogym.  ^^Propof.  8,  Schoi.-^.vbtdev/iorta /tnea  ,&inAna/eliis  muiemt.' 
ad ^idttionem Aptariorum,  Ana/efio  18  .Vnde dtfant ^qutne-  titur 
fctunt  dtHinguere  theoricas  veritates ,  &  demonfirationes  ah/ira-  'h^^or^at 
ciiONfsgeometricx  ap/jjfcis  cxpertmentts^  &  notent  quam  non  te.  ey^eri- 

M  m  mere       TKaTis. 
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yfJio  in  mereluelidesfropofitionem  31 ,  &  'ultimAm  fitortmCatoPtrit^ 

ffecuU    ^^^  ^^  vH(o»e  efpecttlo  infcripferit:  Thcorema .  fctUcet  depbu 
cetro  e\t  ^  \  ^        ,    .       /.  •'•'.  ,.  J  •^    * 

theore-  M^/pectfioJpec/flattonemgeometrtcam  voiutt, 

ma ,  non 

probU' 

in4% 


ftr  a,- 

qtltl^te- 
ri  tnari. 
gnli ,  & 
iiexago- 
tii  ifirip. 
tiones  m 
circulo 
inueni' 
tur  pun- 
clum  V- 
fi^ems  i 
fuhii.rico 
/pecnlo. 


Igitftr  vt  vfliomsphjficxpnniftim  e  fpectdo  fphxyico  imeniaSt 
_finge  t/i  co  triangidi  dquiUtert  latus  FH  ,  &  latera  hexagom  FK, 
J^H.  Radij  Solisproparallelis  accepti  ,  &tncidentes  incatiumfpe' 
culi ,  ac  rcfkxt  vrtint  ad diHantiam  ttrmmatam  a  latertbiisgenn- 
nis  hexagomfubten/is  a  Utere  ttqtitlateri  triangnlt  ,  &puncinm 
vQionis  eU  i»  dimidio  (emtdtnmetri,  hocefi  vbt  Utus  trtanguii 
tnqttiUteri  circulo  infcriptifecat  fcmidtametrum  SK  in  R .  Vides 
igittir  ope  infriptarum  tn  ctrculo  ffgurarurn  inuentri ,  ac  determi- 
naripun&iim  viloritim  R ,  ne ptites  effe  etiamphjfice  (leriles  hafct 
inctrctiloliguraruminfcrtptionis.Pro  hac  vfltone  idquartam  dtaf 
metrtpartem  vide  nos in  Apiar,j^progym. zpropof  i,&  2. 


§4. 


P  R  O  P  O  S.    XV. 


277 


L  E  M  M  A. 


Latus  pcntagoni  poteft  latcra  hexagoni,  & 
decagoni  in  eodem  circulo, 

HOc  Lemma  effpropofitio  i o  //^.  1 3 .ticm„^am  ex  Man- 
rolyco  breutercm,vari£tatisaltcuiusgrati.ijjn  acctpc^ 
pro  ea,  quam  opporttml  habes  ab  tnttrprcte  i?ifine  Itb,^ 
fropqfitiOfiisvero  ieli,  2  (quamatat  Maurohcns^veritatem  hof 
bes  tn prer/.ptu  aptia kos  lanumcris  tn  Itb,  2 .  djViaa.  Igitiir  lerm 
macji  -^ 

—  Pentagoni  latuspoteft  Hexagoni,&  Decago- 
nilatus  in  eo  circulo ,  inc^uo  Pentagonuai 
clauditur,  dcftripcorum. 

/~>  Itenini  ABIatuspentago- 
^^  ni:  AHJatusDecagoniin 
^-^  circuloABC  ,  cuius  dia- 
meter  AFGjCen  triimqi  Fjdelcri- 
ptorum.Aioquod  quadratuip» 
iius  AB^quum  eft  quadratisip- 
farum  AF,  &  AH  fimul  fumptis. 
Ducatur  FMK  per  aqua  fecans 
JatuSj&arcum  decagoni,  item 
chordic  AH,  HB,  HM  ieruntque 
duo  triangula  ABH,  &  AHM  fimiJiajquoniam  ^quiangu- 
la  &  idco  tres  lines  AB,  HA ,  AM  continue  proportiona- 
Ics.Quare  quadratumHAiequaleei,quod  fitex  ABinip- 
fam  AM.  Item  duo  triangula  AFB,  FBM  fimilia,  quando- 
quidcm  feijuiangula,  &  idcir  co  tres  linea  AB,BF,BM  funt 

Mm    a  io 
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in  proportlone  cotinua ,  &  proptcrea  quadratu  BF  jequa» 
le  cij  quod  Ht  ex  AB  in  ipfam  BM  .  Verum  ha:c  duo  pro- 
dudla , fcilicet quod  ex  AB,  AM,  quodqj ex  AB,  BM  fimul 
fumpra,  runtperfecundamfecundijiequaliaquadratoip- 
fms  AB.  Igitur  quadratum  ipfius  AB icquale  eft  quadratis 
ipfarum  HA,&  AF,  fiue  BFfimuJfumptis.  Quod  fuitdc- 
B)onflrandum. 

§v. 

PR03LEMA    n, 

^c  vniuerfale  fro  infcrtptionihus  aliquot 

fgurarum  in  ctrculo,  nempe  — 

—  Inuenirc  lateraHexagoni,  Decagoni.Penta- 
gonieode  in  aiculoaliter,quam£uciides. 

HAnc  prDpofittnriem  ,  qunm  Ptclomixus  Ith.  i  AltKageffi 
cap.^.  hnlet^  &  alij  ab  eo  tranfcrtpfernnt ,  r.os  hic paul- 
lo  altter ,  acfr.cilltnte  confirtiemtis ,  O"  dcmonfirahimns 
tx ijSy qnA attHltmus adpropo/.^ ojtb.  6. Stt ctrculus AEC ,  cnius 

Jer/>idtan/eterCD  trtt  latus  hexa-' 
geni,qHod  datf.m  fitpro  maiore  feg- 
mento ,  adaaturque  illi  pro  mtno- 
re  fegmcntc  (^tuxta  modum  apud 
nos  adpropof  3  o  //.  6)  rc6ia  DE,itA 
I  ^  vt  CE  Ji  £tafit  extrema ,  (ir  niedt* 
ratione  tn  D,  ErenaperpcndicuUri 
D  B ,  tungatitr  recfa  BE  ,ac  erunt 
tn  triangulo  re£tangulo  Utera  hc 
Seagoni  DB ,  dccagoni  DE  ,pentagont  EB,  Nam,per  ea,  quis.  habes 
fipudnos aaprop.^o  lib,  6,  ref/aCE propcrtionaltitr  jtcltetnttitts 
fegtnfntum  DEcUUtus  dcc/Hi^oni.  £A  vtrh  DC ^qualtsperpendi- 
cuiart  DB,  ergo  ftibtema  BE potiJi,pcr  47  It.iJattra  BD^  DE;  er- 
gOiper  iemm.i  h/c  antecedens,  esi  eadctn  BE  Utus pentagont,trtHm 
fctlicct  regulartum  figurarttm  tn  eoacm  ctrcttlo  A£C  infnben* 
d/i>'tt*n..,  %6» 


?  R  O  P  O  S.    XV.  »7^ 

§VI. 
S  C  H  O  L  I  O  N. 

Apud  alios  inucntio  lateruin  trianguli  ajquilate- 

ri,  quadrati  ,pcntagoni ,  hexagoni ,  oclo- 

goni,  decagoni,dodecagoni  ex  cir- 

culidiaiiictro,&c, 

Vlde  Clauiumpropof.  1 2  pofi  tahuUm  finuttm ,  cf  Mau- 
rotycur»  Po/lprcpe/.  l  5  /iL  i  ^  cUment.  &  infine  einfde 
Itb.  17,,  & in  conipendto //.15,0^ inparte  ilt.z.  ■irith' 
mcticorttmpcHprop.  107,0"  lo^^vhi  ad lucundam  cogniiioncm , 
&  pra.xtmv.irie  geomttricam.,qttaGludendo  quadrati  s,elicinnt  ur 
pro  radictbits  quadratts  latera  hic propofitArurn  rcgtflarttmifgu- 
rarum  adifus  aTvpltfsirnos  non  tn  Geometriafoltim  planarumfed 
ettanjfulidart;mfigurarum.Vtvidf.-.s^quam  i.7tef  fundat  in om- 
nes  mathemattcasfctcnttas  exigtittas  itb,/^.  eiemcntarts. 

jvir. 

"PRO^BLEMA     Ilh 

Ac  ^ntHerfAle  de  tnfcrtptiorjthus  aliquotjigu- 
raram  tn  ctrculo,  nempe-^ 

—  E  fe^fbionibus  (emidiamecri  inu^nire  lareta 
trian«uli,quadrati,quinquanguli,rexangulf, 
&  decanguli  regularium  inlcnbendorutn  in 
cuculo^cuiusfemidiameterfccatur. 

SEmidi.-imeter SK  bifari.xm  ad angulosre^cs  fecfiin  R  dat  Ia- 
ti4S  FH  tnangnii  xquilateri  in  ctrculo  \geminata ,  (^-  lunffa 

ad 
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^dd cetitrum  Sin  atigulum  rccfum  cum  alrera  JefnidiametroSL, 
'velSl,  extremis  L,Kj  'uel  /j  K  dat  'nterftailumpre  latere  KL,  vel 
I(J  cjuadratt.  Eademfemidiameter  SK/e&a  tn  X  extrema,&  me- 
dta  rationejuxta  diffaa  nohis  adprop.^olib.6.  exhihet  tn  maiori 

fegmente  XS  latuidecangult,  qude  CV,  veld  i/itie  reliafuhten- 


fa  arcuhmI{P,  velKO,  &  iunna  OF fultendens gmttiatos  arcus, 
decangultycfi  latus  quincjuanguli.  Velaliter.  E fcclione freportio- 
nalifiiia  tn  X  Miriusjegmentum  XK  li ad  angulos  reiiosbfarte. 
tur  tn  Z  ,  erit  OP,  eam  htfartans,  latus  quinquanguli ,  Atqu^ — < 
h.<cquidem  de  latere  quinquanguli  patent partim per  demonfra- 
ta  a  nohts  ad  3  oprop,  lth.6,parttm  ex  1  opropofhu,  Ipfa  denique 
Jimtdtameter  tn/efU  e/i  latus  hexagom,per  (eroU.htt,  j  ^propof* 


%Z. 
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§  VIII. 

V  S  V  S     jiftrologicus,hoc  efi '~ 

—  Planetamm  afpedtus.ac  Lunae  phafes  pro  in- 
fluxibus  iuica  lacera  figurarum  regularium 
ox  praccedcntibusproportionibas  in  circulo 
infcriptarum. 

PRitier  hadefjus  frsdtilos  ,  Accipe  &  hunc  aflrclogicnm-t 
vftim  infcripta.rum  per  ar/tecedentes  propofiuoaes Jigur.u 
rttm  regulartHtn  in  circulo.  Ac,  c£teris  omifsis  latcribus,<i' 
pUnetis,exemplum  aecipei»  Luna  ad  latera  Hexagoni,  ^^adra- 
tt ,  Trtangult .  Igitiir  finge  in  centro  S  ejfe  Terram ,  in  qua  diim^ 
Luna  apparet  in  dtamctri extrenits  fub  G,  &  K,  eli^  in  G  f.th  ec^ 
dem  qradu  Zodiaci ,  in  qno  Sol ,  diciturhabere  cttm  Sole  iuncfio- 
nem  ,cu!usf/gniim  vides  d ;  fjuando  vero  cfl  in  K  dicitur  h.ibcre  So' 
li  oppofitioncm,  cuius  chnracler  ^,  appelUnttir^duoprtxditltfitiis 
communi  nomtne  Sygyziig  ,  comfgationes .  Ab  obfcuritate,  &  fnp- 
pofiiione  ipfiSolt  rectdens  ciimprimH  w  Lnnaperuenerit  adgradus 
60  laterts  hexagonici  CT  ,dicttur  habere  afpecT-um  fextilem ,  cuius 
chara&crfex  fcmidiameiroru  ♦  ^Cum pcruenertt ad grad.c,o^vbt 
Utus  (juadrati  Cl,  b.ibet  afpecfum  tetragontcum ,  cuihs  ch  -r.i&er 
cFl  figtira  ipfa  □.  Cum  adgr.  1  2  o>  i'bi  latus  GF  Trt.ingttlt  £qutla- 
tcrt ,  irinum  habct  afpccfumfignatum  trtquetro  c\ .  ParthufQ^ra-» 
tionibuspofl  pienilunium  tn  K  reiegct  oppofite  tter  per  trtanguia- 
rem,  quadrntum,fe  xtilcm  afpccfus.  &c, 

Afiroiogt  (^ton  AUronfimt^mirapronuntitnt  de eff/centifseo-. 
ramprAal^s  a/pecfuum  tntiementis  ,  t»  corponbus  animatis,  d^  gl^J^f' 
animis  tncorporntts,  ad  .ii:erattones^  corrtiptiones.  &^ .  (etia^nfu  A^^-rono' 
tur.jsjprjefftendas.  Sed quia  hxc  funt  extra  ccrtttudtncmfcicntiA,  "'{'■  "''" 
quamproiiteri  debent  Phtlo;ophi ,  &  fatts  do  ^l  a  fitcnttficts  viris  rre-,tifi- 
frAfcriftum  eli  contra  eos ,  qut  nugantur  m  caiis ,  ideo  earitm  re~  d   rin:~ 

rum      '"■'''' 
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rum  curiofiphtrx  v}dea.nt  apudiud/ciarios  non  interdiSlos .  Nohis 
adcondimentum ,  ifum ,  &  applicatienem  ali  fitaminjcri^tarum 
ddhHcin  ctrculo  ex  hoc  ^ltbrofgiirartm  fatis  hxcfHnto . 

Vfus  harmonlcus  inrcfiptarum  ex  praecedentl- 

bus  propofitionibus  circulo  'figuraru ,  atque 

in  primis  Harmoni^E  caeleftium  circalationii 

a  Planetis  fub  Z^odiaco  fignatarum  veftigia 

prodcre. 

I    '^   "^  Vm  aliquf  ex  dccenti  arbitramur  ,pr&Jcrttm  tn  c^le- 

d        M  f}ibus,ac prxflantierihHSCorporibus,nihtlfieriJinz^ 

ft»  ^  proportionum  fuaiafstma  confonantta,  eam  cx  diui- 

fonibus  circulificfisper  latera  alicjuarum  fgurarum  hacfenus  in 

hoclibrofjuarto  circulis  infriptarum prodere  conatifunt .  Acve- 

terescjtiidem  A^ronomorum  fextilem ,  quxdratam^  &  trigonicam 

prji  afjs  ffguris  contemplantes ,  diuisa  totaperipheria  in  48  <c^«*- 

Cok;o-  l^spartes  ,  quoniam  iitus  G^hextgomearum  parttumfubtendtt, 

vlanetA-  acterminat  8  in  S,  fjuadratt  vero  latus  GLjubtendtt,  ac  ierminat 

ru  iir:-  i  2  in  L,  il  dcfuqitrianguli  <zqttiUteri  Uttts  GH  fubtendi!,ac  tcr- 

ta  vcte-  ffji^ji  i6i«H ,  earum  in pertpheriapartium  tres  prxctpuas  con- 

fcriptis  Jonar/tias  adnolarunt  dum  Planetxfub  Zodtaco  gradtuntur .  IiHer 

circ-.do    16 ,  &  i2  efl proportiofcfcjaitertta ,  qux eji confonantta  Dtatejfa- 

psi^rts,    yi^jj^  intcr  16  ^di^S  eUproportio  dupU ,  ^«,c  efi  omniurn  fuauifsi- 

ma confonantia Diapafon. Inter  12  ,&8  efl proportio fefqttialte' 

ra,  quA  efl  confonantia  Diapcnte.PrOi  &  de  quibus^  ac  reliquiscon'- 

fonantjs  vide  nos  in  Apiar.  i  o,Progy*n.  i  Propoj.  i . 

--tuxa       ^  j,^ Yicriores  vero  aliqut  Oflohordu  Harmontcum  confiituunt 

n  cos.      (^  afpef/ibns  (prteter  numeratos  trcs  anttquo5)fignatts  tn  circulo  a 

lateribtis  aliarum  reguUrium  fgurarum ,  prdter  trespradtilas, 

niwpe  afateribns  Pentagonij  Ocfogoni,  Decagont  ex  contuniftone. 


&(X 


p  R  o;p  O.S.    XV.  a?? 

& ix oppdjitierie  vUnetx.  Itavt,  fifingas  7odiaci drcv.lniv  GIKL 
diitifum  in  e  a  decngorii  lx(erc  G^fnbAnaente(iiiuisa.  tctjperiphe-m 
riain  3  6o)gradus  3  6; /'«  A  ah imaginario  latereo^og.oniJ^hren- 
deme  arcumgradus ^<^\ in  Sa  Uiere  hcxagoniftthten-fenti  60,  in* 
,^ji  Uterepent<tgoni  fubgr,  72;  t»  L  a  Utere  quadrdti  (tih  90;?'» 
H  a  Utere  trtangulijttbgra.  i2o;d^  hi/ce  addas diaTnetrakrn  op- 


;-  oifH  ■if  XhM^O^^"^^ 
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pofitionem  in  K  ad  gradns  liSQj  & fitppoCttioncm  pUnetJiad  ini- 
tiumy^  finem graduum  ■^6o;&(ic,dtui(aTn  ctrcuUrem  fidicuUm 
ditiungas  in  G,  &  extend.%s  i»  rect.im  etnsjit/nlem ,  quaf>.  habciift. 
cit.K^p-, i(i,thrafn'in propojitione'  1,  ^rmcnffidtctiikrnpuljaiam 
&totam ,  O"  inpArttbus  earum  dtutliomm  tijonaUtr  arrt  hurmor^i- 
cc,  ac  fitauifsime  aurtbus.  Hic  ex  alKjuoruJenju  hxctndicaMimiis, 
vt  '7)  ronesfitt^tina  injcrtptionis  figurarfj  iniirculojuauiier  htHr 
ria:-u  ,  dum  audiunt  eaetiatfi^  i»  fi^Umbtti  (^armotitce  C(^f,j^nanif, 

Nn  pro- 
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Propor.XVf.Probl.XVI. 

JndMocirculo  quifidecagonum  ^uiUttruw, 

0  d^uiangulum  defcribere, 

Portcac  in  dato  circalo 
_  ABCD  quindccago- 
num  asquilateril ,  6c  aequian* 
gulum  dcfcribcre,  Dcfcriba- 
tur  in  circulo  A  B  C  D  trian- 
guli  xquilaterl  latus  AC  ,pe-' 
tagoni  xquilateri  AB.  Qu.iliam  ergo cocas cir- 
culusparciamc(lquindcci;n,  caliamcft  A  BC 
peripheria  tcrcia  circulipars  exiltcns ,  quinqaej 
AB,  quinca  pars  circuli  exiftens,crium>pars  ergo 
jCj.  BCduirum  3  quae  fi  in  E  *  bifccecur ,  eric  qujsli» 
becpcripheriarum  BE  ,  EC  dccimaquinca  pars 
circuli.  Si  ergo,  ducf^is  rc(5lis  BE,  EC ,  eis  asqua- 
z!iT '  lcs  in  concinuum  circulo  rcdlas  ^  aprcraus ,  cric 
quindecagonum  a^quilaccrum ,  6c  asquianguiu. 
dcfcripcum.  Qopd  facerc  oportuitt 

$1. 

Vfus  Aftronomicuspropon  1 6  hu.  cum  oppot- 
tunitate  noftrae  methodi. 


nciiiiin.  w^  circulo  pcf  PoJos  tranfcuntc  Quintidecangulum_.r, 
tideca-  ^     polorum  iEquaiortf  a  fignifcii  poiis  diftantiam  ha- 

bent 
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bcnt .  Qj?indccanguJari  (Iquide  Jatere  ab  inulcem  diftant.  M  </«- 
£uem  •vJkmfstUe  num  Tyrones  imeUigent,  dum ,  iuxta.  rtofiram  ft''^ti^ 
methodnmyfod  appltcittiones  Ub,6,ifiterfofitam  acceperunt  cogrti<-  ^/./,„gj' 
titHemffhar*armiUarisanterelieiuAeUtnentAfinterqmchoc  hic  tiialit  i 
auartum  e^,  ^<"'<'  -^^» 

5 II.  ''"'• 

PORiSMATA. 

Dataremidiametro  inuenfrein  circino  propor- 

cionum  latus  Quintidecanguli  circulo  in- 

fcribcndi,  6c  dato  iatere  c]uintidccangu!i,  in^ 

uenire  reroidiametru  circuli  circufcribendi. 

S/ttis  ed  iffafrofofitionis  ffifriftio ,  vt  trcpofitaporifh:ata  fo- 
luas ,  h  Tyro ,  tam  infiru&us  ixt niflts operattonum  c  itrcine 
frtfortionum  ctrca  antecedentcs  hutits  U./^frofofitiones.  Nam^^ 
ejuoniam  decima quintafarsfertfhtrix,in  ^60 gradus dtfirthuta, 
ed grad.  24,  cuiarctaftibtcndi:t*rUtuscjutKtidccnngult  ,fi datam 
femtdtametrum  interfonas  tnter  nurncros  ctrctni  60  ,  &  60,  & 
accifias intcruailum  tnter  24.  d"  24,  id crtt latus  cjuintidecanguli 
injcribendt ctrcuio  fignatoex dataftmidtatttetro .  Et contrariartt- 
tione,/idatam  recfamfro  latere  ^uintidecar.gtilt  tnterfonas  inter 
numerosctrcifJi  24  ,cf  24  .  d"  acctftasiKteruallum  inter  ^o ,  & 
6  o,  ertt  idferr:idtar/ieter,nd  rutus  longttudincm  excttato  ifofceie^ 
fufer  dato  l&tere  ,  crfa^o  centro  ifcfciis  verttce ,  tircuius  defcrt- 
ftus  ibitfer  extrema  dntt  latcris,  &  tn  circulo  defcrtfte  qutndeciet 
refitcatum  iatus  dabit  quthttdecangulum  ctrculo  trifrtftum, 

5111. 

CO  KO  LLAKIV  M. 
Super  data  Quintidecangulum  excitare. 

1"^  Adem  efera  tx  antediciis  dtdittf  t fufer  data  re£ia  qttintide- 
"^    cangulum  excitare ,  vt  in  torcilarys  aiiquthus  alijs  adoB' 
J  tecedentes  hu.lih,frofofitiines  indicatum  tfi  ,fo(iforifmata. 
e  cirtino  freftftttnum,  Ducio  occulto  circuit,  &c, 

Nn     2  AP' 


zU  JVL  I  B  E  R    IV. 

A  P  P  £  N  D  J  X, 

In  qua  vnnicrfalia  de  qualibet  figura  regulari  > 
infaibenda,  6c  ciicumfcribenda  circulo. 

LEM^MA,  ^  PROXLEMA  L 

Circukim  seornetrlce  demonftratiue  dimdere 
in  grad,  3  60  cx  propofitionibus  hulus  libri  4. 


y-. 


Oc  le?r.ma  licet  ridcatur fatis  cmRare ex  ^2,^,^ad 
'  propo//t.  9  /iL  I  ,  taf//c»  quta  thtpropraxibus  e  cir^' 
ctno  froportiomm  Votitis  tndicata  ftwt  fundamentA 
dtthorifiratiita  ^  quafufponunt  tn primis  hunc Ithrum  fuarlutn-iy 
hic  autem iaw pr^cejjirunt prcpifiiiof.cs ,  e  (juihuspendet  gcomc- 
trica  circuli  dtuifJo,  tdeo  in  lcco  fjtcplanc  iarn  dcmonHrata  circult 
diuifio  breutffm  e  e(i  exponenda. 

Forrna  dcmonOrraticnts  de  moreveterttm geornetric^  philofd- 
phanitum  cffc pctift  qtiafrcfclutoria.Scil'.cet:^Z.Gi\xn'\  iamfit,  hoi 
eQ  jfiippcnof^ftfi.m  dtcifcnem  ctrcult  in  3  6opartes ,  fiuegradus 
omncs  tntcrfe  Aquales\  fi,dtim  circulum  eundetfi  gecmetricttm  di^ 
uido,eadtuift0atifert  -^60 gradus ,fiuepartes  aquales ^  carpendo 
'varios  <  orttm  graduum  numeros  ,gecmetrice  dtutfero  circultim^, 
£xi  n./  lu  m  cjh  in  quad>  ate,  ex  qtie  rcltqux  tertt^partes  dtuifm  tnm 
uUigintur  ,  iieponattfr hicfgttra txinttto  Jpiertfj 2,& ex%io 
ad  ^iropofliK6. 

2  Prtma  diitifiogeom.etricd  circuliesi  in  qtiatuorfartes  ^qutt- 
les.,di rnonjlrata per tnfcrifttenem  qttadrati,  Operpropof.  6 huihS 
lih.  4,  cor/tinetcy^  quadratts  AB  9  ogradtts  ex  ^60  quadripartitis, 
.  Stcunda  aiutfio gconietncaed  in  ^pnrtes  ^quales  demorftrata 
ex  infc  rtpttone  hcxagoni^per  i  "ipropo/^  hu,  &  corellar,  &pcr  ap- 

plicOm 
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^fhcaUonem /imdiamctn d^n  arcnU \^ EX: ,^kA ndS ,  conti- 
nctq\ arcus  ASgradus  6 o  f a- -^60/v/ex  /tijualia dittfCs .  Erit^re- 
Itquus  arcuf  SB,  a^oad conipUmentunt  5 o , graduum  3 qJjqc (t§ 
dimidfumarcitsAS. 


Tertia  diuijio  eritper  bifariationem  arcus  SA,  applicaKdo  intcr» 
HallumSBcxStn  T ,erii'c]ue  cjtiadransAB  dittifustntresp.irtes 
^cjuales  BS,  JT,  TA,ej'iarum//f7guU  ccfitinent  3  o  gradus ,  ex  tri* 
partilis  defualiter  ^o  gradtbus  quadrar.tis  AB. 

^uartadiuijio eh ex prop.^oit.  3  ,/iueex  ioli.l,perbifaria^- 
lioKemJingularnm  terttarut»  quadrantis  ^  hqc  tjl  Jingulorum  ar^ 
cuum  ATy TS, SB,  veliit  inV,  X,  T,  eritQ^dtuiJus  arcus c^uadroi^^ 
tis  ABin  fexpartes  xquales  ,  qttarftm  (inguU  AV  ,  VT  iT.H  .  ^c» 
continebunt  i  ^gradus,  ex  dtutjis  9  e  injex  aqualia. 

^uinta  atttifio  efiexprop.  1 1  hu.per  injcrtptionem  pentagotfi 
iti  circitlo  ABC^acJubtendet  latus pentAgoni  arcum graditum  72^ 
tiiuijis  360  totius qrcult tn  5  xqualia ,  Erit tgitur  latus pentagoni 


»tt      L  r  B  E  R   iv; 

jithtendens MrtMm  AZ, nemfe  dKornm gr/uittum vttrs^^'.  Afve^ 

reaZ»d  Y,  idefl  igradibus  7  »  ^^  7  y  (  ertt  emm  ex  qn*n*  diui^ 
^ne  SY gradnitm  1 5  v/tra  60  )  erit  arcellus  KJt  tfium  graduum, 

aeprotnde  efutntafars  vntHsfextd  qaadrantis,  ideil/pMif,  fmc^ 

arci/s  STgraduum  1 5. 

Igitur  fextddiuipo  e(i  ex  diuidente  inuruallo  TZ ,  idttiper 

auintjuiesreplicatum  y ;  acproinde perjingulas  fix fartes  dqualet 

quadrantis  diui/us  edarcus  ABiit  \  o  Aqitdta, 


j  yta%^ perueniittur  a/  ^ 0 gradus quadrantis (&ex qu/i 
drupiifitis  foad^  ^Qtotittsperiphtru')  facienda  efifcptima  dtui' 
fo  fcilicet  arcellt  YZ  in  tresptrtes  tquales ,  pue  tripartiendus  eH 
^tn^us  adtentrum  D  fubtenfus  hafe  circuiari  TZ»  Pro  qua  trifa- 
fiittione  factt  conchilts  linea  ingeniojtfstme  k  Ntcomede  inuentitf 
^  covtinuato  du&u  ctrti/stme  de/ignatd.  Cuiits  vfum  ittpraxi  de- 
monflratk hahes adprepof^ 2 //. f , §  1 1»  II. &c, 

Sjioniamvero  propter  fguram  hic  ntHomptam  arcellusY^ 

trif*" 
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trtfarUndus  f>erexi^tius  efi ,  ertt  infigura,&  infiruntenth  maieri' 
huslocusgeomctricA  demoflr.itiudoperationi  ^ac  pro  exiguis  arceL 
lit  hahes remedtumgeometrtcum tn  \  to.  adpropojit.  l  o  §  5>  d* -^J? 

fropof.11,%  13. 

Mgitur  trifariato  arcu  tZ,&  ex  ea  trifariatione  dittifit  in  aqud- 
lia  iara  trigintainuentisparttbus  per  pxtam  diuifionem  ,funt  ter 
triginta ,  idefl  fo gradus ,  cjui  ejuadniplicati  dr,nt  totant  periphe~ 
riam  dtuifam  tn  3  impartes .  ^aru  numerum  cumpramiffk  tn^ 
fcriptienesfgurarum  ex  hoc  Itb,^,  drhtfmationes,  cr  trt/ariat/o' 
nes .  (^c.prMise,ac  geometrice  peripheriam  carpendo,expleuertnt, 
faiiuru  cll,  quodpropojitutn,  acfuppojitumfuit  tn  het  kmmate, 

§11. 

L  E  M  M  A,    ef 
^RO^BLEMA    II. 

Chordaiarcuum  diuifi  quadrantis ,  vcl  (cmiclr- 
culi  craducere  in  vnam  rc(5^amiineam, 

Llcehit  vltra  exemplum  htc  a  vohis  pofitumin  diui/ione  ar- 
cuum  quadratis,  accepta  dtuijionum  tnterualla  etiam  /'«— » 
femicitculum  traducere  ,  deinde  ab  A  didu&e  circino  ad 
fingulas  diuijiones  (  etiam  minutorum  vltragr/tdus ,  /if^urx  mo- 
dui  ferat )  eru»tfingula  interttalla  Jubtenfarum  /ecandain  diamt" 
tro  AC,ceu  videsfailum  in  figura,translatis  faltem  interuallisptr 
denesgradus,  velut  A loin  AG,  A xoinAL , &c*A 6oin  AD, 
&t .  Sicfemcldiuifa  vna  reSta  erit  vfhus  eximtfs  adexi»a0rum 
prohlematum  felutienem ,  vtpartim  viaiftiin  i  Tomtt  ,pifftim  io 
ametedenttbhtinhit  3  te.&ot9xi»Jiqu€mibMS  frtb/em.&Co* 
fiiisr^ 


5?. 
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Corollarium  ad  vfus  Aftronomicos, 

\Jio  1'fibus  AdrommidSy  vbi  calcnli ,  &  tabuU  habeMnr  6in- 
nimn  chordartim,  &  (Jnutm!,  habes  dheiMtccedentiqiiadra.' 
irs  dtfdfione  tx  ^joc^  Itbroy  dcnmiHr  atiue  fofitafuiieiame-> 
ta.  Vide  hanc  ad  rcr/i pra:  alijsrioslrur»  CL^uiHm poQ  co7?tmctJt,  in 
Theodoftf  fphx.rica  ,  vbt  ante  ,  ^pc/i  tabul am friuum piura  habet 
ex  rtolomdo,  O"  altjs,qtterum  intcllige»tia.brcui  cgwpendto  rjofhti 
diuijionts  antccedentis  aperitur  j  ^%>nde  plura  deducttntur  addi- 
tandum  hunc  librttm  4 .  Indicamif^ ,  qu£  altj  Pofinos  addant  ele- 
mentartjspropofittontbus ,  dtim  iiobts  nunc  fatis  nec  otij  ,  nec  vale- 
tudinis,  nec xtatis ef},pr£fer;ii^  ad aliisv:ili))rap'o/icritati traden^ 
daproperantibus .  /gifur  h.tbes  hic  (vt  cum  Mtnrolyco  affirmem) 
oinncm  chordimetriarii ,  c^vxic  ad  p1an6runi  triangulorri  fcien- 
tiam  nccefla ria  Cft .  Pro  quo  negotto  alij proltxns ambages  exien- 
dttnt,  (^  Tyrenes  abiierrcnt .  Vtdere tamen poterts ,fi itbuerit-, pr^; 
ter  alios  Clatnum  tnpropofi  6  de  finubus  vbi  ad  copiam,  &%<arie- 
tatem  habes  fupputationem  drctium  femitirctili  in  partibiis  dia- 
metri.  &c. 


V..      , 


§  IV. 


'  HU.'.;'*!  V«  .V''».'  V\ 


D*ita  iBt^idiamecro,(Iatiirili  latera  oiiin^   fiffiira-^ 
ftii, ..  .rum  reguiarium  inuenire .  Exempla 

*^'i  o  .i<  -V. , ,  ai j q^a  e^ ti a  vficatiflima. 

I    T\  Roblema  vniuerfle  de  iHfyiptions  ciiiuslibet  regularis  ft- 
§f   gurx  tn  circtilo  hailcnus  aon  folutum  vidctur  in  Geome- 

trica 
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irkd  fhilojophia ,  ^  circa.  illud ,  ai>  antiquis  vfq;  adh^c  nofira^ 
fttults  j  primaria  do^tfsimorum  vtrorim  ingemavartjs inueft' 
tis  Uborarttnt,nec  vtdentur  a(fcctiti  quodrti»tperfecuti.  Apudnos 
efi  quaficoreliarium,  quod  deducitur  ex%%  lOyWyl^  ad  ^pro- 
foflib,  6  tn  fecundo  Tomo  ,vbi  doctiimusk  Itnea  ctrcuUrt  par- 
lem imperatam  aufirr(,&  datiim angHlitm  re£itlincum  in quotli' 
tet,  ^  cuiufuis  proportionis  inter  /epartesdiutdcre, 

tiam  regHUrtum  fgurarum  circulo  infcrtbendarum  Uterafunt 
bafes  fubtenfx  ttim  angnlts ,  tiim  arctibusperipheri^  dtuifis ,  ac  eo- 
rttm  Uterum  quantttas,  &  ditiifofpeciatiir  ex  quantitate,&  diui' 
fione  angulorum  ^  arcutim,  Komen  ipfum  figur^  tnfcribendA, 
'velut  heptagoni ,  indicat  quotxparti pcrtphcri^  circiiUris ,  mmpe 
fepttmx ,  (itfubtenfum  l-,tus  figur^  heptagenic£  -  caq;  fubtenfa  ed 
ipfu  s  Uterts  quantitas  .  Igttur  rttcgeometrtcl  (  vt  habcs  in  ante- 
ced.lem,  )  diiiisa.  pertphcria  circulari  tam  in  gradus  ,  qttam  irt-^ 
mtniita,  confequitur  i't  iateris  cuiufcumq^  regidaris  fgurx  ctrculo 
infcribend^.  iufia  quantitas  accipipofstty  (jr  circufo  tnjcribt, 

2  .Quontam  vero  nos  tnfcriptionesfigurarum  regulanum  /'«— » 
(irculo  inprimis  in  gratiam  mifitartum  i'ircriim  tn/iitutnius ,  vt 
faciie  ,  &  fine  fenfibtfi  dtjfcrcntia  ,  qua  iicet  in  pfyficis  matertjs, 
geometrtccfiguras  regidarespropttgnacufortim,  z/ef  opptdorum  de- 
fcriberepofitnf-i  tdto  (  qiiemadmedum  fcctmus  tn  probfemateis  ali~ 
quibus  anteced.hu.ft./^,  &  ad ^propMb.6)pcffemf4s  &  hccfofture 
organiccin  ifu  ctrctr.i prcporttonum;  tamen  varietatts grattafi^ 
bet  opcrattonem  adducere  adformam  quandam  gcometric?.  adhiic 
magts  ,  qmm  ex  cirano proportioritim ,  idqi  quantumfatis  clt  vfi- 
bus,  &  operationtbus  vefarttitm  ciutii  vitA  vtiftum  ,  vefpraxibtts 
Ceometricts,  Cnemonicts,  ^lHronomicis  .  Crc. 

Ac  quod  atttnet  adorgamcaM  epcraiionem  tn  ciriinopreportio^ 
ntim,  fiatim  foluitur  vnttierfde  hoc pnblema,  K am Jcmidian^ctro 
tnterpojitait/tfr  60  ,& 6o,fn  circtni apertura  emniatnteruafftj 
inter  quosUbetfimifes  numeros  exhtbcnt  fatera  tottdem  pgurarum 
injcribendarum ,  &c .  Scd  veniamus  ad  cxempUtm  aUquodp-irti- 
cufare  ,veiut  ad XonanguU,& HcptanguUrcgHfarium  tn  circuio 
ififcrtpttones. 

3   Dtuifo  igittir geometrtcl- ,  ac  demcnslratiul-  circufo  expra- 

O  o  ccdenti 


c 
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cedenti  i  lentmate,transf€ra»tur,fervfum  tertU  propofM,x,choif*^ 
d^  artuum  ejuadrantis  tn  'vnam  re^am  Itneam  ,  vt  habes  tndtca-- 
tum  in  figura  lemmatts  zprtxtme  anteccdentis,  &  adpropof,^  li» 
(>fitqi  re&a  ^B  dtuifa/altemper  denosgradus .  Jn  exemptu.  Dw 
iatur  tndefimta  CD*ln  dato  circidojifit  defcrtbendafgura,  prAUf 

^ 


K              G 
.  K 
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ia  dcfcriptas  inprcPoftior/ihus  huius  li.j^,  (jua  iatiis  habeat  fuhtcn-- 
densnumerum graduurn  z'clintegrcrum  ,  i'el  cum  additione par^ 
ticuU  aiicutus gradiisfacire partibtlis,  ertt  negotium geometricitm. 
expeditifsimum .  Ftnge  dati  circuit femidiamttrti  e(ie  EF  ,  &  Nd" 
nagontim  reguiare  effe  infcribendttm  ,  cuius  iatus  fubtendtt  gradus 
prxcist  40  tn  qnadrate  circuli,  Intertiallo  A6<S)&  centro  C  duca- 
ttir  arcus  ocadtus  tndeftntttis  GH,  &  interuallo femtdiametri  EF 
fiat  /eciio  eGinl,  Rurfustnternallo  A  40,  centro  S  ducatur  arcus 
eccultus  indefimtus  KL.  Tum  aptata  regiili.  adC,  I,  'ubi  eafecabit 
arciim  J^L  m  UT/,  ertt  tnteruallum  KMfubtenfagraduum  j^Oyhet 
eU  Utus  Nonagoni  defcribendttn  ctrculo  ,  cuiusjemtdtametereli 
£F,  tdeii  GI  ftbtenfa arciii graduum  60. 

Patet  demcnPcratio  tuxta  expiicata  in  §  g  ad ^propoflib.  6  '^'bt 

C.Vi- 


A  P  P  E  N  D'I  X.  apj^ 

faKtionesfiifit  circa  vfumdcmondratinupro  ca  circim  f^iicjincjua 
traduclAfunt  ihord^graduurn /iue arcuum qnadriitis. Dnffa  er.im 
imaginarik  CI ,  & fubtenfis  C^tK ,  IG,fi&is  dHobusifofcclihus  C- 
KM  ^CGI^cjuorum  maioris  latera  CG ,  CI  feflafunt  in  proportione 
eiufdcrn  interualliCl^,  CM,  &parallel^.  funt  hafesfnbtenfc  f(M, 
ClQer  i  fextty&c.)properea  tccjuiangnlafuKt  trugula  duoifofc- 
Jta,  &,per  4  eiufdem  fexti,  vt  CI<  adKM,fic  CG  adGI^^  permu- 
tando 'vt CK ad CG ,fic fubtenfa KM ad fubtenfam Gl  .Vt ergo CK 
efi  latus  Nonagoni  in  circulo,cuiusfemidum;etcr,/!ne  latus  hexago- 
m  eli  CG,fc  fnbtenfa  KM  e(i  latus  nonagoni  in  circuio,cuinsfcmim 
diamater^fiuc  latus  hexagoni  efi  fnbtcf.fa  GI,  idcfl  EF. 

4  /«  exemplo  figura ,  cuius  latus  fubtendat ,  prxter  integros 
gradus  ,  etia  aliejiia minuta ^in ejuA,  vclproptet  extguitatem  ar- 
celii ,  velpropter gciius  ijfum partitionis non  factle  Itceat  fieri  di- 
uiftoncm,  confugiendum crit  adremedtun^,de quo in%  13  adpro» 
pef  3  2  lib,  i,&  in  dtuidone vtcndum ertt  aQimationc  altqua  flne 
fendbtli  incommodo  opcrationis  vel phyfica  ,vel  geometric<e  ^ve 
affoletin  eiufmodi  praxtbus,  etia  apudfummos  Geometras  ,iu  pri- 
mis  apud  Archimedem ,  qnt  diametrt parttcufam  pauxilfo  ?ntno- 
remfepttma.fereg^  fptimam docet fumerc  ad  ^qualttatem  tripfi-. 
cat£  diametn  ciimperiphert  a  circuii» 

Sicpro  infcripttone  Heptagoni,cuius  iatusfcptimampartempe- 
ripherix  circuiaris Jubtendtt ,  fumsndum  ertt  interuaiium  ab  Aad 
Arcumgradutim  ji,  crprt^tereaparticuias^vmus gradits,  Sji^- 
refcpttfartandns  crit  arcelius  vnius  gradus pcr  admtnicuia  indi- 
cata  tn  citato  §  1$^^  3  2prop.i1.  i , 

Exqutbus  ha6ienus  in  hoc probiemite  diclis  ,  &  indicatis  ha^ 
besextravfitm  ctrctni  modiim gcomctricnm  non  contemnenduin, 
&vntiterfaiemproportione  vfurpandumpro  aiia  quaiibet  regulari 
Jigttra  circuio  tnfcribc>'<  da. 


O  o     a  S  j. 
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§V. 

Corollarium  i  vniucrfalc  dc  circumfcriptionf 

circuli  circa  datam  quamlibec  regularem 

figuram. 

COnnerfum  tlt  hte  antecedentis  vnmeYfalisfroblematis^  & 
conuerfo  modo  (oluendum .  Nam  da.tumfigur&  Utus  tuX" 
ta  nomen,  quodfonat,velut  Nonanguli,  quodindicatfub- 
tenjm  nonapartt  circult  dtfitnifi  fn^6o,  idefi  Utus  40  ?  inter- 


••.M 


•-.r 


■» 
-* 
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«-«//(» A  40  ,faBafeffione eCinK ,& du^o artu KL , interfoftti 
latere Nonanguli  aK adM,& tun£}a CM ,  eafrodu^afecabiti» 
I  terminum  femidiametri ;  ciiius  tnterudlo  dtt£lu5  ctrculus  ctrcnn 
fcnbct  Nonangulum  ex  latere  KM .  Proportiondt  modo  de  alijs 
quibtistibet  regukrtbHsfgurts  ctrcttlo  ctrcumfcribendis* 


A  P  P  E  N  D  I  X.  ijs 

§VI. 

Corollarium  2  vniuerfale.  Ingratiam  milita- 
rium  virorum,  Super  data  qualibsc  rcdta  qua- 
libecregularem  figuram  cxcicare. 

COnfeqnitur hoc  2  cor^ollarium  e t>rimoM -im fttper dAtxvi' 
dendHm  e(i  quam  veltsfiguram ,  ^^  promtmer»  ,  quenu» 
fbnat  figttrAnornenjatctptenda  eltdistanttaab^ ad»u» 
merum  indicattim ;  uelut  fi  fiiper  data  velis  exatare  nonagonttm, 
Acctpiendttm  e/l  tntenialltim  A  ^o  ,  eog^fecanaum  ex  C  in  K ,  & 
datx  intertiallum  rcponendum  e  Kin  M .  &c  .  vt  in  anteced .  prO' 
blemate^  &  coroll.lnuenta  tnimfcmtdtametro  GI^  circuloq;  occtil- 
te  defignito,  datx  verh.^r.ET  qu.tntitas  in  circulo  appltcata,&  re* 
plicataper  orbempertpherix^ion/lttuet  figtiram  optatamfacillirnef 
atqi  expeditijsime  proformapropugnaculi,  oppidi.  &c, 

Stc  &pro  alijs  aritbus,  atque  ettamfctent^s  altqttibus  Uliathe- 
maticisfuper  data  excttabitur  illtcofgura  qttxltbet  regularis, 

jvri. 

Vfus  4hu,  elemenci  pro  figuris  folidis, 

PRo  dtmcnfione  quinq;  regttlarium  corporum  opus  esi ,  prx» 
tercAtera,  tnitentre  (yt  vtdebisin  Breutarij  nolhi  Geome- 
trici  fe&tone  ^)  fenttdtamerros  ctrculorum  an>lnentiu>yi^ 
lateraearum  foltdarum  figurarum  ;  quam  ad  rem  futiint propsfi' 
lioaes huius ^lt.inxta nosir/i ponfmata.  Et  qtiemadmodtim pla/iA 
tegularesfigurx  in  hec  4  li.tnfcrtbuntur,  (^  ctrcumfcrtbtintitr  rir' 
(ulo ,  fic  quinq-yfolidorttyu  regulartuw,  &  latera,  Cfigurafphxra 
(ircttn.fcribuniur.(jrc.invlttrnisele>aentis.  ■    J^ 

^_uit tamen folfdorum  regularium  mittuA  tnftriptiones  (^quem-  aftai 
^dmedutn  &pr&ct^i(AthiorfA ctrcaea  nguLirta  corfora)  quontam  perjequ 


extgHi^ 


mur. 
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exiguifuntvsus,  &parum  afplicahile^trtthus,  &fcicM^sa4fnU 

ratioMem  captantibus  per  ea ,  ^uxftndbus  nhijciuritur ,  idee 

e  nohis  inpoflremis  habentur  ,  cjui  Geometricarum 

theori&rum  easprincipue  per/ecutifumus, 

^  quarttm  vfus  varif  ,ac  iucundi 

fpi^ari  pojfunt. 


ELEMENTVM 

S    K    X    T   V    M 

Ex  noftra  Methodo, 

SECVNDVM  EX  VETERI. 

$1. 

S  C  H  O  L  I  A. 

VnmerfdlJtas  ,  vtilitas,&  materiapro  feptimo 

iCrarijTomoindicaraeparrim  hic,  par- 

cim  in  fine  huius  2  cicmenti. 


I. 

^"^M  XiouHS  tnole ,  ac  nufNero  propolitionun}  liher  h)c  ,  -^^^^" 


:!^ 


^^M  fic"^'di^>>  ir^gens^  &  coptofus  edf  u&thus  ,  cjut  ^.^  ^^J^. 
-^A^feA^   ex  eopcrciptur/tur,   Nam  Algebr^  0/"'*  ^^'tfi-  r,!ehto. 
meticx  philofophtA  adniirand.i  Ipniis  cii  )fuhs 
'      *■  '^  praiipuus dimanat  a  prxiipuis  huius  l  b^t  iro- 
pointcnibus,  telte  leanne  Buteone,  itte^  ah  s.Vi- 


de  in  K^piartjs nostrts Phtlofoph.Maih.y1p. 1 1 ,  Prog. i  iap.2_Pe- 
trus  Antonius  Cataldus  tn  Eucltdc  fuo  appiicat  huius  tnrt  pruto^ 
Ctiones  alicjuAS  problematihus  Algebrattas.  .^uorum  exer/.pta  va- 
riatulium  Towii conflare poffunt,! nde haurtas ,C  addeproaufta- 
r^s  adTomum  campos  tndtcatos  htc  tnfr.Schol. ^.Prstin .-,  /it  ad 
«[tqHos  tnduabo^tx  aUqutbuspropoffttontbJjuJt.pendet  VKiuerfdt 

Pp  Ceo- 
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Gcomctriit  fpetnlatiux  i&pra&HAdepptnis ,  &folidispr£cifuA 
prohlemata,  &  theoremata,  A.  i  ,  '. 

//. 

,,  Barlaamtis  Monachtts.  r.tii  ^r^eci  fcripfit,  dcmo>}firat  iti  nume- 

ris  ex-     ^ts da c*?> primas  huitis librtpropojiiiories,  Idim prxstant  (y  Cam- 

pedirc^  pamspoH propofirionem  \  6  hb.^,&  Clatiiuspo/l  1 4  prop.eiiifdem 

aliqn^i   /liyi^  Vide  dmionhratiorjfs  Barlaann  aptidCentn.andtnum  Itb, 

i.hb.      9  Eucltd.pdji propof.  1 5 .  Igttur  optimu?nf-.£it{fuerit ,  vt  Tyrones 

lcuenttir  t£dto  atapio gionietricartiw prepofitionum  ,  efrumn^.ve' 

rilaternfactlius  vicWant  tnniimerts  ,fimplici  cxernplu  tdo^tendc- 

re  j ejuod^cometnce  ab  Eucltdc  demon/iratur .  id quoda  nobisfiet 

tnfertus  ex  Barlaami ,  vtplttrimum  ,  numerts .    Vide  etiam  apud 

Clauuim  varios ,  ac  breues  modos  eifdem  propoftionesgeometrice 

demonstrandi, 

III, 

Propofitiones  huius  libri  dcmonHratur  fere  emnes  ex  ipftcoK' 

^^'■^^'■^  Jirufhone.  Suod  &  Clautus  ad  g  propef,  hutus  netauit.  Vtdentur 

p«M    ^ro  huttis  libriplcr^tf^  dem^irationes  habere  vim  tn  ee  axtomate :  To- 

demon  -  tum  cft  ctqnale  iuis  partibus  fimul  fumptis .  Applica in  tfu  ali- 

'  f'  "'  quarum  ex  ijs.  Nos  atiquas  demonfirationesfactliime  exptdtemus 

(tim  zft  geometrtco  centri  grauttatts  tn  Epilogo  PianimetricOf 

qtiem  habes  infineprimApartis  hu,  To.z  iy£rar» 

IV. 
Ex propofttionibus  httius  Itb.  2  cieuatis  ad  fulidaparalieiepipe» 
da,  cubos,  &c.(vt  videbts  in  exemplts  ady&pojl  eas^  habes  au^a- 
riumStereometricumadiib.il  Eiernent, 

V, 
Campos  Geemetricos ,  &  Stereometricos  ex  hoc  2  eiem,  adco»" 
fiandumfepttmum  tomum  vtde  infne  a  §  zo  aafeqttentes. 


£  jLE« 
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ELEMENTVM   SECVNDVM. 

DEFINiriO   I. 

OMne  parallelogrammum  recftangulum 
contineri  dicitur  aduabus  rc(5tis  lineis 
/'gulum  recftum  comprehendecibus,  vt  tnpropo/iu 

i  parallelogrammum  BH  conttnetur  a  lineis  BC  ,BG,  quxangu- 
luf»  reciurn  contwcnt* 

S  C  H  O  L  I  A. 


/. 

CLauiuSy&adhanc  l  dcfinit  (^inGeom.Pract.lib.A^.  cap.  F^ralle-' 
11,  &  ^ltj  doccnt comprehi f/jionem parallelogrammire-   "'^'^'^v, 
clangult  cjfe  fimilem  mult:pli(Attotn  vntus  r/unjcri  per  rimdis 
altcrum  .  Ac  qtiemadmodum  in  multipltcatione  rnutua  duornnui  rrtultipU^ 
mmerortiW productttir  numerus  planus  informam  re^ang'4am  ^''''""'' 
difpofitus  ,f:c  ex  didhtvnius lateristn  alterttmfigurA  reUanguLA 
producttur  qnsntitas  arex  recianguU. 

Tl. 

VideapudnosinJpiar.il  Prcgym.^  cap.  i  aifjcrentiaminter  ^lij%"i, 

multtplicare quantitatcrn pcr quantitatcm ,  O' dticere qitaniitatim  care,  & 

in quantitatem,ac  csttcr/iadmodtim  alterum  aifcrcix,  alterum  con'  *i  cere^ 

■  r  ■  ct-a*  ta- 

ttnuxquantttattsjit proprtum.  ^^.^;,  ^^ 

III.  attam. 

K^d  condtendam  hanc  l  dtjfnit.  T^ronihus ,  hnc  aduoca  quafi  yn,^  /„. 

zfum eius aliquem veLmilitarem.itlgeoviitrtic pracitcun. /juoru  dnati  i 

P  p      2  exerfipU 
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deflm-    (xempU  hnhes  in  ch.Ap.  1 1  ^Prog.  3  ycnp.g,  Velut de  Agmine  mili. 

tmif.  tutn  veL  quadrato  ,  'velre£iangub ,  quorum  numerum  Uatim  eli- 
cies  ,/iduas  eerumfertes  in  a»gulum,Jitie  in  vnum  militem^  conm 
turrentes  multtplicesinterfe  \produ£lum  exysertt  numerus  mi- 
Utumeiusagminis^  quod continetur  qttodammodo fub gemina  ex- 
terioriferie^  quafijub  duabus  ttneisreiitm  angulum  confictetthus. 


D  E  F  I  N  I  T.     II. 

Parallelogrammi  fpacij  vnam  eomm ,  quae 
clrca  diametium  func  parallelogrammorum, 
cumduobuscomplementis  gnomon  vocetur, 

Yt  inpropoCtt.  5  .figuraCBFGHL  contcntaparallelogrammis  DL, 
HF,  &  quadrato  DC, 

§111. 

SCHOLION. 

O  omo-  "^r^  ^if*''*  i"  f^^^  recundadcfinitione  ab  Euclide  exphcatAnih- 
nis  tio-  W^  mengnonionis  indttum  eU  k fimilttudine  gtmin^  regula,  i» 
mtn  geom  .M.,  atigulum  re£ium  compa^<e,cu.  us  altero  latcre  collocatopa' 
^nle^"  ^^l^^^'^^ ^ortzonti  ^alterumperpchaicuUriter ere^um  perJtat  in 
fimtlttudtnem  gnomoms,fiue  ftylt  horas  tndicanttt. 
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PropoC  r.  Theor.  T. 
Si  faerint  dudre^^  lineAyqnarum  atterafece- 
tur  in  qHotcH?tc^parteSy  reciangHii^nr^  ab  ip- 
[is  contenturn  ^quaie  ertt  reHanptiis  ab  in" 
feda,  O  pngults  feclA  partibns  contentis, 

Slnt duae re(5lx  A  ,BC,quarum  BC  fecerur 
vtcunqs  in  D,  &  E.  Dico recTrangulum  li- 
neis  A,  &  BC  contentum  xquale  ede  redrangu- 
D£C  ^^sconrentis  ABDi&  A.DEj^c  A, 

tC.'' Ducatur  enim  ex  B  ipfi  BC ad  '^^y^- 
angulos  redbos  BF ,  fiatque  ^  ipfi  A  ^^ripof. 


^        K  j-  H  aequalis  6G  j  &  ^per  G  jpfi  BC pa-  c'^ru'^4. 

■    ralleladucaturGH;per  0,E,Gve- ''■'' 

ro  ipfi  BG  parallelx  ducantur  DK,  EL,  CH.Ed 
autem  BH  icqualc  iplis  BK,  DL,  EH.  Nam  BH 
cftredlanguluiplarum  A,BC;Contineturenim 
ipfis  BC,  BG,  6c  BG  elt  ipfi  A  squal is.  BK  eft  re- 
(h:angulum  ipfarum  A  ,  BD  •■>  Cominetur  cnim 
rea:isGB.BD:liquidemGBip(i  A  aequaliseft. 
DL  eft  rectangulumiprarum  A,  DEjnamSc 
DK  xqualis  cft  ipfi  A  .  &  fimiliter  EH  eft  redia- 
gulum  ipfarum  A  ,  FC.  Eft  ergoquod  A ,  BC 
continetur  aequalc  illis,  quae  A,  BD:  A,  DE  5  6c 
A,  EC  continentur .  Si etgo  fuerint  duae  re(ftae, 

5cc.  Qupdoportuitdemonftrare. 

§4. 
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§IV. 
S  C  H  O  L  I  A. 

7. 
Ij?Kt  duo  numeri  6, 4  {f^uafidux  re^£  linex)  (juorunt  aher 
(jfecetur  in  cjHOtcur^Uj",parteSy  velut  in tres  xquales  2, 2, 2> 
prod<icIum  (  quafireliangulum  )  ^/^  ex  multipltcattone  in- 
tcrfe ipforum  6,4,  iiejuale efi produ61is (cjuafiredangulis^  ex  4 
infnigulos  2  ^nempe  8,8,8  fmul  additts  in  inamfummarn  (^quafi 
rcBangulum)  nempe  ipfi2^, 

II. 
CMaurolycusinrepafiinattone  pofHih.  i  Artth.vniuerfaliteri 
&  hreuiter,- Qucd  fit  ex  quouis  numero  in  quotJibetnume- 
ros,  ^equale  cft  ei,  quod  fit  ex  iJIo  in  aggregatum  ex his. 

^Honiam  prepofltiones  huius  2  lib,  apud  Euclidem  demonfra- 
tur  expropofitiombus  libri  1  ,  hahcs  &  altter ,  ac  breuius  demon' 
ftratas pofieriores  ex priortbus  huius  librt  2,  acfereexprimo^  &c. 
Vnde  varietatem,  crfcilitatcmpro  tyrontbus  habeas. 

ir. 

'     Huius  ilt .propofitioneSiprcuipu^  1,2,^,4,  (^c.  1 1  ,  i^ali.. 
ter  ,  facile ,  ac  eutdenter  demorjfiraias  ex  vfu  gcometrico  centri 
grauitaiis  vide  in Epilogo  Ciomctrico  infne  ipar.hu,'^  To.%  § 4, 
5>6,  7,  8,^,  10. 

K 

rfiinahu.lf.2  propondemonflrata  vniucrfaliiTi- 
me  de  lotogenere  qLiantitaii.s,dircretse,con- 
tinuas,  planae,  ac  folidx* 


E 


j  ^laurolycO-.propof.x.par.l^lih.  1  Jrith.  Si  fuerJntdluJC 
quanticatcs,  quarumaltcra  in  quotlibct  fcgmenta 
lccctur,ilJud  jquod  cx  duclualterius in  altcra  fiet, 


aqii  lim 
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fequum  erithiSj  quxexdudu  quantitatis  mdhufxirua 
vnuuiqiiodqjfcgrncntorum  diuifjepariter  acceptis  pro- 
AncC{M\xv..^t(ampropo/?tio/icm  tn  tincis  demonflrAt  Mauroljctn, 
fjosfacilittsin  not:s  artthmeticis  vulgatx  LogtflicA  iam  ollindimtis 
VI  I  Schel.htc^&  numeri  apud  nos pofiti  funt  tam  pro  ftiperJictebtiS 
ex  Itntis,  (jukmpro  folidts  ex linets,  &  fupcrfictebtts.  Vide  &  trt-^ 
fne  hiitf.s  2  \t.&  in  Eptlogoplanimetrtco  ,  Ita^Ji  /^ftt  pro  altttu- 
dine  ,  &  6  /tt  t>ro  areatecfangult dtwfiin  iria  mtnora  reffangttla 
2>  2,  2  >  erttproductum  ex  duiiu  rectangult  6  tn  ^paralleleptpe» 
dum  confims  ex  24  cubults  xcjuale  trtbus par alleUptpedis  898.8 
fimul  aadttts ,  qu<iiJinguU  totifiantur  ex  du6lu  arcA  2  tn  altitudi' 
nem  4.  &c. 

J^tntttates  prodcrentes  in  continua  intellge  h)c  apud  nos  li- 
Heares,&planas  reclangulas,exquibusfuptrtoris,  &  ampltoris 
gencris quantttatcs generentur,cx  Itneisplana  rcclangula,expla^ 
na  in  Itneas  du£fa  conflcturfitda  quantttas  paralklepip» 

VI. 

Vfus  huius  \propoftionis,&  fequcntiuTf^  altquarum  eflinpra-  Vfus  /«- 
chca  Arithmeticaffiuelogiittca  ,  ctrca  multtpltcattoniscamfpe-^^f-'*' 
ciem ,quamvulgoiocant : h{c2i\xtlZ0,fiue  per partes ^quando  cr fcq. 
fcilicet  duorum  numerorum  alier  valde  copio/us  dtuiditur  inpar-  ^li^uot. 
tes  (factlioris  operationts gratia)  (irfnguUpartesper  alterum  da- 
torum  numerorttm  integrum  multtplicantur  ,  acproducla  interje 
•vnam  tn  Jummam  adduntur» 

VII. 

Pro condimento ,  & vfu  hutus ,  & aliqttot  fequentium piopo/t- 
tionumvideexempU,praxcs,theoriastn  Jptario  ii,Progym»^t 
cap.^.  ^utbus  adde ,  & ,  qua  Itcet,  appltca  mmerts  theorematn-j 
Vommandtni  addita  huic  ipropofJBttcl. 


Pro: 
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Pfopof.ILTheor.If. 

Si  reiia  lineafecetur  vtcunque ,  eruntreSiaff 

gfila,  qu^  tota  K^parttbHs  continentur  j 

^qnalta  quadrato,  quodfi  a  tota. 


C   9. 


E(fta  AB  feceturvtcunqj  inC. 
_  _  Dicoredangulaipfis  AB,AC, 
&  A B,  BC  contcnta,  aequalia  efle  qua- 
apyopof.^  ^*  drato  ipfius  AB./,  Oefcribaturfuper  A- 
Bquadram  ABDE,  6:  ducatur  perCadvtraq^ 
hptopof.  AD,BEparatlelaCF.^aeqiiaIeergoeft  AEip- 
{is  AF,CE.Eftautem  AEquadratutniplius  A- 
B,  rediaogulum  ipfatum  B  A,  AC  eft  A F  5  Con- 
tineturenimipfis  AD,  ACj  6fe(lA0ipfiAB 
aequalis,  CE  contlncturvAB,  BCj  Ell  autem  BE 
sequalisipfi  ABjErgoqux  AB,  AC3  &  AB,CB 
continentur  xqualia  luntquadrato  ipfius  AB» 
Si  ergorecl^a  iinca&C;  Quod  demolharc  opor- 
tebat. 

§V. 

S  G  H  O  L  I  A. 

A 

ymerus6diuicii!tur  in  ^,& a^.Ex  dtiBn  ipJJus  6in^,& 
in A^produ£lA  iz  ,  &  2^. intcr  fcaddita conficinnt fum' 
mam  ^  (>,  cui  a^ualc  cd  qKadratum  cx  6,  ncrnpe  5  d. 

Pro- 
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//. 
Propofitlo  2  fada  vniuerfaliffimadeorani 
genere  quanticacis  eciam  folidas. 

SI  quantlrasqua?pfam  vtcunq;  fecetur  j  produda  ex'tota, 
&  feginentis  erunticqualia  produdo  cx  tota  Jiabespro 
difcreta  quantttate  in  numeris  6 ,  2  ,  4 ,  C/  pro  pUnisiruj 
qnatitate  conttnua.  VaUtnosira.  vniuerfalis  ett.im profoltda  cjiia- 
titate .  Nam  216  cuto  (  quifit  e  6,tdef}  c  quaarnto  tpftus  6,  quod 
cst  3  6^du^o  tn  6)  funt  Mqualtapanlleleptpeda  1 44,  y  2  produiJa 
c 6tnpArtitim  z,  ^recfanguU  \z,  z^i&c»  addita  enim  144, 
72  interfe  conficiunt  216. 

ytdc  inferittsin  §21,  ntm.  3  alitcr  eleuatam  hanc  2prop.  &c» 


Propof.lil.Theor.IIir" 


R 


Si  reBa  linea  'vtCHnqtiefecetury  erit  re^angti" 
lum  tota  ,  ^  vna  parte  contentum  Aquale 
reciangulo parttbtis  contento  y^  quadrato 
a  dt^ia  parte  defcripto, 

E(5la  AB  fic  vtcunqj  fecHra  m 
_         C.   Dicoredlangulum  AB, 
-   BC  contcniu ,  sequale  efle  &  redran- 
gulo  AC,CB,  &quadracoBCcon- 
tento.^^Defcribatureniina  BC  quadra(umC-4/.T 
DBE,  producaturqj  ED in  F  5  &  ^^  per  A  vtriqae  ^,^;;^^"-^ 
CD,BEparalieIaducatur,AF*'  Ergo  AE  asqua- ^k"?^/. 
le  ert  ipfis  AD,  CE.  Eftqj  AE  re(ftangulum  ipfis 
AB ,  BC  comentum ;  continetut  cnun  jpfis  AB, 


27.1. 


r    D 
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f F  BE,&^clt  Bt.pfiBCaequalls.  AD 

vero  cft  rc(ftangulumipidrum  AC, 
CBjcftenimDCipfiCiiac^Lialis.  D- 
Bdenique  tft  quadraruTiipliusCB, 
P.e(fV3ngulumcrgo  AB,BCconcentum  aequa» 
lc  td  iC ,  CB  concento ,  vna  cum  quadraco  ip' 
iius  CB,  Si  ergo  re(5ta  iinea ,  6cc.  Quod  dcmon* 
ftiarc  oportaic. 

§VI. 

s  c  H  o  L  I  a: 

/. 

NVmifus  6  diuidatur  in  2,0"  4«  numtrui  1 2 ,  qut  fft  ex 
toto  t ,  &parte  2  ,  e(i ^qudis  numero  8  f  a-  partibus  2, 
& ^produ&o, & nurnero quadrato/i^exparte  2  iaddtti 
•  tutm  interje  numen  %,  &  j^  conficiunt  1 2. 

//. 

Pfopoficio  3  vniuerfalidima  etiam  adfblida. 

Slquantitas  vtcumq  j  /ccetur  jeritprodu^um  extora ,  & 
vna  parccicquale  produdlo  ex  partibuSj  &  produti^o  cx 
di(5ia  parte.  NumeruspUnus^  qut  vtritatem  huius  ■^ propo-^ 
^itonisojtcndn  tnplants^re^dngulis,  &  quadrato  .facius/olidus 
cHeudet  ettAm  tn  foltctts p.irallelepipedis,  &  in  cubo.  Stt  6pra  totn 
Itnea^x,  &  /^pro  eiuspartthus,  Reifargultim  2j^e.\  tota  b,  &par- 
te  /^fiatparalkleptpedum  q6  dtt^opUnotvpartem  Jeu  aituudi- 
eern  4j  ex  qnadrato  \  6partts  j^fint  cuhus  6^.ex  reHangulo  ^par' 
tiutn  4  ,  d*  2  fi.it  taralleleptptdtm  3  i.iunge  cuhiim  64,  &paral'- 
lelefipedu»i  3  lyfucittnt/iirnmam  q6  dqualem paratldeptpedo  f.V 
tota  6,  &pari£  4.  Altitudo/cmper  est  alierapariiumxhic  4. 

Pro« 
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PropoClV.Theor.lV. 

Si  reBa  Unea  vPcunj^fecetur,  qr^adratum  tol 

tius  ^quale  ertt  0  parttum  quairatts, 

O  reclanguio  bis  parttbus  contento. 


'^— r^^    13    E<^a  ABfeceturvtcunque  iti 


7 


H|— -TJ^J»   Jt^^   C.Dicoquadrarumipfius  A- 
/__J_      Baequalecflequadrarisipftrum  AC, 
^     ^  ^    CB,&  rcctaguio  bis  AC,CBconren- 
to.-^ConftituarurenJm  fuper  AB  quadraru  \  D-  ^/7^^ 
EB,  ducaturqj  RD 5 ac^perCvtrique  AO,  EB  ^ /"«/"'/ 
ducacurparallclaCFjperG  vero  vtnc|j  AB,  DE 
parallelaHK  Ef ''quiaCF,ADparallel3e{unt,in      ^j'^ 
ipfafq  incidit  BD,  ^erit  externus  anj^ulus  BGC  a  ^cpo/. 
aequalisinternoAoppofitoADBtffed  ADBeft  ^^''' 
sequalis  .pfi  CBD  ,q jod  &  latus  BA  lateri  A  D  fit  ^' f "^"-^ 
^quale^eru  igitur  6cCGBangu!us^qua!isGBC 
anguIo./Quare6clarus  BC  lateri  CG  aequalc  j^f^'"^ 
crit: g  led  &  CB  ipfi  GK,^'  CG  ipfi  KB  crt  aeqaa-  f^^"/. 
lejerit  ergo  &:  GK  ipfi  K8  apqaalc:  sequilatcruiTi  ' 
ergoeftCGKB.Dicoquod<5credangulu-Cum 
enimCG,  BKparallelxfint,  iniplafqueincldat 
BG,erunt>^angulf  KBCGCBjEqualcsduobus  )^T^- 
Xt itis: '  redus  autem eft  KBC , eigo  6c  GCB 1  e .  '^'r^- 
<^us  crit,^'  Quare  &"  qui  cx  aducrfo  CGK,  GKb  ^^prop'>f- 

Qq      2  rccti 
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tcO:i  eruntj  rcdtangulum  igitur  eft  CGKB .  De- 
monflratum  autem  eft  qucd  &xquilarerum: 

idef.17.  quadrafum^ergoeftj  &  ert  aCB  defcriptum. 
E  indcm  ob  caufam  6c  HF  quadratum  tdjdi.  cd 
ab  tiG  defcriptum ,  hoc  eft  ab  AC .  Sunt  ergo 
quadrata  HF,  CK  ab  ipfis  AC,  CB  defcripta.  Et 

^i!T'  S*^'^  AG  ipfi  GE  ^  asquale  eft ,  eftque  AG  quod 
A     CB    AC,CBcontineturjfuntcnimGC, 


» 


h  CBasquaIcs3eric&  GEoequale  AC, 
CBcontento.  Ergo  AG,GEaequa- 
^^  liafuntbis  AC,CBcontento.  SunC 
autcm  &  HF ,  CK  quadrata  ipfarum  AC ,  BC: 
quatuor  ergo  HF,  CK,  AG,GE  aequalia  funt & 
quadratjs  ipfarum  AC,CB,Ck  rc(5i:angulobis  A- 
C,  CB  contcmo,  Sed  HF ,  CK.  AG,  GE  confti- 
tuunt  rotum  ADEB.quod  eft  quadratum  ipfius 
AB.  Qoadraium  ergoipfius  AB  scquale  eft  qua- 
dratisjplarum  AC,CB,&  redtangulo  bis  AC, 
CB  contcnto.  Si  crgo.  6cc,  Quod  demonftrare 
opouuit. 


jilia  demo'/7jtrati(?, 


•  1 


DIco  quadratil  ipfius  AB  aequale  efte  qua- 
dratis  partium  AC ,  CB ,  6c  redtangulo 
bis  AC>  CB  contento.  In  eadem  figura  cum  B- 
ifro^of.  a,Al)  iinc  ^qualesj^crunc  &anguli  ABD,  aDB 
^^'^'  aequa- 
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aequales .    Ec^ cu.n  o  nnis  criangali  cres anguli  ^p^-opof 
^qualesfincduobusrecflis,crunc&  trianguli  tXB- 
D  crcs  ABD»  A  DB,B  A  D  jeq  i  ilcs  Juobus  recbis. 
f&eft  BADrearusrero.oreliqji  ABD.ADBvni  .  "/''' 
recloaequalsSicumqj  iinc  aeqjiles,eiic  vcerque 
femirectus.^rectusauceLneit  BCG  ,eftnamq5  ,  ^JZ 
aequalisangulo  oppofico  ad  A,  reliquus  ergof^^  ^9- 
CGB  lemire(5lus  elt:/igicuraequa!es  (unc  CGB,  ibropof. 
CBG  :^qiiare  <5s:  lacera  BC>CG  jsqualia  eranc:  '^prlpof. 
h  kd  CB  xqualeeft ipfi  KG  ,  &  CG  tpfi  BK :  er.  Yf^^^of. 
goCK  cft  aequilacerum  j^cumq^habeac  angu-  3  3>-. 
lum  CBK  reclum  ,  quadracum  eric  CK ,  &  qui-  ^niH. 
dem  quod  fit  ex  CB  -  Eandem  ob  cauiam  qua- 
dracum  eft  FH,  eftqjaEquaIeiIii,quod  ficex  A- 
C^func  ergo  CK,  HF  quadraca,  asqualiaque  qua- 
dracis  ipiarum  AC,CB.Ec   ciim  AG,  EG aequa-  Kprcp<r/: 
lia  finc ,  firq^  AG  id  ,  quod  AC ,  CB  concmccur,  '^^■^•' 
func  enim  CG,  CB  asqaaiesj efgo  EG  aequale  eft 
concenco  AC,  CB :  igitur  AG  , GE  aequalia  fiinc 
bis  AC,  CB  concenco .  Sunc  vero  &  CK  ,  HF  as» 
qualia  fetH  quadracis  iplaiu  AC,CB:  Ergo  CK, 
H,F,  AG,GE  aequalia  fiinc  quadratis  ipiaril  AC, 
CB,  6c  bis  AC,  CB  conccnco.  fed  CK,  HF,  AG, 
GE  cocum  AE  confticuunc ,  quod  eft  ipfius  AB 
quadracum.  Ergo  quadracum  ipfius  AB  aeqaalc 
cft  qaadrat  s  ipfarum  aC,  CB,&  rcctangulo  bis 
ACjCBconcenco.Qaod  oportuic  dcmonftrate. 

S7. 
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§  Vlf. 
S  C  H  O  L  I  O  N     L 

2    "^      Jh  y<?^»//  /<?/<>«/  the/anri  i»  hac  4  ^«/'«j  ///r/  prepo/itio* 

l^Lj\    "^'   Alicjufmindicahoin  fequentibus  Schelijsex 

JL   ▼  Jk    nofhis  comentationibits,^prt,X!biii  advfus  rnagni 

momenti  .Clauius de hac (^Heet  non ad hanc)  fc  :  Qvi.\scrtd3X\)tt 

aMra-  demonftrationem  fciri  pofTe  quid  producaturex  radice  qua- 

ticafur-  drata  numeri  8  ad  radicem  quadratam  numeri  18  adiet5ta_..3 

d£  eruu-  ^^^  vtraqjradix  incognita  fitj&  nulla  ratione  ex  primi  quear, 

hac 4      quod  illa  paulo  minor  fit  quam  5 ,  h.TC  vero  paulo  maior, qua 

frofof    4?  &  tamcn  fumma,  qux  ex  vtraq,-  fit,colJigitur ex  vi  propofi- 

tionis^huius  libri,radixquadratanumeri  jo^qu^  paulomi- 

nor  elt,  quam  7 .  Vnico  exemplo  oHcndit  miram  vim  hutus  pro- 

pofitionisin  vfu  /■jumerorum  (ejuos  vocanr  ^  furdoru^,  cjui  fcdtcet 

nullomodo  exprimt pcffunt  ,ceH  funt  radices  numerorum  nori-j 

_  ^  .   (jiuadratorum,  velnon  cuhicorum.   Exenipla  vfuum  Algehratico- 

apud      fum  hittus  4  propof  vidc  tn  Eucfde  Italtco  Petrt  Antonif  Cataldi. 

qtim.  2   Demouiiratiohuius ^propofit.patet  tn  numeris Oc,   Nnme.^ 

rits  6  dtuidaturtn  duaspartc.s  4 ,  i^r  2^fant  quadrata  ftngularum 

farttnm ,  rpfius  ^qHadratum  1  6^ipfius  2  cjuadratum  4  .•  fiant  re» 

£langulagemtn  itaftie  prodnila  expartium  dutfu  inter  fe-^ex  du- 

6}u  iplius  %  in  ^produc  tur  g,  ex  iterata  earund:m parttum  intet 

fe  multtpltcattone  fil  ritrfum  8 .    Addintur  tnter  fe  duo  quadrati 

ftumeri  4,  \6,&  duoprodufU  8,  d"  8  .fitfimma  ^  6  .    Eaderrut 

fummajii  ex  duffu  tn  /c  numert  tntcgrt  6.  Ergo  cojtai  in  numeris 

quodprfpomt  Gcomctra  in hac^tropofittonede linetsjeiftfj&Ct 


S(hl>m 
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S  C  H  O  L  I  O  N     II. 

Pfopofitio  4  de  omni  quantitacc. 

SI  quantiras  qusplam  vtcunqj  fecctur ,  produduin  totius 
a^quaJeerit  &  produ(ftis  partium  finguJarum,  &  produ- 
6iis  ex  partibus  bis  inter  fc  dudis.  su  6  dtuifnsin  4,2, 
C^ cjundratut/i  3 6  tottus  6  fi^t  cuhus  21  (.  tarttum  4  ,  6"  2  ^//'<- 
draia  4  ,  d"  I  Bfi^rit paraLeUptpeda  ex  altitudine  totius  $  ,  /tKjue 
dteruM paraiieieptpedum  24.  &  alterurn  96.  Ri^aKgulun,  %  jub 
fartthus  2  ,^/iatpara/ieie^tpedurK  48  adaittiudinettj  $  ,  & gemi' 
neturin  ^6  lungepara/ie/epipeda  24,  96,  e^^/j  48,  idefi (j6  ,fit 
ftm.niA  21(3  caderrt  citm  cubo  216,  eiuod elt ^rodttctum fo/idum  ex 
tota  radict  6. 

Ex  noHris  htfie  ad /^  anteccd.propof.  hu.  li.  2  hahes,  ^ fcquere 
txctnp/a  z>n  luerfaltx^andt  j  &  adjoitda  tra^ucendi  cdterasjequen^ 
tes,  (^u£foJJtint^ 

§VIII. 

S  C  H  O  L  I  O  N     IIL 

Vfus  4  prop.  Eucl.pro  inuentionc  quadratorum 

numerorumj  &:  radicum  ex  impanbus 

numeris.  6f  c. 


T    V    It  T prAclaratthtprodantur,tntTfyo^ad     , 
Si^  %/      %Jum,tnJpicetnecuni  f}tc  Euc/idtsJi- ^i^^l^ 

-:/-  K  ^         euram.  ^uadratt  AE  iatere  AB  dt-  quadu 


D     FE 


guram.  ^luadratt  AE  iatere  AB  dt-  quadra'' 
uifo ad/uhitumtnC  .G-  fMts  quadratisCK,HF  ^""''  '''"' 
parttum  ACyECyttcmeji  rcU  nguiis gennnis  AG ,  gcregno^ 
CE  ex^artibus  CA,CB,  £K,KE,  viaescjuadrf.tg  moiit. 

'    HF 
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HF g^wwoiit-  AGE  /iJa'itu.  Twge  quadratt  AE latus  AB  ffje^^^ 

ACi  iC.Bi. .^uadratii tpjius ACjit4eippus HG,ertt 4; quadratum 

ipf/us  CB I  crit  1  .re^far.gttlu  AG  ex  AC^CB,hoc  elt  ex  mitlttplica- 

lione  'i.tn  i,erit  2;ttemo,re&a»guluex EK inKB,erit  i.Gnomott 

ita/ji  conffans  ex  AGz ,  ex CK i,c!rex  Jf^F 2,confiiit fumniAtmparii 

CurP"-  ^'"^^^'  5  •  ^^'^£  Gnemon  appofitns  ijuadrato  ^  conficit  numerum 

thazorei  quadratum  9  ingeometrico  quadrato  aE,  Vnde  cfl  quod  TythagO' 

iwpare!  ritt  ntimeros  imparcs  appcUabarit gnomones,  qitos  numeros  tn  ffgti- 

p'>!'l£-  ^'^'^^ ^.^'On^wnis geomctrtct  xquitatcrt  difponebant,  it^tdes hic  ^af^ 

ret  giio-  ]r__T  ^M— \J     fiymabat^,  ces impares^fiue gnomoncs  ApPofitoS 

mmes.  quadratisnitmerisplanis^jvttpftABDCqua" 

""     '-*^      dr-.to  ^attgere  mnius  quadratumtn  matui(yt 

-  '  litc  tn  figura)  nuadratttm  9  EGIC.  f^c. 

2   Pr^diciis  crgo  fttppoftis  ,acctpe  anobis 
F-iim'  r>     x\  X.        vfumfingufayem  fjuius /^  propvf/tionisinrc^ 

paribns  I      ^       tnagntmomenti  ad prxctpuaGeomctrica ,  0" 

tinrnens  yiyithmetica prcUcmata,0'  thcorem^,ta,qux  vtimttir  raatcibus,vet 
tabitlai   numeris  quadratis.  Ex  /j.tc  cnim  ^propofitione praxim,CT  dcmon' 
qiiadra-  sirattonem  mox difces,  dato quolihet  impari  numero ,  inuentre  ra- 
torutCr  ^iceSfd^quadrato'  ntimeros  ,  eof/.  continuare  in  fcriem  tnfinitatn 
protabuiis  quadra^orum  numerorum  ,  "onde  inprompu  habeasd^ 
emnesradices,  &  omnes  numeros  quadratos,quibus  opns habeasad 
Geometricas,  Artth.meticas,  &  atias  quafumq^  opr.rationes  nonfo- 
lumt/jcoricas ,  &fci entificas  ,fed  ctiamprafftc.ts  in  hiimanis  con- 
iraffttjus,  cr  conurcijs. 

Finge  igitur  datum  ex  imparibus  numcris,  njcl 

tiht  tfffume  adhbitttm ,  verbt  gratia,  numcriim  5  , 

•vt  radice  tntieni.is  quadrati  minoris  ,  acproximi, 

abijccvmtf.tem  ,  vctut  tnfigiira  Eitcltdts  auftras 

p  T^     cx  Gnomvne  AGE  ipftm  quadratulitm  CK ,  rf//- 

CjUh  fn gh ( rficms ;  tdtii  4 ,  dimac tn dtios tequates 

nvmcros  z^&  2,vet:itin  figuradiitifus  dt gnumoninduo  <zqualia 

re£ianguta  AG,  GE.  Atteruter  numerus  2  cril  radix  quadratiqux- 

fiti  ,  ducfo  fn  fe  z  y  Cfproduffo  quadrato  4 .  Vciitt  tnfgura  Eucl, 

alterutrtus  renangnlt  AG  ,  GE  tatits  HG ,  vet  CF  eif  latus  qttadra^ 

ti  HF. 

2   Itt' 


PROPOSITIO    IV.  51-3 

3   Inucnto  prtmg  ejttolihet  qnadrato  per  antecedentem  tnodun''^ 

inprompttt  iam  erit  precrearc  reltquos  omnes  mmeris  quadrntos 

J>er appof/tionem  conttntiatam gnomonum  tn fequentcm  n/edum^i^ 

Dato  tgttur  ejtiadrato  nHmero,verbt  gratta  /^,  gemtnetur  etus  rad  x 

2,  acjiat ^^addattira;gemintisradtci  i,  &f.x6tttiertt gnomon  j, 

qHtaadttHS  (juadrato  4  confiitt  cjuadnjum  nttmcrum  9,  velut  tn-^ 

figura,  ejuadrato  ipfiHF  adduntur  rcclangulagcmina  ^C,  CE,  (jr 

frxterea  cju.idratulum  CK  ,  vtconfictattir gnorfon  ACE,qui  addi-< 

tus  quadrato  HF  confictt  quadratutri  AE,  x^tq;  hac  ArtthmetuA 

frMtclo  modo  csiedtmttfr  per  analogtam  ad  geonictrtcarr^figutatn^ 

&  consirucitonem  htitus  /^propof. 

Atveroin  fig-pri,  quadratttplani  numeri  ,procuiusvnitatibus 

hic  r.os  fuppofiitmus  abecedartas  literasjcetpradtcia  de  radicibus 

inueniendts  ex  datogncrnone,  &  de  quadratis  continuadts  pcr  gno» 

montirn  appofittones  propric^ec  pnctse  pcrtttdere.  Nnm  ex  dato  tm^ 

part  5  ^fett  gnomone EGl^  aufertur  Gt ,  relinquunttir  EF  ,  HI  z 

&  i^esiqi  EF,  velHIlatusxquale  lateri,jiue  radtci  ABl  qundra- 

ti  ABDC.  Paritcr  exgnomone  7  KN^^  ahlato NiyTeliqut  6  f(f- 

M  O  PS^  dtmidtum  alicrtitrnrr,  K  L^l  7,  clt  radix  ,ftie  lattisqttA- 

drait  g  EGIC .  Habtta  vero  femelvnica  radtce  quadrata^ reliqu£ 

ornnes  habentnr  ex  ordineper  additiones,  velfihtra&iones  vmta' 

tis  .  Kam  numcri  tnnattr/ali  fcrie  p^rogredientes per  dtfcrenttam 

Vfittatts,  funt  finguli  radices  quadraternm  .   7/.»^,  habita  radice  2 

quadrati  4  ,  reltqut ,  ac  pyoxtme  materts  quadratt  9  radtx  e(l  3 . 

Habitaradtce  5, mtnoris proxirne quadrati radtx est  4  , proxime 

rn.tiorts  est  6. 

lam  vero  hic  in  ead.fig,  latus,fue  radix  ABz  quadrati  ABBC 
dupUcatur per appofttioncm numerorum EF,  Hl  2i&  i  >  & fi'  4, 
cut  auattur  arigularts  ntmerus  tn  6 ,  tdesi  1  ,& fif  gnomoh  ECi  j, 
qtit  additus  quadrate  ABDC^  lonfictt  matorem  qn.^idrattivn^ 
ntimelturum  EGIC^ ,  Et  qno^n.im  tnttenti  mtnorts  ,  acprinii  qua- 
drati  4  radtx  erat  2  ,  ergoquadratt  proxime  maiorts  p  erit  radtx 
5 ,  tuxtapauUe  antedtcta,  Igttur  radtx  EFG^  gemiKttur,  fiantqj 
fipertorts gnomonis partes KLlM ,  OPr^  B>^  3  > ^^^fi  ^  >  '^"^ ^^- 
daturvnitnsN procomplemcnto gnomonisKN,^^qui  cfi  numCm 
rus  "]  ■^qtti  additus  proxtme  prAccdenti  qnadrato  EGIC^  coaficit 

R  r  proximl' 


Impar. 

^adr. 

Radic. 

I 

I 

I 

3 

4 

2 

5 

9 

3 

r 

i6 

4 

9 

25 

5 
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proxime  fKaiifem  tfuadratuw  numertim  KN^  1 6.&t.  Ex  ^uim 
hus  habesy  auaflCoroUarij  loco  ,  vnde  intelhgas  Artftotilts  locuy^Lj 
inTextu  1 6  lib^t  j.  Phyjicorum,  llluc  viftto,&  antecedcntta *  no* 
bis  explicata  appltcato. 

A  Euidentttematoris  gratiainfpice  appo/ttam  tahellam ,  cuius 
feries  mediaperpendicuUris  hahet  quadratos  numeros,a\tera  radf^ 

eesytertia  impares  numeros  ,Jiue^ 
gnomoies .  Ac  fides  e  fingulorum 
quadratortim  vumcrorum  duplt- 
catis  radtctbus ,  &  addtta  vnttate 
conficignomonesjiue  tmparcs  nu- 
meros  ^ijui  addtti  quadrato  ante- 
cedentt ,  conficiunt  quadrattim^ 
numerumjibi  /ateralcm, 
Sic  radix  4  quadrati  1 6  dupltcata ,  &  au£la  vnitate  confictt 
imparem,  feu  gnomonem  ^,qui  additus  quadnto  amecedentt  16 
cenfcit  quadratutn  numerum  lateralem  2  5.  Arpariter  defeque»' 
tihus  in  infinttum^  iuxta  expltcataper analogiam  infiguragtomC'^ 
trica  hutus  ^propojitionis,  Vtdeflura  tn  Apiar.  1 1  Trog.  4  <^^f'  7* 

Vfuspr6pofl4  pro  demonftrationcGcometrica 
cxcra(5tionis  radicum  quadracarum  i 

AT  veroJFngu/arisvfi/s  eftin  Artthmeticis  huius^propof, 
practse,  ac  p/ane  geometricus  ex  demonHrattene  geeme' 
trica eiujdem  4 huiu f ,  Acis eli  tn probattone, qut  fit 
fojlf.iilam  extra&tonem  radtcts  quadrata  ex  dato  numer^t  ^Jto- 
niam  entm  ex  dcmonltrattone  hutus ^propoj.re&aqu&iibet  itnea^ 
quxacctptaturpro  radice ,  Jculatere  quadrati  ,  ve/ut  DEhabet 
hancproprutatem.,  vt  diuifatn  duasDarteSyparttum  quadrata,  & 
expartihifs  rcffangu/ageminata  confidantjimu/  Jumpta  quadra» 
tftm  dati  Intcris  PE  i  tdcofi^d  /ogislick  extracJtone  r.tdtcts  qua^ 

drai^. 
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dfAtitexdatottumeroyfinHmerusradicis  extra&d,  /lue  imentA 

diutdatur  in  duos mmeres  y  &  partialtum  aumerorum  qu.-drati 

numert ,  itemq\geminr4Afummx  ex  duHt*  int<r/efarttaltum  nw 

merorum,  confictant  fummam  squalm  dato  numero ,  ex  quo  edu-^ 

ilaefl radix,erit  ea  radtcis extra^io rtciefaStay  hoc  eff  rad-x ex» 

tra£ta  irit  vcra .  &c ,  Ftnge  ex  numers  2  5  extraci  am  radtcem  5, 

'vt demonstratitie fiias  j  effe zeram radicem numeri  ^'^^dtutde  5 

in  duos  numeros  3 ,  c^  2.quadratum  ex  2  ed 4,  ex  ^esl  g,  reStatt- 

gula ex  ^,&2 gemtnatafu/it  6,  &  6.  Ea  quadrata,  ^  re&angti- 

la  4,  9,  6,6,conf!ctunt fummam  2  <).ergo^er  hanc  ^propofradtx 

5  eft  latus  qitadratt  x  5 .  (^c  .  Vtdeplura  aa  h&c  in  Aptar,  1 1  prog. 

^,(a/>.^. 

§x. 

Vfus  4propon  In  rolutionetheorematfs  exlmlj. 

1N//gnis  "ofns geometricus  efl  4  huius  prop.  in  derKonEratione 
pulcheynmi  theoremjitts  apudclautufh  Itb.  8  C  om.prafi, 
Tropoj.  2  6  Cuttts  'verha  appltcaio  figurx  hn  Eu<.  lidianx.Pro' 
fofi  t$  cft^ 

Si  pcr  idetn  pun^um  diametri  in  rcd^an- 
guloduxline^ducaniurlatenbuspafal- 
l€lae,erit  red^angulum  fub  fegmeotis  dia- 
metricomprehenfuro  a?qualeduobusre- 
^angulisfubfegmencisduorumlaterum 
comprehenfis. 

In  re(flanguIo  AEperGpunvflumdiame* 

A C^R     tri  DB  ducta  fint  HK,CF  Jatenbus  paralJe- 

jj        ^/1  j/    la?idico  redangulum  fub  DG  ,  GB  ffquale 
"'  /  efleredangulisfub.  H, HA,&fub AC,C- 

B.aQuoniaenim  quadratumcxDBa?qua-   ^4/ff- 

F  £     le  efl  quadratis  cx  DG ,  GB  \  na  cum  reda- 

gulo  bis  iub  DGj  GB,  b  funt  autem  quadra-  b  47  pr/. 
R  r     2  ta  ex 
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ta  ex  DA,  ABqui»dratoexDB  a-qualia,erijntquoq;duo 

quadrataDG  ,  GB  vnacum  re^ftungulo  bis  iubUGjGB 

c  4fec.  ffqualia  quadratiscxDA,  AB.  <^  Sed  quadratum  cx  DA 

aqualeeft  quadiatisduobusexDH,  HA  vnacumredlan, 

gulo  bislub  DH^HA^&quadratumex  ABfquaJeeftduo- 

bus  quadratiscx  AC,CBvnacumre*5tangulo  bislub  DG, 

GB/ igitur duo  quadrata  ex  DG ,  GB (vna cum  rediangulo 

bii  lub  DG ,  GB ,  {cjuodin  impre/stom  Moguntina  dtfideratuy^ 

arqualiaerutquattuorquadratisexDH,  H- 

ACB     A,AC,CBvndcumre(aanguIisbis  iubDH, 

hI ^/\i^    HA,&fubAC,CB. 


Ciim  ergo  quadratum  ex  DG  quadratis 
cxBC,  CG,hoceftBC  HA,  irqualcfit,crunt 
*  (hu  ettar}  fdlit  imprefsie,  qt:x  habc::  qtiaituor ,  cx 
7)H,////,/^C',C^)quadrataex  DG,GBvna  cumredan- 
gulo  bisfub  DG  ,GBa:qualia  quattucr  quadratiscx  DH, 
HA,  AC, CB  vna cumreiaangulis  bis fub  DH,  H A ,  & fub 
AC  .  CB,  ablatifq;vtrobiqipra:didis  (>/?  mipnfsione  er.U; 
quattuor  quadratis  comunibus .-  nosrepofutmus ,  'vtftqttifur^ 
quadratis  ^qualibus  ,erir  rcliquu  recftangulia  bis  fub  DG, 
GBreliquisrec1anguiisbislubDH,HA,&  fub  AC,CB 
arquale.  Ideoqjredangulum  lemel  fub  DG,GB  redangulis 
femeliubDH,  HA,&fubAC,  CBerit^quale.  Quoderat 
demonftrandum .  Intelltge  theorcma  eitam  de  re^Afigulis  fitb 
hl^  KE,  &ftib  EF,  FD.  &c, 

COROLLARtVM  prmtim. 
Reaangula  lub  OH,  riA,  AC,  CB,  BK,  KE,EF, 
FD  lunc  dupla  rcdtanguli  fubfegmencis 
diamecri  in  re(5langulo  AE. 

Cilicet propter  aqualtA  cppofita  Utera  in  rc^angulo  AE ,  & 
xijualta  oppofitafegmenta  ,  Ac  vt  ipfortim  DHA ,  ACB  re-m 
clangttla  (unt  4i^ual}A  re^angulo  DGB ,  fic  ttdem  DGB  if"^ 

/ortim 
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Jorutn  BKE ,  'ETDrecimguUjHht  xqnalia.Ergo fimul onmU du- 
^U  ipjius  DGB.  &c, 

COKOLLARl VM  fecm^tim. 

In  quadratlsrectangulumrubdiametri  fegmc* 

lis,  eft  aeqaale  complementis  quadcato- 

rum  circa  diamctrum. 

COroUirium  hoc  ctidm  noslruwpatet  ex  mtecedentitheore' 
mate.  ^ontam  emm  demonltratum  esi  recJangulwn^ 
fubpartibus  dtametrt  DG,  GB  <xquaie  rtctanguhsfub  D- 
H,  H^,  &fub  ACy  CB,  ac  c(i  reciangttlumfub  DH,  HA  aqualt 
compltmento  GE,itcm^^  reftangtilumfub  AC ,  CB  ^quale  complim 
mento  AG ,  per  3  4  prt.  (fint  enim  in  parallelogrammts  HF  ,  CK 
latera  oppofta  xqualta)  ttemq,per  2  4  /exti ,  quadratu/t  CIC  ctrca 
ditmetrttm  Isteraftmt  xqualta  j  ergo  re^aijgulttmfttb  DG  ,  GB  efl 
aquate  complementis  aG,  GEin  quadrnto  AE.Cur  determinattim 
fit  corolUrium  adquadrata,patctex  demonitrattone,qt4x  nonpro^ 
baret  tn  refUngults  non  qttadratts  re^angtiU  AGt  &fub  ACJOB, 
itemq;reiiangftU  CE ,  &jub  AH,HD  ejfe  xqualia.  &c, 

COROLLARIVM   tertmm. 

In  quadratis  vtrumlibet  clrca  diametrum  ,  6cc, 

compiementum  eft  dimidium  rectanguli 

fub  regmenci:>  diametri. 

SVntenim  nonfolum  xqtuti*  ,per  43  ,  interfe  complementtj 
AG,  CE ,  fedettamfub  aquaitbus  iatertbttt ,  vnde  fit  ex  an- 
tecedenticorotlarto  i.vtprobetur  reciangtdtim  fub partibus diA"^ 
metrt  ttqu^le  ijs  complememis  infoio  qu^rato» 

Cv 
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COROLLARIVM  quartHm, 
In  pfid^o  G  hr  n»utua  fccftio  diametri ,  6c  re(!l:a» 
lumlatepbusquadrati  parallelarum  ita,  VC 
rcdlangulum  fubfegmetis  diametn  fit  ^qua- 
le  recftangulis  duobus  fub  fegmciitis  H.G,G- 
K.  &  (ub  CG ,  GF  jpfarum  KH ,  CF. 

A        C  U 

j jpi       ^  Vnt  enim  reffafjguUfitb  HG,  GK  ,&/ul  CG, 

^        /  ""        «3  ^^  Aqualia,Jiue  eaaem  cum  compiementts  A' 
/  6,  GE. 

D       F  B 

COROLLAR IV M  quintHm. 

Vcrumlibet  rciftagulorumfubfegmcntfs  HG> 

GK,  vcl  fubCG,  GF  cftdimidium  rc(5lan- 

guli  lub  DG,  GB. 


E 


A fcilicetratioMti ejuA  comflementorum  AG ^GE vtrumlihet 
odenjum  dtmidium  reSiangultjuh  DG,  GB. 

§xr. 

S  C  H  O  L  I  O  N. 


Quadratum  duplae  quadtoplum  quadrati  dimi* 
dix  IincaSi  ctiam  in  numcris  oltenfum. 

I  ^"  ■  "^  Heorema ,  ciuod  hahei  in  aMtcedentihusfeeuttdi  Tomi 
■  non  vno  modo  apud  nos  demohliratum,jciltcet :  qua» 
■a»     dratum  cx  duplo  maiore  iinea  cft  quadruplum-rf 

qua- 
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quadratl  ex  diniidia,/^<Y>  lorolUrtf  hicpatet  ex  hac  4  prot.K  am 
dtutSA  re&a  dAta,  in  duas  ttqualis  partes  ^  tjuadratutn  ex  tcta  fji 
4tquale  duohus  qundratisparttuTK,  &  duobus  reiiangults.  Sttbparm 

ttbusvero aqualtbus duabus dtto  re^artgula/uni Cr  ipfa,  duoqua. 
drata,  Ergo  quatttior  omnta  quadrata. 

2  Pott/i ,  (jr  i»  nuTneris propoTJt ,  &  oQendi/ic :  Si  numerUS 
planus  in  duos  diuidatur,qui  fit  a  roto  quadratuseft  quadru- 
plus  numen  quadrati  vtriuiuis  partium.  Nurncrus  b(/iutfustn 
^i&  i')trtfe ductus produat quadratum numet um  ^6i& aliertt' 
ter  5  quadrate  multtfltcatusproducit  ^,ffti  efi  quartajjarsnume- 
ri^6,&c. 


E 


CorolUrium» 

X  his  manifeftum  cft  fn  quadrati  fpatris  illa 
qa£  circadiamecfum  funt  quadraca  clle. 

S  C  H  O  L  I  A, 


HIc  primum  hahetuf  in  Bucltdis  Elemetis  expre/Jum  corollam 
rium,  Nam  quodProclus  ajfert  ad  j  ^  propoj.pri.  apud  Eu^ 
(lidem  nodrortim  temporum  nonpafstm  extat.  Igttur  omandte  co- 
gnttioni  ,&  erudttiontGeometrtcx  de geometricts  corollartfs  huc 
affirvelaliqua  ^velemnia  qu^iam  habes  apudnoitn  \  To,  %  %  ad 
corol.propof.\  5  EuiL 

II. 
^jtpd  affirmat  Euciides  determtnate  de  quadratis  fpat^s  circA 
fHarnctrum  ,  habes  tam  vniuerfaliter  demonfiratum  inpropofit,  24. 
iib  6  vbi  demonstratum  tli  nonfelum  tnquadrattsfcdtn  omntbus 
par.iileiogrammts  ctrca dtametrum  nonfolum  quadratajid cmnta 
parallelogrammata  (JJefimilia  non  folum  inicrje,  fed,&  tettparal- 


lelogrammo. 


jppj 


}»C 
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K^ppo»e  CsroUario  EHcItdtsetiam  alterum  royellariu  ex  Cla» 
uio  de  diametro  quadratt  dimdete  arjgtdos  quadratt  in  dttos  aqua- 
Us,  exhac  ^propojjjtdus  Ith.z, 


Prnpof.  V.  Theor.  V. 
Si  reBa  lineafecettfr  in  Aqwaliai^in  in&mAm 
Ita  jCrit  y€^an{uii  inAcjualthtis  tofifts par» 
tibtis  contentum  <vna  ct^m  quadratoltned» 
qua  inter  fedtones  interijcittir  ,  tnqnale  eit 
quod  a  dtmtdtaft  quadrato. 


a  frofo[. 

IO,I. 


K 


M 

l/x 


X\y\ 


^ c_i>   B    Y3    Eda  A  B  a  fecetur  in  as- 

0    f^    C)ualiaadC,in  inscqua- 

lia  ad  D.  Dico  contcntum  A  D, 

DB  rcdtangulumcumquadra- 

to  quod  ex  CD ,  aequale  tfle  quadrato  ipfius  C- 

h^ropof.  g^^  Defcribatur  emm  fuper  BC  quadratum  CE- 

cpr^pe/FB  5&  ducatur  BEj  ^atque  per  D  vtriqjCE, 

BF  ducatuf  parallela  DGrper  H  vero  vtriq^  CB, 

EF  paralleia  KO.  R  urfufq^  per  A  vcriqj  CL  ,BO 

dfr.p«/:parallel3  AKj  &  cum  complementaCH,  HF  ^ 

a:qualia  fioc ,  f  addatur  ccmmune  DO  *  crit  to- 

tumCOcoti  DF  £Equale.  Sed  COaequaleeft  A- 

Lj  quod  6c  AC ipfi  CB fir  aequalis :  erit  igitur  6c 

ALipfi  DFaequalerfi  addarur  communcCH, 

erit  .^Hip(isDF,DLsequalc:fed  AHcontento 

AD, 


43.1 


PROPOSITIO     V.  32? 

AD ,  DB  e(t  Gcquale  3  ^  eft  enim  &  DH  jpfi  D8  ^jjj'- 
aequalis:FD,  DLautem  func  gnomon  iVlNK: 
/ergognomon  MNX  eft  aequalis  \D,  DB  con-  ^^^-  4« 
tenco,  Si  LGcommune  ,  quod  eftaequalequa- 
drato  ex  CD,addatur,  erunc  MNX  gnomon,  6c 
LG  .'cqualia  contcnto  AD ,  DB  ,  6c  illi  quod  tx 
CD  ficquadraro.  Sed  gnomo  MNX,&  LG  func 
totum  CEFB  quadratum  ,  quod  cft  quadratum 
ex  CB:  ergo  AD,DB  contcntum,cum  quadrato 
quod  fitex  CD ,  aequale  eft  quadrato  ipfius  CB. 
Si  crgo  rf (fta linea  fccetur ,  6cc.  Quod  opoituic 
denionfttare. 

S  C  H  O   L  I  O  N. 

J'ir.eruspar  (yt  Barl.inmuspMiU  afud  ComAn^inu,fciUat 
/iptus bif.irtationtper  .£quaUa,fKe  fracfiohibus^ 8  diui-' 
datur  tn  squdi.i  4^ CT'  4.  ««/^j  injtquaU-i  6,d;-  2,tx  mul- 
Uplicatione  tnter  Je  inaqtiaiiumpaniumproducfuni  12  (juafi  rc^ 
clitnguhinfvna,  ctimqitadrato  intermed:j  ,fiue  diferLUtiA  2  (truer 
dtmtdtury>  4,  &  inter fartem  instcjualem  6,  "vel  i^idesicnm  j^,q:i£ 
fumma  eii  \  6,  t(i  tsquaUs  quadrato  tx  dtmidio  4,  tdefijpanur  \  6* 

JXII. 
Problemaca  ex  theorematf^s  libri  2, 

HOctheorem.i  quemadmodum  G'  fequentiaplcraqiin  fjoc 
2  UbrOf  mqj  ettam  antecedens  ^,poffunt  propom  ettam  i;i 
modutnprobiematum.Antcceacnsf  :  Datam  redam  ita 
feciire,  vt  quadratiitn  cotius  «quaJc  fit  &  partium  qiiadritis3& 

S  s  rcctan- 
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rcifrangulo  bjs  partibus  contcnto./ciuitur /effa  vtcum^^ren-a.d' 
iuxtaconQrufhot^e  tn  demoKjiratione.^c.Paritcr hoc  ^fietj>roblem 
majlc :  Rcdnm  daram  Jinedm  ita  fccai  e  in  rres  parres  j  vt  vnius 
partisquadrarumfir  a^quaJe  retSi^angulo  iwh  duobusina?quali- 
bus  parribus,  &  quadrato  Tcgmenri ,  (iue  dirfercnria^inter  par- 
tes inarquales .  StrniUm  tn modtim  theoremata de numer  sfurmari 
vojpint  if)j>roUemata„^oru  ex(.m^U  htc  hreitttatts  gratia  omttto, 

jxiir. 

Paradoxa  ,  &  problemata  ex  theorematibus II. 2 
prxlcrtimcx  4,  &^  5  prop.innumeris.   Modi 
vaijj  ex  jmparibus  numeris  radicesquadracas 
inuenicndi  ex  cird.propoC 

I  TT  Icct ctiampernioduparadoxi ex ^Afrtec(deKti^&  f^hacy 
I  &  altqua  e  fcqucr/tibus^proponer?  fcquerjtiaproblematA 
*  i^  in  Kttmerts.'  Datje radicis,  quafi  larcris,  inuenire  nu* 
merum  quadrarum,fine  miiJnpJicarionequadrata  ipfius  radi- 
cis.  .^j^od fit  ex  4.  Nurnerus  datus  qutuis  6  iJtcumJ,  diuidatur  tn 
4,  &  2,  & partiumquadrata  1 6,  cf'  4,  ttcm  cxparttbus  intcrjc^ 
duShi gemtnata pr oduSi a  8  ,  0"  8  int/vari-i  Jummam  colhgantur 
3  6t']ui  nitmerus  erit  qundratus  ex  multif  ticattone  quadratx  radt- 
iii  bifi  fe..  At  vero  ex  hac  ^.dupltcctur  data  radtx  6 ,  "^-tj/t  dtmi- 
diumtpfius  I  2,fiatq-ydtutf/u tn  tnAqual/a  io,&  2:Jat produciuru 
expnrtibustn^qitalibusir/ter (e  dufiiSyidcsi  cx  2  in  lojatio, 
addaiiir  quadraturn aiffercntidintcrpp.rtes  6,  10,  2yideji  quaara- 
tum  ijjius 4,  quod eh  1 6:addantur  20, &  16 ,JiJumm'a  3 6,qued 
esi  quadraium  quxfiium  radicis  6  yjine  duciu  ipjius  6  tnfe ,  Ratto^ 
ves  ,ac  dcmoniirationcs  habes  4  4 ,  d"  5  huius  ,  quibns  appltcahic 
txcrnpla.  idrc» 

z  Ex  hac  etiam  ^,vt  ex  aKtefcd.j^,& fequentibus  6,&8  p^O' 
fofiitontbus  eliciuhtur  modiy  datonumeroimpare,  inucnicndt  radi- 
iescjiiadratas  cjiiadratcntmprcxime  velminorum  ^vfl maiorum. 

i<obis 
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l^obisfdtfunto  quApro  ijs  radicibHStniumendis  (/iximus  adquar- 
tam  ,  zbifaaliores  apparcnt  operattones  ,  aciheorix  if)  iius  /^prop. 
^gurk,  &  irtfguris  mmcrartjs,  &r, 

JXIV. 

Corollaria,  Theoremata.Sc  Problemata  ex'mu 
de  proportionalifate  arithmetlca  in  nuine- 
ris,&  lineis  indicata.  Singularia  etiam  in 
mimeris  circa  proportionalitates  harmoni- 
cas ,  6c  Geomcrricas  comparatas  cuin  ariih- 
meticaexhac  S  propofKione elem.hu,  li.  2, 

Jm  vero  tKfpicc  rretnm^  miTyro,  ociilophilofopfncc gco- 

rnetrtcofiiuram  hiittt[ct  qiii>it£propofhtonis,vt  ex  ea  de- 

mo/iftr/ita  det3ucamtis  pr^ciara  tn  JrtthtKettcs^ phtlofo-' 

fhiii  thcori^s,  atcp  opcratiOi-tthti:\  Ac  — 

—  ^luoutiim  re&a  AB  triafcgmenta 

facfaff/tt ,  VKunt  AC  ^per  btfartattofiem 

in  C,  altcrum  if/xqualium  matus  AD  ,  al- 

terum  niiniis  DB  ,  ci^  commums  eornm^ 

dtflreMta  e^,thtcrte^aintcr  /tc^iorjesyre- 

cla  CD  i  qttatrium  jeg*r>entorum  rfitni» 

rntim  DB  ftiperatur  a  medio  BC ,  &  mcdtum  BC ,  hcc  e(i  AC  tpfi 

BC  xqualc^fuperatur  'e-adem  CD  x  teritn  maxtn  o  /(gme/. lo  ^Di      Seciio 

proptereahcltortciAABfxiaabhac  <^.propiftioni,efi in propor-  ^'"^*  '« 

ttone  artihmettca  intcr  (e  trtum ]egmer.tvru.m  BD^  EC  3  AD,per  f^ftiat^ 

eandem  dtfferentiam  CD.  Eii  emrr,  {vt  ex  T.ppo  habcsa  nobis  ad  \,ru\for~ 

1 0  /f  v//  )  irtthmettcaproportio ,  qudti  tr  eai.aem  difftrentiam-.  '  o^.-nli- 

tate    fv 
troqreaiiur.  . 

Habesintabula  magna.  Pythigorica,eiufq\  conslrttSitoneferics  \/royof. 

omnes,  & perpendtcuic.res,  &  literaiesprogreatentesper  eundem 

execjfum  numerorum  %ei  i,vei  2,  lel  ^.  (yc,  In  quibusprogref 

6  S        2  flOht" 


5»4  L  I  B  E  R    Ii:  .   ^ 

Jiotiibus  (Iteynos  ex  ordine  numeros  acciptas^prodihut  iitcTid^  quxZ 
damproprtetates  ntmerorum,  quales/eqmntur  aliqti^  injigurxj 

hic  tndtcandx. 
I  £^./.  2  Nu  merls  tribus  habetibus  inter  fe 

mUf-ro-  A        C — ^—^      proportionem  arithmeticani ,  produ^Su 


prictas  | 
fropor'  I- 
ttonali-    K 

nchme- 

ticx,    '■fLj 


H  / 


cxmultiplicatione  inter  k  cxtremorutn 
vnacum  quadrato  differentiar  eft  a^qua- 
lequadrato  mcdij  numeri.  2, 4,  O.qua^ 
dratii  rnedrj  ^,qttod  cst  1 6  A:quaie(Hpro~ 
nuwcrts,  dtiffo  ex  2  in  63  idcsl  \%.&quadrato  dtfferenttx  2  (jerqtiapro- 
^  "  .  -  greditinttir  niimeri  2  ,  4 ,  6  j  idcd  4  nddiio  ipfis  l  2 ,  vndeprodit 
"' r„  '^^'  cohAatafumma  \(,.^emadrnodtm  arithmettce  aitttsa  AByqua- 
%ofZ'^  dratttm  dimidid  AC  ^quale  eli  reciangtilo  (tib  extremis  mtmma 
2  Exi-  2D,&  maxima  DA  'vna  ctim  quadrato  cx  clmimi  diffcrentta  CD, 
Zktir  Intnbus  numeris  arithmctice  proportionalibus  quadra- 
arltZ.c-  tummedij  fuperat  produCiumcx  multiph'carioneinterfecx- 
ticA pro-  tj-cmorum  quadrato  dirfcrcntia-,  fiue  produCio  cx  dirfercntia- 
fialiut^s  r""^  ^^^^^  ^^  multiphcatione .  ^nodcfi  coroUartim  ex  antcce- 
tn  nur,ie.  dentt  proprictate  2.4,^.  Si  quadrato  mtdij  4  aqualc  e/f  produ- 
ris,  (^  —  ^iff„  extremorum  vna  cum  qnadrato  ex  2  dtjferentia ,  ergo  aem^ 
—  Ofie-  P^'^  diflerentix  quadrate,  quadratum  medij  \  6  maius  e(i  quadrato 
[a  itt  fig.  e  vtremorum  1 2  quantttete,  /eu  ntimero  quadrato  4  dtjfcrenttx  2, 
fro^of  s-  jt:uprodufto  ex  diferenttjs  inter  2  ,  (^  4 ,  C'-  6  .  '^emadrnodum 
quadraturn  txdimtdta  AC  fiiperat  reciangutumjttb  AD,DBqua- 
■drato  imermcdix  CD.  &c. 

Hic  exoccafione  nullo  rnodo  difsimttUndam  duco  proprietatem 

trium  numcrorum  in  harmonicaproporuonaiitateplane  oppvjitam 

Tropor-  modopofit.t tn  Anthmcttca;p.irttcr^^  nonfilebopropnetatem irt-j 

tionali-   geowctncaproporttonalttate  ptediam  mtcr  oppojitas  Arithmeticx, 

tatwTLj     ^  liarmomcAproprtetates. 

mcT,&      3  ^^^^  i"  t"bus  numeris  harmonice  proportionahbus  qua- 
gcoKc-     dracum  medij  minus  clt  producto  ex  muitiphcationc  inter  fe 


j«ro,  cxtrcmorum  quanritatcprodut^li  ex  multiphcatione  dittcrcn- 
ciant-  tiarum  inter  ic.  2,3,6  Inm  tn  harmonicap'  oporiton.ditatc  tuxta 
mctiia-,  defntitones  apuanos  adg  f&  \  oprvpoJttioneshb.b.Eucl.iilttc  re. 
cnnjfara-  infi  .^i^^dratum  medtf  2  efi Qiextremoriimproancium  ex  2  in 
tx.  J     ^     .  7  s      y  6,e/i 
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5,f/?  I  z.'e>i  difftrentia.  i  inter  2,&  ^,  &(^f,feye»tia  3  ifiler  ^,i^ 
^,  produclum  efl  j  .  vtdes  ergo  qH.idr.itum  p  mimts  ejfcproducia 
I  %  cju.tntitateprodiic7i  3. 

y^/i/frHn  Gcometricaproportionalitatc  quadratumme- 
dij  cilcEqualc  produ:lo  ex  multipJicationc  cxtremorum  inter 
fe,  tu-\-taptopo/.  1 7  //^.6. 


EllipflSy 


Vtde hic pr^di£ia tn exemplo quinq^ numerorum.t^ui funt in-J  ^"'ft' 
triplict proportionalttate ,  tuxta  §  1 3  W  j opropo/  librt  6  •  3  5  4>  /^ , )!,y- 
6,  9,  12.  .^adratum  ex  4  deficit  a  yec^iangitlo  cx  3  /»  6.    .^^«'^-  perbole 
drAtum e6 ^ctude ed rtcia:  ■^tUo ex  A.m  q.  ^u.idr/itum ex q ex-  »'*"J^'''^> 
cedit reciangtiium e9  in  ii.  itaq;tn h-u proprtetateproporttona.  p,,-,-;^. 
litAS harmoutcavoc.iripotest  elitpfis  ..geomeirtca  Paraboie^  anth'  tialita- 
Tnettca Hyperboie, titxta dicia  ad^/^.  lib. i,&  ad zj  ,cr  iZ^i- ^'  ^^''^'' 
Dcfficientta,  &  exceffus  fnnt  rccJangul.t  ex  diffcrentrfs .   AppUca  pyigf^^g 
C!"  expltca  tn  allato  excmplo  nnmcrortim  3,4,6,9,  12.  arith- 

4  Panter  tnfigura  Eucltdts  agnofce jeqttentem  proprtetatem.  ^^f'^** 
Trium  numerorum  arithmcticeproportionaJiummcdiuseft  {,_onaU- 
dimidium  fummo?  ^  fiuc  compoiiti  cx  cxrrcmis.  25456:  tunge  tatts  iru 
C.xtremos  2  ,  6  in /umrnam  8  ,  medtus  4  elt  dtmtdium  numtn  g.  nj*^'^^^* 
^wemadrnocium tottus  ^B  j compofiixex e.xtrcmts BD,  DA, eli  ^^^ ^  ^,^', 
dimtdta  AC.  &c.  Dmous 

<i  Htnc problema. 'duohus  datis  numcris  medium  in  pro- '^^-'^''''^ 
portionaJitate  antnmctica  interpone- ,^^^,7^.. 
re.  DAtorum  2  ,  &  dftmmam  8  dtutde  ti'jeticti 
tn  duo  xqualit,  &  alterntrum,  idelt  4,  efi  ^fo?"^^' 
nttmerus  artthrnetice  tntcr  datos  propor..    ^xcn' 
tionalis.  J^fucr/iadn.cditin  fg.Eticl.data  flumr/tj 
dtu  reclA  AD  ,  DB  fi in  v>iarn  AB  com-  H-^^l' 
ponantur  y  dtmidia  AC  e/i  medtainttenta  ^,,^^1,^^ 
artthmetice  proporttonalis  &c.  rechs, 

Pappus  tn  moduw  /equcntem  ,    Datis 


A 


f> 


D  i> 


B  -f  c: 


mediar/t 

■  xtCtis  Jineis  AB  ,  C  mediam  in  Aritli,  f,^^  p.gl 
mctitamedietatcinuenire.Datisredtis  portia- 
ABj  Qquarum  maior  AB ,  mediam  in  ^'-*'°^"^ 
aquaJJcxcefruiniicnicmus  hioc  modo.  paplumt 
Ponatur  ipii  C  itqualjs  J3D  ,  &  DA  bi-  cr  ~ 

fariairj 


—  etuifff 


A 


t 


A' 


B  J 


\. 


^liter 

propor- 
tton.il'e 
inter 
duos  ««- 
meros. 


Datis 

diuibus 

tertiam 

tn  anth. 

mcticii 

propor- 

tionali- 

tat(  yQTC. 


'meris 

tertiittn 

arith' 

mettci 

proyo 

ttoriide. 

07c. 


B 
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^  f  ariam  fecetur  in  E:  Si  ipfi  BE  ponatuj' 
a-qualis  Ficonftat  igirur  F  redtam  linea 
clle  quam  qua:rebamus. 

<-^/  modus  rcciait  i»  enndem  cum  no- 

Ilro  de  bif^rtattone  compofitii  ex  BJ,&  C 

^itomamemmiun&AG  adA  tKdtrecitt^ 

C  fa&avhk  cempofita  PC  ,  fcclaqucBD 

aqtiali  ipfi  AC  ^  compopta  EC  co»slatex 

duabtis  xcjtialibiis  BD^  AC,  &  intermedta. 

Tf\  I        'AD;fiAD  htf.irietur  i»  E,  iifariata  esi  et- 

iam  irj  dtqtialia  tcta  BC ,  nepe  ^iquahbus  A^ 

E  3ED £cj!/al  s  BD  ,  AC  dum  adduntur^ 

^uam  theoricen  iicet atpUcare  etiam  unc<x, 

AB I»  Eucbdisfigura.  &c, 

Hincpropofttnm  problema  de  intienie»' 
do  numero  medio  trt  proportione  arithmetica  tnter  datos  duos  nti- 
meros ,  aliter  etia  f/c  Johatur.  Dijfcrer.  tia  tntcr  datosin  duo  1  Mjua^ 
les  dinidatur^  &  apponatur  mtnort  datortitn  ,  compcfitus  Kumerns 
ertt  meaius  arithwet'ce proportto»a/ts.Datt  fint  2,  &  6,  difieren-^ 
tiaintereosvfi  4  ,  cuinsdnntdtur'  2  additum  mtnort  datorum  a 
confcit  ^,mediurn  aritbmcitce\  ateji  esi  tn  proporttone  atithmeii^ 
ta  vt  2 ,  "d /^yfic  t^  ad  6, 

^^nlpicefiguram  Eticfidis  feq^prop,  6 pro  <^,exquaprodeunt 
&  alia  iucunda  in  arithmcttca  proportionalttate  linearuTn,&  nw- 
merorttm  -,  Datis  duabus  tertiam  inuenies  minorem  ,  vel  mato- 
rcm  in  proportione  aritimciica  f.iciHtme  pcr  fiibtraf/tor/em-:,^ 
vcladdttionem  dificrcntix,  Sic  vides.riatis  mtnore  BD  ,  &  maiore 
DC  tfimatort  DC,  hoc  ed  tpfi AC  (  citt  eii  £cjuilts  ipfa  DL  )  addas 
dijfcrenttim  BC^fittertia  maxtn.  a  ABi&,  datts  AB,  CD,fix  CD 
fubtraijas difftrentiam inter  tpfammet  DC  ,  &  tntcr  AB ,  hoc  eii 
auferas  ex  DC  ipjam  CB,  daturtertia  rntntma  BD.  Per  atigttmenm 
tumtgttur ,  vei tmmtnuiionefn  medi£  ijabemur  alterutraextrc 
marnm  tn  artthmettcaproporttonaittatet 

In  nnmeris  2 ,  d" 4,  adae  matori  4  differentiam  2,  yf/  6  tertitit 
maxtmus:  daiis/^i  &  ^3  detrahe dij^erentiam  2  tx-^,fii  mintmus 


::    Z.Crc. 


Pro- 
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Pfopof  VI.Theor.Vf. 

Sl recia lineahifecetHr ,  eiq^  in directam quA^ 
damrcdaadijciaturierit  yedangulti  ycjuod 
fit  extota  cot/jpofita,  c^  adiecia  ,  v^  i  cum 
qnadrato  dtff^ttdiA  ,  ^:jk>ale  q^adrato  qnod 
ft  ex  dimtdta/J^adtecta, 


A 

C        E 

u 

/- 

F^: 

■^, 

2C 

3. 

: 

> 

i-' 

a' 

E       ( 

x 

F 

R 


Eda  AB  bifecetur  iti  C, 
adijciaturqiciquxdam 
BDindircdium.  Dicoredlaa- 
gnlum  Al)  ,  DB  contentum, 
cum  qaadraro  recl.ie  CB  ^  xquale  cfTc?  quadrato 
quodficexCD.  ^DefcribaturenimfuperCD  ""Fopof. 
quadracamCEFD,ducarufqas  DEj6c^per  ^byropof. 
quidem  vtrique  EC  ,  DF  pjr dlela  ducacur  BG:  '^■'' 
perH  vero  vtr^qj  AD,  EFparallela  KM.   Item 
per  A  vtriqjCL/^^M  par^ilela  AK.Ciimigitur 
ACcequalis{itred:xCBjcric&  ALxqualeipfi 
CH:  (edCK^CEqualeeaipri  GF.  ergo&  AL;,^7< 
xqualeeft  jpfiHF.CommuneaddatarCM  -J  '^-^-v.z. 
totum  ergo  A  M  grjomoni  N  X  O  erit  asquale: 
kd  AMellquod  continetur  AD,DB(elt<^cnim  ^^''M 
DM  xqualisipfi  D3)&rgnomon  NXOjequa- 
I»seft  aD,  DBcontento.CommuneaddacutL- 
G ,  cjuod  cll:  asquak  quadrato  rtitae CB  :  ergo 


con- 
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contentiim  AD ,  DB ,  cum  quadrato  ipfius  BC, 
cequale  eft gnoaioni  NXO ,  &  LG  ,  SqcI  gno- 
mon  N  X  0 ,  5c  LG  funr  quadratum  C  E  F  D, 
quod  e(i  qaadratun^  ipfius  COjergoquod  AD, 
DB  continetur»  cum  quadrato  ipfius  BC,aequa« 
lecfi  ipfius  CD  quadrato .  Si  ergo  recfta  linca, 
&c.  QuodGpottuitdemonftrare, 

S  C  H  O  L  1  O  N. 

Nfmerh'spar  6 hifarietnrin xqtiales ^,&^,& addantur  2, 
produfhimextoto  3,  3  ,  2  >  tdel.  ^^multtplic^tuper  adie^ 
^um  2 ,  ideh  1 6,  i'?'a  •■  tin.  ^  qur.drato  cx  dimidiaiO  6,  tdc/tjtim' 
tna  t<^,€/}<xq!ialis  quadtato  ex  diMtdto  ^^adiccfv  2  » tde/l  tx  5  tfi 
Jemtilttj>ltcatOf  cntusquadraiitniest partter  >jinneriis  2  J. 


Propof.VlLTheor.VIL 

Si  nBa  lineafecetur ,  <vtcum(\ue»  quod  a  tota^, 
quod^  ab  vnapartium  fit  tVt^aqj  o^uadra^ 
ta ,  Aqualtafunf  ei  /quod  bis  a  toia  ^ di^ia 
partefit  reciangulo  ^  njnk  cum  aiterius  p^r* 
tisquadrato, 

EcflaABfecctur  vtcumqueinC.  DIco 
quadraca,qu2Bex  i^B ,  CBfiunc,ajqua- 
lia  cflebis  JTub  AB ,  Bu  contsnto  ,  6c  quadrato 

qudd 


PROPOSTTIO    VIL  }ig 

quod  fitex  AC.  ^Dercribatuc  enim  fupcr  A  B  ^Y^'"^ 
quadratum  ADEB,  &  figura  ^ conftituatur .  Et  ' 
quia  AG.GE aequalia  funt,  fi  commune  CF  ad-  t,bus. 
datur,  erunt  tota  i\F , CE  asqualia  :  vtraq^  crgo 
AF ,  CE  dupla  fiint  ipfius  AF  :  fed  AF ,  CE  func 
gnomon  K  L  M ,  &  C  F  quadratum  5  gnomon 
ergo  KLM,  6c  CF  dupla  funt  ipfius  AF .  Eft  ve* 
roeiufdem  AFduplumbis  AB  jBCcontetum^ 
^  lunt  enim  BF ,  BC  asquales .  Gnomon  ergo  K-  bdefi», 
L  M ,  &  C  F  a^quantur  bis  A  B ,  B  C  contento.  ^^' 
Commune  addatur  DG,  quodeft 
quadratum  ex  ACrgnomon  ergo 
KLM,  &  quadrata  BG,  GD  xquan- 
tur  bis  A B,  BC  contento,  6?  quadra- 
to  quod  ex  AC.Scd  gnomon  KLM, 
&  quadrata  BG,  G D funt  totum  ADEB,  &:  CF,- 
quaefuntex  AB  ,  BCquadrata.  Quadrataergo 
ex  AB ,  BC aequantur bis  AB , BC  contento, 6c 
quadrato  cx  AC:  fi  ergo  re(5ta  lin  ea ,  6(Ci  Quod 
oportuic  dcmonftrare, 

S  C  H  O  L  I  O  N.' 

IDef»  Kumcrtis  a  nohis pofittis  in  antecedemi prepefttione-[>on£- 
tur  &  hic  6  j  &vtctiinq--ifitje6ttntnduos^t  &  i  .'(JUAdra- 
tum ex tetv 6, idcli  7,6 ,& cftttdratum  ex altcrapnrte  2  ,  tdefi 4, 
/imul  addt  ta  cofificitint  40.  Troduffttm  ex  mtditplicatiorie  totius 
6per  eandemp.iriem  2,  ideli  12,  bis  faiJtim ,  tdifi  i^ts  12  ,  qnod 
eftfumma  24  'vnii  ctim  ejaadrato  altertus partts  4,  tde/t  1 6,Jiff*t*i 
Addtta  contiiiHnt  pmttr  nttmtrtim  40. 

Tt  r^- 
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Pariter tottus  6 quAdrat$im  ^6  ,  &  atterius pdrtls  4 ejaadra- 
tum  I S  (orifictunt  ifitir  je  addita  fummam  j  %  ,  Produ6ium  ex 
jnulttplicattone totius  6  per  eandem  partetn  4  ,  idef^  24 ,  hisfa.^ 
ifum,  idefi  hts  i^.,  cjtiodeli  48,  vna  cum  quadrato  alttrtuspartis 
2,  tdefi  4  (imul  addiia  lonjiciunt  eandemjhmmam  5  2- 


Apropof.  ^ 

46.1.      X 


b  propof 
36.1. 


PropoflVIir.Thcor.VIir. 

Strefta  lineafecetur  ^tcumc^ue ,  reBangulum 
quMer  tota ,  i3  vnaparte  contentum ,  cum 
quadrato  alterius  partis  ,  tequaleefi  qua~ 
drato  a  tota.  (^  di^a  barte  ttano^ua  ah  vna 
Uneadefcri^to» 

RE(5la  A B fit  fccfta  vrcumqi In C Dicorc- 
dtangulumquater  A8,  BCcontetum, 
cumeo>  quod  fitex  ACquadrato,a2quaIce(Is 
quadrato,  quod  fit  cx  AB ,  BC  tanquam  ex  vna 
llnea.  Producaturenim  ABin  di« 
rectum ,  6c  fic  BDasqualis  CB  5  & 
"  fiiper  A  D  coftituatur  quadratum 
AEFD,6c  dupla  figuraconftrua- 
tur.  Quia  igitur  CB  ipfis  BD  ,GK, 
BD  vero  ipfi  KjNT  sequaiis cft,  eiunt  &  GK,  KN 
xquales  .  Ob  eandem  caufam  erunt  PR ,  RO 
a^qualcs  .  Cumqj  tam  BC,  BD,  quam  GK,  Ki^J 
aequalcs  fiat,  h  erunt  etiam  tam  CK,  KD,  quam 
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GR  ,  K N  xqualia .  fed  CK ,  R N  ^  funt  xquilia  J^'; "^ 
(funt  enim  connplementa  parallelogracnmi  C- 
O)  igifur  &L  KD ,  GR  sequalia  erunt .  Quscuor 
ergo  DK,  CK,  GR,  RN  xqualia  funt :  quatuor 
croQ  illa  func  quadruplicia  irfius  CK  ,   Kurfus  , 
ciim  CBipfi  BD  .  BD^ipfi  BK, Iiocef}  ipfi  CG. ,.  z.  o- 
6:CBipriGK,hoc  eft  ipfiGP  aequali?  (ic,  eric  '■  "'^' 
CG  ipfi  G  P  ccqualis. Et  cuni  CG  ipfi  G  P,  6:  PR 
ipfiBOxqualislir.ericac  AG  ipfiMP.^  PLip- 
fi  RF  yqualc.Sed  M P,  PL  funt  ^  asqaalia,quip-  J  .j""^ 
pe  parallelogrammi  ML  coinplementa ,  erunt 
^  AG,  R  r  aequalia.  Quatuor  ergo  AG,  M  P,  P- 
L,  RF  funt  asqualia  5quatuor  ergo  illa  quadru- 
plicia  funr  ipiius  AG.  Oftcnfa  aucem  funt  &  C- 
K,  KO,  GR,  RNipfiusCKquadruplicia:ergo 
Ol1:o  illa.quegnomonem  STY  concment,qua- 
drupla  futit  ipfus  AK:&  ciim  AKcontento  A- 
B,  BD  fitaquale,  eftenim  bK,ip(i  BDxqualis, 
enr  quater  A B,BD  contencum  quadruplum  ip- 
fius  t\K.  Olknfus  eilautem&  gnomon  57  Y 
quadruplex  ipfius  A  Kjquod  crgo  quaccr  A  B,B- 
Dconiinecur  ;rqualee(tgnomoni  STY.  Ccm- 
muneaddacur  XH  (quod  xqualeeltquadraco 
cx  AC;  quater  ergo  AB  ,  BD  contentum  re::l:a- 
gulum,cum  quadrato  quod  fit  ex  AC ,  ajquafe 
clt  gnomoni  STY,  5c  X  ti.  Sed  gnomon ,  &c  X- 
H  lunc  AEFD quadratf  m.quod  cd  quadratum 

1  t        2  CX 
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ex  ADj  ergo  quater  AB,BOconcentum  redVan- 
gulum ,  cum  quadrato  ex  AC ,  eft  aequale  ili», 
quod  fic  ex  A  j  quadraco ,  hoc  eft ,  qaod  fic  cx 
AB,  BC  canquam  ex  vna  linea.  Si  ergo  recta  li- 
nea,  6cc.  Quod  oportuic  demondrare. 

S  C  H  O  L  I  O  N. 

Vmerits  6  fecetur  i'tcum(j'-, ifi^^&  r  .  Produ^fum exto* 

to  6  muUtplicato  per  alierampartem  2  ,  idefi  \  2  ,  ejua^m 

ter  ajjitmptum ,  ideH  48  ,  vnacum  cjuadrato  1 6  ex  altc- 

raparte  4 ,  conficiunt  fummam  6  4 .  ,:^/tm  CAndem  ettam  confi- 

cit totHinumerus  6  co 'nPofi. us  cum  mimero  di^A  partis ( fctUcet 

pcrcjuam  totus  Sprius  muliipltcatus  esi:  antffjnduerte^nefallare) 

2,  tdejl  8  quadrate  muftiphcatus prodttcit  64. 


Propof.IX.Theor.lX. 

SireBa linettfecetar  tn  Aqnaliat  t^non  aqua^ 

Ita  .  madrata  partium  in&'j^ualium  dupla 

funt  <^etus  quodjit  a  dtmtdia,f^etus  quod 

fit  a  linea ,  qnA  tnter  fetitones  txtercipitur, 

quadrati, 

SEceciir  re<fl-a  AB  In  C  «quaHtei ,  in  D  ina> 
qualicer.  Dico  quadracaex  AD,  DBdu- 
a  fro^.  pla  cffe  eorum,  quas  ex  AC,  CD  fiunt.  ^»  Duca- 

»1,1-  '^  '        tur 


C  JD 
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tur  exCipfi  AB  adangulos  re<5tQS 
EC ,  qua*  fit  vtr jq j  AC ,  CB  aequalis, 
^  ducanturqut  EA,  EB.Atq;per  Dip- 
fi  EC  agarur  parallela  DF  :  per  F  ve- 
ro  Ipfi  AB  parallella  FG,  iungaturqj  AF,  Et  quia  (,       . 
AC,  CE  aequaks  funt,^  erunc  6c  anguli  £  AC,  A-  J- ^^  .* 
^Caequales,  EtciimangulusadCrecftasfic,  r  31.1. 
crunt  reliqui  AECEAC  vni  reftoaequales,!- 
deoqjfemire^l^i.Eandem  obcaufamCEB,  EB- 
Cfcmjcedti  erunt  t  vnde  rotus  AEB  recluserir.  ^  ^^,^^; 
Cumq5  GEF  fcmirea:asfit,^recl:usE JF(eft  ^?-" 
cnim  internOi  6c  oppofitoECB  asqualis)  enc  re» 
liquus  EFG  femirecl:as;  Ergo  GbF  ipfi  6FG  ell  c  prop^f 
SEqualisj^quare6cUtus  EGIateri  FGjeqUsilee-  "■'•'• 
rit.  Rurfus  ctim  angulus  ad  B  femiredlas  fici  re- 
(ftus  FDB  (dl  enim  xqualis  interno,&  oppofico 
ECB)ericrcliquus  BFD  femired:us.  Eitcrgo 
angulus  ad  B asqualis  DFB  angulo .  /Qjare  6c  ^r^"^" 
latus  DF  lateri  DQ aequaleeric.  Ec  cam  AC,  CE 
sequales  finc , erunc  6c  quadrata  ex  A  C ,  CE  3E- 
qualia  tdupla  ergo  funtquadraco  ex  AC:.?ae- 1 


prcpoj. 


6>S. 


quale  autem  eft  qaadrar is  ex  A  C ,  C  E  quadra- 
tum  ex  EA  ( nam  angulus  A  C  E  rectus  eft )  eft 
igitur  quod  ex  E  A  duplam  eius ,  quod  ex  AC. 
Rurfus  cum  EG,  GF  asquales  fint^  erunt  6c  qu? 
cx  E  G ,  GF  quadrata  aequalia :  dupla  ergo  func 
cius,  quod  tic  cx  GF,  6t  ^^  aequalis  ems,  quod  ex  h  p;  *H. 

EF:      '^7.1' 
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£F:  ereo  quod  ex  EF  duplum  eft  eius.rjuod  ex 

GF  quadrJti  (  func  autem  GF,  CD  jequalesj  er- 

go  quod  ex  E  F  duplum  e(t  eius ,  quod  cx  C  D, 

Elt  aacero  &  quod  ex  A  E  duplum  eius ,  quod 

ex  AC:ergoquadrara  ,qu3Eex  A  E,EFdupIa 

funr  eorum,quaecx  AC,CD.  Quadratisautem 

iprapcf.  AE,  EF^aequale  eltquod  ex  AF  (elteniman- 

^*^"'-     gulus  A  E  Fre(ftus )  ergo  quod  ex  A  F  quadra- 

miDduplum  cft  corum,qu3cex  aC,CD:  ei  au- 

k  prcpof.  tcm,  qQod  tx  AF/aequaliafuncquaeex  aD,0- 

^''^'     F  fiunt  (nam  angulus  ad  D  reclus  e(t)igitur  qu^ 

cx  aD,  DFduplarunteorum,qu3Ecx  AC,  CD 

quadrarorum  (Tunt  aucem  DF,  DB aequalesjer- 

go  qugex  AD,  DBquadratadupla  funt  eorum, 

quaeex  AC,  CD.  SicrgorecUluiea,  5cc.  Quod 

oporcuit  denionltrare. 

S  C  H  O  L  I  A. 

« 

Vmcrus  %fuctuyif2j)artes  Aqtiales  duas  4,  &  4,  &in 
pnrtestnitqualcs  ^  ,  «^  2  ,  (juadratum  3  6 paHis in-x- 
qualis  6  ,  (fr  quadrctum  .^  alterius  partts  i».ii^ualis 
j  addtta  inter  fe  coh/niunt  fhmmam  40  ,  cju.tefl  dufla /umm,e 
2 o,  fUiC  fit  BK additiohe quadraU  1 6  (ixpartc  a/iera  drmtdia  4) 
cjuadrato  4,  quodfit  a  aijfcrentta  2  >  tnter  partcmAquakrn  4 ,  & 
ini^qna/cm  6,  "^ei  i, 

2  Hanc  propofitionem  quafi  ad  fenfum  ojicnditpro  Tyronibus 
loan-^  Raptifia  Rencdi^Hsw  Eptutlarum  ca,  qui&ejl  ad Petrum^ 

Pro- 


P  R  O  P  0  S.    X.  3SS 

Propof  X.  Theor.X. 

S'f  reJfa  linea  h  ifwetur.eij^  ia  reflam  quAdam 
al  ■■aadijctattir  quA  a  tota  cam  adtecla  ,  c^ 
ah  ^dteclafunt quad^atdid-tdaeriit qna^    - 
dratorum,  qut^fiant  a  dimtdta,  ^  a  compO" 
pia  ex  dtrntdta  o  adtecta^ 

REcla  AB  bifecetur In  C.adi jciafurqj  ei  in 
rc(ftum  BD  .  Dico  quadrata  quxex  A. 
D,DB,duplae(Teeorum,quaecx  aCCO.-^Du-  ^propof. 
catUrcnimexC  ipfi  ABadanguIosrecftosCEi  "•'' 
P        ^(icqjCEipiis  AC,CBaEqua-b;;?-o/>o/: 
lisjc^  lurgantur  AE.EBjarq,  ^  ^■'' 
per  E  ipfi  aD  agatur  paralle-  c^ropof^ 
laEF,perO  veroipriCEpa-^'-'* 
rallela  DFj&cuminparalle- 
las  EC,  FD  incfdat  EF,  '^crunt  anguli  C fcP,  EF-  d irro^of. 
Daequalesduobusrc<5tis:  vndcFEB.EFDduo-^^"'" 
bus  re(5tis  minores  erunr,  ^  Quae autem a  mino-  e^.v.i i. 
ribusquam  fintduo  iQt\:\  producuturre(5taeIi- 
neae  concurrunt :  ergo  fc  B  .  P  D  ad  partes  B ,  D 
producftasconcurrcnt.  Concurrant  in  G,  iunga» 
turqj  AG.  Ft  quia  AC,  CE  aequales  funt./erunt  f^^^^  ^ 
6canguliAEC,  EACsequalesi^f&edangulus  ^      ^^. 
ad  C  redusicrgo  £  aC,  aEC  funt  femirccti.  Ea-  {^^"^- 

dem 
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dem  obcaufamCEB,  EBcremiredi  Cnntitrgo 

hprcpof  AEBre(fluse(l:cumq5  EBCfitfemirecflus/^ent 

7p!:pcf.  &  DBG  (cmircd-us :  e^  vero  BDG  redus  >  fx- 

^  j''     quaiis  enim  e(l  angulo  DCE ,  quod  llnt  alterni, 

reliquus  ergo  DG B  femiredius  elb  quare  angu« 

Kpropof.  li  DGB,  DBG  xquales  funt,  ^  erunt  igitnr  6c  la- 

^''-      teraBD,  CDsequaiia.   RurfuscumEGFfeml- 

1  yrcpof.  redlus  f  r,  ^  redus  qui  ad  F  (efl  enim  ad  C  oppo- 

^•^•''     fito  aequalis)  erit  &  FEG  femirc(5tus:  funt  igitur 

mprop.  ECF,  FEG  ajquales ,  w  Quare  &  latera  GF ,  EF 

'^•'-      isquaiia  crunr.Cum  ergo  EC,  CA  isquales  (iut, 

erit  6c  quod  ex  E C  quadratum  xqualc  ei  >  quod 

cx  aC  .  Quadrata  ergo , quae ex  EC ,  C A , dupla 

funttius,  quodfitexCA:  iIlisaurcm,quaecxC- 

noropof.  ^        ^       E,  C  A  «  xquale  eft  quodex 

"       EA:ergoquodexEAdupluni 

efteius,quodcx  AC.Rurfus 

ciim  G  F,  E  F  fint  aequales,e- 

runt  5c  quae  ex  F  G ,  E  F  qua^ 

dra ta  asqualia.  Sunt  crgo quae  cx  FG  >  F E  dopla 

opropof  ci"S ,  quod  ex  EF :  iilis  autcm,  quae  ex  GF ,  FE  « 

47.'-     aequalc  cft  quod  ex  £  G :  ergo  quod  ex  £  G  du« 

plum  cft  ci  us,  quod  ex  EF  ,  Sunt  autem  £F,  CD 

asqualcs :  crgo  quod  cx  EG  duplu.  eft  eius quod 

exCD:often(umcft  autcmid,quodcx  EAdu- 

plum  efte  eius quod  cx  AC :  quas  ergo  cx  EA>E- 

Gquadratadupiaiunc  £orum,quxexAC>CD: 

iHis 
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iUis autem  , quae  ex  A  E , EGPxqn^k eft  quod  rr-opo/. 
ex  A  G  :  ergo  quod  ex  A  G  duplumeft  ecrum,  ^*^'' 
quae  ex  AC,  CD:  ci  autem  quod  ex  AG,  xqua-  <]propof. 
lia  func  qux  ex  AD,  DG:  ergo  qux  ex  AD,  DG  ^^'^' 
quadrataduplalunceorum,quxex  AC,C  Dj 
sequales  autcm  func  D  G  ,  D  B ,  crgo  qux  A  D, 
DB  quadraca  dupla  funceomm  ,  quxex  A  C, 
CD ,  Si  ergo  rccta  linea  bifececur ,  6cc .  Quod 
oporcuit  demonlirare. 

S  C  H  O  L  I  A. 

1  TV  T  Vmerus  6  dtmdatur  in  duAspartes  xquales  ■^  ,&'^  ,& 
X  ^  addatur  rjumerus  2 .  quadratum  64,  quodfii  ah  8 ,  idtfi 
itote  6,  cum  adieilo  2  t»  vnam  fur?,rna>n  tunclis ,  C  quadra^- 
tum  4  5  ejuod  fit  ab  adtunclo  2  ,  fmiul  lUKcfa  confiitunt  fum^ 
tnam  68  ,quie  dupia  esi  fiimr/ia  3  4,  qux  fit  kg  quadrate  numeri  ^ 
dtmtdij  lottus  6,&  a  quadrato  2  5,  quodfit  a  numero  5  compojito 
tx  dtmidto  3 ,  &  adic^fo  2. 

2  Hanc  etiampropof/ttonem  quafiad  fenfur»  ojiendit  pro  Ty- 
Yonxbus  lo.  Baptttla  Benediciusin  cptfiola  adCatenam» 


PRO  PROPOSITIONE  XI. 
S  C  H  O  L  I  O  N. 

AD  5  C)Pr6pJi^  6.  nos  in  locum  opportuniorem  ne^r^ mctho- 
do  tranftulimus  \  \  iimus  lihrt propofnionem,    Ibi  aliquos 
itjfignfieiut  vfus  vtde, 

Vu  §15. 
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§XV. 

SCHOLION,     & 

Au(5taria  ad  propofitiones  antecedentes 
hu.Iib.  2. 

LOcopropoJitiofjis  1 1  accipe  fequentes ,  qnx  pertinent  adje-' 
£itones,& potentias  linearu  ,deqtabus  haciemtsinhoc  z 
U.elem.Stmt  apitd  Mmrolycum  Arithm.li.  i  ,par.2^prcp0' 
/it,  20,  21 ,  22 "vniuerfales de toto  ^enerc quantttatts , & eleuata 
tttam  ad /oltda  .  .Suas  tarnen  nos  &'fdcilius  ,  &  bremus  q^ende- 
mus  tn  'vulgatis  notts  lo^tflicis^  quam  Maurolycus,qut  alttcr,pro- 
lixtus,  &  difjicilttis  Tjronutn  eutdenttx  ,  licet  tngeniose  tllas  de.~ 
mon/irat, 

I. 
S\  qiianritasquffJibct  in  duo  fegmenta  diuidatur  idjquod 
fit  ex  vtrolibet  afiumpto  fegmcto  in  quadratu  totiusj  iequum 
erit  his  duobusj  fciJicet  quic  fiunt  ex  vtraqifcdionum  in  qua- 
dratum  rcJiqu»,  &  ei^  qnod  fit  cx  quadrato  affumpti  fegmen- 
tiintotam. 

^umerus  6  dittidaturin  dtiofegmenta  234.  ^adratum  to- 
tius  6 (It  3 6i Affnmptumfcgnientttmftz-.preduciuru  ex affumpto 
2  in  quattr^.tum  »  6,  f^^  7 2.  Segmenit  2  quadraium  ed  /i^i/egmen' 
ti  alterius^  ifuadrattim  eit  1 6.producium  txjegmtnto  2  tn  qtta- 
dnttiM ultcnus fegmcnti  l6ej/  ^  2:produ6itiMeKfegmentoaltero 
in  quadratttm  altertusjegmenti  ^efi  i(>,  Prodncittm  ex  quadrato 
4,  tnitio  ,  ai  primo  ajfurnptijegntentt  2  ,  in  totttm  numtrum  6  eii 
24.  iHngantur proatt^ia  32,  16,24  3/itJumma  7 2  aqualfspro- 
ductv  tx  ajfttmptojegmtmo  Zfn  ^6  qua4r.^tum  tottus  6> 


S\ 


N 
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Si  quantitas  quasllbctin  duo  fegmenta  fecetur,- 
cubus.qui  ex  tota  ^equus  erit  his.fcilicctduo- 
buscubisfe^ionum,  6c  triplo  eius,  quodfic 
ex  quadrato  vcriurqj  in  reliquuin.  -  "t^^i*  «^^ 

(^  ^^ ^  fi^''' ' nuKertts im^& ^utihus ex toto  6cR  z\ 6;cubus 
?^k  P'"'^'^  2  efi 8,  partisa^el}  64.  E.xquadratot.irtis  2  tn re/i" 
^*'  qti.T/! partcra  iiprodficJiim  eil  16  :€X  quaarAto  i6aittrius 
p.mis^.duc7o  in altcram partc»j  2  ,prodt!clum <^/? 5  2.  Trtplum^ 
produat  i  6  elt  48;  tnplum prodncli  3  2  f//  96 .  luHgaritttr  tn 
'cnafnjummam  cttbiZ>  6^^& produciorum  tnplt  rtumert  48^96, 
productm  Zi6canaen7jummim,fii!e£qualetn cubo totius  6. 

Si  quantitasquaelibet  in  duofegmenta  difpefca- 
tur,  cubus  totius  equalis  erit  his,fcilicet  duo- 
buscubis  fegmentorum  ,  &  triplofolidi  fub 
tota,  5c  fingulis  fegniencis  contenti. 

TOtius  6  ,  ditiijiin  2  ,  G"  4 ,  cubus  (it  216,    Segmenti  2 
cttbus  cli  8  .    Stgmcfitt  4  ctibus  eH  64 .    Soltdt  jttb  toto 
6, &Jingulisfeginemts{idtli/tib6,  &  2 ,qujiprodHCu,.t. 
1  23 &fub  1 2  , C''^  alterofegmento,  vndeprodit  48^1  trtpiuy*u>, 
fciltcet  ipfius  485  eji  \  ^.:^../git/tr  add.inttir tnterjeparttum  ctibt  S, 
64,  &  144  triplumjoltdi  cx  toto,  &'Jegmetilts,fS'Jitjumr,.a  2 1 6 
tfqualis  tubo  toitus  6, 


Vu      2  Pro^ 


H®  LIBER    ir. 

Pfopof.XIf.  Theor.Xr. 

In  triangtilis  ohtufangHlis  qmdrattim  ,  quod 
jiij^.  ^  Utere  anaulHm  ohtufnm  fubtendente, 
maiusefi  quadrattsUterum  obtufum  con. 
tinentium  ,  re^angulo  bis  contento  ^  ab 
'vno  latere  ohtufum  contimnteiin  quod  pro- 
duBnm  perpendicularis  cadtt^^  k  Itnea  ex* 
terius  afjumpta  a  perpendiculari  ad  angu^ 
lum  ohtufunh 

«    Cl^^  triagulamobtufangulum 
^^   ABCobcurumanguluha- 
ipropof      j^  /_  1       bensBAC.^^DucaturexBadCA 

produ^flam  pcrpendicularjs  B  D. 

Dico  quadratum  ex  B C  maius efle  eis ,  quaeex 

BA  ,  aC  ,  re(5langulo  bis  CA ,  AD  contcnto. 

^  fropo/.  Q^j^  enim reitta CDiecfta  fit  vtcunqj  in  A/  eric 

quodcxDCasquale  iHis^quxex  CA  ,  ADqua- 

dr3risj&  ei.quod  b  s  C  A,  A  D  continetur.Com- 

mune  addatur, qucdex  DB.  ErgoquaeexCD, 

D8  xqualia  func  illis,  quae  ex  C  A ,  A  D,  DB  qua- 

dratis,  6c  ilii,quod  bisCA,  ADcontinetur.  (Qd 

p^^^^^y- iliis,quxex  CD,  DB  quadratis^  xquale  eft, 

471.     quodexCB(eftenimanguIusad  Dred:as}illis 

d  ^ro'^r>r,  aucem,  qux  ex  A  D ,  D  B^Eeqaalccft ,  quod  ex 

"'•■'-'  ■  AB 


PROPOSITIO  XIT,&X[II.  J4r 
AB  quadratum.  Quod  igicur  ex  CB  :equalc  ell 
illis  I  quae ex  C A  ,  AB  qaadratis ,  &  rec^angulo 
bis  CA ,  AD  contento ,  In  criangulis  ergo obcu- 
fangulis>6fc  .  Qjod  oportuit  demonftrare. 


Propof.XIII.Theor.Xir. 

In  acut an gulis  trianguUs  qti^drMnm  laterls 
acutum  angulnm  fubtenJientis  minus  ell 
quadratisacutum  continentibtisre^an(Tti- 
lo  bis  contento  ,  ^ab  vno  iatere  acuttt  con~ 
tinente,  in  quod perpendicularis  cadtt ,  ^a 
linea  a  perpendtculart  tntus  ajfumpta  ad 
anffHium  acutum. 


i> 


O  E 


acutnnguiutrlangulum  A- 
BC,  habens  acutuiri  B  :  ^du-  w^- 
caturab  A  in  BC  perpedicularis  A« 
D  .  Dico  quadratum ,  quod  fit  ex 
AC,  minuse<]e  illis,  quE  fiunt  ex 
CB,  BA,rc(ftangulobisCB,BDcontenro.  Cuai 
enim  reda  CBfcd^a  fit  vccumque  iti  D,  ^  erunt  ^       f^ 
qujeexCB,  BD  quadraranequalia  bisCB,  BD  ^-- 
contento ,  &  illi  qund  cx  DC  quadrato.  Com' 
muneaddacur  quod  ex  AD  ,  crgoqux  exCB, 
BD,  D.-^  qiiadraraequaliafantb^sCl],  BD  cou- 
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tento ,  &  quadratis ,  qux  cx  AD , 

DC.  Sediilis.quseex  BD,D  A, 

quale  eft  quod  ex  AB(eft  enim an« 

gulus  ad  D  recftus )  illis  vero  quse 

cx  A  D,DC  sequale  ert  quod  ex  A- 

C .    Ergo  qiWE  ex  CB ,  B A  xqualia  func  &  illi, 

quod  ex  AC  quadrato,  &  ilii,  quod  bis  CB,  BO 

coRtinetur.  Qusrequod  ex  ACquadraium  mi- 

nuseftillis.quccex  CB,  BA  quadratis  re^flan- 

gulo  bis  BC  ,  BD  contenco .  In  triangulis  ergo 

acutangulis ,  6:c.  Quod  demonurare  opoituir. 

§XVf. 

VfusampliiT^musproporitionum  12.  6c  r  3  ia 
vniueria  Geometra  pradtica .  Compendia  a 
nobis  organica  j  &  ali  j  vfus, 

Pedtiarum  harnm  propofitiontim  X2  t^  x^dccetnr 

geowctrjce,  atc]'^  ex^.^ifsir/ie quaKtitas lin€£perpeK- 

dictilnris  a  dati  trianguli  vertice  adha/em ,  tttxti—> 

excmpla  apttdComaftdititim ,  ClaHinm  ,  d^r  .^  £x  dnff»  cognitx 

perpendicitlarisin  dimidiam  trianguli  bajim  habetttr  area  reffari' 

gttli  ttqtialis  dato  trtangulu.   Et  qttoniam  qtt&ctttntj^  figtir£plsnSt 

Dimen-  ^^'^^  irrcgfilares,/ecanttirtn  trtangtila,  itixta  dida  A  nobis  cid  ■^1 

ftoiies      primi,ex  cognitis  trtangttlortfw  ^rcis  habi  ntttr  cognitx  ettatt/  om- 

pi.a!}aru,  ^f ^  arce  omniitm planarum  figurantm,etiam  irrcgttlaritim,  ^jiin 

dmum->  ^  ''■^'  'rearnm cognita dtmen/ione  prodit etiam  cogmtto  Jolidita' 

ftgitrarH  tisfignrartm^  ac  magnitttdintttn  omntum,  vtadjincm  huius  libri 

e propof.    iiliquidtnd:cahimu.\. 

Jn''^b-  '2'       -ifaofiiam  vcro  inittsiigatio  lineaperpendicularis  a  verfice  dttr 


PROPOSITIO  Xri,&XIIt  34? 
titriAngHlt  'adbafim  w  irungnhsrionreclangiilis  ^fAulo  ope- 
rojior vro Tyro/ibus ,  habes k tiobis cor/spendia th  §  ^  adprepuf. i o 
lih.  li^  3  aJprop.^ii%  ij adpr./^ji&alibtif)  2  Tom.adhb,6t 
fciltcetdeduita  perpcfiaii.uUri ^&  tnmnta  etu/s  cjttantitate per 
cjrcinur» parttum ,qualiitm  etiam  100  potesjingtre  dimtdtarn^ 
baftm.  &c. 

2  £x  hifcepariter  12,^  13  propof.patct  mcdus  cognofcendi 
C|uantum  fit  quadratum  ctiiufuis  lateris  trianguli  cuni_.» 
quadratis  aliorum  duorum  Jaterum  comparatum,  nempe 
ai)  fit  illis  squale,  an  maius, minulue, &  quanto  maius  fir, 
aut  minus,  prout  vidclicet  angulus afJumpto  Jaieii  oppo- 
iitus  f uerit  redus,  veJobtufus,  aut  acutus.  clautus. 


Propof.XIV.PrGbl.II. 
'DAtoreciiiineo  Aqtiale  qna^ratum  c^o^itctere. 


E 


Sto  re(5tiHneu  A.cuiopor- 
teac  aequale  quadracum 
^^"  conftituere . ""  Fiac  rectilineo  A  . 

^quale parallelogrammum re-  45i- 
<5tangulum  BD.  Si  igitur  BE,  ED  fuerint  3?qua- 
lcSifadtum  clt  quod  petimricric  enim  recftilineo 
A  aequale  quadratum  B O, Si  non,  eric  vna  ipfa- 
rum  BE ,  £D  maior ,  Sic  maior  BE ,  qux  produ- 
caturinF,^-fiatqj  FE  ipfiEDxqualisjf  bifece-  hp-.c^of. 
turqi  FB inG  ,  6c  centro  G  , interuallo  GB ,  aac  V^r.pf 
GF^dclcnbaturfemicirculus  BHF,  &produca- 
turD£inH,ducatmq5  GH.  Cum  itaq,  redla  B- 

Fle- 


lO.I. 


344  L  I  B  E  R     II.    ^      ^ 

fipropf.  p  kdla^t  jcqualiter  in  G,  inacquallter  m  E/cric 
quod  B£  ,  EF  eontinerur ,  cuoi  eo  quod  ex  EG 
quadrato,aeqDale  ei,  quod  ex  GF  quadrato. 
Sunt  autem GF ,  GH  sequales ,  Quod  ergo  BE, 

EF  coniincturcom  eo  quod  cx  GE ,  aequalc  cft 
epropof.  iiii^  q^Q^  ^^  Qp^.  iiji  ygf5  q^^Qj  gjj  Q]^^  e  asquar 

iialuntquaeex  HE.GEquadrata.-ergoquod  B- 
E,  EF  continctur,  cum  eo  quod  ex GE,  xquale 
cft  illis,  quae  cx  HE ,  GE .  Commune  auferatur, 
quod ex  GE  >  6c  eric  reliquum, 
quod  BE,  EF  contincturjaequa- 
D  ^\y^'  lcci,quodex^H  quadratOTfed 
quod  B  H ,  EF  continetur  eft  ip- 
fum  BD  ,  {iquidem  EF,  £D  lunt  aequales:  paral- 
lclogrammum ergo  BD  asquale  eft  ei ,  quod  ex 
HE,  quadraio.  Eft  autem  BD  aequale  redilineo 
A:ergo  rexftiiineum  Aaequaleeft  quadratocx 
EH  de(cripto .   Dato  ergo  re<5li lineo  A  iequale 
quadratu  m  conftituimus ,  id  nimirum  quod  ex 
EH.  Quod  facere  oportuir, 

§xvir. 

Vnmerfalltas ,  vtilitas  ad  vniuerfam  Gcdmetri*» 

am  fpeculatiuam,  &  pradlicam  huius 

1 4  propoC 

I  T7  ^gurarn  re^iUneaiH  quamfthet  (  vniuerfalifsime  loijuefi* 
J7  do)etiam  zrreguUrtm  <itm  transformat  in  quadratumy  ac 

/acfl- 
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ykcillime,propo/itio  hxc  \/^f.iiilLtmiim  ettam  ziam  apcritpredt^ 
fftcnfio>te  planaram  rccliltfjearum  figttrarum.  ^jtttpir  haucprop. 
I A  transferutur  in  quadrata^O'  multipltcato  latere  quadraii  tn  fe^ 
habettir  .ireaJigiirAper  qu.idr,ttuU .  .^am  ad  rcm  factbus  excr- 
cendam  habes a nobisfuhfidta ex tjs , cjua  ad  z  ,&  ^  ,  &priutpue 
ad  ^prop.huitts  lib.  %  expofuimus.Itag^  apertt  h&i  propolJtto  cam- 
fum  transformatioms  geomctrtc^  recitlineorum  in  quadraia ,  (^ 
dtmef?/ionti  omnttim  earumpgtirarum. 

2  prxtere.x  citm  hdc  cadem  firopofitiotacite  doua  inuentio- 
rtem  Itncx  medixpropcrtionalis  non  difsf.nili  modo  apropoj.  1 3  //- 
hri  6  (eii  enim  hicinfg.  Eucl.  EH  medt.iproportionalisniterre- 
iiangult  BDUtcy&BE^ED,fiue  EF  &qualc tpfi ED)  fi-nutcUitcm 
afftrt geometrtctm  vnitieyfiltf^i-nam  ad intinitaprohU;nat^i  quA 
tn  philoJbpht.i  Geometrtca  fc/uiiKturope  medixproporiionalis,  O' 
advfusPrxcLiros  transfemntur  inomni  mithemAticArumfcie»-, 
tiarum^  &  aftarum  nrtium  gencre. 

Vtdc  nos  adlih.Sy  vki  de  mcdix proportionalis  vfbus, 

jxviir. 

Locus  Ariftocilis  infigais  clucidatur  ex  hac  14 

propof. 

1N  2  lib.de animalex.  1 2  docet.Philofophus duplex  ejfe genus 
defivittonis ,  fciltcetformalts  ,  &  caufalis  .  Vi  hic  .f^tded 
quadratto  f  &c,  e/l effictio  reclangult  aqutUtcrt ,  ideii  qua- 
drati  .^quod  fit £quale  recl.ingulo alteraparte longtori,  hxcfrma- 
Us  ed  .  CaufaUs  vero  docens  caitfam  efrictentern  hums  quadratio- 
ftts,  efifidtcas:  .^adratio  rectiUnet  cfi  inuentio  medt£proportto- 
ftaUs^  qna  dat  tatus  quadrati.  Nam  ettts  medta  intuntio  cauja  ed 
efhciens  quadrati  conliriiendi  e  quatuar  rectts  /tneis  ipji  rneat<s, 
at^^  tntcr  fe.£quatibus.Ex  hifcelege,&  tnteUtge  vcrba  Phtto/opht. 
Huc pUtraad  erudittonem  eius  tcct  e  penu  geometnco  dc  tetragom. 
mfmo  apponant  Dociores  Gcometrtcifuis  Auattortbus ,  Sitis  hxc 
ftuncfapienti»  » 

Xx  Scho, 
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S  C  H  O  L  I  O  N. 
Adiumentaadpraxim  huius  i^propof 

Nofha  W*  ▼  ide  Clauitm  adhanc  j/^propof  Etmdem  rMelitts  Itb.  4» 
d  'fi'  %/  Gcom. Pra£i.cap.£^  ntim.  4  vbi ,  licet  nonnihtlftippona- 
matur.  ^  '«''  ^  ^'^-  ^  clem.  tamen  jttxta  noHram  mcihodttm  Tyro 
nonpriuatttr  ea  cognitione,  cjttam  tam  haiet  a  6  lih.in  antei  edenti 
2.  tomo ,  vt  pofsit  af/equipe^fcfam/cientiampropraxi  vertendi 
qtiamcumqne  f.gtiram  reiltltneam  etiam  irregularem  in  cjtiadra' 
tttm  advfus,  quos  in  aHten.%  1 7  indtcatiimtis.  Itaq^  dttttfo  reiiiU- 
fieo  in  triangula  ,  vt  dccutmus  ad  ■^z  propof.lt L  1  ,  d"  ex  hac  1 4 
transUtis  triangulis in  quadrata,&per praxtmin  Probl.  6fib  § 
1 1  ad ^j propof.ltb,  i  ^omntbus ifs qitadraUi  imnitmreda^isj 
habctiir  intentum. 

JXIX. 

Pfoblcmatiseximij,  ac  vniuctfalis  ex  hac  14 
propofi  indicatafolutio. 

Rohlemt  qttodClaHius  ad  hanc  \ ^propof.ponit  foltim  dc^ 

quadr.ttOyfoltiitctiaminltb.Z  Gcom.praci^propof  14  jC^ 

aliter,  (^  vniiterfalius  etiam  de  Rhombis,  de  Re^iangttliSf 

de  Rhomboidibusjcilicet:  dato  cxcc/Tu  diametri  fiipra  JatuSjin- 

uenire  Jatus ,  fuper  quo  conftituantur  quadratum ,  rhombusj 

rJiomboides,  redtangulum,  quorum  fint  diamctriliabentcsil- 

No^r&  lum  cxccfTum.  &c.  Problemafoltttuvnitterfaliiisin  Geom.pra^» 

Metbo-  Itcet  fupponat  aliquide  Itb.  6  clem.tamenTyronibtts  nthil  of/icit 

'  imbtttts  cognitione  libri  6  e  noHra  methodo ,  titxtaprAdtSia  tn  an^ 

tec.SchoL 

§20. 
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§xx. 

Campus  Gcomecricuscirca  quadratlones 
curuiiincorum. 

QVcm.xdmodum  docet  hxcpropofitio  cjuadraye  reciiline-i-> 
jic  extendtcttampoteQ  adqiiadrationes  curmltnearumy 
%'cl  mixtihncarum  figurarum  -  vt  chcttli  quadraturA 
to>  prolttdatur .  I>t  hoc  campo  nos  nonpauca ,  (iue  fetti-' 
tnus,/iue  demeljuimus  ,  ac  qutder7if.xctUimts  modts  ,prafertim  in 
Aptar. I , prxlih. '^^ibt habes  Pretctim  Geometrtcum  ;  &  Apiar. ^ , 
progym.  5 ,  c^  6,  '''^bi  ctirua  recfis  aqualia  exhihuimus.Jnde  habe' 
ripojftint  qu£  ornent,  c^  condtant  Tyrontbns  hanc  i^prop.eam^ 
extendant  tn  latifsimum^O'  paradoxtcum  campum  quadrandiet^ 
iam  non  recfiiinea, 

S  C  H  O  L  I  O  N. 

Pro  noftra  Methodo. 

IA'  §  14  antec.%ides  recie prxmtffum  lib.  6,  vbi  deproportioni- 
ntbus,  -vt tntelligantur qu£.tn hoc  2  Itb.ad prop>oJ.^ ponuniur 
ae  trtpltci  gcnere  ptoporttonalitatum. 


S21. 
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JXXI. 

A  P  P  E  N  D  I  X, 
Pro  feptimo  >€rarijTomo(  praecer  algebratica) 
&  canpi  Plannnecricus,6f  Scereomecricus  e 
nouo  vfu  geomecrico  centri  grauitatis ,  quo 
liber  hic  fecundus  eleuatur  ad  paralleiepipe- 
da,  6c  ad  alia  iolida  rotunda  coponenda  ,  re- 
foluenda,  dimecienda,  inter  fe  comparanda. 
&c.  Quorum  omniumradice.sin  hocfecun- 
do  hbcofunt. 

I  #  li  Lerafq;propef!tioncs,(]uas  in  hoc  2 .tihro  habtt  Euclides^ 
W"^  a  (tniontbus  Itrjcarnm  ad  r^&angulorttm  conipofiiio^ 

4IL  mm  tradufiasMcet  (aliter  ettam^  quanuf^cimus  ifi  ali- 
^utbus  excmplis  adcas^eleuare-,  (ir  traMsfcrre  iijeiitoritbusjupcr^m 
Jicterum  re^iangularum  adcompoftttonem  foUdornm  parallelepi' 
fedorum,  (juadratoruw^dfc.fuppeiita cognttione , ac z>igeometri- 
ca  ccntrigrauitatti  a  noHro  Guldtno  prodita  in  Itniis ,  (^ fttpejji.. 
etebus  plants  tam  rtcitltnets^  quam  iurutlinsis,ExempU  ctabtn/ui 
circa  altquafactliorapro  Tyrenibus. 

2  Re£idt  AB  centrum  gramtatis  ejl  mediumpun&um  C,  (i  AB 
concipiatar  moueti  hortzMntaltter,  ut pofiulal  centrum grauttatis 
C,  ( i  qfio  fufpenfa  ac^  tia(tter,ac perpendieularitcr  tota  diiiat  ab  ho- 
rtzonte  )  tdc^i  mqnabtltter ,  fignabitpun^um  C  reffam perpe/idi- 
tularem  i  verbigratta,  tpfam  CE ,  (ijtia:  obltqna  elt  infgura  obtc 
iia  oculis  lateraliter  ex  opticAd(fcrtptione,vt  ttuspartes  octtlts  ap- 
fareant)  cjuam/inge  Aqualem  tpjl AB-fitaqiprtmt generts  quanti- 
tas,  tde..i  Imca  AB  mota^fiducatur  tn  vtatn  CE,pcrp[M£iiculari» 
terficiam  a  centro  E,prudttctt  quadrattim  AG  .  Cuius  centrunL^ 
grai4ttatis  eri  medti*m  pttn  ^nm  D ,  ex  quo  tmaginarte Jufpenffim 

Aqua" 
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Aquaitltttr  dtUat  plantim  fjUAdrmum 
AG  al  fiO'  tzonte . In ea  tgttur  dCjtiali- 
tateJift;gAS  AG  tltuari  ^  centrum  D 
imaginartt  /ignat  viam  perpeKcitcu/a- 
rem  DK ,  cjuam  finge  jiqualem  ejjt  fni 
laterum,puta  ipfi  AB  .  ^tantttas  igi- 
tur  fecttndi  gerieris  ,  tde^t  fuperficies 
re^anguiaAG  y  ducla  tn  viamDl^ 
ferpendicttlariterfa&am  a  ccntro  D,produ(itJoltdum  cttbtcii  BS. 
3    ^utbuspofitts  vtamttr  exemplo  2 propof.hutus  ltbrt,tilud^^ 
transferamus  apianis  adfoitda  ,  Aita  excmpli  niij  addertt  exaltjs  - 

hutus  itl/rtpropofitionilnts.  Prvpoftiofcfuymetifr.  Si  datlim  qua-  ,,(,  ^  fj,, 
dratum  iecetur  in  minora  rcdangnJa  habentia  vnumlatus  formata 
jEqualealteriJatcriiniedodidi  quadrati ,  parallelcpiped-i_j»  fj^  ^"^*' 
facfta  a  minoribus  redtanguJis  pcrpendiculariter  clcuatisad 
altitudinem  lateris  mkdi,  a^qualia  erunt  cubo,quod  ht  d  da- 
to  quadrato. 

^uadratum  AG,fcetHr,  exempitgratia,in  duotiquaiiarc&a.-' 
gula  AE,  CG^  quorum  centragrauttattsftnge  in  V ,  X,  qutbusper^ 
fendicuiariter  eieuentur  ad  iohgttiidintm  tnfecit  iatertsAF ,  vel 
BG ,fent paraiieiiptpeda  auo  CS,  CR  tjutbus  dqualts  ertt  cubus  BS 
fuCtusa  quadralo  BF  eieuato  per  centrum  D  perpcndtcuiarittr 
vJq-^adK  aitttudinem  aquaien»  vnt  laterurn  ABqtiadrati  BF. 

Demonlirattonem  ajjeram  ex  vfugeometrtco  ccntrt  grattitatis^ 
eamq;confirmabo  ofienfione  tn  nume>  ts.  .^^ont.tm  duo^ecfavguia 
CF ,BE Jtmt  ^qndiaquadrato  AG^tmmo tpfitm  conficiunt,&vt£ 
perpendicuiares  centrtgratiitatts  reclanguiortim  ,  &  qttadratipo* 
nuntur  aquaies,nempe  vni^etdemque  DK;ergo  cubus  confiatus  ex 
duBu  quadratt  AG  tn  aitttudtnem  DK,ertt  ^quaiis  duobusparai^ 
leieptpcdts  confiatts  ex  du&u  rectanguiorum  CF  ,  BE  m  eandcm 
aitttudmtm  DK ,tuxta  coroliartum  G uidtnt  ad finem propojitionis 
5, (ap.%,  Itb.z  de  vfu  geometrtcocentrt gratittatts.  ^uanao  cnim 
quantitatcs  mot jijunt  aquales  ,  &  vtti  ccntrorum grauttattsjunt 
gquaies  ^fgnrts  conflattt  ex  du^u  motarurn  quantitatum  tn  vias 
centrt,junt  aquaies.  Si  tntmpartes  componcntcsjunt  dquMics^quis 
dubttet  c^  cempojiia  etujdcm  gcnerts  ejje  ^quaita  f  Accipecrt/f 
nnmms,  4  M^a^ 
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4  .^iiadratHfn  AG^  diuide  in  duo^ 
pntt  ACjualia  n^ar/gula  ,  ejuorunuj 
Viru^-fq-yf/f  2,&  2,  yen^ariguliim  EFi 
dufium  tn  altitudihcm  DJ^2  conficit 
parallelepipedum  CS  4  ;  parnerre^a- 
gulitmCC^  du6tumin  DKi  conjicit 
■para/lelep7penum  4 ,  hoc  efi  duotlla^ 
parallelcptpeda  conttricntJinguU  4  f « « 
bos,&  firnul conipofitaconficiuht  8  cubas.hariter  quadratum  BF^ 
duclu»^  tu  vum  centrt  DK2  conficit  8  ctibos  eojcicni,  drc. 


S  C  H  O  L  I  O  N. 


QVuc^  f  ctlitatisgratia  pro  Tyrcnihus  propojuimus  de  cjua- 
drato,&  cuho,  lnct  vmuerfalius propohere  de  quolibet  re- 
clari izulo ,  ch  p^<ralU  leptpce/o,  cuius  f  omtnts  notiohem  (pjua  hic ptu 
tet  tn  figurii)  vide  apud  Euct,  lib,  1 1  ^def,  3  o.  Omms  cubus  efipa^ 
rallelcpipcduyn^  at  rfoficontr^:,  cubt  enimparnlleii  eppq/it£  fexfi- 
gur£plai:<£ ,  nonjolum  quadrtlatera  ,  &  rc&angula  ,Jed&quitm 
drata  funt. 

$xxir. 

Paralielep^pedorum ,  atqj  etiam  omnium  alio- 
rum  roiidorum  rotundorum  compoficio,  6c 
refolutioad  hunc  lib.2. 


O 


Vemadmodimccntruni  grauitatis  re&o ,  &  perpen* 
diculart  motu  dat  vtam  ,  in  quam  rc6^ia  ln.ea du^d 
Juperfictem  refianguiam  ,  fttperiictci  refiangulapx* 
ralleleptpectum proaucunt  j  fic  tdem  centrum  graui' 
tittis  circttlartter  motum  datviam  eircuiarem  ,tn  quamdufiali" 
ntA  veire&a  ,  vcl (trcularts ,  vel mtxta.prodtuunt  Jupcrfiites  ctr- 
xulares,  fiite rotundas  ;  ac paritcr  iuperfictes qu^ltbet pianaregula- 
rts  ,  veityregnlarts ,  ducidtn  r/^eitttn  centrtctrcuiareni  ,productt 
foitda  ctrcnlarta  JiucrQtttnda.  cuiuslibet  HgurA^  vt  tarn  habes  exe  • 

fla. 
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fl.ia, nohis diqna  tn viroq; huins  -.^rartj  tomo  ad  \  ,&  6 lihroSy 
&  adnritm  lihri  terti-,(jr  tn  Brcuiario  Stereon.  etrii  o  aa  fitHrn  hu. 
3  to,  vidtbis.  I  Ihic  vtji^tje  rePetaf^»^  ^^^  nonfemeldifia. 

Intcrim  hic  vide  tn  exem-  Supcrfi- 
plo  Cyltndri  JB .  Ctiiusftifcr'-  [/J^y^v^J" 
iicicsfJne  baflitisprodtuitttr  f.v  ycfoimio 
dtifitt  lateris  k^C  in  Itneam^  <«  r^^^'^- 
circHlarem,ejttam  fignat  centrti  ■^"  ""'" 


D  tp/itts  reci.i  AC  ,  dum  reiia 
ED,  iixain  E  mtdioperpendi-^ 
ctilarts  IS^O,  rotat  extrcmtim.^ 
D.Itaq;  fupcrfacs  ea  lylindri-' 
ca,  fine  bafibus,  cU  xqualis  re- 
ctanguiojiib  CA ,  &  Jiib  rccta 
£quaii  periphcrix  fignatd  a  Z),  hcc  isi ,  itixta  Archimedts  calcuios 
(cmi'to,  factlttatts gratiapro  Tycrjibus  ,  feptimam  iiiam  partem 
accijam  vltra  trtpLtcatam  dtamctrttm  .  &cf^  tripiicatx  a  dtamctro 
DF.  ^uaie  recianguittmpono  CH  ,Jub  Gl  aqualt  tpJiCA ,  ^fttb 


a 


vt 


CL  tripla  ipfins  DF ;  ^tare  vides  fiiperficiem  curuiiineam  rcda- 
ctam  adrectangtila  hiittis  itb.  2.  Pari  ratione  qutsctimq\  aita  ro- 
tundafupcr/ictes  ^facta  exdtictu  Itnex  cuiuslibet  in  viam  circttla' 
rem  centri gratittaus,reducttur  adrectangnitim,  crc. 

2  ^uodvero  ad  folidttate atttnet,qtiom:\{tnfig.\)eaconflatur  c^Vwdrt 
ex  ductu  rcctangult  ANin  viactrcuiare  factam  k  centro  grauit&-  foliditas 
tis  M  tn  eodcm  rectangulo  ANi/dum  tdtntfieri  iincttHr  circa  iatus  ^'f"^"*^, 

^  tnynral- 

*^^>       lepipetiH, 
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NO  ;  ergoea  cyltrdrtea  (oUdUasrrit  xejnaUs parallelepipeJo  fub 
re^angtilo  AN  ^h.thentepro  aUittidtne^pue  loKgttudine  latus^fme 
rectam  ivcjtialemperipheria  f,;&.t a pnn^o  M  ,  hoc  eFi  rectam  tri- 
plam  (negtecta '»  hoc  excmplo  acafa  fcptima.  &c.^  diametrt  MT* 
Siiie  alitcr:fol'tditas  cylindri  efi  xqualisParaUcleptpedo  ftib  rcctan- 
gitloffacto  a  diictii  aUitudiniscyUndriinfemidiametritmbafis )& 
fub  aUttiidine  icquaU  dtametro^  d^  femtdiamctro  bafs  j  negUctafe- 
pttma.  &c  .  ^jiateparalUUp  pednm  vides  G.^^  in  quo  GR  latus, 
AcreUquAtrtapar.xUeii.pomtnr  tripLitpfiits  MP^fitte  funt  £/jnaUit 
diametro  CB,&  femidiametro  CN .  Rectangula  vero  oppojita  ,  & 
paraUeiaGS,  R.^O'^ciptend.t  ftint  AquaUaipfi  AN.  Part£.  rattone 
qHdCcumq\aUafoUda  rotundttatcm  habcntta  erunt  xquaUaparal- 
lelepipedis  contentis  fithpiino  rottto  ,  &fub  re^a  aquaU peripfjem 
rt&fSix  a  ceniro gr .tiitt atis pfxi^ii  rotati.  c^uare  vide s  qnemadmo- 
dumetiam  foUdarotundareditcantur ad Ubrumhunc  fccundumy 
qticmapUnis  re&anguUs  eUH.iiiimus  ad paraUeleptpeda. 

2  Eadcmopera  ,quavtdtUi  (ompofitionemplanorttmreBan' 
.  guloritm ,  vclrottmdoriin.  ex Unets  motts  ,&e>c  motu  ccntrtgra- 
uftntiSyCempofitionemverofultdorttmparaUeUptpedorumyVelro- 
tundortim  ex plamsvelreilangutts , velcuruiUnets  duffisin  via 
pUdna-  rotaitentsfacta  a  centrogrmitatts ,  vides  ettam  rcfoluttonemfoU- 
tnm,ea-  dorum  tnplana  ,  &rectanguia  vcl  rotata  ,vel perpendtculariter 
rum  dt-  ^  centro  qrattitatis  ,  ac  iim ul  ett  tm  habes  dimenjiones  eontm' 

nes ,  ijYo-  di  m  vcLplanortim ,  vel  fcUdertim .  Planorum  emm  dimenjto  fit 
fortw-  ,  ex  ditctu  hnea  mot£  t»  vtam  velperpendicularem,vei  circulare  a 
n^SifJ:.  ccHtro 


.E  refo- 
lutioni- 
bus  cnr- 
ua,r'Am 
/uperfi- 
eurtt,  C 


M 
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iintro  grMitatis  rKotxltKC£fzci.im.Solidornm  vero  din-tcfiojit  ex 
au(tu  ptam  fcl  reclafjguli^  vel  curuiltf^et  in  ziam  velpcrpecircu-> 
iarem,  zelcircularcm  acentrogranttatts  moti  plant  fa£iam .,  tnxta 
indtcatain  antecedenttbus .  Vtde  exempla  apud  nos  injinehu.  j 
Tomt  ,tn  Breut:irioStereometri(o,Se6}tonc  2. 

4  Trcportiones vero (^dt  quibus  , tuxta noslram  methedu-m-j, 
aptc  post  librum/extum  ttcettn  hoc  1  Itbro  fermo»en?facer<^(^ 
eomp^rattones ,  ac  dtffercnttd  planortim ,  vel Jo.idorum  cOffiaro^ 
rum ex motis  tinets ,  vclptavts  ^&ex vtjS veiperpendtcuiaribus, 
vei ctrcularibus  a  ccntro grauttatts^  h.ibentur  cx proportto^-itbus^nc 
diffcrentijs  tiim  quantttatum  motarttm ,  tttm  cx  differentifs  mo- 
tuum  a  (entro  grauitatts ;  potcst^^  reguia  vmucrfitts  cffi  .*  figurjB 
imer  fe  lunt,  vt  ea,  a  quibus  funt .  Itaqicum  motacjuarmtates 
funtxquatcs  ,  &  vt£a  centro grattitatts  funt  xquaies,  fuKtctarn 
aquatta  zeipiana,  velfoiida.  c^c.  Sic,  tn  exempto,  cjuia  tam  in  cy^ 

iindro  AB ,  quam  in  paraitcte- 

ptpedo  C^  mota  rcclanguii^ 

ylN  ,  GS,  &c.fum  dquaita  ,  & 

molt,  s  circul.iris  a  ccntro  M  esl 

&qualts  moitii  dtrcclo  GR  ,pro- 

ptereafoltda  circulare  AE ,  & 

paraitciepipedti  G^Juni  acjua- 

ita.  Citm  motji.  quantttates ,  & 

via  rcctprocantur ,  funt  etiam 

tuncfigurA  Aquaies  ,  vt  vtatsii 

in  cxcmpits  apudnos  adpropoj. 

lA.\&"i^i&  videbis  irferitis  in  ncdro  Breu.  Stereon.\  Cum  mot.c 

qvantttates-i  &  vi£  aiffcruNt^figurtit  hahcnt  compofitamproporiio- 

nem.&c.vtvidi/ii apud nosin exenjplis adprcpof.io,  &  23  Itb. 

6,  &  videbisin  cttato  Brcuario  Stereometnco  tn  tine  htu^  To.ytde 

corollaria  citata  ex  Guldtno.  &c, 

5:  ^A*  hacJenus  di£tis  habes  campiim  immcnfim  planimetri^ 
ciim,  &  (iereometricum  ad hunc,  &  cx  hoc  2  tibro  ,  eun.q;  ncuum 
tx  nouo  vftigeemetrico  cetri grauitatts,  nonjolumpro  curutit/.ciSy 
&  rotundtsinjinitis  numero  quantttattbus,jed  etiam  pro  pianis  re~ 
{languits,  &Joiidtsfubftarjisrecla}tgults,  adquA reauiuntttrro- 

Yy  /««- 
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tunda.  (^c,  J^<«  omnUpropofmmus  hk/altem  in  alitjuo  exembh 
indicata.  Plura  vide  m  cttato  Breti..  Stereometrico, 

Intertm  a  nobts  habe  quantus  Jit  exigtitts  hic  %  libellus  geome  , 
trictrum  elementorumpro  vtraqyquantttate  dtfcreta,&  conttnua^ 
fre  Arithmetica,pro  ?lanimetrtA,&pro  Stereometrta.  e^c 

6  Aptifsime  igitttr pnHremo  loco  elementum  hocgeometricum 
(jjutd,  iuxtaantiquam  methodum,  e/i  fecundum)pofutmiis ,  /«_/ 
quodpene  vniuerfaphtlofophia  de  quantit/tte  refoluitur  ;  c^  aptif. 
fime  huiusextremiltbrtextremum  occupat  locum  figHraquadra" 
la^quxyperantedi&^ay  radix  eUpro  recondttay^  multiplict  cogni- 
tione  theorettca,^ problemattcApene  omnium  figurarum  (trregu- 
iares  enim  quaitbet  planafgurx  (k  quarum  gyrattcne  ^ttnt  rotun- 
dafolida  verfformia)  vertuntur  in  quadrata ,  vt  pateat  prcportte 
TOtatarum  quantttatum^  drc.)  ^uare  &  nos  hic  apttfstme 
finem/acimus  thcortarum,  (-r  problematum  nofira^ 
at^  elementaris  (ettam  vltra  elementa  eleita'^ 
ttt^planimetrictx.  philofoph{&. 
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EPILOGI  PLANIMETRICI 

PARS     PRIMA 

In  vfu  Geometrico  centri  grauitatis 
circa  aliqua  Elem.  Plan. 

•f#3-S#3£«3  sJ?f.3£#3-  i^-  5^-E*3-E«>3  £*3 1^-  i^  m-m-  E*3-  S*3  si^m  m 

AMICO  LECTORI- 

De  primis  principijs,  quibus  nititur  nouus  vfus 
geometricus  centri  grauitatis  .  De  caufis  ,  & 
xnodo  huius  Epilogi  Planimetrici . 

C/?(r  GuUiKUs  i»  vf»  geomeirico  ceatrigr/t' 
uitatis  circa  'vel  fnferficies  rotundas ,  uel 
folida  rotunda ,  qux  fctltcet  fregigr/untur 
e  circuUritergyratis  vel  linets ,  velfuper» 
fciebus ,  fatis  habuit  fua  firmare  ab  eff-e- 
Uu ,  idefl  oflendcre  vfiim  illum  gcometricum  centri  grauita- 
ps  efje  legitimum,  ^  quod  theoren.ata  fer  eum  protatay  (jr 
probata  congruunt  cum  theorematibus  ab  antiquis  Philofcphis 
Geometricis  indirecfe ,  vel  aliter  demonfiratts . 

'Nos  quemadmodum  centro  grauitatis  in  lineis ,  ^fuperfi- 
'iehus  geometricc  vttmur  etiam  extra  rotunda ,  vclut  in  prtf-   Amplij* 
matum  ,  parallelefipedorum.^c-  fuperfeiebus ,  ^  foliditatim  tiis  a  nc« 
hus;  ac  praterea  folidorum aliquorumrotundorum{velutcy-  aeome'-- 
lindrcrumf^c.)  fuperficies ,  (^  fubipfis  foliditates  prodimus  tricusce^ 
non  d  gyratione  circulari ,  feda  rnotu  rech  tamlinearum  vel  ^'■'S''^"'- 
'effarum,  velcircularium,  vei mixtarum ,  qudm  fuperficie- 
'■um  planarum  varie  terminatarum ;  fc  ampltati  a  nobis  vfus 
recmetrici  centri  grauitatis  veritatem  fcientifcam  ofltndi' 
^mus  non  folum  ab  effcclu  congruenti£  cum  alienis  antiquorttm 
\  Aaa     z  theo- 
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theoremAtihus  rite  demonftratis ,  fcd  etiama  frtmis princi' 
■bijs ,  quihus  nitititr  motus  Unearum ,  i'el/uperficierum  ir/pro' 
gtgiiendis fuperficiebus ,^ foltdis ,  Eaveroprima principia 
paucis  hic  hidic  ata  funt  fequentia . 

2      In element  lih.  i.addefin  i  5 . §. a . g^ //^. 1 1 . defn.  14, 
1 8,2  ijjahes  (^  circuli,^fphara  (^  coni,  &  cylindri  definitio- 
fies,  acformationes  agyratione  line^e  circa  alterum  eius  extre- 
wumfemicirculi  trianguli^recianguli^cGuldinustranftit- 
lit  adommum  rotundorum,  (jrfuperpcierumcircaeaprocfca* 
Amplia-  tionem.Nos  traducimus  etiam  admotum  recittm,^  adprocrea* 
tionescir  tioftem  figurarum planarum ,  &  fulidarummrirotundarum . 
^•'iinrii.       ^ucniam  igitur ,  {iuxta  ingeniose ah  antiqais prenuntia.- 
tuminahftrafiione  geometrica)  amotu  pun^i  linea,  ^linea.\ 
fuperficies  ,  a  fupcrficiei  folidum  progignitur  j  vt  fuperfi- 
cierum  ,  ^  foliditatum  quantitates  ,  proportioms  ,  (^-  alia. 
eas  fguras  confequentia  cognofcantur  ,  inueftiganda  cft  co- 
gnitio  nonfolum  quantitatum  motarumfed  etiam  motus  ipfiusx 
quo  quantitates  motA  figuras  producunt .  ^uantitas  ipfius 
motuspetenda  eft  a  menfura  certa ,  qualis  eftfola  perpendicu- 
laris  ,  vt  demonftrautmus  non  femel  in  i .  To,  hu.  Aerarij , 
Perpendicularem  vero  motionem  fignat  in  Itneis ,  (jr  fuperfi-' 
eiebus  certum ,  ac  vnicum  tantumpuni-fum ,  quod  cft  eentrum 
grauitatis  ,  quo  (  quemadmodum grauia ,  iuxtaprima  princi'\ 
pia  machmartxphtlofiphix ,  de  quibus  nos  in  To.  2 .  Aptar.  i  o, 
linex  ,  acfuperficies  Ithere  deftuentes  (  in  ahftra^ageometrict 
conceptione  ^feruntur  ,per  lineam  brcuijfimam ;  quam  in  MM 
chinaria  lincam  diredionis  ad  mundi  centrum  appeliant ,  Ai 
ratio  cur  foium  centrum  grauttatis ,  per  breuififimam  eam  li 
neam  defcratureft  ,  quiacirca  idcentrum  {iuxtatilitis  defi- 
nitionem  )  xquaiiter  ponderant  ornnes  partcs  rei  grauis ,  nd 
eft  quod  eurum  aitqua  nitatur  magis  qu^m  alia ,  vt  puniiun 
centri  grauitatis  a  linea  direciionis  dimoueat .  Primum  vero 
(■r  vntuerfaliffimum  prtediilorum  omnium  principium  eft 
Naturanon  jmpcdiraoperaturpcrbreuiflfima,  vtquamcitij 
fime  fines  fuos  affequatur ,  nec  fruftra  faciat  per  piura  qtm 
{cateris parihus) poteft pcr  pauciora» 
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5  SluemAdmodum  igitur  a  centro  graMttatis  -petenda  efi 
(  propter  priedtcfa  )  legitima  menjura  motus  Itbert ,  ac  rtcli ; 
/ic  ab  eodem  puncio  centri  grauitatis  petenda  efl  certa  menfu- 
ra  motus  non  liberi ,  nec  rccti ,  quando graue  yjine  linea ,  drfu- 
perfcies  in  niotu  detinentur  in  altquo  fni  extremo ,  ac  terrni' 
m ,  qualis  efl  motus  circnUris  vel  re^ta.  linex  altero  fni  ex- 
tremo  manente,  vel  femicirculi ,  vel  trianguli^  vel  reSlan- 
guli ,  vel  cuiufcunque  alterius  pluriformis  linex ,  ac  fuper- 
fciti  rotatio  pro  formatione  fuperficierum  circularis  ,  vel 
aliarum ,  vel  folidorum  fphxris  ,  coni,  cylindri  ,  vel  aliorum 
quorumcun£  rotundorum.  Intllisenim  rotationibus  rotatO' 
rum  centra  grauitatis  habent  circafe  parttum  xquiponderan' 
tiam,  (^  nituntur  perquan  poffunt  Ireutjftmam  etiamdum 
in  fut  extremo  aliquo  circa  vel  punffum  aliquod,  velaxem 
a  recto  motu  impidiuntur ,  ^  coguntur  in  circularem  flecie' 
re  reciam  ,  (jr  breuijjtmam  fui  motus  Imeam  ,  vt ,  verbi 
gratia  ,  pro  parallelepipedo  producant  cylindrum  ,  vel  pro 
rectangulo  fuperfciem  cyUndricam.  (jrc.  Ea  propter  mcnfu' 
ra  eorum  rotundorum  retie  fumitur  ab  ca  circulari  linea^ 
qu£  aqualis  cft  re£la  breuijftm£  rnotus  liberi  ,  (-r  menfure. 
certA ,  ac  determinatA  a  certo  ,  ac  detenninato  vnico  punCio 
centri  grauitatis . 

Itaque  noua ,  ^  miri-fica  dccirina  de  vfu  geometrico  centri 
grauitatis  nitttur  non  folum  efleciu  congruentiA  cum  theo- 
rematibu.t  anttquis  ,  fed  etiam  causa  ortginaria ,  ^  primis 
principys  geometricis  ,  ac  etiam  phyficis .  Sluibus  ntfi  nitere- 
tur  (  ac  multo  magts  fl  ijs  repugnaret ,  vt  repugnant  tndiuifl- 
hilia^  quodinferins  vidcbis  in  2. par.hu. Fptl.  )  non  prorfus 
valide  fe  firmaret  fola  congruentia  cum  antiquis  theorema- 
tibus , 

4  Necilli  faueret  vulgatum  illud ,  ex  falfo  vcrum  non  ^^"^!^^ 
prodit ,  ergo ,  fl  verifunt  partus  geemetrict ,  ^  congruentes  rite  de— 
cum  antiquis ,  vera  etiam  eft  requla  ,  vnde  proaeunt .  Re-  '^o"^"" 
fponderi  enim  poflet  pofie  ettam  a  falfo  per  acctdens  verum  ^uh  bo- 
prodire\  ac  dtflinguer.dum  efse interrei  ^  fctentixvertta-^^^ ^^' 
tes  •  l'oteJi  ei/im  altquodverum,  ac  demonftratum  ab  antiquts  cionetn .' 

attin- 
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Attingifalsa  (cientia  ,  ideft  adiri  per  ratiocinationem  mtcH'. 

tem  fdfis  prwcipijs  ,  ac  tunc  qualia  funt  principia  talis  (^ 

ratiocinatio ,  ^  fcieatia  fcUicet  falfa  circa  remperfe  veram, 

ALiud  efthabere  veram  rei  co^nitionem  ,  aliud  rern  effevC' 

tarn .  Itaque  quemadmodum  principia  falfa  funt,  {velut 

per  indiuifihtlia  contra<\.defin.l.  ^')  fic  falfam  producunt 

fcientiam  circa  rem ,  cuius  veritas  aliunde  conftat .   Ac  finon 

conflet  aliunde  rei  veritas ,  conftare  non  poteft  l-  ratiocinioprO" 

deunte  afalfsprincipijs . 

Itaque  quamadmodum  vfui  geometrico  centri  grauitatis 

fartet  id\  Verum  nonnili  ex  vero  ,propter ,  c^  iuxtapr^tdifia ; 

ficnullomodo  fauetijs,  quiingeometrica  philofophia  nitun- 

Tnane  fi^f^^ijJsprin.cipijs{verligratia, contra i^,defimt.ltb.%,elem,') 

geome-  tamen  putant  fe  legttime  geotietrtce  ,  demonflratiue ,  fcten- 

irice  pa-  ^^  r^^,  philolophari .   Sluodnemo  vnquam  vere  fcientifcus  con- 
ralo£?iza      ''.■''  ,  y  r-         \         r  ir  r 

tium.      ceffertt.  Namverum{fttamenliceat)perfalfacognofcere^ 

acfcire  eft  ignorare .  ac  nefcire . 

4  JSiOS  tgitur  in  hoc  Eptlogo  geowetrico  pofl  vulgatum 
tnodum  demonflrandi  fmgulas  propofittones  Itbrorum  fcx. 
elementarium  de  planis ,  cenfuimus  e  re  getmetrica  futurum , 
^  varietatis  ,  ^  nouitatts  iucundttatem  non  defuturam ,  //- 
hi ,  Amice  Lccfor ,  fi  planarum  fgurarum ,  pracipue  regula- 
rium,praciptias  affeittones facilltmc  hreuiter,  ac  aliter,  quam 
apudEucltdem  ,  dtmonflremus  ,  videlicetcum  vfu  geometrico 
centri gratntatis  quaft  aprimo  figurarumortu  cognita  quan» 
titate  tum  itnearum  motarum ,  tumviarum  a  centro  grautta' 
tis perpendtcularitcr  fgnatarum ,  vndeplana  fgura  conftan- 
tur .  Ac  merito  gcometricA  philofophia.  pr^cipua  aliqua  ele" 
rnenta  deplanis  ftguris  in  hoc  Eptlogo ,  ^  de  [olidis  in  Breuia» 
rio  Stereometricopofi  hnnc  epilogum  ,  geometrico  centrigraui- 
taiis  vfu  firmamus ,  vt  ab  hac  geometrica  grauitate  nonparum 
ponderis ,  decoris ,  ac  maieftatis  ipfimet  geometrica  philofo- 
phid  accedat . 

5  Suppoftis  tamen  ijsy  qua.  circaeius  centri  vfum  geo- 
tnetricum ,  (^  re<rulas  ab  eo  deducias  non  ferNcl  adhuc  dixtmus 
in  i  ,&  i.huius  Eraij  Tomo ,  ad propofi  o.  /. i .§.  S .ad pro.\'^ . 
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%.^.EthUh6  adprop.  14,15,20,25.  Et ad finemUb.%.<^ l.z, 
^utbus  adde  ea ,  qua,  in  Breuiario  StereometricofoUdts  exem" 
fUs  adfrmamus fub  finem  huius  3.  Tomi . 

6  IntelUge  antcm ,  mi  Tyro,  in  huiufce  flanimetrici  Fpi- 
logi  demonfirationibus  cum  vfu  geometrico  centri  grauitatis 
tios  ita  verfari ,  "vt  Ucet  pro  EucUde  ,  Jint  tamen  extra  EucU- 
dem  ■■,  idejt  fuppoftis  iam  Euclideis planis  eUmentis .  Ac  ideo , 
pofi  eorum  fiuem,  locoEpilogt  geometrici  Jjxc  appommus .,  in 
auibus  Uberum  effe  nobts  volutmus  vti  promtfctie  propofi" 
tionibus  ,  quas  apud  EucUaem  iam  in  antt  cedentibus  expO' 
fuimus. 

Nihilominus  Do^ores  Geometrici  ,fiue  Tyrones  Auditores , 
poterunt  hinc Jibi affumere  aUquas ad  factUoremdcn-ionfira' 
tionis  euidenttam  pro  aUquihus  EucUdis  propofittombus  aUtcr 
demonftrandis  ,  mod))  eas  hinc  ajiumant ,  qux ,  appUcatx  pro- 
fojitionibus  aUquibus  EucUdts  ,  nonegeant  cognittone  pojl-e- 
riorum . 

Pacula  htc  exempla  in  hoc  Epilogo  planimetrico  deducant 
Tyrones  per  phres  alias  eUmentares  propofitiones  de  planis 
fignris ;  ati£  interim  tsqui ,  bonitj^  factant  apud  nos  hanc  de^ 
t,  monfirandiformam  in figuris planis plane planam . 

§1. 

THEOREMA    I,6cIL 

Lihri  ^rimi  Elm.  ^ropofitiones  J  5 .  c!^  5  d". 

PArallelogrammorum  ACEG,A 
fupcr  eadem ,  vel  aqualibui  ba- 
fibus,  eiufdem  quantiratis  funt 
redas  B  C,  F  G,  &  funt  inter  eafdem  pa- 
rallelas ,  ideft  habcnt  eandcm  perpen- 
dicularem  aUitudinetn ,  iuxra  dcfin.4.  Iib.6.  Koc  eft  fi  fingas 

pcr 


g  EPII'-  PLANIM. 

pefccnti-agraimatisrnediainter  BC.  &  riKer  FG,  etoi 

pcrpcndiculaiiter  ^quales  B  C  .  F  GA ^       H 

ad  parallelam  A  H,  iignabuat  ea  centra  \)A/  \ 
sequaics vias. Cum ergo patallelogram-    \X\A       \ 
morum  A  C ,  F  H  fint  &  aquales  vix     ^       ^    ^      qj 
pcrpcadiculares  centrigrauitatis.e;^ 
Lualcs  mots  quantitates  B  C .  F  G ,  conftituent  duo  reaan- 
gr&  .qua^ainterfe,  &.qaaliaduobus  paral^logram- 
mis  B  D .  F  H ,  quorum  eadem  funt  Imeae  B  C ,  FO  mota? , 
&  e^der;  motiones  perpendiculares  ./^«^^l"^"^^;"",;"^;^ 
eafdemparallclas.  Figurs  emmfuntmterfe  vtquantitates 
mota.  &vi«  pcrpendicularesa  centris  gramtatis ,  per  quas 
d\iCix  quantitates  condituunt  figuras . 

S^C  H  0  L  I  0  N     I. 

IN  ohH.uo  B  H  rcBa  E  H .  dum  '.perpendkuUrtdcrcenfa ' 
ohUquamr  verfus  B  C ,  hahet  tn  rmxtoeo  Jtue  ohltquomo^ 
tuperperJtcuUremr^centyograuuatumedtomterEHj^^^^^^^^^ 

collm  in  mrnutt^^maspartes ,  &gradatt  m  d'Pfy^r.\ 
fus  BC.eppadei  ^u.  feretperpenduuUrts  menfuraame.^ 
Lmer  i  H  ad  ^verhlgrat.)  F  ac  protndereaeettamt^ 
chliquo  B  H  producitur  are^  quantitas  a  duau  reB.t  E  H  /«; 
perpendicuUrem ,  quemadmodum  fit  m  parallelogrammo  non-,^ 
dliquo ,  fme  reciangulo .  i 


SCHOLTONTT,  j 

I 

ET    COROLLARIVM. 

lcet  eafdempropof  5  5  ,C^  5  ^  ele^^^^  adfolida,  fi,  pro  hafi 
-.  husUnearihus  ,  fuhftittiaspUna  parallelogramrna,  qu. 

tieadem  aUitudinc  producunt  paraUeUpipeda  ^quaUa  fupe^ 
AquaUh.hafih.  vndepaientpropofitiones  29,30.31  Mb.  1 1  elem 
Acpoteft  perioftenfto  etiam  inmmms.&cHabes  tnhoc  cn 
rolUriomuUapaucisindieata* 


L 
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§  II. 

THEOREMA     III,  &  IV. 

j  Prspojit.  3  7,^  3  8  .//^.  I .  Elem, 

PAtetex  antederaoftratis .  Nam  in  eadem  proportlone 
funttota,&totoruradimidia.  Suntparallelogramata , 
per antecedentcm  propof.jEqualia  ,crgo  &  triangula  ,3equa- 
lium  dimidia ,  funt  &  ipfa  inter  fe  sequalia . 

§111. 

THEOREMAV. 

Propofitio  4  3 .  lih,  i  .Elem, 


P 


Arallefogramrai  BD  parallclogramata  GF,  EH, 
quaecirca  diametrum  ,  funtfimilia,  per^^. /cxti,  hoc 
'  eft,  iuxradtfin.i.eiufdemlibri,  circaangulos 
'  aeqnales  habent  latera  proportionalia,  vtFK    ix^j.     "-1 
'  ad  KG,  fic  EK  ad  KH ;  ergo  coroplenientorum  ^  1    rN:      |F 


'  B  K ,  K  D  latera  reciprocantur ,  hoc  cft ,  iuxta  b 

defin.2  eiufdemfexti,  inKD  funtanrecedens 

FK  primje  proportionis,  &confcquens  KH  fccundaepro- 

portionis;  licutin  BK  eftantecedens  EK  primae  pioponio- 

nis.&confequensGK  fecunda»proportionis.  GKfit  pro  via 

pcrpendiculari  ipfius  EK  niotaevfquead  BG.  AtvcioKH 

fit  pro  viaipfius  KF  mota?vfq;3d  HD.  Ergo  quantitates 

''*motaeEK,KF,&vi3eGK,KH  rccipiocanturi  eigo.per  14. 

"'hb.d.complementa  BK,  KU  funtjequalia.  Quantiratcsenim 

"Iplanx  funrasquales,  quarum  linesen^ota?,  &via:  motusper- 

"'pendicuiarcs  funtxquales,  vel  faltem  reciprocantur;  iuxta 

'fdi<^a  ad  citat.propof.  14.  lib.6. 

Bbb  §IV. 


r 
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§  IV. 

THEOREMA    VI. 

Libri  2  fropofitio  i» 

N  propofirionibus  Libri  Secundi ,  qua»  verfantur  pcne 
omnescirca  re(aangu!a,exprefIior ,  &  facilior  erit  via  per- 
pendicularisfignataa  ccntrograuitatis  linetemots,  accon- 
ftituens cum ea  redum  angulum ,  quamfucrit in  libro piimo, 
proderaetiendisasqualitatibus  triangulorum,  velparalklo- 
cmii-  grammorum  obliquorum.  Enthoc  anobs  fingulare  geo- 
liT.TJ^  metricum  beneficium  lcuandis  difficultati,  ac  txdio,  quae  Ty- 
ronibus  affcrre  videntur  libri  2  dcmonftrationes ,  quas  lor.ge 
faciliores  funt  ab  vfu  geometrico  centri  grauitatis . 

Itaqj  in  figiira  prim.t  propofitionis.qaoniani  rtdangulutn 
totale  GC  fitcx  dudumotae  (jH  pcrpen-  3        D  EC 
diculariter  inviam  pcrpendicularcm,cuius    f 
quantitas  eft  re<5ta  A,  fiue  GBj  ircmquo    i 


K  L  ti 


redangula  partialia  fiunt  ex  dudibus  par-  ^y 

tium  GK,  KL ,  LH  perpendiculariter  mota-  . 

rum  perviasfingulas  jeqiialeseideni  A,  fiue  " 

ipfi  GB .  Eft  autem eadcm  via  quantitatis  perpendicularis  A, 

& motSE  parics G  K ,  K  L ,  L  H  funt  cPquales  motae  toti  G  H  j 

ergo partium produtfta  GO,  KE,  LC  fimulfuinpta  erunt 

sequalia  produifio  totali  G  C . 


'  'i 


§V. 


-s. 


p 
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S  V. 
THEOREMA    VII, 

Libri  2  Fropjimu 

Arlfer  quadratum  cx  tota  D  E  aequale  eft  ^ 
redangulis  fub  eadem  DE,  fiue  fub  \V\  ^qua- 
ii DA , & fub partibus  DF, FE  quiacft eacicni  via 
DA  irotar  DE  adprodudionemtotalisquadra- 
ti  DB,  &  partium DF ,  FE  motarum  ad  produdio  o 
nem  redangulorum  DC ,  F  B ,  &  funt  ctiam  a:qua- 
\^%  quantitaccs  motse  partiaks  DF ,  FE  totali  UE ;  ergo.  &c. 

§  VI. 

THEOREMA    VIII. 

Lib.z  Propojithi, 

PAriter  fciJia  A  B  in  C,&fadorc(ftangu-  a 
lo  BFfiib  tora  AB,&fubp3rtcCB,hoc 
cft  fub  illi  aequali  A  F  -,  hQio  item  quadrato 
BD  cxaltera  parre  CD,  & fadio redangulo 
C  F  fub  vrraquc  parte  A  C ,  C  B ,  hoc  eft  fub  '^ 
illiasquah  AF,  funt  quadratum  DB,  &  redangulum  CF 
sequalia  redangulo  F  B,-  quiaaequales  funtviae,  fiuccadem 
F  A , & quantitates n ota? partiales  FD.DE  funt «quales to- 
taliniotJE  F  Ej  crgo&c. 


B 


Bbb     2 


§VII. 
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A      CB 


§  VII. 

THEOREMA     IX, 

Z/^.2  Propofitio^, 

Vadrati  A  E  quantitas  producitur  ex 
pcrpendicularitcr  mota  DE,  &  ex  via 
motus  O  A  in  fe  dusftis  .  Qua-  H 
drata  HF,  CK  lateribus  HG,GK  squant 
integramquantitatemtociuslateris  HK  xqua 
lis  latcri  DE  maximiquadrati  AE;  Atqua 
dratum  FH  quantitate  H  A ,  quadratum  C  K quantitate  K  E 
deficiunt  ab  xquatione  totius  intcgrae  vije  D  A,  vel  BE  .  Dum 
ergo  latus  H  G  perpendiculariter  progrediendo  pcr  reli- 
quam  quantitatem  H  A ,  addit  fibi  redangulum  HC  ,&  dum 
latus  GK  minimiquadratiperpendiculariterprogrediendo 
perreliquamquantitatcm  KE  addit  fibi reitangulum  GE, 
fic  Kquuntur  &  vias,  &mot«equantitafes  tammaxinii  qua- 
drati  EA.quam  rtliquorum  duorum  quadratorum  FH,  CK 
addicione  reftangulorum  HC)KF  fubpartibus  AC,CG, 
GK,KEfc6ta:  AB. 


D     F^E 


S  C  H  0  L  1  0    N. 

PRoportiondli  modo  licebit  (  mn  fari  tamen  facilitate  Ty» 
rofiurn  coq^mtioni ,  ac  in  cjuatuor  antecedentibus  )  reli- 
quas  fuhfequentes  ifij^  ad  njndecimam  reuocare  ad  eandem 
formamdefnortftrandi  t  qna  vji  fnmus  in  quatuor  anteceden' 
tibus  fropojitiontbus , 


SVIII. 
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§  VIII. 
THEOREMA     X, 

Prepojitio  14.  lib.2, 

QVoniam  in  femlcirciilo  BHF  per- 
pcndicularis  H  E  eft  ,  per  13 
*^  kxti,  media  proportionalis 
intcr  BE.EF,  ideU  ED,  & ,  pcr  1 7.  fcxci , 
quadratumex  HE  cftsequale  reftangu- 
IofubBB,EF,idcft  ED,  ideftredangulo  DB;  ergovt  BE 
adEH,  fic  EH  adEF,  ideft  ED;  ergoinquadratoex  EH, 
&inre6langulo  D  B  funt  antecedentia,  &  confequcntia  pro- 
portionum;  ergo  reciproca  funt  latera  redanguli ,  &  qua- 
dratij&vtraq.-fiuntexmotoaltcrolatere,  &  exalterotam- 
quamvia  perpendiculari  motialterius  lateris;  ergovtinal- 
terolatus  motumad  viamin  altcro,  ficvia  alterius  adlatus 
motumalterius;ergo,per  i^jfcxti,  funt2;quaiiare(5tangulum 
DB,  &  quadratum  ex  £H. 

§  IX. 

THEOREMA    XI, XII, XIII. 

SCHOtlON, 


Adpropof.i  I  lib.i.&ad-^^.&^^^l.i, 

Adem  foiertia   scomctrica  in  2  propof.    I 
eiudcmlibri  2  prc>badumcrit  latusvnum 
quadrati  AG  cncmcdium  pioportionalcintcrA 
rc(itanguli  HD  Iatera,&pr(  ptcrearcciprocarig 
quantitatesmotas,  &  via&carum  peipendicula 
res,acproptcreaprodu(^a  exiiliscilcaEqualia.  < 


E 


H 


K     D 
Pari- 


1 
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Parlrer  inlibn  tcrtij  piopomionibusjj.&^^.fnuenien- 
daerir  reciprocatioin  redangulis  re^ftarum  fecantium  fciti 
circulo ,  vel  m  quadrato  tangtnris ,  &  i  edangulofub  fecantP, 
&  legTicnto  extra  circulum,  &  mde  ^qualitates  eliciendaj 
reiaanguloru  n  inter  fe  vcl  quddrati ,  &  redangulii  Vide 
figuras  earuai  propofitionum . 

S    X.  1 

THEOREMA     XIV. 

Libri  fexti  pro^ofitio  i  • 

QVoniam  parallelogram- 
morum  FC,  CE  quan-  r~k 

«-^   titatcs  producuntur  i/vi 

ex  bafium  BC,  C  D  dudu  in 
perpendiculares  vias  a  balibus 
ad  parailclam  F  E ;  igiturajqua. 
libusexifl:  ntibusinter  eafdemparallelasvijs  perpendicula» 
ribus  ,  fi  qua  fit  ina?qualitaris  proportio  in  puallelogram- 
mis,  nonpoteftca  prodirenificx  insequaiitatebafium,  du<Sii; 
fuo  pcrpendiculari  producenrium  ina^quales  areas  paralle-j 
lograminorum.  Ergo  jequalibus  exiftcntibus  altitudinibus' 
(ideftinter  eafdem  parallelas)  fiuevijs  perpendicularibus, 
parallelogrammata  habcnt  inter  fe  proportionem  bafium. 

§  XI. 

COROLLARIVM     I. 

^7Qualibus  exiftentibus  bafibus  parallelogrammorum 

jX2j  inKqualibusaltirudinibus  perpendicularibus,  paralle* 

logrammata  funr  inter  fe,  vt  akitudines .  Quod  cx  Comman- 

dinoalitcr.acmodovfiratodcnionftratum  appofuimusad  i 

prop.fexti,  cxpedimushic  modo  geomctricoa  motu  perpen- 

dicu- 


P  A  R  S     I.  is 

I  dlcularl  laterls  vnlus  in  parallelogrammis.  Nam  fi  bafes, 
idtft  latcra  perpendiculanter  motajfunt  cFqualia  in  vtroq; 

.  parallelogrammo,  nectamcn  duo  parallelogrammata  funt 
aequalia,  d;ffercnria,  &  proportio  inaqualitatis  non  potefl: 
petinifiabmsequalitate  viarum  perpendicularium  (idcftal- 
titudinum)  inquas  dudxbafes  Kquales  producunt  tamciL» 

,\  paiallclogrammata  inacqualia . 
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COROLLARIVM     IL 

QVod  demonflratum  eft  de  parallclogrammis  patet 
ctam  de  triangulis  taTiquam  de  dimidijs  parallelo- 
grammorum.  Eaderaenimeftpioportiodimidioium,  quje 

COtOIUO). 

COROLLARIVM   IIL 

7«  quo  exemplum  demonflrandi  vmuerfaliter 
de  omni  quantitate.  (^c 

MAurolyc.infinefib.i.Arith.etiam  in  numeris:  Si  ali» 
quis  numerus  duos  Jingulos  multiplicet  ,  froduScL» 
erunt  muUiplicatis  proporttonalia .  Eadcm  altitudo  ( fiue  ba- 
fescEqujlts)  fit2,&  multip!icet5,&4;vt  3  ad  4,  fic  piodu- 
dum  6  ad  produdum  8,  ares  funt  intcr  fe  vt  bafes.&c.  Va- 
let  &  pro  folidis,  fi  idem  numcrus  altitudinis  nuiltiplicct  duos 
diuerlos  numerosproplanisbafibus,  eruntcnim  produdta^i 
folida  vt  bafcsi  iuxtapropofitioncslib. 1 1,&  12  citatasin.. 
§4,  fe>5l.  I  Brcuiarij  Sterconutrici  .  Vniueifalidima  trgo 
propofitio  fit  :  Si  eadem  quantitas  duasfingulas  multiplicet , 
produiia  erunt  multipUcatisproportionalia.  in  numeiis  oftea- 
fa  vakt  pro  planis ,  6c  iolid.s.  &c. 


SCHO' 


l€ 
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Q 


SCHOLION, 

Ved  inhaci  fexti geimetrice ^inlib,-] hAbes Aruhmi* 
tice ,  propof.i-j^iZ,  -^l 


•  §  XII. 

Expropof,i4,&i5  lib.^. — ■ 

—  COROLLARIVM. 

De  xqualibas  fguris  ,  quarum  via  perpendiculares  centri 
grauitatis  ,  ^  motie  quantitates  reciprtcaittur, 

NAm  vkillK  perpendiculares  ,  &nioraeilIaequanrita- 
tes  (veUitin  planis  figuris  line^  ajquabiliter  mots  ) 
funt  latcra  reciproiti  rcdangulorutn ,  quae  conflantur  ex  li- 
neis  perpcndiciilaritermotis,  acdudlis  in  vias  perpendicu- 
lares ,  iuxfa  alibi  didia  in  vtroque  To.  hu.  /Eiar.  de  ortu  figu- 
rarumexdudtuquandtatis  in  viarapcrpendicularem.&c. 

§   XIII. 

THEOREMA     XV. 


Prepoftio  1 6  lib.  1 6. 


E' 
F 


K 


A       B 


QVoniam  in  figuia  pro- 
pof,!6,  redangulum 
HD,  contentutn  fubmedijs 
C  D ,  &  E  ,  habct  latera  C 
D  confequens  proportsonis 
primse ,  &  E  antccedensfecundie ,  ideo in  co ,  &  in  rcfiangu- 
lo  G  B  reciprocantur  latera  ,  idefi:  n  quantifjs  mota  A  B 
ad  qiiantitatemmotam  C  0,  fic  via  perpendicularis  motiis 

CH 


D 
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CH  adviam  G  A  scqualcs.  Exquibusvijs,  &motisquan- 
titatibus  quoniam  producuntur redangula  G  B ,  H  D  j  ergo 
&  motarum  quantitatum  motibus  perpendicularibus  reci- 
procatis ,  ideft  lateribus  re^angulorum  >  funt  ea  {equalia, 
per  z.par.propof.  14. 

§  XIV. 


i 


THEOREMA     XVI. 

1N  propofitione  vero  17  patet  iiu 
quadrato  ex  media  proportionali  B, 
(iue  D  elleanteced.  &confeq.  proport. 
&  reciprocari  in  ilio,  &  in  redangulo 
ex  AC  latera,  ideft  vias*  &  motas  quan-  — -- 
titates  produccntes  quadratum,  &  re-  I 

dangulum ;  ac  propterea  quadratum..  ' 

ex  media ,  &  re^aangulum  fub  extrcmis      A 
asqualiafunt. 

§   XV. 


T  H  E  O  R  E  M  A     XVII. 

Propofitio  20.  lib.^. 

De  duplicata  frofortione  laterum  homologorum 
in  foLygents  fimtlibus,  ^c, 

QVoniam  in  polygonis ,  qu^  non  fint  vel  redlangula , 
vcl  quadrata,non  apparetexqua  lineamotaprodu- 
^^  catur  area ,  &  quantitas  dati  polygoni ,  ncc  facile 
videtur  ex  vfu  geometrico  centri  demonftrare  duplicatamL. 
proportionem  latcrum  homologorum ,  ideo  auxilium  peten- 

C  c  c  dum 
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durn  eft  a  folertia  geometrica ,  qux  te  docebit ,  mi  Tyro ,  ( vt 

apcrra  hic  omnia  videas)  reducere  datum  polygonum  ad 

quadratum,(veiraltemadre(5langulum)  exvfu  14  propof. 

lib.2  velcxmodisdemonftratis  inlibrofexto.  Fingeigitur 

data  duo  polygona  multilatera  fimilia  ,  fimiliterq;  pofita_. 

trasformata  effe  in  quadrata^ 

CD,CE.  Qya & ipfa  poly- 

gona  funt  fimilia  ,  fimiliterq; 

pofita.&c.  Dicoquantitatem, 

leu  proportionem  areae ,  ver. 

gra.  minoris  C  D  efle  dupli- 

catam  laterumputa  ipforum^ 

FD.GE. 

Quadrata  producuntur  ex 
dudu  vnius  lateris  in  viam-. 
perpendicularem,  fiue  quan- 
litatemeiufdem  lateris.  Fin- 
ge  moueri  C  F  perpendiculariter  per  C  H ,  producit  quadra- 
tum  CD.  Finge  moueri  CG  perpendiculariter  per  G  E,  pro- 
ducit  quadratum  CE .  Hic  &  quantitates  motaj  C  F ,  C  G , 
&  v\x  perpendiculares  CH,  GE,  quas  funt  producentes  qua- 
drata,  quoniam  inaequales  funt ,  igitur  produdaex  ijsqua- 
drata  habebunt  inter  fe  inasqualem  cam  proportionem-.  ,1 
quam  habcnt  inter  fe  vise,  &  mota  latera,  Ideft  via  ad  viam,  8i 
raotumlatus  adlatus,  ideft  compofitam,  feuduplicatam  ex 
proportionibus  viarum,  &motarum  linearum;  Atea;  viaj, 
&  ea  latera  in  fimil.polyg.funt,  iuxta  defin.  i .  fexti,&  permut. 
proportionalia ,  vt  CF  ad  CG ,  ita  FD  ad  GE ,  ideft  propor- 
tio  motarum  quantitatum  CF ,  C  G  eadem  eft ,  quae  viarum_. 
FD,  GE,  ergoproportioefteiufdemgei\eris,&  fubeodem 
genere  duplicata  ipfarum  CF ,  CG ,  FD ,  GE ;  quod  crat  de- 
monftrandum  breuius,  ac  facilius  ex  hoc  vfu  geometrico 
motarum  quantitatum,  &viarum  perpendicularium  acen- 
tro  grauitatis ,  quam  apud  Euclidem  in  prop.2  o. 


§XVI. 
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§  XVI. 

corollarivm; 

Bejimlium  triangulorum  proportione  duplicatA  ex 
lateribus,    Propof.i^,ltb,6, 


NVlIa ,  ( prsBter  proxime  antecedcntcm  ^S^  nos , )  cgct 
noua  demonftrationc  propofitio  detriangulis  fimili- 
bus  habentibus  proportionera  duplicatam  latcrum .  Eodem 
enim  modo ,  quo  polygona,  reducenda  funt  ad  quadrata,  feu 
redangula  (quoderit  facile  duobus  eorumlateribus  adre- 
fturo  conftitutis.&c. )  in  quibus  patebit  veritas  propofitionis 
apud  Euclidcm ,  pcr  proportiones  fimiics ,  id  eft  duplicatam 
viarum ,  &  motarum  quantitatum  produceniium  in  quadrato 
,  aream  xqualem  aree  triangulari . 

§  XVII. 

THEOREMA    XVIII. 

Propofitioz^.Iib.^. 

De  pdrallelogrammcrum  Aquiangulorum  proportione 
compofita  ex  lalertbus , 

HIc  non  erit  opus,  vtin  §  15  anteced.transformatio- 
ne  vlla  figurarum,  &  eadem erit  forma dtmonftratio- 
nis  quae  in  cit.  §  1 5  nifi  quod  proportio ,  qua;  ibi  erat  dupli- 
cata,  ideft  geminata  ineodem  gcnere  propter  laterum  ho- 
mologorumfimilemproportionem,  hiccritcompofita,  ideft 
■conflataex  proportionibus  diuetfi  generisin  lateribuscirca 
aequales  angulos  paraiiciogrammorum  etiam  non  firailiiim. 

Igitur  affirmo  aequangula  parallciogrammata  BD,  CF 
habere  inter  fe  proportionem  compofitara  ex  lateribus  i  idcft 

C  c  c     2  eam, 
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eam,  quambabentinterfeBC  adCG, 
&  DCad  CE. 

QuanritasparallclogrammiBD  fitex  ^ 
mota.finge,  BC  in  viam  perpcndicula- 
rcmvfqjad  parallelam  AD.  Quantitas 
jpfius  CF  fit  ex  mota ,  fingc,  CG  in  viam 
perpendicularcm  vfq;  ad  parallelam  EF. 
Producentium  igiturparallelogramma-         KLMe 
ta  BD,CF,  ideft  niotarum  BC,  CG,  &  viarum  perpendicuia- 
riuminter  AD.BC,  &inter  CG,  EF  proportiones(qua:- 
cumq;il!a;  fint,etiamdiflimiles)compofitajdabunt  propor- 
tioncs  fuorum  produdorum  B  D ,  C  F .  Quam  cnim  habenf 
proportionem  producentia  ,  eandem  habent  &  produdta . 
S\  vtraqjproducentia  vniusprodudiproportionemhabeant ' 
diuerfam  a  producentibus  vtrifque  alterius  produdi,  nc-  I 
cefTe  efl  produda  conftare  ex  proporiionibus  illis  diucrfisl 
vtrorumq;  producentium . 


SCHOLION. 

Confirmatio  pra:didorum  etiam  apud  alios. 

COnfonant  -pr^diBa ,  pr^fertimi» proxime  antecedenti  § 
I  jtcum  ijsy  qux  Commandinus  geometrice  demonflratin 
"Theor.  2  .ad propof.  2  3  ■  ltb.6\  quodapud  nos  in%  14  adeandem 
fropofitionem  ejl  CoroUarium  ex  ijs ,  qua  apud  Euclidem  de- 
monflrata  funt .  T heorema  igitur  id  eft :  Triangula ,  &  pa- 
rallelogrammata  habent  intcr  fe  proportionem  compofitam 
ex  proportione  bafium,  &proportione  alritudinum.  Idem 
eft  ac  ftdicas,  ex  vfu  geometrico  centri  grauitatis :  habentpro- 
portionem  compofttam  exproportione  linearum  inbafibusmotOi' 
rum  perpendtculariter  ,  ^ex  proportione  motuum  ^  fiue  via» 
rum  perpendicutarium  in  quas  eleuata  fitnt  bafes,  ^c» 

THEO-     i 


P  A  R  S     L  211 

■/         <  ~ 

§  XVIII. 
THEOREMA     XIX. 

Libri  12.  Propof.2.' 
De  circulorum  proportione ,  vt  diantetrorum  quadrdta , 

Llcet  apudEuclidem  fitin  libris  de  folidis  haec  propofi- 
tio,  tameneftde  plana  figuracirculari,  acfpedansad 
hunc  noftrum  epilogum  planimetricum . 

Vide  demonftrationem  ex  vfu  geomctrico  centri  graulta- 
tis  apud  nos  in  2  parte  hmm-z  Tom.§  8  ad  2  o  propof.li.5. 
In  antecedentibus  demonftrationibushuius  Epilogi  Plani- 
metrici,  vfusfuit  linearum  perpendiculariter  motarum  ad 
quantitates  ,  &  proportiones  figurarum  planarum  j  in  hac 
veroindicaturproplana  circularifigura  vfuscentri  grauita- 
tis  linea;  circulariter  motK  ,  ac  fignantis  peripheriam.  &c. 
Quamuis  poflit  etiam  rcduci  ad  vfum  Ime»  perpendiculariter 
motae,  vtdidumeft  adfinem  2hbri,  quiapro  peripheria», 
motiis  centri  grauitatis  quaeritur  peripherix  ipfi  aqualis 
redahnea.  Quod&commune  eftinomnibus  rotationibus 
centrigrauitatis,  quccad  redam  reducuntur  nonfolum  in_» 
planis,  fedetiam  infolidisfiguris,  vtinfine  cit.lib.2  clem. 
di(^umeft. 

Hic  faufte  opinor,  Epiiogi  Planimetrici  orfjem  daudcraus 
merifica ,  &  perftdiflima  figura  cirtuiari . 


jtli' 
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§    X  I  X. 

jil/ur ,  fciltcet  ex  ortu  clrculi ,  fine  vfit  centrigrAuitAtis , 

demonflrare  circulorumdu^licatam  yroportionem 

a  femtdiametris  i  vel  diametris » 

L  E  M  M  A  — 

—  "Ex  ortuperipheriarum  demonflratum .  Peripherix. 
tnter  fe funtvt  femidtametri  ^vel  diamctri . 

QVod  Pappus ,  ac  aliquis  alius  vfitato  antiquo  moro 
demonftrarunt,  &a  nobis  fuppofitum  eft  in  antece- 
_  **"  dcntibus  in  To.r,  &  2  pjrte  T0.2,  licet  ne  hic 
nouo  modo  d  nobis  ex  ortu  ipfarura  periphcriarum  brcuiffi- 
me ,  faciHimc ,  ac  cuidenter  deraonftratum  apponere  ? 

Reponatur  hic  fig.  §  8  ad  propof.  y^  \ 

28Iib.(5.dicoperipheriasEDF,  ABC         ^    '"~ 

MJ 


habere  inter  fc  proportionem  femi-  H/ 
diametrorumDH,  AG.  Quonianu,  ( 
enim  peripheria  oricur  a  pundlo  extre- 
mo lincas  circularitcr  mot?,hoc  eft  duo 
concurrunt  ad  pcripheriarum  figna- 
lioncm,  fcihcctfemidiamcter,  &eius 
alterum  extremum ,  circulariter  mota_, 
(dum enim  circulariter  mouentur  DH, 
AG ,  altero  extremo  fixo  in  centris  H , 
G,  alterum  D,  &  A  circulariter  mota_, 
fignant  EDF ,  &  B ACi )  ergo  propor- 
tioperipheriarum  criteadcm,  quseft 
eorum,  aquibusgencrantur;  ideftextremorum  D,&  A,& 
linearum circularitcr  motarum  DH ,  AG  .  At  proportio  cx- 
tremorum  D,  A,  nempcindiuifibiliura,  ac  punftorum  vel 
cadem ,  ac  «qualitatis ,  vclnullaeft,  iuxta  dcdudtaa  nobis 
ex  definit.  4  lib.5  j  ergo  reliqua  cft  proportio ,  vel  difTerentiaj 
femidiaraetrorum  DH,  AG  generantiuraperipherias.  Ha- 

benc 
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bentergo  pcrlpheriaj  intcrfe  proportionem  femidiamctro- 
rura .  Hoc  prjEmiflo  lcmmate ,  fequitur  — 

—  T    H     E    O    R    E    M     A. 

Clrculi  fub  peripherijs  E  D  F ,  A  B  C  generantur  a  femi- 
diametrisDH,  AG  motiscircuIariter,&extremisD,  A 
flgnantibus  orbes ,  fiuc  pcripherias  E  D  F ,  B  A  C ,  ac  termi- 
nantibus  areas.  Ergocirculares  fupcrficics  habent  inter  fe 
proportionera  fuorum  generantium ,  fiue  conflantiura ,  fcili- 
cetperipheriarum,  &  femidiametrorurai  at,perantecedens 
Lemma  (  vel  a  Pappo ,  vcl  a  nobis )  proportio  peripheria- 
rumeft  femidiametrorum  j  ergohabent  bis  proportionem_. 
lemidiametrorura  ,  hoc  eft  duplicatara  femidiamctrorum , 
fiue  diametrorum. 


EPI- 


EPILOGI  PLANIMETRICI 

PARS     SECVNDA 

In  qua  recenfio  primomm  aliquot  prin- 
cipiorum  ,  6c  elementorum  geome- 
tricorum  ad  diflindlionem  ,  6c  pro- 
pugnationem  legitim^  a  fucataGeo- 
metrica  Philofophia. 

Pem  geometricam  hahesapudnosin  vefitbuh 
ApUriorum  ,  ftue   hortorum   Mathematiat 
philofophi*  .  H)c  fucos  alicjuos  abigendos 
indicabimus ,  ne ,  pro  fcientific»  melltficio  ,  a.  - 
geometrico  'ueneficio  inficiaris  ,  Propugna- 
mus  veram ,  (^  fxcuiis  omnibus  probatapL» 
Geometricam  Philofophiam  a  manifefik  iniuria  contra  ipfius 
certitudmem ,  ac  euidentiam ,  quasfucatis  abufibus  nitunzur ; 
fubruerct  quicontraipfiusprima  principia.,  ^ demonflratas\ 
veritates  pfeudogeometriam  inft^ttuere  moliuntur .   In  priort  I 
parte  huius  Epilogt  Planimetricinoua  fcientifica,ac  vera  for' 
rna ,  ex  vfu  q^eometrico  centri  grauitatis  ,pracipua  aliquapU' 
nimetrica  elementa  ditauimus ,  (^  in  fecunda  parte  huius  3 
To:vniuerfam  Stcreometriam  per  eundem  vfum  centritra- 
ducemus .   Reliquum ,  df  nece/farium  erat  interea  hic  in  fe- 
cunda  parte  Eptlogi  Planimetrici  indicare  latentem  ,  ac  dolo- 
fum  fcopuLum  noua  alterius  ,  ac  fucatA  formx  geometrica; 
ne  incauti  geometrici  Tyrones  naufragium  fcientific*  %  ac  de- 
monftratin  certitudims  ^aterentur . 


■^■mw^  m- 
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§  XX. 

j  S    C     H     O     L     1     A-^ 

—  Adlibri  primi  elementorum  aennitiones  cfe 
pundlo,  linea  j  plana  fuperficie.  Pun(5i:orum_, 
genera.  Redteline^  deiinitioindiuiribilemli- 
neamexcludic. 


P 


RimA  defimtiones  funt  de  puncto  ,  linca  ,  fuperficie  ,.^""'^'» 
abflractis  t  ^  cenctftis finc  fuis fuhieciis  ^  qutbusm-  perficici 
tuntur  idepuncfoflne  Itnea ,  li»ea  finefuperficie  tfu-  aefinitio- 
terficie  fiue  corpore ,  ftue  foUditate .  Tertia ,  crfexta  defni'  ""trfcx' 
tiones  funtdepunciis  concretis  in  linea  ,  cuius  termini  funt ,  abltra--- 
'i(^de  lineisconcretisin  fuperficie scuiustermini  funt.&c.       ^a^'^ 

2  Secundadefimtiones depunciOiG' lineaiiiconcretisin-  G^ome- 
dicant  vfum ,  ^  fundamentum  affertionis  de  linexproducHo-  trica  pro 
ne  ^puncfo ,  _/?/yf  extrcmo  linea  mot^e ,  e:<7-  de  fuperficieiprodu-  «^"'^'o ^i" 
'J?/V»f  <7  //»^4 ,  fue  termino  fuperficiei  mota  fcundum  fui  ter-  (iiperfi". 
>nini  latttudinem .  Shta  de  re  nos  non  fernel  in  antecedentibus,  <^'^'  ^  ^^ 

_      .       .    .   .    ,     .       .^.,      .,       .  ,.  ,  tupiiii--. 

t)rxferttm  tnttiohutus  Epilogt  plammetrici  vbtettamde  pro-  ftj,  g^jp 
iu^ione folidorum  a  motu  planorum .  nea: . 

3  Pun^is  JineiSifuperficiebus geomctriciSiacmathema-    p„naa 
Ir/V/V  ^/f  definitis  adde  df  aliagenera,  quorum  cognttioproderit  phyf^ca 
mflrdi  huic geometriC'.^  preptignatorix  recenfioni  *  Sunttgttur  [{^"'Jgo'"' 
'^pun£fa  phyfica,  qu.i  mintmum  Itnea  funt,  dtuifibiliaqui  .memce, 
^emgeometrice,  ac  abfiracil\  at  tndiutfbtlta phyfice propter  ra-  "°? P'^y' 
tiones ,  quas  phyfici  aliqui  ponunt  dum  conflare putant  quan' 
'titatem  phyjicam  ex  tndiuiJibiUbus  phyficis .   J^iarum  ratio- 
mmvnaeaft ^quodnon poi^it  rei  forma  ptrjiare  fine  aliquo 
mintmo  quantitatis ,  quoper  vlteriorem  diuifioncm  immtnuto^ 
forma  reipereat .    Linex  phyjica  habent  latitudinem ,  licet  mi- 
limam,  fuperficies  phyfica habent  minimurn  crajjitiei,  acfo' 
Hdttatis . 

Ddd  iHxta 
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4  Juxta  frddiila  nos  inter^retati  famus  paradoxum  in 
§  5  W  defnit.  i ,  i»  To.i,  de  punclo  ttfudi  linea ,  ^  in  fne 
huius  tertij  7  omi  de  punCio  xquali  fuperpciei  ,  in  Parergo 
geometrico,  §  29 ,  SchoL  i .  Vht  habes  etiam  e corollarijs  noftris 
Jlereometricis  demonftrationem  de  Scaphio  ,  quod  aquale  eji 
cono.^c.  quam  apud  alios  fuppofueramus  in  cit.  §  ^,ad  i, 
dcf.lib.  I . 

5  Aliqui  dum  de  rarefa^ione  diffiutant ,  infcenamphy- 
ficam  induxere  punCia  quAdarn ,  qua  vocant  inflata .  ffic,  opi- 

nor ,  caneret  Horatius  x  \ 

^"^"'  Spc<5ljtum  admifll  rifura  tcneatis  amici? 

Lege  aliqua  medica  fanciencium  cenfco  quatenus  inflafi. 
Punfta  •  P"!}^"^'  "^>  '^"^  indefniie  inflantur,  aliquando  difrumpantur, 
&  Jinea?  Inflatas  etiamlineas  addunt .  Sedinquantitate geometricdi 
'"1?"  ideft  abftra^ie  concepta ,  ^  immuni  a phyfcis pajfionibus ,  mw 
Geome  eft  locus  eiufmodi  tumoribus .  Eiufdem  enim  denfitatis  inteU 
iria.       ligitur,  ^  inalterahilis  geometrica  quantitas  concipitur  ak 

animophilofophice  abftrhaente.,  ac  abftraCto . 

6  Definttionis  ^  verba :  Redalineaeft,  qujeex  a?quali 
In  defi-  fua  intcrijcitur  punda  ,  oflendit  impUcantiam  reftxlinex  in. 
recftx  li-  diutj.bilts ,  tuxtaverttatem,  (^ fententtam acutam  Ariftote- 
nes  im-  Us  in  lib.de Un.infecab.^Hxm  {inquitille)  neq; lineas , ncque 
fnd^uifi-  redicElincs  dcfinitiocum  infccabili  Imca  confentit,  vt  qu» 
bilitatis.  necintcr  duopundacxtcnfafit,  necmedium  vllumhabeat, 

jdeft  ^fiefl  quxpiam  linea  indiuiftbilis  ,fiue^filtneaconflat  ex. 
ittdiuifibilibus  lineolis  ,  indiutfibiles  ilU ,  fi  [untlineA ,  funt 
interfua  extrema ,  habent  extrema ,  inter  quxfunt  ilU  medix 
ergo  tn  medio ,  inter  duoritm  extremorum  punBorum  termi- 
»os,  diuidipoterunt ;  ergononfunt  indiuifibiles.^c* 


ll 
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§  XXI. 

Fuci  agcometrici  circa  antcccdcntia  principia 
geomctricae  phiiofophisB. 

REct}: tn quidcm  {inquit Pfeudogebmetra  ejuifpiamTyro) 
fundamentaprxcipua  iecifi,  ac  indicajlt  GeometriA ,  ac 
.  Stereometrix  in  antccedentibus  hic ,  c^  alibt,  dum  linearum ,  ^ 
figurarum  ortu  deteCto  ex  motupuncii.  li?>Cieplani,  earumpro  • 
portio»es,dimenf>(^  plura  alta  pr<eclara  facillime  demeftrafiy 
ac  demonfiraturum  tefpero  in  tuaflereometriafcilicet  i»  parte 
fecuttda  hutus  tertij  Tomi ,   ^t  ego  nunc  praclarius  tibt  prO' 
dam  inuentum ,  quo  eadem  nouo  alio  modo  confequaris .  Scili- 
I  cet  ex  vfu  eius  opinationis  phyflcx ,  qux  arbttratur  quanttta- 
tem  ex  indiuifibilibus  confiare  ;  quidquid  in  antecedentibus 
attuleris  ex  Ar.ad  4.  dcfnttioncm  .   Linea  igitur  ,  fuperfi- 
cies  yfolidum  non  tamproducuntur ,  vt  tu  affirmas ,  quam  con- 
\Jlant  ex  indittifibiltbus ,  punctis ,  lineis ,  [uperfciehus ,  Ita^ 
I  (  in  animum  altc  recondc  pr£claram  hanc  do£irinam ,  atg^  iru 
■'vfusgeometricos ,  ^  Mathematicos altos  traducito)  vniuerfa- 
'  Itjjima  regula  immenfut»  ttbi  campum  geometricum  aperio , 
,atg^aprmo :  lincae  habent  inter  (e  proportionem  fuorumj  Axioma- 
;omnium  pun6torumcolle(ftiue,  &  diftributiuc  fumptorum.  "  ^"'^^~ 
Similia  intellige  de prcportienibus  inter  fe planarum  fgura-  mzmx. 
;  rum  ex  earum  lineis  ,  ^  de proportione  folidorum  e  fuperjicie- 
i  bus .  Vtenim  tu  recie  aprmafii  ,  genita  geometrica  habent 
I  inter  fe  proportionem  fuorum  genitorum;  Sic dr  ego pariter 
a^rmo compofitafiue aq^^^regata  geometrica, velut punctorum 
in  tineis,  habent  inter  fe proportionem  fuorum  omntum  indiui- 
fibilium  ipfa  aggregata  confiituentium ,   Sed,  )> pfeudogeome- 
tra ,  qtti  hac  ingeris,  tibi  negottum  erit  cum  cit.  Ar.  ad  definit.i^ 
in  anteced.  dr  cum  cxtaris ,  qua  in  feqq.  §  %leges ,  ^  ctimplu  • 
ribui  jpudplures  alios , 


Ddd     2  Labe- 
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§   XXII. 

Lahefaliatio ,  &  damna ,  qu£  in  'vniuerfatn  geometricam 

'veram  fhilofophiam  a  fucata ,  fiue  jjfeudo' 

geometria  inferuritur . 


lincam  ( paria  intcllige  de  fuperficic,foIido.&c.)a  mo- 


nifftrut    ^  Liudeft,  opreudogeometriceTyro,  affirmareproduci 

quanti — 
tas  prt.. 


duaa.vei  tupundiin  lineafecundumfui  cxtremumfemouenrc,  aliud 

conflata   ycrocft  ancrcre  lincam  geometricame  pundis  ecometricis 

iiifibiU—  -conitare .  Primum  ego  amrmo  cum  antiquis  rite  gcoractnce 

i^us.        philofophantibus,  dumconcipitur  indiuifibilc  punitum  in_, 

mdUitfil.  "lotu  fempereflc  (vt&  cxteramota  )  inloco  maiorifc,  ac 

tiieinmo  diuifibili ,  a>c  proiude d  pundto  quantitatemdiuifibjlem  hneg 

'«   flff  in  loneumproduci.  Paria  intelHse  demotuhnc£E,  fuperfi- 

diHtfibi..  ciei.&c.  Secundum  vcrode  quantitateconltanteexindiuin- 

''•         bilibus ,  itaut  pundum  geometricum,  hoc  eft  indiuifibile  fine 

motu  occupet  fpatium  quantum ,  &  cum  ahjs  indiuifibihbus 

componat  diuifibile,  acquantum,  idegopernego  propter 

voiumi.  tr.yriadas  rationum ,  ac  demonftrationum  phyficarum ,  ac  in 

lum'%  prJi^^is  geometricarum,  partim  apud  cit.Arift.de  hn.infec. 

demsfira  partiiTi  apud  alios  ncotcricos  (quorumhacde  rcintcgracx- 

^^'^^""^:  \.2SiX\Q)\\xtv\x\^)  &hic  partiminfcrius  apudnos.  Itaq;opi- 

tiifibiiia.  natiode  quantitateconftante  exindiuifibihbusgeometricis, 

nonlolum  fpcculatiueaflcrta ,  fed  multo  magisin  abufum., 

geometricumtraduda  — 

mdiuifi.  —- 1     Dcftruit  dignitatcra,  &  certitudinem  illius  philofo- 

iiiia  con.  phjx ,  qus ,  iutc  fcmpcr  demonftratae ,  ac  euidentis  veritatis , 

7atlm"'e'r  principcm  fibi  locum  cettitudinis  inter  humanas  fcienti;rs 

titudinis  vindicauit,  duma  fucata  geometria  vocatur  in  difputatio- 

frls!'     "^n^>  "^'"  incertitudinem,  quamprodunt  contrariae  fcnten- 

ticE  hinc  affirmantium,illinc  ncgantium  quantitatem  e.x in- 

diuifibilibus  conftate  .  In  qua  tainen  opinionum  contra- 

ditSione  illud  certiffimum  eft  ncutram  quidquam  officcro 

geometricaj  ahtixnCtx  vericati ,  ac  firmitati ,  in  qua  ( quidquid 

diflen' 
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diffentiant  phyfici  inquantitate  phyfica)  per  fe  notum,  ac  cw/r^- 
primumprincipiumeft,  conceptum  quantitatis  quantumuis  lu  '"Irc» 
minimsinuoluere  extenfionem  ,  &  confequenter  diuifibilita-  'ndiuifi- 
tcmfcmperininfinitumj  iicetinphyficaematerise  incommo-  cjjlciunT 
disncqueatfortecontinuari.  Cuiusabftracitae  veritatisgeo-  geomeni. 
mctricas  plures  habes  apud  nos  demonftrationes  in  tribus  ^*  '^*"- 
huius  Aerarij  Tomispro  variaoblata  occafionecoroliano-  tm  i»di. 
rum ,  aut  theorematum .  Hifiinia . 

Si  ramen  etiam  extra  inexpugnabile  propugnaculum- 
abftraftionis  geometricae  pugnandum  enetphyficeprovera 
geometria,  ftantproea  (vtin  anteced.indicaui)  omnes  ra- 
tionesetiamphyficae  negantiumquantitatem  conftareexin-   Demc». 
diuifibilibus;   Stant  (quod  caputeft)  volumina  inteerade-  P^'"""*'^ 
monftrationumgeometricarumetiamapudncotericos.  Sed  c&  tonirti 
pra;  alijs  ducitincxpugnabileagmen  aureus  libellus  Arifto-  '/'^'«'^■- 
telisde  lineisinfecabilibus,  Cuius  demonftrationes  loii^- ItiubiUs^^ 
culis  nunquam  ab  aduerfarijs  folutae.nec  in  pofterum,  propter 
euidentiam  venratis  (  modo  intelligantur  ab  ageometris  ) 
vnquam  (oiuend^,  tuentur.ac  firmantfundamenta,  &  ftrudu- 
ras  omnes  veroe  geometricx  philofophiaj;  cui  fucata  ageome- 
triainiuriamnititur  irrogare  difceptatorias  incertitudinis. 

2     Dertruit  vniuerfam,  &admirandamGeometricsePhi-  l"f/"'f^^ 
lofophije  partem  de  proportionibus  irrationalibus ,  qua?  ver-  na imon. 
fatur  circa  quantitates  incommenfurabiles.  Ac  (  vtexem-  menfur». 
plum  indiceminlineis)  nullaserunt  linese  incommenfurabi-  t,'a^T' 
les,  quarum  tamen  plurimasdcmonftrantelementageome- 
tricain  lib.io.Nam  iuxtaveritatem,  &fententiam  Ariftot. 
illib.dc  lin.intecab.  omnes  Itneit  commenfurahUes  erunt  ,  c^ 
omnes  ab  indtuiduts  lineis  dimettentur  .  IndtuidnA  autem 
line<ejibtipfis  commenfurnbiles  funt .,  cumtnter fe  Jint  Aqua» 
les.&Lc,  ideft ( iuxta  ea ,  quae  habes  apud  nos  in  §  i  ad  axioma 
10  in  1. To.hu. Aerarij,  &inSchoI.  vetcrigra?coapudCom- 
mandinum  ininitio  lib.ioelem. )  oportet  menfuras  minores 
ejfe  tjs,  quA  menfurantur.^c.necejfe  eft  omntum  miaimam 
effe  menfuram  :  tjuare  (jr  magnitudinum .  /i  omnes  menfurtt 
communtmenfuraatur  y  necejfeefi  minimameffe%  Cumigi- 

tur 
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tur  in  omni  gencrc ,  qus  funt  extreraa ,  &  minima  fint  in  ter  fe 

aequalia ,  vclut  indiuilibilia ,  feu  punifla  in  iincis,  & ,  iuxta  fu- 

Per  mrf;-Catam  geometfiam ,  lincaconftetex  puni5lisindiuifibi!ibus, 

!,ij?MiA  poterit  indiuifibilis  quscunque ,  ac  minima  linea ,  tanquam-. 

"■■"-"      certa,  &communis  menfura,  metiri  quaslibct  lineas,  velut 

quiitltit—  1  I-  o    1  • 

tes  funt  m  quadrato  diametrum  ,  &  latus ;  qua?  tamen  m  extiema,, 
commen-  prop.lib,  I G.  dcmonftrantur clfc  iincjE  incommenfurabiles. 

jurnbHes.  l       ^  ■  r  t  •  ^  •  i- 

Itaqjiuxta  mcatam  reguUm  in  antcc.§  zr,  quoniam  Imeae 

habent  proportionem  omniumfuorumindiuilibilium,  &ex 

hicantedidis,  indiuifibiliahabent  proportionem  commen- 

furabilem,  fiue  rationalem  i  ergo  &  lincaj  omnes  habent  inter 

feproportionem  rationalem. 

zfngmm      Si  rcfpondcas  comparari  a  te  aggrcgatum  indiuifibilium 

mnne  m  Qrnnium  vnius  lincsE  cumagsreeato  indiuifibilium  omnium 

tionc  om.  aireriusline£e,atq;ideo,  licetindiuihbiliafingulamterieha- 

«;««^  in-  beant  proportionem  rationalcm,tamen  aggregata  vnius  line? 

liiim  Cn  habere  proportionem  irrationalem  cum  aggregatis  alterius 

qumtitci'  lineae ;  contra  te  facis  ipfe  dum  doces ,  vt  fciatur  proportio  li- 

ncarisaggrcgati.inueftigandamedc  proportionem  ipforum 

indiuifibilium  pundorum ,  licet  non  omnium,  faltem  aliquo- 

rum ,  &  ex  ijs  concludendum  de  csetcris ,  ac  de  toto  linex  ag- 

gregato .  Comparas  igitur  re  ipfa  non  aggregata^fed  difgre- 

gata,  &feorfiminter  feindiuifibilia  pun^Sa.  Quxdumha- 

bent  propOrtionemintcr  ferationalem,  iuxta  hicprxdida; 

ergo&  aggregatahabebunf  proportionemrationalem.  Vi- 

de  &  num.3  fequentcm .  Ac  punda  diftributiue commenfu- 

rabilia  non  pofTuntelfc  vel  collediue  ,  vel  potcntia  ( idcft 

quadratis ,  qux  nulla  funt  ex  punflis )  incommcnfurabilia . 

Quoniam  autemiuxtaea,  quse  habef.in  §  r^adprop.^o. 
lib.6.in  to.2.hu. Aerarij , & iuxra  ea,  qua?  leges  inferius in  fine 
paralipomeni,  quodcftin  calcehuius  TertijTomi,  nonfo- 
lum  aliqus  Hneje  funt  incommenfurabiles ,  fed  &  fuperficies , 
&{olidai  fiergoeasfuperficies,  &cafolida(veIut&Iineas) 
fingas  conftare  ex  indiuifibilibus  ,  quoniam  funt  commen- 
furabilia,  erunt,  proprcr  hicprsedifta  ,  omnes  fuperficies, 
omnia  folida  comnnenfurabiIia,nec  vlla  eritirrationalis  Geo- 
metria,&Stereometria.  De- 
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3     Deftruit  omnes  commenfurabilirates  potentia  incom-  i»diuifi'. 
menfurabilium  longitudine .  Verb.gr. quoniam in quolibct  ,'r'/j""^. 
quadrato,exlib.i.propor.47,  potentia,  ideftdiametri  qua-  utatesfo 
dratumeftduplumpotentiae,  fiuequadratilateris;  ergo,  li-  *Znfurl'. 
cetdiameter  titincommenfurabilis  coftcE  quadrati,  tamen-.  bHes. 
earumiinearum  incommenfurabilium  potentije,  idcft  qua- 
drata,  habentproportionem  commenlurabilem  i  ad  2.  At 
fiproportionem  eorum  quadratorum  fpedcs  ex  indiuifibi- 
libus  ,  ideftexlineis  quafiipfa  quadrataconflantibus,  quo- 
niam  fingulaj  iinese  quadrati  ex  diametro  funt  jequalcs ,  &  pri- 
ma ,  ideft  ipfa  diameter ,  eft  incommenfurabilis  primse ,  ideft 
coftsB  quadratiex  cofta  ,  &fecunda  fecunda?,  &fic  rciiquJE 
omnes  vnius  quadrati  iineae  funt  rcliquis  omnibus  alterius 
quadratiiineis  incommcnfurabiles,  ergo&  quadrata  erunt 
incommenfurabilia ,  contra  propof.47  lib.  i . 

Ac  multo  magis  vrget  argumentum  fi  affirmes(  quoniam- 
omneslinex,  qua^infinitie  numero  funtin  vtroqiquadrato, 
numerari ,  &  comparari  non  poflunt )  fatis  cffe  comparari  aii« 
quasalteriuscum  totidemalterius  quadratilineis,  &ficdo 
reliquislineis,  &totisquadratis  conciudi.  Exantecedenti- 
bus  enim  incommcnfurabilibus  nonpoteftde  rcliquis  con- 
cludinifiincommenfurabilitas,-  invtroq;enim  quadratofin- 
gulae  funt  «equales  incommenfurabilibus,  idcft  diametroin 
altero  quadrato ,  &  coftae  in  altero . 

Atdices  invtroqi  quadratoduasextremascoraplerequa- 
drata,  &commenfurabiIia  eafacere.  Refpondeoextremas 
haberi  nonpofle.  Cumenim  fintiuvtroqjquadrato  infini- 
tae  numero  Imes ,  extrcma  in  neutro  haberi  poteft .  Et  fi  con- 
cludas  dereliquis,  acde  extrtmisiuxta  proportiones  ante- 
cedentium  al'quariim,  quoniam  antectdentes  funt  incom- 
menfurabilts  finguiaF  vnius  fingulis  altcrius  quadrati,  redit 
argumcntum  antcpofiium ,  & conclufio ,  ergo  &  reliquaj ,  ac 
poftremsE  ( quec  tamt n  non  poffunt  haberi ,  vt  pra"didum  c  ft ) 
funt  incommcnfurabiles,&  incommenfurabilia  tx  ijs  qua- 
drata . 

Acquod  dictumeftin  exemplo  diamctri ,  &  coftas  intel- 

lige 
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lige  dealijsetiam  quxcunq;  fintlineae  incommcfurabiieslon- 
giiudinc ,  feu  potentia ,  ideft  quadratis ,  commenfurabiles , 
Quarum  commenfurabilitas  potentiadeftruitur,  iuxtaprse- 
dl6ta,  fiquadratorum  proportio  fpedetur  exlinearum  pro- 
portionc. 

Atveronos  inOdauo  AerarijhuiufceTomo  fuotempo- 

re  prodemus  etiam  de  incomraenfurabilibus  aliqua  praetcr 

vulgata ,  quemadmodum  adhucfecimus  in  tribus  hifce  To- 

f^ntit».  misAcrarij,  &in vtroqiTomo  Apiariorumcirca  quantita- 

tcs  etiam  jgs  commcnfurabiles .  Verbi  grana: /»per  datis  reclis  li- 

tcnii^cs.  mlia.^c.commenfurabilia:  atquemdicdbimus  hnearumin- 
menfurft.  commcnfurabilium  aliquarum  non  folum  potentias  com- 
menfurabiles ,  ideft  quadrata,  vt  docet  tertia  definirio  lib.  i  o, 
fed etiam ,  vltra eam  definitionem ,  pandemus campum  figu- 
rarumpluriformium  comroenfurabilium  fuperincommcnfu- 
rabihbuslineis,  quasvocabimus  fimilitudine  commenfura- 
biles  ,fiue  citra ,  &  vltra  potcntiam  commenfurabiles.  Exera- 
pli  causa,  fuper  quadrati  diametro ,  &  cofta  erigi  pofTunt  non 
iolum  quadrata ,  fed  polygona  qugcumq,-  numero ,  &  fpecie, 
feu  formis  infinita  fimilia.&c.  quse  vi  propofitionis  3  5  libri  6, 
erunt  inter  fc commenfurvibilia;  eaq; minora,  vcl  a?qu:ilia  ,  vcl 
maioraquadratiscxdiametro,  &coftis,  acideovococitra_. 
potentiam ,  &  vltra  potentiam  commenfurabiles  lineas ,  ideft 
eas ,  fuper  quibus  maiora ,  vel  minora  quadratis  conftituun- 
tur.  Infinitamiftam  multitudinem  polygonorum  fimilium_. 
commenfurabilium  fupcr  incommenfurabilibus  diamctro,  & 
cofta  funditus  eucrtunt  mdiuifibilia ,  feu  linese  ea  polygona , 
iuxta  fidionem  aliquorum,  componentes.  E' quorum  col- 
lcftiua,  vel  diftributiua  proportione  fi  polygonorum  illorum 
proportiones  funt  fumendae ,  aut  nunquam  fciri ,  ac  finiri  po- 
tcrunt.autfallacitcrcognofcentur,  luxta  nuper  prxdidade 
quadratis. 

4  Deftruit  non  folum  irrationalem ,  fed  etiam  labcfaflat 
foIidum,ac  primarium  firmamentunvationalis^ac  omnis  om- 
nino  proportionis  inter  hneas,  fuperficies,  &  folida,  &  eoruin 

om- 
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omnium  quajcunq;in  libris  Eleraentaribus ,  in  Archimede,  ^'*^'"*'fi- 
Pappo,  Apollonio,  atq;apudquofcunq;aliosvere  geome-  ,r«"'/«^ 
tricos  pliiiofophos  demonftrara  funtcirca  quaslibet  figura-  damen— 
rum , & linearum  propornones .  Nam refta impetit,  & defi-  ^p^^J^-' 
cientias  arguit  dcfinitionem  4  lib.  5  elem.  quae  regula  eft  omnium 
cognofdendi  qusnamin  Geometrica  philofophia  quantita- ^"'"'"'''- 
lcs ,  feu  magnitudincs  habcant  inter  fc  proportionem ,  fcili- 
cet  qu<e  multipitcatit jjofitint fe  mutuofuparare ,  Dum  enim-. 
altera,  cxemplicaufa  minor,au(5taxquat,  acetiamalteram 
fuperare  poteft ,  patet  inter  illas  duas  quantitates  pofie  effe 
proportionem  aequalitatis,  vcl  inequalitatis,  &alterutram, 
feu  potius  vtranq;nece(Tario  debere  effe  finitam.   RelegCj 
apud  nos  adnotata  adprimas  illas  definitiones  libri  5,  \^ 
hicinferiusin§  29. 

At  vero  venari  ,  &  ftatuere  proportioncm  lincarum  ex 
proportione  omniumpun^lorum  inlineis,  ficuti  fuperficie- 
rumexomnibuslineis,  &foIidorumex  omnibus  fupcrficie- 
bus ,  eft  quafi  traducere  proportiones  ad  ea ,  quas  funt  nume- 
ro  infinita ;  &  re  ipfa  cft  inficcre,  &,  quafidcficiens,  exan- 
gufcijsfiniti  producereadinfinitorum  prportionesprimuni_ 
illius  4  definit.  principium.  Quisvero  nefciatexeadefinit. 
vulgatumilludconfcdarium: /»/"//,  (^infiniiiad  infinitum 
noneftproportio?  Quoniamigitur  inlinca,  fuperficie,  foli- 
doindiuifibiliafuntinfinitapunda,lines,  fupeificics,  ideo 
iuxt3  4  defin.lib.5,nonpoteftefle,  vclagnofci  pcrindiuifi- 
bilia  ,  prsefertim  omnia  ,  proportio  linearum  ,  fuperficie- 
rum,  folidorum. 

Aniterabis  id  efiugium:  compararete  interfe  aggrcga» 
tum  vnum  indiuifibilium  cum  aggrcgato  altero ,  caq;  aggrc-  ^^fj^ 
gata  cum  fint  finita ,  in  fpatio  finito ,  terminata.  &c.  non  effe  comp^ra. 
extra  legem  4  definitionis  ?  Inftabo  &  ego :  rcdtc  tu  quidem ,  ".""^ """ 
mihomo;fedvtoftendasproportionem  interfeduorumag    dtuifibi.'. 
gregatorum  refilisafinitoaggregati  ininfinitumnumerum_  i''"».&c. 
indiuifibilium  in  aggrcgatis,  &  vteris  omnium  indiuifibi- 
lium  proportionibus  in  vtroq;  aggregato ,  vt  ex  ijs  agnofcas , 
&concludas  aggrcgatorum  proportioncs .  Itaqiverbo  ag- 

E  e  e  gre- 
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gregati  finiti  teipfe  contines  intra  legitiinos  geometri^Ii- 
mites  a  dcfinir.^fancicos,  atvero  re  ipla  excra  vagarisin., 
mfinitorumnumero  indiuifibiliuniomniumreriem  nunquam 
^    ,      cxhauriendam . 

Ctmpara  .....  .  ,. 

tio  qum.  Hic  diaa  mrellige  ctiam  contra  comparationcm  Iinca- 
"""«»»  rum,  velfigurarum  perpartes  proportionalcs,  aucpoflibi- 
rifcrtar.^^^-,  qux & ipfeE  infinitcE ("unt in  infiniraduufibilitate  abftra- 
tes  froi^or  ^x  gcomctricK  quantiratis,  vt  fccpedi(5lum,  &demonftra- 
^""'^^  ■  tum  habes  in  toto  hoc  noftro  Aerario . 

An  rurfus  affirmabis  te  nonire  perinfinita,  ncceffe  ne- 

cefle  confcrre  inter  feomniaindiuifibilia,  velutiomniapun- 

da  vnius  linesE  cumom.nibus  alterius ,  fcd  fatis  effe  aliqua_. 

comparare,  &  concludere  dereliquis  omnibus ,  quoniam  ea- 

f£ne"Td  ^^^^  r^^'°  eftomnium  ?  Ego  vero  affirmo  neccfle  eflfc  fingula, 

compara-  &  omnia  cumfingulis,  &omnibus  indiuifibilia  indiuifibili- 

'""'1''.''- buscomparare.  Namionotus,  acincertuseftnumeiustefi. 

diuifbi..  duorum  indiuifibilium,  veluti  pundoruminvtraq;  linea.atq; 

iium   '»  ideo  nefciripotefc  anrefidua  fintin  eadem  proportione  an. 

tibus .     tecedentium  .  Idcm  enim  icliduum ,  quemadmodum  &  tota 

hnca,  modo  pluribus,  modo  paucioribus  pundh^s  rcfertum 

eflc,  ajquari,  &comparari  potefc,  cuiusrei  apertumexem- 

plum  habcs  inferius  in  §  2  5. 

Hicintcrcacxcmplum  apponamdelineaquadratricc.  Si 

paraiogi.  quis  .n.  comparct  hncam  cncularem  vnius quadrantis cum  li- 

fiiuiUa'  neaquadratrice(eritautem  interomnes  hncas  proportio,& 

^indMifi.  comparabilitaspcr  indiuilibilia  proptcr  rationes  de  incom- 

biiin .      menfurabilitatc ,  in  num.2  praeced.)  &  progrediatur  vel pcr 

piuminii  P""'^^,  velperfimiliumfcgmentorum  proportioncm,  &poft 

neis.       fimiliaaliquafegmenta,  \nitxz.\:  fic de rdiquis \  ideftfuntin 

eadem  proportionc  punfta  reliqua  ad  fincm  lineas  quadrantis 

extrcmse  cum  pundisreliquis  linesquadFatricis,  inmanife- 

ftum  incidit  paralogifmum  contra  4  definit.  lib.  5,  &  ponit 

proportionemfiniticuminfinito;  quialineas  quadratricisex- 

tremumdari  nonpoteft;cftenimafymptotos  adfemidiame- 

trum  quadrantis ,  vt  habes  apud  nos in  Analeftis  ad  4  editio- 

nem  noftrorum  Apiar.  AnaletSo  $>,  num.  i.  Infinke  fcmper 

nia- 
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magisquadratrix  acccditad  femidiametrum  quadrantis  per 
additionem  infinitorum  pun<fiorum,  neq;  tamen  attingero 
poteft,atq;ideoeiusextremumnefciri,  necdaripoteft,  nec 
valetillatio  deciusextremoreliquocum  rcliquoextremoii- 
nca^quadrantis,  licct  antecedentia  fcgmcntain  vtraq;linea 
quadrantis,  &  quadratricis  in  eadcm  ponantur  proportione . 

Qupd  adlineas  inplanisattinet,  recole  exempla  paullo  ^"^P^'*'» 
antealiatainn.3  liu.§2  2,vbieuideterapparetquam  pericu-  'ficubus' 
lofus  fit  faltus:^r^<?  (^ficde  reliquis.  Ingerit  enim  affirmantem 
in  foueam  fallacis  ageometriee ,  &  ex  lineis  in  citato  exemplo 
incommcnfurabilibus  antecedentibus  concludit  dereliquis, 
&  de  totis  quadratis ,  vel  polygonis  fimilibus  incommenfura- 
bilitatem ,  contra  propof.47  lib.  i ,  &  3  i  Iib.5. 

Quod  ad  fuperficics  attinet  ( fic  habes  exempla  a  nobis  \n 
omni  genereindiuifibilium,  pundorum.Iinearum,  fuperfi- 
cierum.&c. )  recole  id  abfurdum ,  contra  quod  habcs  §  6,  qui  Exfpinm 
eftaddefinitionem^.Iib.  j,  fub  initio  hu.tertijTomi  Acrarij;  "^f"'"^"- 
fcilicetper  fallamillationem  dercliquisineadem  cumante- 
cedentibus  proportione  falso  oftendi  reiiduura  finitumter- 
minarsE  figura?  xqualefpatio  infinito,  &  figura:  folidaeinter 
afymptotosimaginaria? ,  hoc  eft  figura; infinirse ,  hoc  eft  ffgu- 
raenon  figura?.  Relegeibi.  Quare  cum  neceflt  C\t,  ad  co- 
gnitionem  non  fallacem  proportionis  inter  omnia  indiuifi- 
bilia ,  omnia  comparare ,  eaq;  finr  numero  infinira.nunquara 
poteritperfici  cognitioproportioniseorum,  &linearum,  & 
fuperficierum ,  &  figurarum  ex  ipfis  conftantium . 

5  Deftruit  priEcipua  aha  principia.&admiranda  thco-  indinifi. 
remata.problemata  ,  corollariadeplanis,  &folidisin  vera,  f'"' "'^ 
&iolidd  Geometrica  Philofophia,  vt.inlerius  exemplisali-  puathe». 
quot  prodamin  reliquisrecenfionibus  adaliqua  elejnenta-  '■"""« 

10/1  -^  ^j  /1  Geome. 

planimetrica ,  &  ftereometrica .  Quse  tamen,  cum  demonltra-  ,„4. 
tiua  firmitate  nicantur  omnibus  recro  fajculis  inconcufsa  , 
ita  fe  tuentur ,  vt  intentatam  deftrudionem  merito  in  ipfam_ 
mct  antigeometriam  reuoluanc ,  Ad  mferius ponenda  exem- 
pla  tcpioiioco . 

6  Deftruit , deterit ,  decipit  ingenia  ftudiofcrum ,  &  ea_. 

Eee     2  auer- 
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indititfi.  auertitab  antiquainconcurscdemoftratiuaGeometrica  plii- 
ftrHunT'  lofophia,  &inducitingeometrica  demonftratione  fruftratos 
inanesmo  voluminum  laborcs,  &ad  inanesadigit  fubftrudiones  do- 
^//n^/r  los^fmidatas  inindiuifibiiium  infidisarenisi  necauditapud 
d»metis.  Boetiummoncntem  philolophura. 

^lutfquis  njolct  peremcm 
Lib.z.  Cautus  ponere  fedem , 

^*'^-'^-  Bihulas  vitet  arenas , 

^ujt  pendulum  /olut£ 

Ponaus  ferre  recufant : 

Sciiicet  in  quantitate  indiuifibilia  traduda  in  abufunu, 

Geometrica?  phiiofophias ,  fiue  in  aham  quamlibet  mathema- 

ticarum  fcientiarum  partem ,  pondusfolidarumdemonftra- 

tionuma  veteri  vera  Gcom.etricaphilofophiairapofitaium».. 

nonferunt,  &milcre  concidunt.  Nutantibus  eniminccrta 

opinionefundamenr.is,  atq;etiamarobore  veritatis  geome- 

*.v  \TJh  tric^B,  cuimanifefteopponuntur,deftitutis,  necclTe eft qua:- 

indtuifiLi  cumq;fuperftruuntur,  atqjabillis,  quaficorollaria,  vclab- 

'(■"'d/fpj  ^^^^^^*  vclin  vfusquosiibettraducuntur,inania,  &  faifade 

fis.         inanibus,  &falfis  prodirej  vtvcro  veritatem  induant  ,  de- 

ftradis  fucatis  inuolucris ,  traducenda  efle  per  principia ,  fl^ 

clementa  vfitatse,  antiqua?,  demonftratiuse  geometricx  philo- 

fophije,  quam  nos  hic  libcntcr,  ac ,  vt  fpcro,  non  inaniter  tue- 

mur.  Deniq;,acrurfus,  affirrno,  propter  antcdicta  in  hoc 

toto§  2  2,&pcr  inferiusdicenda,  quxcunq,tandem  fitars, 

&facultas,  cuiusexcroplo  fucata^Geomctriaj  fedatorcs  fo 

tutentur  (  prasfertimfiquid  Arabicae  leuitatis.acfemiprifc^ 

inuentionis  fuboleat)  quaeinfuis  theorijs,  acoperationibus 

vtatur  modo  fimili  cius ,  qui  elt  in  abufu  indiuifibilium  ,  fl^ 

verfeturcircaignota,  &comparet  interfe  quaenumero  func 

infinita  ,  pari  ratione  tanquam  auerfam  ,  &  aduerfam  de- 

monftratoris  ver«  Geometrica  Philofophice  procul,  ac  pror- 

fusabijciendam. 

iniiuifi.      y     Dcftruit ,  fcu  mutilat  non  folum  veram  pfcudogeo- 

^tlZomil  "t^^"'^  indiuifibilium,  fedetiam  feipfam  mutilatamprodit, 

m».      imperfcdam  ,  &  non  folijm  indigara  firmamentis  dcmon- 

ftra- 
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ftrataeverltatisjfedetiam  deficienteminprxcipua,  &admi- 
randa  parte  Gcometricse  Philofophis ,  hoc  eft  in  cognitione, 
&  proponionibus  ,  &  dimenfionibus  ,  &  ahjs  gcometricis 
affcdionibus  circafuperficiescuruas,  adquasindiuifibiUum 
ope  inope  pcrtingcrenonvalet.  Curuaplanis  comparare, 
jequare,  commurare,&c.  magis  mirum  ,ac  iucundum  cft, 
qudm  curuihneisterminata  planaredilineis  planis  2Equah<T_. 
ofiendere  ,  velut  circulum  quadrare  .  Cuius  folertis  qua- 
dratorie  curuarum  fuperficierum  breue  fpecimen  inferius  in_. 
§  ^papudnospermodiimcorollarijhabebis,  vtopeslegiti- 
mx ,  &  inopiam  fucats:  Geometris  paucis  indicaras  difpicias. 
Praterpluraaliacirca  idargumcntum  infcd.  r,  &2  (tereo- 
mctrici  noftri  Breuiarij,  in2  partehu.^Tomi. 

Hanc  veropartem  Geometricx  phiiofophisde  curuisfu- 
pcrficicbus  eNColere  ( quod  fieri  nequit  per  indiuifibilia ,  &^   vrmtt» 
quod  facillimefit  acentro  grauitatisin  infinitis  numero,  &  '»  '"M- 
fpeciemixtish'neis  gyratis,  &curuaspluriformes  fuperficies  ^^^i/*^ 
produccntibus)  cuiusinGeometricis  Elementisnulla,&ex-  -/«  5«- 
traeiementa  vix  aliqua  exrant  veftieia,  idvereeftGeome-  '"""" 
tricam  Fhilolophiampromouere.praeiertim  propterprjecla-  uitmis. 
rilTlma  corollaria  indededu(Sa,  qualiahabes  inferius  apud 
nos  in  priore  parte  fcclionis  2  cit.Breuiar.Stereom. 

§  XXIII. 

Contra  definitionem  15  de  circulo 
fucus  ageometricus. 

I  \  Ntiquatuai/lageometricaeleme»ta,qu£propteyh y 
J^\^  ac tantopere tueris ,  manifefi} vtuntur indiutjibili' 
hus .  Dum  enim  defintiur  circulus  adcuius pertpheriam  om- 
nes  linesB  a  centro  lunt  jequalcs  ,  mamfefte  fupponunt  ,  ^ 
<vfurpant  ad  circuli  cognitionem  indiuiftbilia  omnia ,  idefi  li' 
neas  omncs ,  in  cjuas  minimas  fecabilis  efi  circularis  fuper- 
ficics. 

2     Faria  etiam  habes  in  Hb,  1 1 .  elem.defin.i ,  dum  definit, 

Imtam 
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lineam  reStam  ad  fUnum  ejfeperpendiculartter  ere&am^  qudi 
ad  redas  omncs  lineas  fubicdi  plani  redos  angulos  tfficit . 

3  Ac  quodpr^cipMum  eftpro  vfu  indiuifibilium  ,  in  eiuf- 
dem  lib.  i  t  prcp»^,  oflendit ,  ^  demonfirat Itneam  rcctam  .  qua, 
cum  duabus  reffis  in  plano  fe  mutuo  fecantibus  angulos  recios 
epcit ,  ejfcere  etiam  cum  omnibus  eiufdem  plani  lineis  ,•  de- 
monftrat  ,inquam  ,  id modo  ilb  noftro per  comparationem  cum 
duabus ,  aut  aliqnot  alijs  Imeis  in  plano ,  ^  de  reliquis  omni- 
busplani  linets  concludtt , 

§  XXIV. 

Propugnatio  definitionis  de  circulo,  &fimilium,&c. 

in  geometrica  philofopliia  contra 

fucos  ageometricos. 

I    y'^  Vod  adcirculi  defJnitionent ,  refpondeo  primo  intelli- 

V^/  gendani  eam  effe  eedem  modo  ,  quo  nos  tntelligendi 

^^^^  fumusfi  quando  de  cylindro ,  cono ,  ac  de  altqui- 

hus  altjs  fguris  pronuntiauimus ,  eas  conftare  ex  circuUs ,  'vel 

Exempli.  triangulis ,  vel  reClangulis ,  fciltcet  cum  addttione  verbi  a  no - 

nonveri   bis  femper vfurpatt:c\^s{\ :  qiindammodo:  txcmpli  giaria, 

t?a'*\Tiis  ^^  Itaq\dtfinttio  illaefi  ex  fuppofitione ,  ac  proexemplo :  fi 

aliqui^     ftni^as  {quafidicat)  areamcircularem  conflatam  ex  infinitis 

l^lJ.L^y*'  quodammodo  lineis ,  eaeft   quA  eas  omnes  Itneas  xquales  habet 

niulatus.  in  orbcm  apundo  meciio ,  <^c.  Refp.  2 .  cafiigatx  magts  Gcowe- 

triie  definttionem  de  circulo  alteram  tllam  effe ,  quam  Ijabes 

Cafiiga-  apudnosin  /  To.ad  i  5  def.  qUiHque ortum  circuliprodit .,  fci- 

definkio   ^^^^^^fi^  fguram,  quam  producit  re£ialinea ,  altero  extrcmo 

manente ,  in  orbem acia .   Confrmantur  praduia ,  qu)fd Eu~ 

clides  dum  demonftrat  proportionem  interfe  ctrculornm ,  tton 

eam  prodtt  ex  indiuifibiitbus  ,  fcu  itneis ,  fedex  proportione , 

quam  habcnt  quadrata  dtarnetrorum ,  lib.  i  2  .prop  i . 

2  Prxdtiiam  de  ctrcult  defnittone  noftram  interpreta- 
tionem appltcare Itcet  defnttioni  ^libri  1  i  elem  e img^confr- 
mat  Euclides  tpfe  inpropoft\  eiufdem  1 1  libri ,  dumpro  omni- 

bus 
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hus  pUni  limis  apertc  a^rmat ,  tradudto  plano  per  duas  li^ 
ticas  effe  reciam  qnamptam  perpendiculariter  ereclam  \  Vide 
in  rem  hanc  apudnos  inftrtus  in  §  3  2  Schol.  T,  fub  finem  huius 
noflri  Epilogt  iHanimettict .  vbt  camprop.reponimus . 

^uaproptcr  fio»  eft  (juod  puritatem  geometrtc<e  antiqu.t 
philofophtx  tnficere  tentes  nouitio  ifloc  ttio  indtuifibtltunu 
abusu ,  tn  quem  nufqtiam  illa  incidit ,  neftbi  ipfa  repugnet . 

§  XXV. 

Axiomatis  9,  totumeft  maius  fua  ^%xit yveritas 
arguit  fucum  pfeudogeometri* . 

REpone  hic  figunm  propof.53  lib.i.         A  R 

Elem.  &  fuppone  diametrum  C  B      /^l.--'''/ 

eUe  maiorem  ( vt  vere  eft  in  figura )  quoli-  ^ / 

bet  feorfim  fumpto  latere ,  velut  ipfo  A  C ,  ^ 

ita  vt  AC fit  pars  ipfius C  B;  fi  lincarum  quantiratem ,  &  pro- 
portionem  venariscx  indiuifibilibus.fcu  punftis,  quoniam  ab 
omnibus  pundistorius  C  B  ducipodunt  reds  paralleliB  ipfi 
A  B  ad  ipfam  AC ,  ergo  totidcm  erunt  punda  in  A  C ,  quot 
in  BCergoequaleserunt  BC,CA,totum,&pars.  Quid  firinii. 
refpondes?non  concludcrenoftrum  argumentum,  quiaac-  «tfibiitn^ 
cipiunturpunda  Ijnearumnonineodcm  fitucollocatarum?  ^T'^^,"* 
quia  fcilicet  altera  obliquius,  quamalrera,  lacet.  Quodfi  fuaf^ne. 
vtraque  in  eodem  fitu  collocentur,  appareb^t  altera  maior 
minore,  &  in  maiore  plura  effe  puiida  ,  quam  in  niinore. 
Itane  ?  Igitur  eademlinea  modo  maior,  modoajqualis  eft 
fu^parti,  fciiicetpro  varietate  collocationis  cumaltcra;  & 
axioma  vniuerfaleerit  intelligendumin  lineis  cum  prsclara 
ifta  exceptione ,  &  accifione . 

Atq;hic  affirmabis  ,  opinor  ,  innationem  illam  pun^fto-  EfugiHt» 
rum  ,  vtcademfincuquafifuillum  inteftinummodouiflctur,  '"""'  ^^ 
acdiftendatur,  mododttumcat,  &contrahatur.  Relegein  u^eaTZ. 
§  2o,num.5  qu^indicauimus  deinani,  acnullaifta  iuflatio-  fiota. 
ne  in  geometrica  vniformi  abftradta  quantitate  lincarum ,  fu- 

per- 
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pcifidcrum,«&c.  Huc  alia  aliqua  fpeftantia  vide  infcriuc 
in  §  2  #  feq.numer.3>  ad  propof.j  5. 
1 

§  X  X  V  I. 

Pfeudogeoraetri?  fuci  contra  propof  55,  &  3(5!ib.i  Elera. 

■  dc  planis}  &  contra  alias  propofit.de  folidis 

in  libris  1 1,  &  12  elem. 

I  T\  BopoJ/tiones l'),  ^ ^6  lib,\ .elem. /'»  quibus  ojlendun' 
jj^  tur  xqualiaparallelogrammAta  tam  re&angula,quam 
obliqua  etiam  in  infimtum ,  fufer  eadem ,  vel  fuper  xquali- 
hus  bafibus  in  ijfdem  parallelis ,  an  mn  falfafunt ,  quandoqui- 
dem  {inquitnouitix pfeudogeometria feCfator quifpiam)  in- 
concuffa  ejl  deCirinade  planarum  figurarum  quantitate  con- 
Jlante ,  ^  fpeBanda  ,•  c^  comparanda  pro  numero  linearum  ? 
Duorum  enim  paraUelogrammorum  habentium  commumm  > 
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vel  £quales  hafes  profe^o  alterum  erit  maius ,  quod  e  pluri-  \  *  n 
busconjlatlineis,  Veiut  ^  comparatis  intcr  fe  parallelogram-  I  t  ti 
tnis  EC,PC  quoniam  latera  obliqua  A  PyCN  longtora  funt  1  « t 
perpendiculanbus  E  AX  B,  epluribus  etiam  conffant  pun^is^  \  i  iii 
acproindcpcr  plurapun^a laterum  P AyCN plures commu-  *,t. 

ni 
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tti  hafi  A  C  pdrAlleU  duci  fojfunt ,  quamper  pattciord  punlfA 
laterum  E  A^BC  \  at£  ideo  parallelogrammum  obliquum  P  C, 
quod  e  plurthuj  confiat  linets ,  maius  efi parallelogrammo  E  C, 
quodconfiat  epauciorihus  Itneis  .  Ergo  ruit  hxc  3  5  propofitto, 
^  fequens  i6,quas tamen  Euclidei  reponuntinter  admiran' 
das .  Scilicet  prxclara  doHrina  de  indiuifiUbus  ,  traducfa  in 
'vfum  geometrtcx  philofophix ,  ofiendit  fallacias  elementares 
antiqu<e ,  dr  i^m  per  veritatem  indiuifibilium  antiquata.  Geo- 
metri.e . 

Similes  intellige  noflr^s  oppofitiones  contra  lib,  r  i  propof 
29»  3  0,  3  I  deparallelipipedts ,  c^  Itb.  i  2  prep.  i  r ,  ^coroUar. 
de  conis,  cylindris  ,  (^  e  j  de  prifmatibus  xqualibus  fuper 
aqualtbus  bafibus  planis  inter  parallela  plana ,  ^c.  Obliqua 
enimfolida  conftant  epluribus  phnis  fuperficiebus ,  quam  mi^ 
nusobliqua,  ideo^inxqHalia  inter  fe  funt .  ^idquid  vete- 
res  elementarij  fcriptores ,  vel  tu  ipfe  tnferius  aliter  demon^ 
firaturum  te  exifiimes  ex  vfu  geometrico  centri  grauitatis  irt 
fe^.  1  ,§  2  Breuiartf  tui  Stereometrici. 

§  XXVII. 

Propugnatioprxdi^Arum  admirandartim  elementarium 
propofttionum  de  planis ,  c>-  folidis . 


I 


F' Vcus  f ucum  fibi  a  me  ficri  conqucrirur ,  qui  fpeciofam 
illam  eius  vniuerfalcm  regulam  de  indiuifibilibus  vel 
non  intelligam,veldifl[lmilem.  Intclligenda  cnimcft,  (in- 
quit)  proportio  planarum  figurarunn  ex  lineis,  (olidarume 
planis  oranibus,  fiaccipiantur  linex,  vel  plana  fecundum_. 
eundem  fitumduda.  V.g.in  repofita  hic  figura,  parallelo- 
grammata  E  C,  P  C  habent  infr  fe  proportionem  aequalita- 
tis.quiaomnesredas  linesEalteriusfuntffquaks  omnibusal- 
teriuscolleftiue,  &diftributiuc,  fcilicetomncs  fimulomni- 
bus,  fingula?  alterius  fingulis  altcrius  (  nenipe  lateraoppo- 
fita  in  femper  a?qualibus  partialibus  parallclogrammis)  li- 
,  neas,  inquam,  fpedats  fecundum  eundemdudum ,  fiue  fe- 
I  F  ii  cun- 
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cundum  fediones  linea  perpendicularis  ( v.  g.  lateris  E  A ) 
fadtas  bafi  AC  parallelas ,  velut  funt  redae  L  G  H  ,  I K  D :  fic 
enira  totidem  linea;  funt  in  vtroq,-  parallelogrammo  redan- 
gulo  EC,&  obliquo  CP,  ac  ideo  funt  aequalia .  Quare  noftra 
geometria  non  contradicit ,  vt  fingis ,  fed  confentit ,  &  aflcn- 
titur  vereri  Gcometri^e . 

2     Nihil  agis  cum  hoc  efFugio ,  & cum  hac  exceptione . 

QucBro  enim ,  dudlis  omnibus  ( quod  ramen  efl:  impoflibile , 

cum  fint  numcroinfinitaj,&c.  iuxta  demonftratiue  indicata 

in  §  2  2  anteced.num.4.)  lineis  per  omnia  punda  laterura  per- 

jiratiocs.  pendicularium  E  A,BC,  anejelineastraducanturetiamper 

tra  com.  omnia  punda  laterum  longiorum  obliquorum  AP,CN? 

%urars   ^^ g^^is  profcdo ,  quia  patentiflimura  eft  in  obliquis  ion- 

fer  indi.  gioribus  latcribus  pluraenepunda,  perqua?  traduci  pofTunt 

tiifibiiia,  plurcsiineffi  bafi  communi  ACparallcIa?.  Igitur  inobliquis 

longioribus  A  P,  CN  ,  praeterlincas  tradu(Sasex  omnibus 

pundislatcrumredorum  E  A,  BC,  funt  aliquaintermedia 

fpatia  vacantia ,  per  quje  duci  poflunt  alia:  linea? ,  ac  proinde 

maior  eftextcnfio,  &quantitas  obliqui  parallelogrammi  P 

C.  Ergo,  contrahanc  propof 35,nonfuntaEqualia. 

Prastereafiexlineis  tradu(5liscxoranibus  pundlis  laterutn 
fcilanguli  EC,&tradu(aisperlateraobIiqua  PA,NC  pa- 

raU 
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rallelogrammi  PC,  argucnda  eft  asquahras  paralklogram- 
morum  reiftanguli ,  &  obliqui ;  ergo  ex  eifdcm  lineis  arguen- 
da  erit  aequalitas  laterum  retftorum,  &  obliquoruro,  velut 
ipforura  E  A ,  P  A  ;  quod  eft  abfurdum  contra  axioma  95  & 
' huc  faciunt  quxcunq;  obieci  in  §  2  5  antec. 

3  Athabes  aliud  eftugium,  &refpondes  cum  fimilitu- 
dinetela;  gemincc,  inquarum  vtraquefinttotidem  fila,  fed 
altera  extenfa  fit  magis  ,  &  rarior  ,  quam  altcra  ;  fpedata 
itaque  quantitate,  &numerocodemhlorum  in  vtraq;,funt 
aequalcs,  licetraritatc&denfitateiniqualcs;  ficinobliquo 
parallelogrammo  CP  totidem  funt  Iine«e ,  quot  in  redo  C  E , 
&  praeterca  funt  fpatia  inter  lineas  vacantia  ,  quafi  fit  C  P 
obliquum rarius redo  denfiorc CE .  Sunt igituraqualia pro- 
pter  numerum  tBqualem  linearum  omnium  dudariim  per  om- 
nia  punda  laterum  re>ftorum ,  &  tradudarum  etram  per  latera 
obliqua ,  licet  diiferant  in  raritate ,  &  denfitate . 

Rcfpondeo  hoc  vere  eflc  in  geometrica  philofophia  per   uiram^. 
indiuilibiliatelas  aranearumtexcre,  quaeminutiorcs  mufcas  >''"»  "i^ 
capiant,  nonfolidas  mellificas  Apcs  Gcometricas.  Ac  in-  '"rh^^ZTr 
terim  miror  cur ,  dum  affirmas  totidem  lincas  in  vtroq;  paral-  indiuif,., 
lelogrammo,  non  etiam  ingeras  inflatas ,  tumentes,  ac  hu-  ^'^"*' 
mentes  in  obliquo ,  ficcas  vero  in  redangulo .  Sed  memen- 
toiamdidorumin§  20,  num.5.&in§  zj^fcilicctraritatis,  & 
denfitatisdiflTercntias  eiTenulIas  ,  nullas  inter  fc  difcrctasli- 
neas,nuIIos(ficutnecpun6torum)!incarumnecinI6gum,  mul-  /»  quan. 
to  minus  in latum (eft  enim  linea,  cx  cius  c-comctrica  defin.  la-  '"■'"^i"' 
titudmis  expers  )  tumoresm  contmua,  &vnitormi  geome-  i,i^ne  cf. 
trica  abftrada  quantitate.  Si  nobifcum  in  Apiar.i.  pracli   /"«f'«  ^ii 
bam.2  arancamgeometrizanteminducas,  iilanonteIas,fed  .^^i'den/. 
rctia  fiiis  parallclis  extenta  elaborat ,  quibus  geometricas  taicm. 
multipliccs  proportioncs  explicct;  &ficut  inter  aranca:  no- 
ftr?  geometrizantis fila  parallela  poflunt  duci  alia  fila,  ex  qui- 
bus  omnibus  tela  continua  conficeretur,&  eius  quantitas  efti- 
maretur,  non  autcme  folishlisdifcretis,  &paralielis;  itain 
obliquoparallelogrammo,  prxterlineas  traduiftasc  pundis 
omnibus  iaterum  reclorum ,  &  minorum.  pcr  puniita  non  om- 

F  ii    2  nia 


44 


EPIL.  PLANIM. 


L 

1 


E 

P 

B 

INl 

• 

/ 

G.- 

TVI 

7'H 

■  /  , 

K 

/ 



y- 

^ 

^ 

/ 

^^D 

I3imtH. 
fir^tio  co' 
tra  pnrM. 
hgia  indi 
hiflhiliii , 


Lnxave- 
rngeomt. 


nialaterumobliquorummaiorum  AP.CN,  funt&aliajli- 
ncaeduda;,atq;intermcdias,  exquibus  additisad  tradudase 
re(5langulilateribus,  fcilicetc  maiori  numero,  arguitur  ne- 
cefTariomaiorquantitasobliqui  PC,  quamredanguliEC, 
fiexindiuifibilibus.feu  lineis,  &  earum  numcro,  acmulri- 
tudine  «ftimandi  cft  quantitas  figurarum .  Vnde  abfurdum 
adhuc  viget  contra  ^dpropofit.lib.i.elem.&aliaseiufdemj 
libri ,  & librorum  ftereometricorurn .  Qnx  tamen ,  cum  cui- 
dentiam  demonftrationishabcant,  arguuntparalogiam  fu- 
cata:  per  indiuifibilia  geometriaj . 

4  Namvcra  gcomctriadocet  eandem  figuras  quantita- 
tem  efle  poffe  fub  maioribus ,  vcl  minoribus  terminis ,  c  quo- 
rumpundisducenda;  lineaBfallacitermctirentur,  &variani_. 
oftenderent  quantitatem,  vtinexemplofigurashic  habcsad 
3  5  propof.lib.i  elementorum.  Ex  qua  propdttione  veram 
regulam  habesxqualium  parallelogrammorum,  partira  pro- 
pterfegmentacommunia,  partimpropter  zqualiatiiangula 
(reuifedemonftrationem  li.  i  propof.35 )  quorumsqualitas 
non  ex  eodemnumero  a^qualiumlincarum  fallaciter  prodi- 
tur ,  fed  ex  congruentibus  cxtremis  corum  terminisctiam  tcr- 
minata; quantitatcs  «equales demonftrantur, iuxta ax.8. 

5  Ex  ha*fienus  in  antec.§  2  5,  &  hoc  27  prolatis  habes 

vnde 


r 
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vndetuearis  aequalitatcmnon  folum  parallelogrammorum, 
&tiianguIorum  redorum,  &quantumuisobliquorum  fuper 
aequalibusbafibusintereafdem  hneas parallelas ,  fedetiam^ 
folidurumredorum,  &ubliquorum  fuper  jequalibus  planis 
inter  plana  paralltla .  Quorum  quantitates ,  &  proportiones 
fallacitcr arguunt plana  ( indiuifibilia  fecundum  profundita- 
tem,)tradudapereorumfolidorum  fuperficiesbafibus  pa- 
rallcias.  Infiguraenimappofita  proexemplo  cylindrorum 
redi ,  &ob!iqui  efTepolTunt  parallelogrammata  EC,  PC, 
&  rc(ftsE  rradui^as  L  G  H ,  I F  D  ftanr  pro  planis  folida  fecanti- 
bus.  QusEredx  inantediiSis  quemadmodum  paralogiftice 
arguunt  proportiones  parallelogrammorum  planorum ,  fic 
pereas  dudaplana  failaciter.&c.  folidorum.&c.  Quareele- 
mentarii  antiqua ,  &  noftra  plana ,  &  folida  plane ,  ac  fol jde 
fe  tuentur ,  &  fucos  geomctricos  non  adraittunt . 


S  C  H  0   L  I  O  N, 

Propugnario  propofitionum 47,  &  3  i  lib.6 
contrafucumindiuifibilium. 

H/  C  tantitm  recole  nnmerum  5  antecedentis  §22.  Kam 
ex thidtchs .,  fi proportiones  figurarumfimtlium  funt 
iuxtaproportiones colleCiiue ,  leldt/iributtuc fumptarum  om- 
nium  lif,earum\  (^  linex  fgurarum  fuper  dtametro  funt  in- 
commenfurahttes  Itnets  fq^urarumfimtlium ,  cf  f .  fuper  cofta , 
acpromde  funtetiamilUfgurte,  vtperindtuij.biita  illattua ^ 
incommenfurahtles ;  ergo  falfafuntcitatt  propof.  Itb.i,^  6, 
quadert.onfirant  fguraseas  Jimtles,a-c.  fuperdtametro,  (^ 
cefia  commenfurahiles  ,  nempe  fuper  dtametro  duplam  figu- 
ram  figura.  (uper  cofia  quadrati  .  At  dua  iUa  propofittones 
vere,  c^rjoitde  demonjtrant  ,  ergo  illts  oppofita  tndtutfihtlia 
fucate  ,  ac  Uutter  ageometrtz,ant ,  ^  Jimtltctimleuitate  geo- 
metrizantes  decipiunt . 

Fu- 


46 


£PIL.  PLANIM. 

§  XXVIII. 

Fucatum  Corollariura .' 


I   /""X  Voniam  figttr*  ha- 
\}    hent proportionenLj 


omntum    fuo- 

rum  indittifibilium  ,  fi  fingas 

cylindriim  A  B  fecari  planis 

parallelis  baft  D  B ,  fent  per 

eas  feCtiones  infnita  numero 

plana  circularia  .  Rurfus  fi 

fecetur  planis parallelis  alte- 

rutri  Uterum  A  D ,  fient  per 

eas  fe&iones  infinita  numero 

plana  re[tangula\  c^  quoniam 

eundem  cyltndrum  complent 

plana  tam  circularia,  quam  recfangula,  erunt  omnia  plana 

circularia  omnibus planis  reHangulis  ttqualta.   Ergohic  ha- 

bes  infinitas  circulorum  quadraturas  ,  nempe   totidem  quot 

funt  circuli  xquales  re^angulis,  vertendts  aemde  tn  quaUrata. 
Qiiadra-  Sed  fuctt.t  funt  iftx  quadrationes  .  Nam  omma  qutdem 
v^"duo-  Z'^'*^'*  circularia  fimHl  fumpta  {fitamen  ,  tnfinitacum  fint  ^ 
rum  ^i-  fimul  fumipo^tnt ,  Ct*  contra ^  defimtionem  Itbri  ^.elem.pro" 
raljelo-  portio  fingatur  inter  infinita  )  funt  (nqualia  omaibus  fimul 
ruin  ,  icfi^mptisreclangulis.fedtamen,  cumfngulaplana  ctrcularia 
ignotx  ji„t  etufdem  quantitatis  ,  ac  dtametri  A  H ,  fmgula  njer^ire- 
infiiiim  ^ angulafint  femper  minora ,  acminora,  (^  btna  tantum  inter 
fomnia-  fe  Aqu.ilia ,  fictlteet  vtrinquc  aqualtter  dtflantta ,  (^  planoper 

axem  imagtnatum  CF  tradulioparailela ;  inter  tot  reCiangula 

vix  tantum  bina  fertafsl  fuerint ,  quibus  accidat  aqualttas 

citm  ctrcuio  AG  H  L.  At  quanam  ilia ,  fi  tamen  vila  ? 

Sic  ftiam ,  cyiindrofc[ioper  axem  ,  fiunt  infinita  reffangu- 
ia  omnia  interfe  aquaita ,  quorum  vnum  A  D  B  H  ■,  qno  tamen 
minor  eft  circulus  inclufus  C  K  F  E  aqualis  diametri  cum 

AHy 
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]A  H  i  (^  confequenter  nulli  reliquorum  rtBangulorum  per 

axem vllus  aqualis efi  circulus ex parallelti  tpji  AG H L, 

Et  fi  fingas  cyltndrum  faCium  e  gyrato  reiiangulo  circa 

axem  ,  tuncvero  multominus  verum  fuerita^rmarecircu- 

lum vllum parallelum ipfi  AG H L  aqualem ejfe  vlli recian- 

gulo  dimtdto tpjius  D  H\femperenim  circulus quilibet feCiio- 

nisparalleU  bafi  D  M  B  F  erit  maior  qaoiibet  re£iangulo ,  ve- 

lut tpfo  AC F  D  habente cum alijs commune latus in axe ima- 

ginario  C  F .  ^are  concifo  cyltndro  tot  modis  in  infintta  nu- 

mero  reCiangula ,  (^  tn  circtdos  ,falfum  efiex  ifs  concifionibus 

prodire  totidem  circulos  totidem  reciangults  fuperficiebus 

aquales  ,  (-r  numero  infinitas  circulorum  quadraturas .  Huius 

fartnx  ,feufurfuris  alia  corollaria  e  falfoprinci^io  hic  affer- 

renon  eflotium.  Crimine  abvno  dirceomnes,  cecinitille.  virg.i 

i€n. 

§     XXIX. 

Campus  quadratorius ,  in  quo  legitim.e  Geometric£  Philofo- 
phia  corollaria  de  numero  tnfinitis  quadraturis  fphxrtca- 
rum ,  ^  cylindricarumfuperficierum ,  triangulorum  fpha- 
ricarum ,  circulorum . 

QVemadmodumefalfisin  antecedenticorollario  falfa?, 
feunulls.feuvixad  bina redangula ,  ignotae,  acin- 
^-^  certJE,  pro  aflertis  inhnitis ,  prodierunt  quadra- 
tiones;  fic  verfa  vice  e  legitimx  geometricae  Philofophis  fan- 
citis ,  &  demonftratiue  tirmaris  theorijs  vere  ,  ac  faciilime 
prodeunt quadrationes  numero  infinita? ;  ac  longe admirabi- 
liores ,  quam  plenarum  figurarum  quadrationcs ,  fcilicct  cur- 
uarum ,  qus  duphci  genere  diftant  a  planis ,  nempe  terminis, 
&  totis  fupcrficiebus  recedentibus  a  redis .  Ad  quarum cur- 
uarum  fupcrficicrum  admirandas  theorias  pcrtingere  non_p 
poteft  mancus ,  &  fucatus  indiuifibilium  abufus  geometricus. 
iuxta  indicara  in  nura.7,  §  2  2  anteced. 

I      Itaqjfuppofito  hic  quod  apudnos  habesinfcrius  in 
fed.2.  BreuiarijnoftriStereometricidemonftratum.non  fo- 

lum 
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lum  indiredle  ex  Archimede ,  fedetiam  exipfoorru  fuperH- 

cieifphaeriCcE,  &  cum  vfu  prajclaro  geometricocentrigraui- 

tatis ,  (cilicet  fupcrficiem  fphjerae  aequalem  efle  fuperficiei  fine 

bafibus  cyhndri  fphaeramcircumfcribcntis,  vcluthic  habes 

in  figura  A  B;  faciUime  pa- 

tet  etiam  (  ex  demonftratis, 

8c  cx  ortu  fuperficiei  cylin- 

driccE  in  citat.  Breuiar.  Sed. 

2 )  fuperficiem  fphaera»  C  K 

F  £  aqualem  efie  redangulo 

fub  diametro  imaginata  C  F, 

(fiue  fub  latere  A  D  )  eiuf- 

dem  fpha^rae ,  &  fub  reda 

aequali  peripheriae  vtriufuis 

bafis  cylindricas ,  velut  fub 

redaajqualiipfi  ALHG;in 

quod  redtangulum  explica- 

tur  fuperficies  cylindri  A  B 

Breu.Stereom . 

2  Rurfijs  in  altera  hic  figura  fuperficics  hemifphaerica 
fub  I A  QvCB  A  erit  aequalis  redangulo  fub  femidiametro 
imaginata  D  B  (  fiue  fub  latcre  A  E)  fphasra^,  &.  lub  reda 
ajquali peripherije  EKFL,  inquodreftanguiumexplicatur 
fuperficies  cylindri  AF,  cui xquatur fuperficies  hemifphas- 
rica_. . 

5  Item  quarta  pars  fuperficiei  fphaericae  fub  A  Q  C  B  A 
a;qual's  cft redangulo  fub  fc midiametro  fpharr^ , feu  lub  cy- 
lindri  Jatere  A  E ,  &  fub  redta  xquali  fcmipcriphena  E  K  F, 
inquodredangulum  cxplicatur  dimidium  ruperficieicyim- 
dricae  A  F ,  cui  xqualis  eft  quarta  pars  fuperficiei  fphsricje. 

4  Pariter  odaua  pars  fupcrficiei  fphaericae  fub  A  B ,  3i^ 
fub  imaginata  Q^,  ideft  triangulum  fpha^ricum  eftxqiia- 
le  redangulo  fub  femidiametro  fpha?ra? ,  fiue  fub  latcre  A  E , 
&  fub  reda  «equali  quarta?  parti  peripheria;  E  K ,  in  quod  re- 
dangulumexplicatur  quarta  pars  cyiindricje  fuperficiei  lub 
AE,  &fub  imaginata  K  Q. 

Sic 


vt  habes  inferius  fn  cit.fe^a.: 
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5  Sic  concisa  tota  peripheria  A I C  QJ.n  quotlibet  par- 
tes  in  infinitum,  &  iundis  curuis  a  quolibet  pun6lo  fe(5lionum 
ad  pundum  B  ,  fient  infinita  numero  triangula  fphsErica_. 
arqualia  fingula  fingulis  fegmentis  cyh"ndrica2  fuperficiei  fi- 
milibus,  &redangulis,  inqusefegmentacyh^ndricaefuperfi- 
ciesexpiicantur  .  Velut  in  exempIo,feda  AQjn  pundto 
medio  inter  A  ,  &  Q ,  &  iunda  curua  a  puniSo  fedtionis  ad  B, 
fif  decimafexta  pars  fuperficiei  fphxricx,  cuiusfemidiame- 
rer  eft  imaginata  D  B,  ideft  triangulum  fpheericum  dimidium 
antecedentis  trianguh  fphsrici  A  BQ^cui  dimidio  sequalis 
eft  fupcrficies  cyh"ndrica  fub  A  E ,  &  fub  reda  dudla  per  pun- 
dainter  AQ^EK,  hoceftredanguiofub  AE.&fubreda 
arquah  odauccparti  paripheri»,  inquodredangulumexpli- 
caturoftauaparscylindricK  fuperficieiambientiscyhndrum 
AF ;  &  fic  in  infinitum  infinitse  fieri  polTunt  quadrationes 
triangulorum  fpharricorum ,  &fegmentorum  cyhndricasfu 
perficiei .  Ahter  tamen ,  ac  faciUus ,  &  copiofius  ( additis  hic 
quadraturis  fuperficici  cylindrica?)  quam  docuimus  in  Ap- 
pendice  poft  hb,  3  element.  §  3,  &  docebimus  in  fe(ft.2  Breu. 
Stcreom.fubfincm§  i,  incorollar.  feu  probiemate  i2,&in 
Schol.2. 

6  Pariter  in  priore  hic  figura ,  concisa  fphajrse  C  K  F  E 
fuperricie  in  quothbet  partes  in  infinitum ,  peripherijs  nume- 

Ggg  ^roin- 


Infinitt 
quadra— 
tiones  fu- 
perficierii 
cylmdri— 
carHm,i^ 
fpLtrica-' 
rii ,  triMg, 
fphs-r.is^c. 
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ro  infinitis  fc  mutuo  ficantibusperpun(5taextrema  eiufdem_ 

diarnctri ,  vclut  per  C,  &  F  , 

fient   fcgmenta    fuperficiei 

iphxTX  intcrcepta  inter  li- 

neas  conuexas  femipcriphc- 

ricas  (qualia  in  Aftronomia 

funt  duodecimfcgmenca  in- 

tercipicntia  12  figna  Zodia- 


ce 


&  habcntia  angulos  ad 


vtrumque  polum)  qus  fcg- 
menta  fupcrficiei  {phxdcx 
cruntsqualia  fingula  fingu- 
lisfimilibus  fcgmentiscylin- 
drica;  fupcrficieifedsBparal- 
leI&)S  vtrilibet  laterum  AD  ,  HB;  & confequenter  etiam-. 
Kqualiaeruntfimilibus  redangulisfubaitero  laterum  AD, 
&  fub  reda ,  qux  fit  jEquaiis  fcgmento  peripheri?  A  L  H  G , 
in  qug  reiflangula  explicantur  fegmenta  fimilia  fuperficiei 
cylindric^.  Quare  hic  etiam  habes  nuraero  infinitas  qua- 
drationes  fegmentorum  /ph^ricc  ,  &  cylindricg  fuperfi. 
cierum . 

7     Ex  numero  hic  antecedente  5  habes  alitcr,  quam-. 
apud  Archimedem ,  thcoricam  circuli  quadraturara.  


Quo- 
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—  Qupniam  enim,  in  altera  hic  figura^quarta  pars  Aipcrficiei    ^"'"''' 
fphcrice  fub  AQCB A,cx citatis  in  antcccdcnti  n.  i ,eft  a^qua-  1"^^ ''^'il 
liscirculo  fph^rc  maximo,  &incit.num.3,eaeft  cqualisre-  ter.quam 
ftangulofub  AE  ^fiuefub  femidiametroimaginataD  5,6;^  mat'.'''' 
fub  reiSa  ?quaii  femipherie E  K  F (hoc eft  triangulo fub  A  E, 
&re<Sa  pcripheri;»  equah,  iuxta  Archim.  )  eritergo  &cir- 
culusfphaerx  maximus  quadratusi  &pretereaoftcnfum  erit 
cui  fegmento  cyhndric»  fuperficiei  equetur  idera  circuius. 
Videbispluraincit.feft.2  Breuiar.Stercom  §§,  i,&2. 

8     Hic  intcrim(inaiterapiiorcfioura)exantcced.&in-    ,  .  ■ , 
ferius  ex  cit.Breu.pontis  fuperhcu  bus  cquaHbus  fphcrica ,  &  qundra.. 
cyhndrica  finebafibus,  patetquartampartemfphseiica',  feu  """'"^' 
circulum  maximum  C  K  F I,  &  bafim  alterutram  cyh'ndri  cir- 
cularem  ALHG(equalem  ipfi  CKf  I)  efle^quaiesquarte  par- 
ticyhndric?  fuptrficiei  fub  latere  AD,  &fiib  quarta  partc 
(ver.gr.fub  A  L)peripherieALHG,hoceftre<aangulofub 
A  D ,  &  fub  rcda  ^quali  quarte  parti  peripheric  A  L  H  G;  in 
quodrcdangulum  cxplicaturquarta  pars  periphcri?  cyHn- 
dricx,  fine  bafibus.  Quoniam  verofcda/ph^ra  ininfinitis 
peripheri?  pun(iiis,  &  traicdoper  ea,  &per  axcm  plano, 
fiuntinfiniti  circuii  maximi  fphsram  conflantes  ,  quahim^ 
vnus  eft  C  K  F  E ;  &  fedo  cylindro  A  B  pcr  infinita  axis  pun- 
dta  a  piano  bafibus cyhndri  paraliclo ,  fiunt infiniti  circuli  fin- 
guli  ^quaies  aherutri  bafi  ALHG  ■■,  habes ergo  hic  in  fphera, 
&incylindro  bisinfinitas  quadraturas  infinitorum  circulo- 
rumfingulorumaequalium  re(ftangulo fub  AD,  &fubrevia 
^qualiquarte  AL.&c. 

9  Ex  hic  hadenus  didis  habes  vnde  intelligas  quod  in- 
dicatum  videbis  in  fine  hu.j  Tom.in  Parerg.Geometr.de 
infinitisnumero  quadraturiscuruorum  fegmentorum  fuper- 
ficiei  extime ,  &  Intim?  in fcaphijs.&c. 


G  g  g     2  Fu- 
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§     XXX. 

Fucus  agcometricus  contra  definitionem  4  lib.5  elem. 

I  T_T  -^f^ef  Philofophia  Geometrica  pr/eclarum  hoc  aucld- 
X~l  ^ittni  ( if}Cjuit fucau  geometriafe^ator  qntfpiam) 
ex  indimfibilium  'ufu ,  vt  qu£  adhuc  proportiones  arilarit  in- 
ter  finita ,  iuxta  hanc  4  definit.  mnc  tandem  protulerit  etiam 
Adea,qu£,ftnonprorfus  infinita.faltem  mediafnt  inter  finita, 
Cr  infnita .  Et  concefsa  etiam  exclufone  per  hanc  4  definitio- 
?iem  infiniti  cathegorematici ,  tamen  faltem  fyncathegorema- 
ticumadmittat  y  tnfnite  fnitum,  figuras  finitas  cornparatas 
per  indiuifbilia ,  velper  partes  in  infinitumpojfibiles  in  con- 
tinuata  in  tnfinitum  quantitatis  diutfione .  Dtlatatis  igitur 
angufiijs  huius  definitionis ,  ampliata  efi  etiam  in  infinitum 
quodammodo  Geometrica  Philofophia.  Sedapage  ,  )>  ageome- 
tra,  cumfucato  ifloc  tuo  au£iario,feupotius  defru£ioriopfeU' 
dogeometrico;  (ir  pro  hac  ^  definit,  relegeea,  qu^ad  eamno- 
tauimus  contra  paralogifmos ,  (^  fucos ,  Sljiibus  etiam  ^ete- 
gendis ,  ^  abigendis  recole  qux  inantec%  2  2, »«,4.  Htcta»- 
tnm  refpondeo. 

Jnfinttum ,  quodvocant  fyncategorematicum ,  partimfini- 
Infini.  fg^^  quidem  efl ,  quatenus  ( in  exemplo  nofirA  materia  )  appeU 
catego-  lat  fguram ,  &  aggregatum  indiuifbtlittm ,  (^  partium  om- 
remati-  niumpo^tbtUum ,  (^  ex  hac  parte  njt  tcrminatum ,  (jr  determi- 

CUm  par  7  ■,  ■  r  r   t  ■        /y   ^- 

lim   ex.  natumfctlicet  vt  quantttas  figuratajHbtt  afecrtonemproper- 

cludicur  tionis  cum  altero  fintto  ;  at  quatenus  fgnificat  numerum  tnfi- 

tione  "4  ^'^^^  indiuifbilium ,  (^ partium  in  infinitumpojfibitium ,  ha- 

].5  clem.  betrationem  infiniti ,  c-re^citur  ab  hac  ^.defin,  a  proportione 

geometrica .  Dum  vero  linearum ,  vel  figurarum  proportiones 

velconftitutintur ,  velqudruntur  perindtuifibilia  omnia,  c^ 

perpartes  omnes  pojjibtles ,  qu£runtur  in  fnitis ,  ac  fguratis 

ex  eaparte ,  ex  qua  funt  infnita ,  &fecabtlia ,  velfetia  in  nn- 

mero infinita .   Relege in^2  2  antec.  num.^. 

2     Caterumfatis  iam ,  ac  docfe  vrferunt  hoc  caputpropu- 

gna- 


tum 


P  A  R  S     II. 


53 


^natonum  huius  4  def.viri  in  Phtlofophiageon;etrica.  infignest 
AC  di  ea  immortaliter  henemeriti.£luibus  pro  leffonfione  verba 
quidem  darifoffunt ;  an  vero  rebus  facittmfttfatts ,  erit  iudi- 
cium(etiamex  antecedentihus hic  nojiris)  apudfelide  fhilo- 
fophantes  ,  vere  fcienttficos  ,  nec  perfonarum  affeBate  flu- 
diofos  ,  fed  fyncerx  veritatis  amicos  (  quales  ahfentes  ,  ac 
fofteros geometricafperat  veritas , )  nec  apudeos ,  quibus  eru- 
hefcendum  fit  in  fuis  theorijs  fucata  fpecie  deceptos  (  quod 
efi  infabulis  )  pro  vera  lunone  inanes  nubeculas  captafie , 


Verba 
data  pro 
pugnato. 
ribus  ve- 
r.T  Geo- 
metri:c . 

Inanes 
nabecu— 
]s  Geo- 
metrics. 
&c. 
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PARSTERTIA      ^ 

•£*3-  £*3  «K  s  m-  i^-m-  mm  f*3-  m  m- 1^-  i^-m-  m-  m>  m-  m-  m 

§  XXXI. 

A  planis  ad  folida  tranfitus  immedia- 
tus,  iuxta  noftram  methodum . 


Mbuti  iam  cognitione^  theorijs^praxibus , 

applicationtbus ,  'vfibusplanarum  elemen- 

tarium  f^urarum  Tyrones ,  re£fo  ex  or- 

dine ,  ac  iure  inhiant  theorijs ,  acpraxi' 

bus  figurarum  folidarum  .  Sluarum  co- 

gnttionemnos  innoflra  methodonon  dif- 

ferendam  ccnfuimus  propter  caufas  ,  qttarum  altquas  habes 

in  prxfatione  adte ,  miicCtort  initiofequentis  moxpofi  hunc 

Epilogum  Breuiarij  Stereometrici .   Ac  moiius  demonfirandi 

a  nobts  infiitutus  in  fltraelementari  noflra  Stereometrtcu» 

non  eget  libris  Arithmeticis  locatis  inter  planas  ,  c^  foltdjs 

elementares  figuras .  Supponimus  tantum  vfum  aliquem  apud 

Tyrones  elementariurn  logiflicarum  quatuor  operationum,  Ad' 

ditionis  ,  Multipltcationis  ,  Subtraciionis  ,  Dtuifionis  ,  quA 

vulgo  in  promptu  funt.   Itaque  cenfemus  nos  h)c  interim  a 

planis  ad  folida  gradum  effe  faciendum  ^ac^ofl  noftrum  BrC' 

uiarium  ftereometricum  animo  iam  ditato    ac  hilarato  iucu»' 

Theorix  (^^  fgtidarum  fi^urarum  cognstione  ,  facilius  ,  ac  luhtntius 

^■ikkxxT-.  Tyronesvorabunt  f  quxmolefta  funtinde  incommenfurabi- 

bilibus    Itbus .  Sluorum conteniplatioplam' fterilis eftinecvfumvllum 

pro  pra-  py^^icum  habet ,  ideo  a  nobis  reponitur  indicanda  tn  extremis 

les .  2      Interim  tamen  habes  ettam  apud  nos  in  antecedenttbni 

cognitionem  demonflratiuam  prxcipuorum  theorematum,ac 

prc- 
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froblcmatum ,  cjux in lihris  7,8,9,  arithmeticis  profiant  (  vt 
fdcpe  ad  varias  fropofitionts  iib.6, 0'  ^d  ipfinm  Itb,  5  notaui- 
mus .  )  eoque  facilins  apud  nos  ,  qu^od  arithmeticain  pianis , 
^  fioiidis  fguris  'vfiurpautmus  in  vuigatis  cljaraclertbus  nu- 
merarijs ,  ^  operattonihits  vtdgatis  iogtflicis .  ^arepropo. 
fitiones  dr  quas  h)c  citahimus ,  O"  ^^i^s  i»  itbris  eiementaribus 
arithmcticis  poteris  fioia  t  o-  fimplicivei  eypofitione.^  velin- 
diicfione  ofiendtre ,  ac  demonfiirare . 

Igitur  ab  expofttis  apudnos  iniib.%  patent  iihri']  propofi-  Propofi. 
tiones  12,(^,1 4,2 2^(^ Scholiain  quibusper  numeros demon-  tiones 
flrantur  prscipua  ,  qua  de  magnitudinibus  geometrice  pro'  ^"^  ^j^ 
banturinitb.').  menta— 

E^  fiexti  iibri  propofitionibus  r ,  1 1 ,  12,  i  6,  i  7,  20,  2  2,  2 5  ^^^  ^P'"^ 
patent iibrifiepttmipropofltiones  17, 18, tp, 20;^ iibricctaui  peditx. 
propofltiones  '),{& Schoitapofl propofitionem  10)11,15,19; 
&  iibri  9  propofi.  18,  19.  Confii r  interfie ,  &  videhis  geome- 
tricas  propofiitiones  citatas  itbrt  fiexti  ofiendi  pernumeros  io- 
giflicos  propofltionum  citatarum  in itb,']^%.,g\  &  vicifftm cita- 
tas  inlfb.j,^,^  demonfiratas  efi^e  a  geometrtcis  citatis  in  itb-.  6. 
Addeprop. ^^  iib  Hy& iih.  i  2 prop.  1  2 ,  Prxterea e numerarijs 
cflenfionibus  itbri  2  hahes aucTarium  aditb.jy^,c).  Vide  &  in 
fne  Breuiartf  flereometrici  indicata  apudnos  pro  iib.  i  o  eiem. 
Sluareinnoftra  methodoetiam  qustransferuntur ,  non  inte- 
rimaufieruntur,  dumeorum prxcipuahabes  etiamin  antece- 
dentibus  compendtose  demonflrata . 

Jn  hoc  ad  foiida  tranfitu  pr&mitto  tria  theorematafequen- 
.  tia  eiementaria ,  ob  caufias ,  quas  mox  ieges , 
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§  XXXII. 

S  C  H  O  L  I  O  N     1. 

Gemin?  propofitiones  de  planis  e  lib.  i  r ,  pro  Gno- 
monicis ,  &  vnica  de  folidis  c  lib.  12. 

Atitequam  proximumgrAdummox  faciamad  foUda,'^'. 
lubet  hic  reponere  tres  elementares propojittones  e  //,    T 
11,^12  elem,  in  quarum  prima  eft  demonftratio    1 
praxis gnomontca  quam  habes  apudnos  irt  To,  i  .hu.Aerartj  ad  '  A 
propof.  I  2  ,§  1 4,  vtraque  ver^o,  cum  altbi^  tutnpracipue  in  Gno»   Kl 
monicts  plurimi  funt  vsits  ,  fiue  ftylos  perpendiculariter  in    m 
plants  vel  horiz^ontalibus ,  vel  quoquomodo  ereclis  lubeat  exci»    ^ 
tare fcientifce-fiue  in  theortfs,^^ praxibus  analemmatis  vtaris    " 
planorum  circulartum  fectionibus  pro  Imeis  varijs  horarySt^  J] 
Inlih.ii  ^   Aftronomicis  .    Eeltqua  propofttiones  lib.i  1  'vf/j^  ad  25 
pofitio?-  /''•'^^  deplanis  ,  non autem  de folidts ,  qua practpue  quxruntur 
nesde_j  ^  ftudiofis  ineo  libro .   Ac  in  noftraquidem  methodo  mUius 
planisin  ^y^j  funt  ad  folida ,  quorum  nos  cognitionem  theoytcam ,  ^ 
da.        prafficam  multipUcem  trademus  inproxime  fequenti  Breuia'  \ 
rio  Stercometricoe  primis  principtjsy  exvfucentrtgrauita-''^''^ 
tisy  ex  ortu  fgurarum  ipfarum  folidarum  fine  vllanece^itatif^ 
propofitionum  deplanis,  quas permultas  intermifcet  Eclide^^^^..^ 
fuis  folidis .   Pro  quihus  tamen  h)c  ettam  e  lib.  i  2  apponemu:  ^ 
prop  fcptimdob  caufas ,  quas  hic  inferius  leges  infine  Scholij  2 
fub  §33.  Eas  ver^opropofitiones  e  lib.  \  r ,  c^  12  dabimusproxi 
me graco de  fonte a Comm.andini  verfione .  Nam  qui  a  gr^ctt  °.i 
Interpre  prototypo  diuagatifunt,  Euclidem  inducunt  loquentem ,  ^ pro-  \ 
'V- j  ,'"'""  bantem  aliqua  l  principijs ,  quiz  non  funt  apud  Eucltdem ,  v.  ,j  pil 
lucina-    videbis  in  Scholijspoft  .tppofitas  ^ropoftiones  c  li.  i  1  ..^as  nor^^  |  :„/ 
"°  •        anie  fex  lihros  pripres  elementarcs  dc  planis  attulimus ,  fei>  I  ' 
nunc  hicprimum ,  quiafttpponunt  aliqua  e  lihris  antecedenti.  I  "■  i 
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hus ,  quos  Um  hahes  expojitos  a  nobis .  Eeliquas  etiamprofof. 
de  planis  iftter  /olida  Euclidis  facile  iam  intelUges  demon- 
flratas  ex  haBenus  k  nobis  fofitis  in  antecedentibus ,  (^  ia  hoc 
tomo  3. 

THEOREMA    I. 

Si  duo  flana  fe  inuicem  fecent »  commums 
ipforum  fe^io  re^a  linea  erit . 

DVO  enim  plana 
AB ,  BC  fe  iniii- 
cemfecent,  communis 
aucem  ipfbrum  fectio 
fic  D  B  linea  .  Dico  li- 
neam  D  B  re(5lam  effe . 
fi  enim  non  ica  iic ,  duca- 
turapun(5i:o  D  ad  B  in 
plano  quidem  A  B  reCla 
linea  D  E  B  5  in  piano  auceni  B  C  recfba  linea 
DFB.  eruncvcique  duarum recftarum  linea- 
rum  DEB,DFB  ijdem  cermini,  6c  ipfx  fpa- 
tium  continebunc,  quodell  abfurdum.  non 
igicurDEBjDFB  red:sElineaeiunc.  Similicer 
oitendemus  nequealiam  quampiam,  quae  a 
puncto  D  ad  B  ducicur  recftam  elTe  ,  prceter 
ipfam  D  B  ,  communem  fcilicec  plartorum 
A  B ,  B  C  fedtionem.iligitur  duo  plana  fe  inui- 


Hhh 


cem 


^.frtmi , 


58  EPIL.  PLANIM. 

cem  fecentjCommunis  ipforum  fecftio  recfla 

linea  eric .    • 

T  H  E  O  R  E  M  A    I  L 

St  re^ajinea  duahus  reBis  lineis  fe  inuicem 
fecanttbus  in  communi  feBione  adreBos  an- 
gulos  mfiflat ,  etiam  duBo  per  ipfas  plano  ad 
re^os  angulos  erit . 

RE(5ta  enim  li- 
nea  qucedam 
EF  duabus  reiflis  li- 
neis  AB,  CD  feinui- 
cem  fecantibus  in  E 
puncto ,  ab  ipfo  £  ad 
reiftos  angulos  infi- 
ftat.  Dico  E  F  etiam  plano  per  A  B  ,  C  D 
dudlo  ad  re(5los  angulos  efTe .  firmantur  enim 
re(5tae  linea2  AE,  EB,  CE,  ED  interfcaequales; 
perq,  E  ducatur  recfta  linea  G  E  H  vtcumque, 
6c  iungantur  AD,  CBj  deinde  a  quouis  puncfto 
Fducantur  FA,FG,  FD,FC,FH,FB.  Etquo- 
niam  duas  recta^ lineas  A  E,  E  D  duabus recftis 
lineis  CE,EB  aequales  (linr,  5:  angulos  asquales 

continent ,  erit  A  D  bafis  bafi  C  B  aequalis,  ^ 

trian- 
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triangulum  A  E  D  triangulo  C  EB  aequale; 
ergo  6c  angulus  D  AE  aequalis  ell  anguloEBG 
eilaurem6cangulus  AEG  «equalis angulo  B^ 
EH.Duoigitur  triangula  func  AGEjBEH  duos 
angulos  duobus  angulis  asquales  habentia ,  al- 
terumalteri,  (Scvnumlatus  AEvnilateri  EB 
jEquaIe,quod  eil  ad  xquales  angulos.  quarc  6c  ^^^''''"'- 
rcliqua  latera  reliquis  lateribus  a^qualia  habe- 
bunt 5  ergo  G  E  quidem  eft  aequalis  E  H ,  A  G 
veroipriBH.  Qu^odcum  AE  litacqualisEB, 
communisautem,  &:adrecl:os  angulos  FE, 
erit  bafis  A  F  bafi  F  B  asqualis .  Eadem  quoq,- 
ratione  &:  CF  asqualis  erit  F  D .  PrcEtcrea  quo- 
niam  AD  efl:  seqnalis  CB ,  &  AF  ipfi  FB ,  erunt 
■dux  FA,  A  D  duabus  F  B,  B  C  aequales ,  altera 
alteri  3  &:  oltenfa  eft  balis  D  F  xqualis  bafi  F  C. 
angulusigitur  FAD  angulo  FBCeftiEqualis. 
RurfusoftenraellAGcEqualis  BH.fed&  AF 
ipfi  FB  eft  a^qualis .  duas  igitur  FA,  AG  duabus 
FB,BH  aequaIesfLint,<5canguIus  FAGasqua- 
lis  eft  anguio  FBH  ,  vt  demonftratum  fiTit. 
bafisigitur  GF  bafi  F  H  eft  xqualis.  Rurfus 
quoniam  GE  oftenfa  eftasqualis  EH,  com- 
munisautcm  FE,  cruntduxGE,  EF  aequalcs 
duabus  HE,EFj  &:bafis  HF  cftsequalisbafi 
FG.anguIus  igitur  GEF  angulo  HEF  eft  ^qua- 

H  h  h     2  hs, 
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Hs  ,  6c  idcirco  red:us 
eft  vterqj  angulorum 
GEF,HEF.  ergo  FE 
ad  GH  vtcumqueper 
E  duclam  reclos  effi- 
citangLilos.  Similiter 
oftendemus  FE  etiam 
ad  omnes  re(5las  lineas ,  quae  ipfam  contin- 
gunt ,  6c  in  fubiedro  funt  plano ,  redtosangu- 
S'<^'!!^'  los  cfficere  .  redta  autem  ad  planum  re(5la_> 
eft  ,  quando  ad  omnes  redlas  lineas  ipfam-j 
contingentes ,  6c  in  eodem  exiftentes  plano 
redtos  efficit  angulos ,  quare  F  E  fubie(5lo 
plano  ad  re<5tos  angulosinfiftit.  atfiibiecftum 
planum  eft  quod  per  A  B ,  C  D  re(5tas  lineas 
ducitur .  ergo  F  E  ad  re(ftos  angulos  erit  du(5to 
per  AB,  CD  plano.  Si  igitur  recfta  linea  duabus 
re(5tis  lineis  fe  inuicem  fecantibus  in  commu- 
ni  fecffcione  ad  re(5tos  angulos  infiftat ,  etiam-» 
du(5toper  ipfas  plano  ad  re(5los  angulos  erit . 
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SCHOLION         II, 

TErtia  defimtio  libri  1 1 ,  qux  fnb  finem  antecedtntis 
demonftrationis  in  theor.  2  citatur  ,  fatet  in  verbis 
ipjius  demonftraticHts,  nec  'vllam patitur  difficultatein  aptid 
excipientem  verba  ipfa  vt  apertefignificant . 

SCHOLION     III. 

Aliter  ck  per  fe  notis  expedire  theorema 
proxime  antecedens . 

MOdus  apud  Euclidem  demonftrandi proxirne  antccedens 
theorema  ,  (  ne  quis  putet  fucatam  fieri  demonftra- 
tionemper  indiuifbilia,^  lineas  numero  infinitas  inplam  def- 
fignabiles)  intelligendus  eft  iuxta  interpretationemnoflramy 
quam  habes  in  anteced.  §  2  ^fcilicet per  modum  excmpli ,  quafi 
acciperentur  (fi fieripofet)  omnes  Itnex  dejjignabfles  inplano^ 
ad  quas  erecl afit perpendicularis .  ^c. 

Itaque  dr  definitio  3  ^-  propof.h*c  4,  lib.  i  i  caftigatc  geo» 
tnetricefcexponi,  d^  expediri  experfe  notispofunt .  Reda  li- 
neainfiftensadangulos  reiftos  communi  fedioniduarumre- 
6larum,eft  etiam  perpendicularis  toti  plano  ab  ipfis  lincis 
gyratis  produdo,  &c.  quemadmodum  effet  (^  circulo  pro- 
ducio  a  femidtametro  ,  cui  effet  perpendicularis  ,  ^od  in 
idem  recidit cum Euclide ,  dum  ait :  plano  per  ipfas  tradufto . 
Eft  autem  per  fenotum  reciam  perpendicularem  ad  altcram 
producentem planum ,  <^  effe  perpendicularem  ad produCium 
planum .  Pauca  hxc fapientibus ,  non  cauiUatoribus ,  indicata 
fatisfunt , 
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SCHOLION       IV, 


Re(5tc  a  nobis  affirmatum  in  To.  primo  Acrarij 
Axioma  1 3  apud  Eudidem  non  cffc . 


H 


/'  C  pro  noftro  munimento ,  ^pro  alteno  documento  ex 

occafione  duarum  frxcedentium  elementarittrn  propo- 

Jitionum  di^tmulandum  noncenfeo  id ,  quod  notauioUmdum 

legeremprimampropofitionem  citati  lib.  1  i ,  quam  aliqui,  dum 

iure  nefcio  quofuo,  non^e  grxco  prototypo  Eucltdey  interpretan- 

tur  ,finguntab  Euclide  demon (Irari  reci '«  Imeapartem  vnam 

in  vno  plano ,  partem  alteram  in  altero  plano  effe  non  poffe , 

quiaduarum  re£iarumejfet  commune  fegmentumcontra^^vt 

tpfi  afjirmant ,  pronunttatum  decimum  .  £lua  in  probationt 

fingunt  Euclidem  vti  pro»unciato ,  quod  apud  ipfum  non  efi ,  | 

feda  yfroclocontra  Scepticosponitur  ad  1  lib.  i  propofitt.  £>ua- 1 

Jiver))  nos  temere ,  //?  §  i  adaxioma  apudnos  i  3 ,  a^rmaueri- 

mus ,  eiuspronunciati  nullum  effe  vfium  apud Euclidem .  Non 

Jic Commandinus  ,  ^ alij  cafiigaiiores  ,  ^cauttores,  ^  rC' 

liiriofiores  in  transferendis  hona  fde  verbts  e  graco  Euclidis  in ; 

lattnum .  Nam  Eucltdes  affirmatnon  ejfie  commune  ficgmen- 

tumduaruiu  linearumnon  quafit  axtoma,  fcdid  vlterius  de- 

^  ""^j"".  w<?»/?r4/  dumaddtt  apud  Commandtnum :  rc<5taenim  iinca_. 

rum  re- non  conucnitin  plunbuspundiis  ,  quamvno  .  Meltuf£^  ex 

ftjruco-  Qjraco  Theor.apud  Zambertum,  quam  apud  Commandtnumy 

mzRixivn. fieq»e»tia  :  Ci  ad  inuiccm  ipfx  rcdjElincs  congruentes  noni 

fuerint.   Nocefi  Jidua  reff.t  conueniant,  (^  non  congruant^^ 

mn  conueniunt  nijt  tn  vnum  puncium ;  fi  congruant  conue^ 

ntunt  in  omnibus .  (^c.  Hac  fiatis  pre  noftra  ajfirmattone  in 

ci4.%  I  adaxiomaapudnos  13, 


L 


i 


THEO- 


an 

k 
C 

& 
ai 


P  A  R  S     III. 


63 


THEOREMA   II I. 

Omneprifma  triangularem  habens  haftm  diui- 
ditur  in  tres  pjramides  Aquales  inter  fe , 
qu£  triangulares  bafes  habent, 

SI T  prifma ,  cuius  bafis 
quidem   trianguluirLj 
A  B  C  ,  oppofitum  autem 
ipfiDEF.   Dicoprifma  A- 
B  C  D  E  F  diuidi  in  tres  py- 
ramides  aequales  inter  fe, 
que  triangulares habent  ba-  ^ 
fes.  lungantur  enim  B  D , 
E  C ,  C  D .   Et  quoniam  parallelogrammum  ^^^^.^. 
eft  ABED,  cuiusdiameter  BD,  erit  ABD 
triangulum  triangulo  E  B  D  a^quale .  ergo  py- 
ramis,  cuius  bafis  triangulum  AB  D,vertex  au- 
tempundlum  C ,  ^equalis  eft  pyramidi ,  cuius  5.-^«/«^. 
bafis  E  D  B  triangulum ,  &c  vertex  puncl:um 
C .  Sed  pyramis,  cuius  bafis  EDB  triangulum, 
&vertex  puncftum  C,  eadem  eft  pyramidi, 
cuius  bafis  triangulum  EBC, 6c  vertex  D  pun- 
clum ,  ijfdem  enim  planis ccntinentur .  Ergo 
6c  pyramiscuiusbafistriangulum  A  B  D,vcr- 

texau- 
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tex  aiitem  piin(5lum  C  aequaliseft  pyramidi, 
cuius  balis  E  B  G  triangu- 
lum,  &  vertex  pundbum  D . 
Rurfus quoniam  FCBE  pa- 
rallelogrammumeft,  cuius 
diameter  C  E ,  triangulum 
E  C  F  triangulo  C  B  E  eft 
asquale  .  ergo  6c  pyramis,  ^ 
cuius  bafis  B  E  C  triangu- 
lum,  vertex  autem  punctum  D,  jequaliseft 
pyramidi ,  cuius  bafis  triangulum  E  C  F  ,  6c 
vertexpund:um  D.  Sed  pyramis,  cuius  ba- 
fisquidem  BCE  triangulum,  vertex  autem 
punftum  D,  oftenfa  eft  aequalis  pyramidi ,  cu- 
ius bafis  triangulum  A  B  D ,  6c  vertex  C  pun- 
cbum.  quare  &pyramis,cuius  bafis  triangu- 
lum  C  E  F ,  &  vcrtex  pundtum  D ,  aequalis  eft 
pyramidi,cuius  bafis  triangulum  ABD,&:  ver- 
tex  C  puncftum .  Prifma  igitur  A  B  C  D  E  F 
diuiditur  intres  pyramides  interfe  acquales,- 
quas  triangulares  bafes  habent.  Etquoniam 
pyramisjCuiusbafis  ABD  triangulum,  verr 
tex autem panctum  C,  eademeftpyramidi, 
cuius  bafis  triangulum  CAB,  &:  vertex  D  pun? 
(5tum  ,  ijfdem  namque  planis  continenrur  : 

pyramis autem,  cuiusbaiis  triangulum  ABD, 

&  ver- 
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6c  vertex  punclum  C,  tertia  pars  oftenfa  eft 
prifmatis ,  cuius  bafis  ABC  trlangulum  ,  6c 
oppofitum ipfi  DEF.  Scpyramis  igitur,  cu- 
iusbafis  triangulum  ABC,  vertexautem  D 
pundlum ,  tertia  pars  eft  prifmatis  eandem  ba- 
fimhabentis,vicielicet  ABC  triangulum , 6c 
oppofitum  ipfi  triangulum  DEF. 


COROLLARIVM. 

EX  hoc  manifeftumeft  omnempyrami- 
dem  tertiam  partem  effe  prifmatis  ba- 
lim  habentis  eandem,  dc  altitudinem  aequa- 
iem  :  quoniam  etiam  fi  bafisprilmatis  aliam_» 
quandam  figuram  re(5lilineam  obtineat ,  & 
•  oppofitam  ipfi  eandem ,  diuiditur  in  prilmata, 
quae  triangulares  bafes  habenc ,  6c  quae  ipfis 
'  opponuntur. 
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SCHOLION     /. 

Aliter  corollarium  proxime  antecedens 
demonftratum . 

PRoxime  pracedentis  elementaris  fropofnionis  corolUrium 
nos  in  Breuiarij  nofiri  Stereometrici  feffione  i ,  t/jeor.  i  5 
aliterfaci/Iime ,  ac  breuiffime  foluemus ,  fofito  theoremate  de 
fyramide,  (^cono  aquahbus  fuper  Aqualibus  bafibus  ^  (^ fub 
aqualibus  altitudinibus .  ibi  ,  ne  prolixitate  importuna  in- 
commodemus  demonftrationis  breuitati  ,  ac  perfpicuitati , 
omittemus  theorica  frmamenta  ,  qute  lubet  hic  nunc  paucis 
exponere . 

§     XXXIII. 

S  C   H  0  L  I  0  N      II,     A  C~ 

—  THEOREMA 

Aequalium  altitudinum,(jr  bafium  Pyramis,^  Conus  aqualia 
funt  folida ,  ex  eorum  ortu . 

NE  figuras  abfquc  neceflitate  multiplicemus ,  infpice 
hic  antecedcntcr ,  figuras  fub  numero  3  in  tabella  fe- 
6lionis  2  Breuiarij  Stereometrici  poft  hunc  Epilogum .  Di- 
co  pyramidem  A  B  F ,  &  conum  C  D  H  fupcr  pofitis  squali- 
bus  bafibus  AB,  CD,  &  aequalibus  perpendicularibus  altitu- 
dinibusEFjGHeflfeKqualiainterfefolida. 

Axioraanoftrumcfl  vfurpatumin  Epilogihuiufceplani- 
metriciantecedentibus,  &inBreuiario  Stereomctrico  vfur- 
pandum  faspius.  Sipartes  componentesfiue  confiituentiafurtt 
ttqualia,  etiam  compofita  ,fue  confiitutafunt  aqualia ,  Quod 
quidemfacileapparctinijsfolidis  ,  quae.iuxtanoftrastheo- 
rias,  conficiuntur  ex  elcuatione  aequalium,  ac  non  imminuta- 

rum 
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rumbafium  inxqualesaltitudines,  vtpatetin  citatietabellx 
fig.  I ,&  2,  pofitis  patalcllipipedi  C  G,  &  Cylindri  E  H  a?qua- 
libus bafibus  C  D ,  E  F ,  &  xqualibus  altitudinibus  DG,  FH, 
in  quibus  ( iuxta  thcoremata  ,  qu^e  habebis  in  §  2 ,  fed.  2  Bre- 
uiarij  Stereomctrici)  bafium  aequalium  eleuationes  sequales 
(exquibusconflantur)  produnt  vcritatempropofiti  theore- 
matis  de  eorum  ajqualitate.  At  in  pyramidibus  ,  &  conis, 
quorum  bafes  xquales  dum  cleuantur ,  iminuuntur  etiam  ma- 
gis,ac  magis  per  altitudines  aequales  vfquc  ad  puncta  vtriufq, 
verticis  F,  H,  quonam  pacto  noftrum  id  principium  fibi  con- 
ftct.acfirmetjequalitatcminterfepyramidis  ABF,  &coni 
CDH  ? fi:ilicct ,  mi  Tyro,e  fcquenti  ratiocinatione ,  qua  con- 
ficiturvt  intelligasetiam  Pyramides,  &  Conos  aequalium». 
altitudinum,&  bafium  conflari  ex  tequalium  bafium  cleuatio- 
ne  in  sequales  altitudines . 

Quoniam  enim  sequalcs  ponuntur  bafcs  A  B ,  C  D ,  ergo 

&aequalium  bafiumpartes  fimilesfunt  ajquales,  ipfius  AB 

tertiaj  ,  quartae,  fextae,  odau?,  &c.  tertijs,  quartis ,  fextis, 

octauis,  &c.  ipfius  C  D .  At  in aequalibus altitudinibus  E  F  , 

G  H  bafis  vtraq;  A  B ,  C  D ,  dum  per  fimilcs ,  &  aequales  eas 

partes  vfque  ad  puncta  verticis  vtriufqj  F  ,  H  imminuun- 

tur,  ac  eleuantur,  conflant  foliditates  Pyraraidis,  &  Coni; 

ergo  etiamPyramides,  &  Coni,  exsequalibus  conflata  fo- 

lida,funt&ipfainter  fe  fe  jequalia .  Atq;ipfisetiamaptatur 

noftrumid  principium:y/ftf»/4«//^/5y»/  £qualiay  etiam^ 

conflata.  Hifce  nos  theori js  muniti,  in  citato  theor.  i  5 ,  Sccf.  i 

Breuiar.  Stereometrici  affirmabimus  xqualitatem  Pyramidis, 

&  Coni  «qualium  altitudinum,  &bafium,  vtibialiter  de- 

monftremus  Pyramidem  efl^e  partcm  tcrtiam  fui  prifmatis . 

Quaenoftra  ficuiforte  minusalluceant,  vel  probcntur,  ha- 

betab  elcmentorum  vuIgatorumCorolIario  propof.y^Ii.  i  2 

antepofito  vnde  fibi  fatisfaciat :  ne  fit  quidquam ,  quod  in.. 

geometrica  noftra  ftructura  nutet . 

lii     2  SCHO' 
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§     XXIV. 
SCBOLION     11/, 

De  Ortu  Pyramidum ,  &  Conorum  injcqualium  ex  ina?quali- 
bus  bafibus,  vel  alcitudinibus,  &c. 

AT  verb  inxqualibus  exiflentibus  altitudinibus  (  velut 
infig.io.tabelUfeCiionis  2  Ereuiar.^c.  Stereometri- 
ci)Jifing4s  bafes  xquales  ^  exdum  eleuantur,  imminuuntur 
perpartes  diffimiles ,  ^  inxquales  alterius  bafis  (  verbigratia 
cleuatx  ad  maiorem  altitudmem  )  refpeiiu  partium  alterius 
hafis  minus  elcuata  ;  ac  fiunt  diuerfx  imminutiones  etianu 
aqualium  bajtum  fub  inclinationibus  diuerjis  laterum  pyra- 
midalium,vel  conicorum  addiuerfas  altitudines,  Eadem  etiam 
quantitas  in  abflra^iene  geometrica  cumfit  diuifibilis  in  infi- 
nitutpotef  diuidi  inplurestac  min6res,vel  in  maieres ,  (^pau' 
ciorespartes,(^c,  Contraria ratione{infig,'^  citata.  tab.feh.i ) 
aqualibus exijlentibus altitudinibus  E F ,G H ,fibafes fingas 
inaquales ,  in  eleuationibus  <equalibus  imminuentur  per  partes 
dijftmiles ,  ac  inaquales  alterius  bafis ,  verbigratia  maioris  re- 
fpectupartiuut  alterius  bafs  minoris .  ^uapropter  altitudi- 
^um,  velbafium  inxqualitas  producit  foliditatesinaquales, 
(^c,  Ne  hallucineris,  expende  in hoc  3,^2  Schol.anteced.ver- 
ba :  per  «equalcs  aicitudines ,  fimiles ,  &  aqualcs  bafium  partes 
a°qualium ;  inxqualium  altitudinum ,  8c inclinationum  eleua- 
tiones  per  diflimilia ,  &  inxqualia ,  &c. 


^P^^^f 


^  SCHO' 


P  A  R  S     I  I  I.  69 

S    C    H    0    L    I    0    N      IV, 

In  proxime  antecedenti  elementari  theoremate  citata  pro- 
pofitiodepyramidibusa»qualiumaltitudinumhabcntibus 
inter  fe  vt  bafcs ,  aliter  demonftrata . 

NE  Tyrones  necejfe  habeant  alijs  elementaribus  frofofi- 
tionibus ,  acfatis  habeant  in  theoremate  proxtmepof- 
to  elementart ,  cr  eius  coroUario ,  oper.tpretium  arbitror  h)c  in- 
dicare  nofrumprtncipium ,  quo  dr  in  2  Tomo  vfiftimus  oppor- 
tune ,  acetiam  in  i.parte  huius tertij  Tomi  vtemur;  ex  quo 
paiet  pyramides  aqualium  altitudinum  habere  inter  fe  pro- 

,  portionem  baftum.  ^oniam  enim,  ex  antcced.Schol.2,(^ ^ 
conflantur  pyramides  ex  eleuatione  hafs  magis ,  ac  magis  im- 
f»inut£  vfj^  adpunclum  verticis  ,f  eleuattones  ,feu  altitudi- 
nes  funt  /tquales,  no»  eft  vnde  earum  dijferentia,  feuproportio 

.  petatur ,  quam  a  difertntia ,  feuproportione  bafium ,  quarum 
per  xquales  altitudines  eleuatione,  ac  imminutione  coriflantur^ 
(^c.  Huius  theoriafite  (  ^  quicunque  legis  h)c  )  non  capit  eui. 
dentia  ,  feupotius  eam  non  capis ,  utere  citata  propof  5  lib.  1 1 
Elem.  Etrelabere  per  plures  alias  citatas  in  eam  prolixita- 
tem ,  qux  merito  torqueat  ingenia  morofa ,  (^  captiofa , 

COROLLARIA 

Zlementares  aliquas propoftiones  defolidis  ampliantia . 

I  /^Vje  apudEuclidem  funtdepyramidibus  obliquis, 
V^  &  triangularibus  iicet  etiam  traducere  ad  re^as, 
^^^^  ere^asj&bafiumpolygonarum.  Modoenim 
fintajqualesaltitudinesperpendiculares^&bafes,  cuiufcunqj 
fint  obliquitatis,  &  variae  in  bafibus  figurse,  funt  inter  fe  asqua- 
Jesetiamearum  foliditates,  quiainobliquis  etiamfpedatur 
eadem  altitudo  perpendicularis  quas  in  redis ,  &  in  diuerfa» 
figurxbafibusafqualitatis  arealishabeturraiio.  Sic  asquali- 

bus 
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bus  altitudinibus  inasqualitas  bafium  ( etiam  diuerfiformium, 
e  quarum  imminutione ,  ac  eleuatione  foliditas  diuerfiformis 
efficitur)inaequalitatem  in  foliditatibusindicat.&c. 

2  Nec  folum  comparari  pofTunt  inter  fe  pyramidcs,  vt 
apud  Euclidc,  fed  etiam  pyramides cum  conis,  quoru  folido. 
rum  quemadmodum  scqualitas ,  iuxta  Scholia  2,  &  3  antece- 
dentia,  proditurex  aequalitate  altitudinum,  &  bafium,  fic 
gequalibus  altitudinibus ,  differentia  foliditatis  e  bafium  dif- 
fetentiaindicabitur.  Sed  dchispluraintotaSe^aione  i  Bre- 
uiarij  noftri  Stereometrici  mox  leges .  Indico  aliqua ,  vnde 
geometrice  fcientes ,  ac  folertes  plura  educant . 


B     0     N     0     N     I     AE^ 
Jn  Typogrdphia  Httredis  Benat^  hic  'Epilog.  Planim.impreJ?us 
eji ,  cumfacultate  Superiorum ,  Amo  1548,  ^ 
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TOMI  TERTII 

iE  R  A  R  I  I 

Philofophia?  Mathematicac 

PARS    SECVNDA, 
IN    qjVA 

Breuiarium  Stereometricuni^ 
fpeculatiuum,&  pradlicum, 

E  T 

Campus  demonftratorius 

vniuerfalifsimus, 

&c. 
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AMICO  LECTORI. 

Vtile  eAuthoris  confilium  in  hoc  Stenometri' 
co  etiam  ■vltraelementari  "Breniario, 

^Reuiarium  hoc  Sterecmetricum  eiiam 
vltraelemecare  fpeculatiuum ,  &  pra- 
^icum  concinnatum  eftin  primispro 
noftris  apud  Chinenfes  diuins,huma- 
na?q;  philofophia:  Dodoribus ;  ac  pro 
jpfisetiam  Chirjefibus  Philofophisnoftrates  hafce 
inathematicdsfcientiasmjre  amantibus,  acdifccn- 
tibus,vcindicatumhabes,amice  Ledor,  in  Prolo- 
quioad  ce  in  veftibulo  primi  Tomi  ^rarij  huius. 
Erit  tamen  etiam  noftris  Europa?is  ,  atq;  alijs  coto 
Orbe  nationibus,  vt  opinor,noo  inutile,nec  mgra- 
tum.  Prafertimcumgradum  faciliimum  faciamus 
adfolida rotunda  pene  inliaita  eciam  excra,&  vhra 
eiemencaria. 

Acfane  poft  planarum  figurarum  elemencaria 
theoreroata  ,  &  problemata  folec  incoramodarc-» 
Tyronibusmora  interie<5a  io  iibris  Arithmeticis,.. 
&  deiineis,  acfigurisincommenfurabiltbus,  ante-. 
quam  deducantur  adfolidarum  figurarum  cogair 
tjonem .  In  ipfis  etiam  libris  de  folidis  permolefta_. 
quampiuribusviderurprolixitasaiiquandoaiiqua- 
rua)  demooftrationum  indiredarum,&  quampluri-» 
ma  theoremata  interpofita pertinentia  ad  lineaSj  5: 
figuras  planas ,  non  ad  folidas  j  licet  corum  aliqua 
lincquafilemmataiquibusnosnon  egemus  inoo' 

A     2  flra 


ftra  methodo  proderaonftfationlbus,&  cognitione 

folidorum.Satfcioariihnietka  cooducerc  &  linea- 
rum,&figurarum incommenfurabilium  tbeorijs,& 
cognitioni  prbportionum  irraiioaabilium  iftter  la- 
tera  aliqua  folidarum  figurarum ,  ptaefertun  regu- 
larium.  At  fiquiscirca  folida  ita  verfeiur  thtorice, 
3C  pradice  (quod  nos  in  hoc  Breuiario  Srereome- 
tnco  proficcraur)  vt  copiofam  eorum  cognitionem 
TyfOoesadipifcantur,fine  vlla  incommenfurabi- 
lium  ( qu^  ad  praxes  nihii  conducunt)  necefiitace, 
quidopusert  lludium  Tyronum  laflfare  alijsinier- 
medijs  incer  planaj&  folida  ,  &  non  folidis  inter  fo- 
lida?Quid  niquamprimuro  introducanturad  theo- 
remata,&  vfus  praeclaros  pra!cipu3e  partis,qu«  Ste- 
reometria  eft ,  diftradis  inicrim,autdilatJSprolixi- 
tatibusomninononneccfiTanjs? 

Sed  quod  prscipuum  eft ,  td  in  primis  prajftabi- 
mus  ,  vt  breuiflimis  ,  &  facillimis  demonftrationi- 
bus  ,ac  regolis  vniuerfalibus ,  modo  per  numeros, 
modocum  vfugeometricocentri  grauitatisjmodo, 
ac  viplurimiim,exipfarum  folidarum  figurarum_, 
originediffoluamusomnesdifficultatesofffcieotes 
clarcCj&  expedita^cognitioni  quantitatum,pfopor- 
tionum,  dimenfionum,transformatiooum,&c.  in-*' 
folidiseriam  vliraelementaribus. 

Salcem  hoc  proderimus,vt  Ty  roncs  facile  imbu- 
tihocooftro  Breuiariofaciliusetiam,  fi  velint,  ea- 
dem  theoremata , &  problemaia  in  elementaribus 
librisdefolidisapud  fiuclidem,  &  Hypficlera  in- 
ielI«gere,acnoftfispraxibuscondire  poffint.  Bre- 

uiarij 


uiarj  huiusnoftri  tripartitionem,3c  methodum-* 
videiQ  §§)  Si  capicibusfingularum  fediooum. 

Pro  re  nata  ctiam  agemus  de  proportionibus, 
quantitatjbus,  dimenfionibus,  transformacionibus 
fpperficierumcircafolida,pr2Eferiimrocunda  ,arqj 
etiam  vitra  eiementaria,  praeter  ea,qu2  de  jjsdixi- 
mus,praefcrtim  interafymptotos,ad  14, 15  ,  20, 
23  propof.  hb.6  in  i.To.hu./Erarij. 

Quoniam  verointer  vetcia  Elemcnta,qu2eapud 

Euclidem,  nonreponuncurlibn  14, &  i  j^quiiunt 

Hypficlis  Alexaodrini  qu^dam  quafi  appedix  E)e- 

mentari3,etiamabalijs  au<iia(qu3fi  quidjmafiFe- 

dientinfioitatem  in  elcmentismorofam,  &incom- 

modam  Tyronibus)nos  vtiliore,vcarbicramur,  c6- 

filioin  tertsa  huius  Breuiarij  Sedtione  verbbimur 

circa  folida  regulariaintra  finesquidem  Jtb.  1  5,fed 

tamen  ita  ,  vc  ea,  qua^  ad  vfus,  &  ad  praxcs  inicrip- 

tionum,  dsmenfionum,  &  transforraationum  perti- 

nent,addamus,  &  femina  feramus ,  ex  quibus facil^ 

pullulent  potiora,  quse  funtin  lib.  i^j&quae  vide- 

bisindicata  incorollarijscitatx  Scdionesi  .Ama 

faltem  ,  Amice  Le^^or,  amoremhunc  noftrum  viae 

compendiofe,  facilis,aciucundjp, quafternereco- 

nati  fumusTyronjbus  minoriculaboremelemen- 

tarem  ,atque  etiam  vliraelementarem  Stcreome- 

triam  inducendis.  Ac  tu  interim  nobis  faue,&  a  no- 

bis,aDte  noftrum  Breuiarium  de  foiidiS;  accipe  foIi'> 

dum  vale. 


BREVIARIVM 

STEREOMETRIiE 

etiam  vltraelementaris, 

Speculatiuse,  &  Pra6tica:, 
IN    Qjy  o 

Etiam  de  fuperficiebus  circa  folida ,  prasfertim 
rotunda,  ex  ortu  ipforum, 

Cf^m  vfti,  Atq^  etiamfine  vfu  geomettica 
Centri  grmitatis, 

Facillimae ,  ac  brcuidimae 
func  demonftraciones, 

A  C 

Infine  Compendmm  demonjlratoriu?^ 
vntuerfalisfimHm»  ^c» 

I  N 

Gratiam  Chinenfium 
Philofophoram. 
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BRE  VI  ARII 
STEREOMETRICI 

Sc6tio  Prima  theorica, 

Fro  lib,  1 1,(^13  Ekm.  ^a^  vUraelmcft^ 

tarta^ 

Ac  prx:crea  theoremaca  de  fupcrficiebus ,  p\x- 
fcrtina  curuis  circa  folida  rotunda. 


§1- 

CapitaTheorematum  elemencarium  ,  qu3e  in 
libris  1 1  ,&  1  2  apud  Euch'dcm  funt.  Metho« 
dus,Confilium,6c  hypothcfes  Authoris  in 
hoc  Brcuiario  Scereometrico ,  pracfertim  pro 
foh'dis  rotundis  numero  infinitis  ctiam  vhra 
clementa. 

olidorum elememmum in lihris  \\  ,&  i zprxm 
cipua  theorematd  vcrfantur  ctrca  proportiones 
\  eortim  irster  fe partim  ^qHalttatis  proptcr  xqtta- 
les  bafes  ,  &  Alttttidtnes ,  vel  propter  reciproca-m 
\  tioncs  l?aff(m,(^  dtttudtrjum,  'velpropter  lineas 
.  proportionalesjfipcr  qittbusexcttata  funt\&c. 
partim  inixqttalttatis  propter  inxquaUs  bajes^  "jcl  altitudtnes,iuxt<a 
qti&shabcntinterje  inxqHales  proporttones ,  &  foUdi  maiorisejl 

B  pars 
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yars  iliijuotatntnus  folidurH  ;/peciafim  vero  aliqua  folidapropor^ 
tioficm  tn£qii,ilitalis  hnbent  trtpltcatam  lateriim,Z'el dianjetrorut» 
D(  fjitifitjHe folidis  vero,  c]Ud  in  Itbrts  13,  14,  i  ^^acpropne  regtt- 
Uriaptnt^vtde  in  3  fe£lione  hutufcenofiri  Breuiar/f.Nos  igitur  Ty- 
ronum  cognitionif^ctlttati,  hreuitati,  vttlitati,  tucunditatt  confii^ 
lentcs,  cenfutmus  opsrx  pretitim  ejfXtnprimtscirca  folict.-i  Itb.  \  i, 
&  1  2^pr£cipttas  propofiiiones  expedirt(z't  in  Ep.logopiinimetrtco 
fccimns )parttm  e.\  ipforumfohdorum  ortn  ,parttm  cxvfu  gcome- 
tric6  centri graiHtatfSjpartim  in  numcris  dcmonlirare,  acers,fju/t 
funtfimtles  tn  aliejuot  quaflclrijfcs  cogere^tc  dentcfi  ((juodin  eleme- 
tarijslibrisnon  e(i)  vfus,  c^praxcs  Tbcorematum  defolidis(ctiam 
extraelementaria^  iliquihus excmplis ,  &  vniturfalibus  rcgtilis 
proderi^. 

Nefcilicet  velTyrenes ,  velpYcuc£tioresin  Geometrica  Philo^ 
fophiaprAcipuam  hanc  etusparte  //?  boc  ncfiro  ^Airario  difderent, 
Ctrca  qnamlicet  hreuiter^  tam  apcrtc  tamen,  acnonfne  nouitatc^ 
ver[dbin:nr  ,  vt inpojhrjt  locus no  relinquatw  vllus anttqiits que- 
rimonijs  de  difpcultate,  ablirufitate,  ac  neglc^upottoris  huiufc—* 
partis ,  qux  dc  folidis  vcrlfoltda  e(i ,  AiqutJbonic\f.tciet ,  vtfpero, 
amica  pcjicrttas  nofiriim  hiinc  faitem  conatumpublic&vtiltt&tii, 
cogmtioms ,  dr  faciittatts  in  re  apud altos  proitxtere  ,  ac  minus 
faciii , 

Suppono  in primis  cognitionem  eorum  qusin  trtbushifce  tomis 
butus  .^rar^  JxpiHs  prodtdimus  circa  vfimgeometricu  centrigra- 
uitatis,  pr^fcrttm  infne  iti.  2j  &  adpropofu^,  15,20,  25,  ith, 
tcx.i.  Suppono ettam  definitiones  aitquorumfoiidorum  (^juatame» 
ettam  inteiligentur  htc  in  concreto  dumJigHrjt  tndtcantur  ,  d^  nO'. 
?ninantur^qu£  eorum  ortum produnt ,  veiut gyrattones  femicirctt- 
U,trianguii,re^anguii,ex  qiiibus  fphxr£,cont,c)iindri  gencrantttr, 
i^c .  fimtita  foitda  dici ,  qu£  habcnt  etrca  angulcs  xquaies  iatert^ 
propertionalia,ac  etiam  homoioga,vt  de  piantsfimiltbus  tn  ii.6.&c. 
Supponotertio tprxterelementariainitb.  \\,&  \2  ypiuraaiiLj 
foiida ,  velttt  qux  apHd^rchimede  in  itb.de  Jph/tr.  (jr  cylind.&  in 
ceneid.  &fphxretd.  fedtn  primisinfinitanurnero Joiida ,  qu&vo- 
(ara  roiunda  ,  & funt  exretatiombuspiurifermtumpian^rumfuh 
VirfiforrKibHsiineis .  Prequtlus  vtde  nojirum  Cuidirium(cxterts 

..         ^  emm- 


SECT.  I.  ^ 

^kHus  neettricis  cmifsis)  (jut  'vr.ica  reguU  plura/o  rmat ,  cr  dc- 
monjlrati  ejuarn  omnes  altf  Veterum,  &  neotericorum  nonfolnm^ 
fcriftOyfednec  animo  conceperunt.  In  fecjuenttbtis  ncs  altqtta  tnd:- 
cahimus,  vt  Critici  i>ilitatores xtdeant  tn  nodrts elemeKiaribiiset- 
iam  iltraeUmentaric. 

Pr*legc  tamenfcquensScholion, 

S  C  H  O  L  I  O  N. 

Noftrumcompendium  pro  folidorum  aliquo' 
rum  proportionibus ,  6c  dimcnfionibus  taci- 
Iiuscciam,qaam  ex  vfii  geometrico centri 
grauitatis. 

ALi<ju/!rum  linearum ,  velut  non  reffarum  ,putafcmicir- 
cularis,  atq;aliarummixtarum  ,planorumitem ,  'velitt 
/emicircult,at<j;  altorum  non  reffangulorumycentragra- 
uitatts  tnucnire,prji.ferttm  geometrice,opus  eli  plenum  no»  medtO'. 
crisdtfjlcultatts,  vtpatet  apudvartos  Authores,  quitn  eo gcnerc^ 
verfatifunt.  Vtde  ,prdalifs,  Itbrespriorcsnojlri  Guldini ;  quiin^ 
foltdorum,pr.tferttm  rotundorum  ^proportiontbus ,  ac  dtmcnfoni- 
bus  vtitur  inucnto  grauttatts  ccntro  Itnearum  ,  vel  fuperjicierum, 
k  quarum  rotattone  fuperfictes,  velfoitda  rotunda gcneraniur, 

Hos^  nunquamfiis  laudato  Guldini  tnuento  ,  atque  f^utheri 

fuopcrrntffo,  vt  nuliatn  re  deftmusTjronumfactUtati ,  altquandt 

froporttones,  d^  dimenfones  aliquarum  ruperficierum ,  &Joltdoru, 

altquorum  venamur ,  (^  demondraiue  firmamus  ,  etiam  ftne  co- 

gKttione,  aut  vfu  centrigrauttMis-yfiltcet  earumjuperficierum,  (jr 

Jigurarum pUnarum,& folidarum , pr^Jertim  rotundarum ,  ortu 

fpeiiato,& aeceptis femtdtametris rotationum ,  non^quas  cemri^ 

grauitatts  ,Jed  quas  Itnex  rotantesfaciunt ,  vt  videbis  in  vtraque 

fefl,  i,&  2  huius  Breuiarij  Stereometrtci .  Semtdiametri enimrO' 

tantesvelaltquashmaspro  fuperficiebus,velpUnafrofolfdts,fitnt 

^quemultiplicesjemtdtametrgrum  rotanlium  centragrauitatis,ae- 

que ideofunt in eadem pr-oportione,per  i  ^ propofltb,K..Pro-inueti' 

B      a  ttone 
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tioKcetiA?»  {juamttatis  rotAtio»ufna  centris  grmitatis  'rtetejjaria 
ajntdGuldiutim  ad  dtmenfiones,  'vcrbt gratia,  luperfidci,  (^Joltdi' 
tatisjphara^ htsornmtfsa intiedtgatione operosa  centrt  granitatis, 
ac  Jine  eiusvfti  ^perinuentionemcjuartxproporiionaUs  toittm  ne- 
gotiumfacillinie  cxpedimusy  17  i'td(bis  tnjeff.  2,  vjbtjitj  crfictem 
Jphxrtcam,  &Jdltdttatem  vari^smodis  nonvulgatts  expnnrimtis. 
ItAq--,  r/ojiris  hifce  prxdiSfis  ccmtjcndrjs  circa  elcmcntana  prfi.ci' 
pttajoltda ,  ^uottes  tuto  geometrice  licet  \  nos  vtimttr ,  vt  Tjroncs, 
pro  noHra  virtlt^  varia^facili^noita,  rattone  gcometrice  phtlojopha- 
di  ditemus. 


Theoremata  de  proportione  aequalftatis  intec 
aliqua  rolidaclementariaex  xqualibus  alci^ 
tudinibus,  &  bafibus,  facillimis.breuifldmis, 
•S^nouis  demondrationibus  confirmata* 


AD  hoccaput  fpe(5iant  libri  11  propofitiones  29, 
30j3i,dcparalJelepipedis;lib.i2.coroJlar.  207 
propof.de  prifinatws.  &c.  Jib.  12  item  ,prop.  1 1, 
lc  corolJar.  de  Conis,  &  cyJindris. 

rHEOREMA    L 

Jarallclepipeda  aequaHum  bafium ,  6c  altitudi- 
num  iunt  squalia. 


I 


N  prima  figura  parallclepipeda  AB ,  CD  fi  funt  fuper 
aequalibus  bafibus  AE ,  CF  (iicet  earum  altera  diffe- 
xat  forma  figur»  ab  altcr3,vclutfii  CF  bafis  quadra- 
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ta,  AE  fir  altera  parte  longior)Sc  in  cade  altitudinc  BE^DFj 
funt  a:?qualia,qLiia,  ciiinca  parallclcpipcda  procreentiird 
bafibuspcrpcndicularitcrclcuatisjfiucdudisin  viamper- 
pcndicularcm  ,datisfqualibusbafibusclcuatis,&»qua-. 
libuselcuationibus  pcrpcndicularibus,  parallelepipediLji 
ex  aqualibus  conflata,  ctiam  ipfa  funt  a-qualia. 

THEOKEMA    II. 

PnTmata  ^quarmm  bafium,&  alfitudinum  funt 

squalia. 

INfecunda  figura  prifmata  AB,  CD,  quorum  bafes 
pentagona  AE,&triangularisCF  ponunturarquales 
fubcqualibusaltitudinibusEBjrDjfuntsqualia  pro» 
pter  candem  caufam  arqualium  bafium  rraducftarum  in  ca- 
dcm,fiuea'quales  altitudincs  perpenditulares,c  quibus 
componuntur. 

THEOKEMA    UL 

Cylindri  etiam  obliqui  ae  quallum  ba{ium,6c  al~ 
tjcudinum  funt  aequales. 

INterria  figura  cylindri  AB,  ACfuper  a?qualibu$,atq; 
adco  fuper  cadcm  bafi  AD,  &  in  cadcm  altitudinc_j5 
perpendiculari  DB  conftituti,  non  folum  redi,fed  ^u 
iam  obliqui ,  vel  alter  re^ius  AB ,  altcr  obliquus  AC ,  funt 
aqualcs,  quia  conflantur  ex  cleuatione  jcqualium ,  fiuc__^ 
ciufdem  bafis  circularis  AD  in  eandem  viam  perpendicu- 
larem  DB.  qua?  eft  rc»ila,&  ccrta  menfura  altitudinis  etiam 
obliquicylindri  AC,  qucmadmodumdidtumeft  inlib.  i. 
deparaliciogrammisjfiue  triangulisobliquisinter  eafdem 

par&lidAS  vna  cHmnon  obiiquis, 

Si 
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SifingasTedumcylindrura  AB  quafi  conflatumepJu- 
ribusplaniscircularjbus,ca  pJanA  in  latusobliquata  fub 
lateribusobliquisadquantitatem  diamctri  bafis  AD,ac 
lub  eadem  altitudine ,  producunt  obliquum  cylindrum  A- 
C ,  qui ,  cum  cx  ijfdem  numcro  , &  qiuntitate  conftet ,  ex 
quibus  cylindrus  AB,  eidem  eft  ^qualis. 

SinautemcyHndriftipcrxqualibus  bafibus,&  in  eadcm 
altitudinffint rcdi; quoniam fiunt, iuxta definit.  2, lib.  1 1, 
ab  arqualibus  pirailelogramn.is  circulariter  gyratis  ,  aj- 
qualibusetiam  cxifl;ent;bus  gyrationibus,  &c.ideofunt 
Kqualcs ;  iuxta  ctiam  didla  a  nobis  in  fine  lib.  j ,  &  in lib.  6 
adpropof.14, 1  5,20,2  j.&C. 

THEOREMA    IJT. 

Conixqaalium  banaai,  6c  alcicudlnum  func 

aeqaalcs. 

INquarta  figura  coniGHILfuper  eadem  ( vel  a?quali- 
bus^bafiGlj&fubeadem  perpcnd«iculari  altitudine 
HM,funta'quaJeSj  proprcrrationesfimiIesearuni_j, 
quasattulimus  decylindr  s.  Ac  fi  vterqjconus  fitre<5tus, 
conflaturaduclu  triangulorum  rcifVangulorum  a-qualium 
in  viasa?qualcscentri  grauitatis,  quibus  vijsrefpondcnt 
arqualcs  bafcs  conorum,  &c.  iuxta  dicta  in  fine  cit.  lib.  3  .& 
in  cit.propof.ad  Jib.6. 

COROLLARIV^  L 
Deparallelepipedis,  &pnfmacibus  obliquis. 


0 


Vcmadmodum  cylindri ,  &  coni ,  modo  fint  fupcr 
a^qualibus  bafibus,  etiam  fi  fint  (faltem  eorum  al- 
tcrum)obJiqui,finttamcnintercadem  plana,vel 

iincas 
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lineasparaJIelaSjhoc  cftfintciufdemaltitudfniSjfuntcE- 
qualesific  ctiam  extra  clenicta)  paribus  conditionibus  pa- 
rallekpipcda  ,&prilmatapradita,licet  obliqua,  &  ipfa 
funtinterfe^tqualia. 

COlhlLARIFM  II. 

Dc  pyramldibus  aequalibus  xcCtls, 
6cobliquis&c. 

Tiam  extra  clementa ,  aqualium  ba/ium ,  &  aititudl- 
numpyramidcs,  fiue  recita? ,  fiue  obJiqu*  funt  xqua- 
Ics.  \ide,  Gs,  figuram  3  fe^a.a. 

COKOLLAKIVM  IIL 


E 


De  parallclcpipedis,  prifmatibus,  cylindris,  py- 
ramidibus,  conis  cciam  mixcim  xqualibus. 

NOn  foIum,vtineIementis,folida  eiufdcmfpeciei, 
{td  &  diuerf» ,  fuper  «equalibus  bafibus ,  &  altitu- 
dinum  iequalium,  funta:qualia,parailelipjpedum 
&  prifma ,  prifma  &  cylindus ,  &c.  pyraiuis  &  conus ,  &c. 
Vjdcjfis,  figuras  i,  j,  3  fe»iik>nis  2. 
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§111. 

Theoremata  de  proportionc  aequalicatis  inter 
aliqua  folida  elemetaria  vel  proptcr  rccipro- 
cationes  bafium,  &  alcitudinum,  vcl  proptcr 
lineas  proportionales .  Item  de  proportiona» 
iibusfupcr  lin.  proport.  &c.  facil.  brcu.  noii. 
mod.dcmonftrata. 


A 


Dhoccaputpertinentpropofitio^^lib.ii.&Iib.i» 
piopof.i5.&propof-36,  &  37«Jib  1 1. 

TyEOREMoA    V. 


ParalIciepipeda,quorum  bafes,6c  altitudincs 
reciprocantur,  funtacqualia. 

Nquinta  figura  fintparallelepipeda  AB,CD,quodad 
foJiditatcin  a-qualia,  c  irca  qux  brcuita tis,&  iaciJita- 
tisgratia  verfabimur,  &  oftcnfioncm  facicmus,  & 
CxempJum  ponemus  pro  Tyronibus  in  numeris .  Sint  ergo 
paresfolidjtaics  2 1 6  procreatf  in  aJtcro  AB  cx  duifiu  bafis 
AE5j(cuiusJatusquadratum  3  )  inaJtitudinem  AF  24;  in 
aJtero  CD  ex  duiflu  bafis  CG36  (cuius  latus  quadra- 
tum  6)  in  aJtitudincm  CH  6. 1  it  enim  idem  produi5tuni_s 
21 6  tamexmuJtipIicationcnumeri  i^perp  ,quaexnml- 
liplicatiorie  numcri  36  pcr  6.\  idesclTc,  vi  bafis^adba- 
fim  36, ficrcciprcccaltitudinem  6ad  altitudinem  24,1^1- 
Jicct  quadrupJam  proportloncm. 

CcnucrJam  propcfitioncmtufacitOj  mi  Tyro,  in  appo- 
fitisanobis  numcfjs.QuareitquaJium  paralJcJepipcdorii 

reci- 
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rccipiocaniur  bafcs ,  &  altitudincs ,  &  quorum.  &c. rcci- 
procantur,  &:c.funt  xquaJia. 

S  C  H  O  L  I  O  N. 

EtiamiDaequaliutn  cylindrorum ,  &  conorum 
reciprocaciones  diametrorum in  bafibus ,  ic 
foliditatum  cum  altitudinibus. 

REui/e  apttd  Kos  in  i  parte  huius  i  tomi  ad  propcJitieft^TH 
1 4 Ub. 6  Elew.  §  (5  ,  e-  AdprotoJ.  1 5  §  -^{ibt  /a  bes ^o* 
fajsifri  vulgAta  ,  O"  -^d  ijin  iucundcs  tradu6fa  quaji 
paradoxn  circa  reciprocationcs  tn  cylifidris^  &  comsfacilt ^  (^  bre- 
uiter  ex  vjugeometrico  cefitri grauitaiis  detKor.Jlrata^  (^  caue  ccn- 
fundas  b.Jes  cum  diametrisbafium.  Nos  enim  adcit,prop.  14 ,  15 
loquimur  de  reciprocatiotie  dtairi  itroru  (non  bajium ,  (^  Joliditor- 
tum  ^  cum  altitiuitnibus .  Acprxtcrea  notacofjditiofies  eorum  r >- 
Itnarorur/i  apudnosjctlicet,  'vtjintjub  tjhpertmetris  Juperfciebus.^ 
fine  bajibus  ,  ex  ^qualthus  inoicjualtum  latcrum  recianguits ;  cont 
parittr  ex  xc/ualtbus  trt.ifigulis  inxqualium  laterufr.  Qc» 

T  H  E  0  R  E  M  A    Vr. 

Cylindri,  &  Coni,quoru  m  bafes»  &  altitudines 
reciprocantur,  funt  aequales, 

INeademquintafigura  percandem  oftcnfionem  nu- 
merariam  patet  etium  a-qualium  cylindrorum  reci-. 
procaribaies,6cahitudine5j  fi  fingasduorumcylin- 
drorum  bafes  citculares  efle  9^8:36,  alticud  mes  24 ,  &  (5; 
fiuntenimcylindricv-efoliditatesetiamexduoiii  bafiscir- 
cularis  in  perpendicularem  altitudincm.  &c. 
Applica  c.-Ecera  proportioualiter  etia  parallelepipedis. 

C  SC  HO- 
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S  C  H  O  L  I  O  N. 


D 


E  corus  itdchis  inferiHs  vhi  didtceris  conos  ejfe  tertiasp/trtes 
fiiorum  cylindrorun:, 

r  H  E  0  R  E  M  A    VIL 


Parallelepipsdumex  trlbiis  Hneis  proportiona- 
libus ,  ell  acquale  parallelepipsdo  ex  media, 
6cc.  iuxtapr  36,  li.i  i. 

VT  apparcatfolidiim  parallelcpipedumex  tribus 
lineis  proportionalibus  conflatum  effe  aequale 
cuboexmedia(faci  itari?  gratia  cxemplum  po- 
no  in  paraileiipip.  redangu.i-,  )  accipc  tres  numeros  pro- 
portionalcshosin  dupla:2,4,  8;  fiatnumerusplanusg  ex 
duCtn  ipfius  2  in  ^rFiat  folidus  64  ex  duiitu  plani  8  in  ter- 
tiura  proportionalem8  jquafiin  altitudinem,lcu  viam_*» 
perpendicularemcentri  grauitatis  in  motoplano  .Rurius 
exmedionumero^fiatplanusquadratus  16,  &  e  16  infe 
fiat  cubus,  qui  erit  64,  idcm  curamumero  folldo  64  ex  tri- 
bus  proportionalibus  2, 4, 8. 

S  C  H  O  L  i  O  N. 

Aliter  etJamgeomettice,  quam  apud  Euclidc, 

SEd accipe etiam aRtey^ac  geometricfa.  nohis ex  tfucentrt 
grmitAtis  ,  CT  confine  demonfhationi  aptid  Eticlidem .  In» 
(p^ice  Imfigitram  S,es: Eucltdtsfropof.i $.lii. 1 1- vtcunque 
transUtam  .Po^taeius  propqfitients  conflruitione  ^patet  etnsveri- 
tas  etiamfncilius  apttdms  tn  modumfeqttentem .  J^Jtontam  enim 
EFJ>onititr  (  qnidquidfit  in  figura^  circa  quam  ahfiracfe  fhilofo» 
'0    '.)«^  "  '         pha- 


-      SECTIO  1.  ix 

phdf»MrYi(jUi'isme<ii£  B,c^ex  e^idcm B confi.num  cft  farnHc^ 

Letipedum  IN^eruMt xqualt$  viie perpcf^dicularesvel tpfd^vel pre 

ipfis  EFy  KL.  Iterp  quomam  cd  vt  DE  ad  IK ,  itaKM  adEG  (Jjk- 

ge in figuracorre^a mtnorem  EG ) erge  erunt  ttquaiia  paralUlo- 

grammata  VG,  IM^fer  x^fexti ,  quorum  latera  crrca  angulos  ex 

con/lruciiot-  e  aquales  reciprocantur .  Producuntur  veroparalleli  • 

ptpeda  DH,  /A'  exparaUclograrnmis  DG ,  IM  ductis  in  lias  EF, 

KL,  ^are  cum  C'  vi^ftrpendnulares  Ef ,  /(L  d  csntrisgraui- 

tatts  motoruw planorum  DG,  IM,  O  motatpjaplana  DG,IM Jint 

\iquaUa,  erunt  &  paraUcUpipedaproducfa  ex  ^quaUbusproduee^ 

■ttbus  xqtiaUa,  Vide ,  &  conjir  dcrnonJtrationtmApud EucUdi m^, 

^quam  tnucntes gennnim  cum  hacnodraex  vfu geometrico ceritri 

Trauitatts,  vt  pateat  qukm  certa  hxc  centrt  via  geometrica  fit, 

THEORFMA  FIII. 

Solida  ex  quacuorllneis  proportionallbusfimi- 
lia ,  llmiliterqj  defcripr3,funtproporcio-« 

nalia. 

EX  antcdiclI.Sjquc^ficorolIjrijIocOjpatetveritasprop. 
37  li.  11  dequariiorlineisproportionalibuSja  qiiibus 
fimiIia.rmi]iterq;pofitaparalIcIepipeda  funt&ipfa 
proportionalia.Nam  po{itis([)ro  quatuor  prcportionali- 
busnumeris,quon.mT  binifint  in  eadcm  proportione)tri- 
bus  ijfdemproportion'jlibu5  2,4, 8;  exprimonumero  2  in 
fcfitplanus^,  cxplano4inalcitudinem2  fitfolidum  pa- 
raIlcIcpipedumreclanguIum8:fecundo  numero  4  dudio 
in  fe,  fit  phnus  1 1--,  ex  plano  1 6 in  altitudinem  4  fit  f^Iidu 
paraliclcp.&c.d^.  U  -  »V' 

Ponatur  idcm  ^^qui  efl  fccundus  proportionaIium,pro 
tertio,&  fif  gcminatumfolidum  64.  cquarto  8  infcdudo 
fit  planus  64 ,  explano  64  du*5lo  in  akitudinem  8  fit  foli- 
dum  51  2.Conferl"oIidaintcrfe  8,64,64, 5 12  eproportio- 
nalibusnumerisjquafifuperlineis  ,produda,  &  videbis 
"■     ■  C     2  quem- 


( 
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quemadmodumradiceSjfiuere(5l^  2  ,^-,^,8  Aintinpro- 
portionc  dupla,  fic  8, 64J  64 ,  y  1 2  efle  proportionaJia  in- 
ter  fe  in  proportionc  oftupla. 

Exhic  dic^iis  in  hoc exetnplo  dcduc ,  Ar  applica  tu aliaj 
iniTyro,dumnos  tu.'EfacilitaticonfuIimus,&  nitimurali- 
quid  noui  vel  modi,  vel  rei  profcrrc  circa  vetera. 

S  C  H  O  L  I  O  N. 

Regula  noftra  vniuerfalis  (  pro  particularibus 
apudLUclidem  de  folidis  eiufdem  fptciei) 
defolidis  etiam  diuerfx  fpeciei  aequalibus, 
quorum  baies ,  6c  akitudines  reciprocantur, 
6c  conuerfim, 

fa  apidEucltdem  aU/gntafumfolidis  eiu/dem  Jpecie^, 

relutpar/illeltpipcdis  intcrfe^cjUndr!S,&c.  tmerje  co~ 

paratis,  /tc  xqunlibus,  quorum  hafes ,  &  altitudmes  re- 

€iprocar.tur,ahfotui  poffufit,  ac  traduci  ettam  adfoltda  dtuerfa  fpe- 

ciei,  modofnt  xqualtum  altttudtnum,  &  hafum ,  velutfduorum 

frifmatum  Aqualium,  &  haheMtum  hafes,  &  altttttdirtesreciprO' 

cas,  alterum  transferaturin  ^quale  paralklepipedumipyiffna ,  & 

farallelcpipedum^ltcetfigurii(intfpecie  dtuerfx ,  quia  tamen  funt 

xqualta,reiiprocantur  bafibus,  & altitudtuthus,&  coauerfmprif- 

Ma,&  paralleIepipedu,quorttm  hafes,&  altitudines  reaprocantur, 

funtaqualia,  .^odpatet  innumerts,&figura,  5  fec.  \  .namparaL 

lclepipedo  CD  trarflato  tn  aquale  frifma,fcilicct  /equaltu  bafs ,  & 

jiltitudtnts^queniam  tjdenumertfunt  6  altitudinis,&  3  $  ba(ts,rc- 

Tfiprocamur  eodem  modo  cnm  longtort  paralleleptfedo  AB-,&fw^^' 

mA  (adem  %it  ertt  'vtriu/q » 


Q 


CO. 
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COROLLAKIVM. 

S\ fuerit  recipiocc  vt  planum  ad  planum ,  ita  li- 
nea  ad  lineam,  fblidum  ex  medijs  plano ,  6c 
linca^eft  aequale  (blido  ex  excretnis  pIano,(5c 

linea. 

PRo  coroJIario  dediicitur  ex  anteced.  Scfiol.  ac  vni- 
uerfali/Iimum eft  (vt  &  reguJain antec.  fchol.^etiam 
de  Iblidis  diuerfs  fpeciei  excitatis,  &conflatisex  pro- 
portionalibus  planis,  &Iinefs.  Adpraxim  v'ide§  5  ad 
propof.  20.  lib.6,  in  2.T0.  Aerarij.  In  figura  j.fec.i.&ia 
Jongipre5&  deprefliore  paralklipipedis,cft  vt  planuni_j, 
fiuebafis  AEad  bafim  CG,  italinca,feu  latus,&aJtitudo 
HCadlineam  EB  j&  fubmedijs  quattuor  quantitatum 
proportionalium ,  idcft  fub  plano ,  feu  bafi  CG,  &  fub  \\- 
nea.fiue  aititudine  CH  fohdum  eft  jcquale  folidofub 
extremis  plano  AE,  &  Jinca  EB .  In  numeris  ctiam  rcspa- 
tet.  Experire. 


Theoremata  de  proportionc  inacqualitatisinter 
aliqua  folida  elementaria  cx  in^quahbus  vcl 
bafibus ,  vel  aliitudinibqs ,  facij..br€u.  nou. 
modisdemonftrata, 

AD  hoc  capui  fpcd^nt  libri.ii  ^propofitiones  32 
de parallelepipedisjlib.  1 2  propof.  5,  &  6  de  py- 
ramidibusifchol.  ad  prop.  7  de  prifmattfs^  prap. 
II  dc  Conis,&  CyJindris,&lib.i  i,prop.J5.1ib.iapropi 
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Vmuerf^li  Hgula  Theorema  IX,  (^aliqua 
aliafoltita, 

Paralleleplpeda,  prifiTiata,  cylfndrl  xqualluin 
alcicudinum  func  incer  fe  vc  bafcs. 

VNica  vniuerfali  rcgula^&demoftrationepofTunt 
expcdiri  propofita  folida  ab  corum  ortu,  &  pro^ 
creatione.  Cumenim  jVtf.rpiusprxdidlum  eft, 
&paraJkIcpipeda ,  &  prifeata ,  &:cylindriconflentur  cx 
__b2f]husdu^i.sinaltiiudirics  perpcndiculares,  qucmad- 
'modunij fi  fiuta^qualesbafes, &.Tqualesahitudincs,con- 
ftituunt  .rqualia  ea  foiida,  fic  fi  habeant  proportioneni_» 
^alicuius  ina'quaJitatis,ca  nccefic  cft  proucniat  vel  ab  in^- 
qualibusbafibusjfimul^&altitudinibusjvelfia^qualcspo- 
nantur  altitudincs(vtcitata:propoficiones  ponunt)  reli- 
.^ua  ina^qualitasgrit  in  bafibus ;  acprpjnde  habcbunt  in- 
tcr  fe  in  cadem  altitudine  proportionem  bafium  iequalem 
^equalium,  inarqualem  ina-qualiuin. 

S  C  H  O  L  I  O  N     1. 

DE  prffortione  bafium  in  coKii^& pyramidibus  einfdem  nlti- 
tndinis  vtdeinfiKefcqS  5  ,  Sihol.  2.  ^•bifo/i proportiones 
cdriorim  ,  &pyr!inudHrn  adfuos  (yiihdros ,  & pyijmata,  confiabit 
dtmoa.drAito  ^^  §  4  liuricjpeffasfis,..,    ..;„..„,,  ^ 


T  H  E  0'l^  ^'^■A    X 


Paraliclepipedi  fe{ftiparallelas,5cc.  regmenta 

Vod  pcrrinct  ^eciatim  ad  proopof.2  5  lib.  1 1,  in 

'  figura  7,  lewto  parafldepipcdo  A-B  a  plaDopa- 

raJJclo  planis  GA ,  BH ,  quoniara  tria  fiuot  par- 

tialia 
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tialia  parallclepipcda  eiuldem  altitudinis,  crgo  eorum_^ 
diftcrentiaerit  inbafium  proportionibuSjicxtaprcrdicta 
in  rcgula  vniuerfaJi,  ih.^.hi;.?  4. 

T  tf  EO R  E M <iA  XU^XIl 

Cylindrifediparallel  sb^flbus  fegmentafunc 

interfcf^vtaxes  &  — 

—  Ccnii6ccylindri  xquaHumbafiumfuntintcr 

fe  vtaltitudines. 

PAriterpropropof.  i3,&  i^lib.  12  (infig.  eadcm  7) 
fe»5locyIindro  ABj  quoniampartialcscylindriha- 
bcnt  arqualcs  bafes,  ergo^fi  fit  inter  eos  aJiqua  inx- 
qualitas  ,crit  inaxibuSjfiuealticudinibusj  habcbuntque 
proportionem  inter  fe  >uxtaaxium,velaltitudinumquaa- 
titates. 

rHEOREMA    XllL 

Parallcleplpeda  Tuper  aequalibus  bafibus^funt 
interfe  vrattitudines. 

SCiIicetinmodumfimilemfet5}orumciUndrorum.  Si 
in  fig.y.crigasparalJelepipcdu  AB,  \t  bafisfit  AG, 
partialiaAD,  DE,EB  quoniam  funtfuper  requaJi- 
busbafibus,  non  diffcrentnifiiuxtaaltitudincs  fe<ililate'" 
ris  vtriuslibet  GB,  AH,  qu^  funt  eadem  cum  lateiibus f€= 
<ftaebafisAI. 

Quod  attinctad  pyramickyj  feorfiin  Videbisdc  ijs-in,-» 
fcq.§  y. 


SCHO. 
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S  C  H  O  L  I  O  N     II. 

Dfi  cylindns,&  conis  etiam  inxqualium  alcim- 
dinum  habentibus  inter  fe  proporcionem  vc 
bafium  diamecci. 

Vlde  aptidnos  eam  proporttsHem  vagantem  extr/t  regu^ 
l.is  apud  Euclidem ,  (^  f.tcile  demenftratam  ex  ceMtro 
graidtatis adpropof.  •i^ltb.6,%^.& adpropof.i 5 , S  J J 
■cum  CAHtiofiibus  taynen.^&  diiiincfionibus,qH.ts  indtcauimus  /«— ^ 
SchoUo ,  quodeft  in  hac  \  ft^.  pofi  thcor.  y .  In  cit,  ad  i/^,  &i^ 
propof.lib.6  habes  etiam  adifum tbi  incunia.  Itaq\  non  flu  .tqua- 
lium  ,/ed  eti.im  apiidnos  inxqudium  altitudiitttm  cyltndrorum, 
& conortim proportiones fpecianlti'  non  tam  e.x  bafibtis ,  qiiame 
bafittm  dtametris,  velfemidiametris,vclperiphcrijs. 

S  C  H  O  L  I  O  NT     IIL 

VldeSchoL^  pofI%  1 1  Epiiogi planimetricii  vbi  c.xemplum 
lucttlent um modivnttierfalifsimi  demonjlra^diin  numc- 
ris  deomni  quantitatc.  J^od  htic  ficit ,  cr  f.v  eo  demonjiranttir 
ia  numeris  qum  hic  defoitdis  in  anteced.  §.  4. 


Thcremaca  dc  proportionibus  a  nobis  facillime 
ac  breuiflfimcdemonftrvitisCylindriad  Co- 
num,  Prifmans  ad  Pyramidera ,  Conorum, 
6c  Pyramidum  incer  r^,  &c.   ; 


A 


D  hoc  caput  pertinent  Jib.i  2  propof  j,6,7,io  dc_^ 
CylindriSjConis,  Piiijmatfis,  Pyramidibus. 
.  \  Theo" 
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r  K  E  0  RBMA     XIV. 
Conijs  eft  terda  pars  fui  Cylindri.         ' 

COnumefTetertiam  partein  cylindri  eandem  cuni 
ipfobafiit)  habentis  ,&  altitudinem  a:qualeni_ji 
habesbrcuiter,  &  aperte  demonftratum  ex  viu 
geometricocentrigrauitatisad  prop.  2^X\.6,%  i8,Scig. 

C  H  O  L  I  O  N. 

P'dfitr:m  €x  ataustn  antec.fr ooU  14  tam  atautftt  cenam 
cjfe  :erthi7npiriem  fnt  cyl.indriy  idco  cjuji.  i/j  §  ^  /dtci  t^ 
ftirtd^toto  :  id:fl  de cytindro  circarcctprocutines  ba^ 
//nh>j,  &  altitti^i'  um^VdUnt  ctier/i  dc.cj\'iindrorurn panihtis  ^cjua- 
'  lii'USy&  etruTK'  fukripbs  ifcilicet  de  conts. 

T^BE  O  R  s£  tM  J    XK 


¥ 


Pyrairiiseil  cerciapars  fui  p.innacis. 


OVemadmodum cormse-fl: tertia pars  fui\:yUndd, ';\^ 
licpvr.imisefl  tertia  parsprif.natis  e.mderaba-.i 
fim,  &altitmliaL'mcualpyrain;dc  habencis.  . 
Cuius  thcorematis  breuifllna>u  ,  &  f-acillimamaccipe;. 
hicanobisdemonftrationcm.  rirpicc  figuram  nonam,&  . 
h)  prifmate  CB  cduc^tis  lA ,  DA  finge  pyranudcm  ACID.. 
Eingc  eriam  ipfi  prifmati  CBlaftum  equalein  cyliadruni.j 
EF.bafibusiEqualibustriangulariCIDjCircuIaiiHLF,  &>y 
eleuatis  perpcndicuUiiter  iid  a-qualcs  altitudines  CA,H- ; 
E.  Ex  Hr  cduc'cis  ir,  G  cxtremum  axis ,  rcc'tis  HG,  FG,  fin- 
g?cc4umi"HGFL.t5ipniam  igiturnrquafibus^ba^us nT2- 
guIaiiCID;&circuIari  F]LF.,ex;jUiWrt»ad  icqualesaltitu- 
.■^  *  <^  V  dines 
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dines  perpend  1  c ulares  A C  j  EH  elcuatis,  ajqualia  inter  fc 
lunt  pyramis  ACIDj  &  conus  HGFLi  &,per demonftrata 
ancbis  faciliime,  ac  brcuiter  ex  vfu  geomctrico  centri 
grauitatis  in  §  1 9  ad  2 5  prop.  Jib.  6,  conus  HGFL  eft  ter- 
tia  pars  cyJindri  EFjCrit&pyramis  ACID  tertia  parscy- 
lindriciuldem  EF;atpcrconftru(flionem  ,  cylindrus  EF 
efta^quaJisprifmati  CB,ergo  &  prilmatis  eiuldcm  CB 
crit  tcrtia  pars  cadem pyramis  ACID.  Quod  erat dcnaon- 
i^randum. 

S  C  H  O  L  I  O  N, 

acTheoremaca. 

Coni ,  &  Pyramides  eiufdem  altltudinis,runt 
incei;  fe  vt  bafes. 

Or^  diffa/iint  de  froportioriibus  friJinatttmyXaknt  etiam 
de  eorupjirtihttsftiytrtpHsyideJldefyranjidthtt$,cjU£  &■ 
tpf.t  fub  eadem  altttudtne  h,ibcnt  tnterfe  proporttonem 
bajiiim.  &c..^'i^  enim  totijtdejt prifnati  accidttnt ,et  tam parttbns 
eius  fitbtriplis.  Velut  Cluiius in  Schol.adpropof.i 4  Itb. 1 1  ofiendit 
conuenircprifnatHS  dtmtdijs parallelepipedorum  ea  ,  (ju£  demon- 
Jiratafuntdeparallelep!fedisinpropof,2'),  30,31,  32,  33;  34, 
ltb.\\.     "ir  1.D  ?iifi 

Sic  &  de  conis^  tjuos  in  noJlrisadprop.  2  3  lib.  6  demonliratiue 
dtdiajit  cjfe  tertiam partem  fuorum  cylindrorum  .  Itaeji  fictttprtf 
watum  partes  tertta.  etujdem  altitudints ,  d)"  cyltndrorum  partes 
terttx  eiujdem  altitudinisfunt  interfe  vt  bafs ,  ficpyramtdes ,  O" 
(omeiufdem altttudints{^idell quorum  hafes  eleuatA  intertianu» 
partem  altitudtnis (tiorum prtfmatum,  &  cyitndrorum  ,  confctunt 
fartes  tertiasprtfmatum,  ^  cyltndroritn,)Jttnt  interfe  vt  bafes. 


%6. 
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§VL 

Blcgulacapud  nos  vniucrfalcs,breues,ac  faciles, 
propeculiaribus,  quae  apud  Euclidemfunc 
circa  criplicatas  proportioncs  &c.folidoru»n 
rimilium. 

ADhoccaputpertinentlib.il  propofitiojj  <Jepa- 
rallekpipedis , &  Schol.  ad  54 de  prirmatfls ;  lib. 
12  prop.  8  de  pyrantidibiis,  prop.  12  de  conisSc 
cylindrisiprop.i  8  de  Iphsris.Dc  quibu5 foIidis,&  in  qui- 
bus  propofitionibusdemoftratur  proportiones  tripJtcata; 
homologorum  Jaterum  in  fimiiibus  folidis  ,& diametroru 
in  fphsris. 

(!;)^uod  pertinet  ad  folida  fimilia  fub  planiSj&c.  cx 
noftromodogeometricoprocedenrcab  ortu  eortinifoli- 
dorumjqua-fcihcetconflanturexducluplani  inpcrptndi- 
cularcm  altitudinem dtfignatam  a  planis  eJeuatis, pcffunt 
vnicaregula  demonftrari  tiiplicatcproportioneslaterum 
homologorum.  Nam  folida  fimilia-  Juntjqua',  iuxta  dcfin. 
^.lib.i  i,fimilibus  planiscontincntur.  &c.  &  fimiJiapJana 
funt  j  iuxta  d(. fin.  i .I)b.6i qua' habcni  latera  proportiona- 
lia  circaa^quak'sangi]los3&  iuxra  theor.  lyjVbi  aliterde- 
inonftratur  20  prop.  li.  6  in  Epilogo  planimetriconoftro, 
balt^sfiniiks  foJidorum  habent  proportionem&  latcrum 
motorum,  &  viarum  ,  per  quas  mouentur ,  idcft  duplicata 
(videcit.theor.17j  fiuc,  iuxta  vulgata,  per  2opropof  li  6, 
fimiliaplana  habent  duplicatam  proportionem  laterum 
homologorum.  Addita  tcrtia  proportione  eiufdcm  gene- 
ris,  quam  habentinter  fe  fimilium  folidorutn  hoinologae 
altitudincs,conficiturproportio  in  eodemgcncre  tripli- 
icatalaterum  homologorum,quam  interfc  habcntfoJida 
parallelepipeda,  priimata,pyramidcsi  &c. 

Hxc  eadem  regula  poJIet  etiajn  traduci  ad  folida ,  qua? 

Ci)  2  non 
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non  fiintfub  planis  lupeificiebiis  Jcd  fub  curuiSjquaJia_^ 
funt  folida  rotunda  cylindrj  ,,coni,  iph^ra?  &c.  quando-. 
quidemea  refoluuntur(  vthabc^in  fine  Jibri  2  eJem.)in 
folida  paralJclepipeda  ifcd  ramcnnos  hicaliampro  ro- 
tUndisrcgulamfaciiJimam  deeoru  tripJicata  proportio- 
ne  in  femidiametris  prodemus:  exempJis  aJiquibus  mox 
inferius,  vioi; 

Interimaccipeexemf)|aiacprimo'oco  deparaJJeJepi- 
pediscftofequens  — 

'^T  H  E  0  R  E  M  A    XV!. 

Solidaparallelepipcdafimiliafunt  in  triplicata 
proportionelaierum  hcmologorum. 

AciJitatisgratia  in  8  figuraj&  inexemplo  duorum.-» 
'"^  ciiborum  ,  quoniam  proportio  pianorum  quadra- 
torum  AB/CDcfl(cxtheor.  17  Epilog.  planim) 
ex  dupJicata  motorum ,  &  mctionum ,  idefl  Jaterum  AE, 
CF  (qu^  lunt  in  proportione  d upJa}&  in  fimilibus  iJJis  fo- 
Jidis  latera  jfiue altitudines  GA  ,  CH  homologc-e^ac  fimi- 
les in  paial/eJogramniis  GE,  HFfunt&  ipfse  in  dupla_* 
(non  dupJicata)  proportionc ,  crgo  proportioni  dupJ^c ,  ac 
diipJicarf  pJanorum  AB,CDaddita  proportio  tertia  item 
dupJa  Cnon  duplicata )  altitudinum  AG ,  CH ,  conficit  in 
gcnere  proportionis  duplie  proportionem  triplicatam  ip- 
iorum  folidorum  inter  fe ,  hoc  cfl  foJidum  GBad  folidum 
HD  habctpropoTtionemodiuplam.  Expono  iic  :  in  minori 
ibJido  cxJatere  I  quadrati  fitpJanum  quadratum  CD  i; 
inmaiorefoJido  cxlatere  2  quadrati  fitplanum  quadra.. 
tuni  AB^.in  minorcaltitudoCHefl  i,in  maiorealtitudo 
AGcfl  2  .  ProportionisdupIicat^E  Jaterum,fiue  ipforum 
plancrum  AB,CDcflnumerus4,altitudinumefl  2.  Dif- 
ponanturnumcri  earumproportionum  dupIarumfic.-ijZ, 
4:funt  in  dupJicata  ipfius  i  ad  2;idcfl  ad  ^.Triplicetur  ea- 

dcra 
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dem  proportio,  &  fiat  i ,  2  ,  4,8  ,videsefle  i  ad  8  mo»ftiN 
plapropo/tidne,  fcilicettriplicatte  propor.tionis  dupL^. 
Vel,quafi  efTetproportiocompolIta,  denominatores 
proportionisplanorum,  &a]titiidinum,fcilicet4,  &  2  in- 
terfe  multiplicentur,  iuxtadefin.5  lib.  6,&producctur  8 
denGminatorproportionisfolidiGEad  folidum  HF. 


S  C  H  O  L  I  O  N. 

ETia^n  quandofoUda  ■parallelepipedxnon ptnt  ctibi,mode fint 
JimiliA,  licet  habeant  altitudtnes  non  aquales  latcribus  ba-  ' 
/lum,  tamen  etiam  altttudimsfunt  in  eadcm  proportione,in 
quafuntvtrumlibet  latusba/is  ad  homologum  latus  alterius  bafts; 
funt  eniw  ettam  altitudtnes  homo!og.e ,  hoc  e(i fimilis  ,ac  e  tifdcm 
ratso.:is,  fcuproportionts  antecedentes,  cuiusfunt  circaaqudes  an- 
gulos  confeqventta  duo  alta  l^tera.^elut  tnfgura  6  ficoncipiaspa'- ' 
raUelepipedafmilianoncttbicaHD,  NI,fialtttudo  GEc/t  adED 
vt  altttudo  MK  adKI  ctrca  fitppoftos  ,tquales  angulos  E  ,K  ^  ^''S^> 
J>ermtitando ,  vt  GE  altitttdo  ad  altttudincm  MK  ,fc  ED  adKI .  fi 
ergo  duplicatis proporttonibus  ipfarum  ED,  /j^/  addaturproportio  ' 
ipfrum  GE,  MK,  fit  additioproportionts  eiufaemgcnerts ,  in  qua 
fttnt  ED,  ad KI  vt  EG  ad KM,ac prot/ide  addtta proportio  a/tit tt- 
dtnum  ditplic.it&  proportiont  (^fcvocemus )  Uttiudinum  ED  ,KI 
conficit  trtpltcatam  in  eodem  genere. 

Tanti.  rtfert  tnteliigere  qutdfit  in  ^prop.  lib.  6  itquiangttiorum 
tri.tnguloram  latera  proportionalta  ejfe  etiam  homoioga  iatertbus 
altentis  iriangult  &(,  & Jctre  non fttperfctalttcr  quxnatn  fint  in  1 
defn,  iib,  $fuperfctes,fuefgurxpian,tfmiles» 


Thco- 
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TITEOREMA    XFIL 

Prifmata  fimilia  funt  in  triplicata  proportionc 
laterum  homologorum. 


H 


Oc  thcoremaj  de  quo  nihil  apud  ipfum  Euch'dem^ 
cxpedio  quafi  per  modum  coroJiarij .  Infpice  fi- 
guram6,&fingeparallelepipeda  HDjNI^effe  fi- 
milia,iuxta  def  9  li.i  i.fifingasvtrumqjfccari  peroppofi- 
tosangulosH,  DjF,&N,I,  L,  diuidentur  ina:qualia,& 
interfc  fimilia  prifmata,  verbi  gr.prifma  triargulare  efe- 
dioncper'H,D,F,  eritfimilcprifmati  triagulari  fadlo  cfe- 
dione  per  N,I,  L,  &  cum  habcant  latera  GE,  ED  homolo- 
ga iateribus M<, KI, fciiicct eadem,  qu;i'  fimilium paral- 
Jelcpipedorum ,  habebunt  &  ipfa  prifmataeorumdcni  ho- 
mologorum  lateium  triplicatam  propoitiorem  interfc._jj. 
Nam  per  i  5  propof  lib.  5  l">ytfs  cumpArittr  muUipUcibus  e/itn- 
dim hfiir.t prcpvrt.onen, .  Vt  crgo  totaduplicia  ,idcflparal- 
lelcpipcda,  fic  dimidia,  idtfl  prifmata  fimilia  intcr  le ,  &c. 

ru  EOREMA     XVllL 

Similcspyramidesfunt  interfein  triplicata  pro- 
porcione  latcrum  homologorum. 

^l  On  folum  qua'  triangulares  habent  bafes  ,  vt  limi- 
J  raniurapud  Euclidem,pyramidcs  fcd&qua-po- 
"  lygonas.  Ac  finc  pluribus,  qu^funt  m  demonftra- 
tioncapud  Euclidc,  nos^  hoc  Thcoremaccucorollarium 
dcducimus  cxantcccdenti .  Infpice  figuras  2  ,&  9  ,&  fin- 
gpprifinata  trianguIariaCFD,&ABDcfTefimiIia,&  que- 
aduioduin  fupcrfafi  CDI  excitataeftpyramis  CDlA,fic 
cxcitatamaltcra  imaginariamfuperbafi  CF,  &c.altcrius 

prifma- 
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prifmatlsad  vfqueD.  Quoniam,pertheorema  1 5  anobis 
demonftratum  in§  5  antec.pyramiscfttertia  parsfuiprif- 
matis,  funtqjeademlaterahomologa  DF,FC,  &  AC,CD 
pyramidumqu«&  prifmatum  fi:ni]ium,crunt  &  fimiles 
pyramidesinterfecx  eadcm  homoJogorum  laterum  tri- 
plicata  proportione,in  qua  funt  &  prilmata/cilicet  partes 
cumfuis^quemultiplicibus,  vt  in  antec.Theor.  17. 

rUEOKEMA    XIX. 

Cylindri  fimiles  habent  fncer  fe  tripl  icatam  pro- 
portionem  remidiametrorum(  fiue  diame- 
trorum^inbaribus,exeorum  oriu,6cc. 

INfpice  figuras  7,  &  9,  &  fint  insquales,fimiles  tamen, 
cylindri  AB,  EF .  Quoniam  generantur  ex  gyratione 
circulari  reJlanguli ,  ergo  habent  inter  fe  proportio- 
nem  fuorumgenitorum  ,Cme partium  eos  conflantium,ne- 
pc rci5^angulorij  EL5& dimidij GF^&c.in  fig-^.ac  pr^eterea 
habentproportioncmcirculariumgyrationumHLF,GB. 
At  reciangula  habent,  ex  20  lib.6,  duplicatam  proportio- 
nemlaterumhomologorum,  qualia  funt  femidiamctri  H- 
L, &  dimidium  ipfius  AFigyrationes  etiam  circulares,  feu 
peripheria?  habent  proportionemearumdem  fcmidianie- 
trorum, per  lemma  §19  Epilogi  planimetrici ; ergo  addit* 
proportio  gyrationum  duplicata-  proportioni  redangulo- 
rum  in  ijfdem  femidiametris  ,conficittriplicatam  earum 
femidiametrorum  proportionem. 

Alitcr. 

IVxta  §  1 9  &  in  eo  lemma ,  &  theorema  in  Epilogo  no« 
ftio  p]animetri<.o,bafescircularesGB,  HFhabctpro- 
portionem  bis  femidiametrorum, ideft  duplicatam  ;& ba- 
fes  motic perpcndicuJariter  producunt  cylindros  ihabent 

ergo 


/ 
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ergo  Sc  tciuam^nue  triplicatam  proportioneiTi,  addita  tet»- 
tiiij  qux  cft  altitudinum  homologarum.ad  quas  eJeuantur 
.baks  in  fimilibus  cylindris. 

rn  EOKEMA    XX     • 

Coni  (imiles  habent  inter  fe  trlplicatam  propor- 
cionenn  kmidiaaietroium  (fiue  diaaicnoril) 
in  bafibus.  Ex  eorum  ortu. 

CiJicctproportionemtrianguIorum  ,c  quorum  2,^' 
rationibus  cireularibusoriuntur ,  &  proportionem 
ipfarumgyrationumiqu^proportiones  (unt  in  fe- 
midiametrisjvcdiclum  cfl:  inTheorcmatcantcccdenti.Vi- 
de  fig.^.&mcmentOjCx  ipiib.^jtriangalafimiliajvelut  G- 
LHj&aiterumj'maginatu!n  habere  intcr  fepropi^itioncm 
dupJicatam  ba(iumjquaiisHL;&  gyrationes,quaJisHL- 
F  Coni  GHLFcumaJccra  imaginati  fimiJis  coni  jhabent 
ctiam  ipJa?  praportioncm  eaiumdcm  J'cmidiainetrorum5i 
pcr  Jemma  \n  §  i  9  cir.  Epilogi  planimctricijcrgo  tripJica-; 
tamfemidiametrorum.&c.  -  .;,:of,"  ^  .>•.  j.\ 

•■  Allter. 

QVoniam  conifunt  tertiapars  fuoriuncylindroruinlijj 
perdemoftrara  anobis  excentrD  srauitatisad  pro- 
';iu:;.  •'pDlz^  Jib.6,&  /imiles  cyIindri,per.theor.  ip  ahtec. 
habent  ''ntcr  Je  tripJicatam  proportionem  Jemidiamcrro- 
ri:min  bjJibus,cigo&  rcrti.t  partcs  habentcs  caJdemfc- 
midiamttros  (ideft  coni  iupcj-  ijidem  baJibus  Jimilium  cy- 
lindrorum)habcnt&ipfa?  tripJicatani  proportionem  ea- 
njmdemJ^inidiamctrorcJm;confirmantepra;diclapropof4- 


*  SCHO- 
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S  C  H  O  L  I  O   N. 

Proporrlones  inter  conum ,  &  cylindrum. 

F\   Euife pro  preporttonibus  conorum  ,  ^  cylindrorum  interfc, 
V.   §  <>  &  6  idi^propof.hb.6, 6"  §  3  adpropof^  1 5  eitfdem 

ThEOKEMA    XXI. 

Sphacr^  habenc  inter  fe  triplicatam  proportio- 
nem  remidiametrorum  (fiiie  diametrorum) 
exearum  ortu,  eciam  fine  vfu  geometrico 
centrigrauitatis,  &c. 


L 


IcetinS  18  ad 
20  lib.  6.  hoc 
theorema  co- 
firmaueriipus  cx  sCa 
geometricc  cetri  gra- 
uitatisitamenhicali- 
terexparte,ideft  et- 
ia  fine  vlu  centri  gra- 
uitatis,idem  cxpedicmus  ab  ortu  Sph^rarum .  Hdbent  igi- 
tui  Spha^ra^ABCI,  DEF.v  interfe  prcpoitioncm  triplica- 
taiii  femidfamctrorum.  quas  finge  MH  ,  LG  produclas  vJ- 
tra  pundla  ccntroriun  grauitatis  G,  H  in  femicirculis  AC- 
B, DFt,  \lq;ad  peripheriasin  B,&  E  .In  demonftratio- 
necitata§  18  ad  20  Jib.^quxdiximusdc  proportione  ip- 
farrm  LG,VlH».onclufimusquafi  de  femidiamctris  Spha;- 
rarup  jac  linea"  tuta'  BL,  EMiuntaquemulcipliccs  partiii 
GL,  HxM,&partium  ,  &  a^quemuitiplicium  ea:dcm  Junt 
propoiiionesjper  1 5  Jib.  5  .  Igitur  quoniam  fiunt  iphera: 

E  ( iux- 


i6  BREVIAR.  STEREOM. 

(iiixta  dcffn.  14.  lib.  1  i)l  femicirculo  circularitergyrato, 
habtbunt  proportioncm ,  &  femitirculorum ,  &  gyratio- 
num.  At  lcinicirculi  ACB,  DFE  ( ficut  &  circuli  in  §  1 9  E- 
pilog.planimet.)  iuxta  §  10  ad  2 o  li.  6,  habcnt  inter  fc  du- 
plicatam  proportionem  femidiamctrorum  LB ,  ME :  gy- 
rationcsverocirculares  earumdem  fcmidiametrorum  L-i 
BjME^^Hue  apundisBjE  fignatai-periphcria-circulares) 
habcnc  inter  fe  proportionem  fcmidiametrorum  BL,  EM, 
iuxta  Jcmma  in  §  19  Epilog.pJanim.crgo  fphcra:  hiabent  & 
dupJicatamproportionem  intcr  fe  in  femidiametris  BL, 
EM  afcmicircuJis,  &tcrtiam  in  ijrdcm  BLjEMapcriphe- 
rijs ,  hoc  cil  tripJicatam  in  ijfdcm  ,  fiue  earumdcm  femi- 
dianietrorum,&c. 

SCHOLION      I. 

Qcfanci  momenti  fir,  prxfertim  in  fphcBtis ,  pro- 
pofcio  inucnca  efemidiametris,  vtl  diame- 
tris,  fine  vfu  centri  grauitatis. 

/  vuns  tuttetiom  rentri  granitatis  ad  cognofccndam  propur- 
ttcnem  interSpheras ,  non  pottris geornetrice  pracise  eam^ 
habcrc.Ratioelt ,qiiia,tuxtaGiildini  geometricnm  inuen^ 
tum  lib.  I .  ^ap.^ ,  nnm.  ±^non  pote^i  htben  in  Semicirciilo  punifiim 
centrt grauit.ttis pro  lfhcr&  foliditate ,  & proportione  inticnienda, 
ntjiprins  i»ueneris  ccntrnm grmitatis  femiperiphcriA .  At  ex  codc 
GtUdinoltb.i  cap.  6 propof  \,ptin£liimcentrtgrauitatiscfl extrc- 
miim  iineizquadratrnis  in  femidiametro ,  quodptmSlttm  quadra- 
tricisgeometricc  h.tberi  nonpotell  ,  cum  qtiadratrixfit  afymptotos 
iti/fit  extremmo  cum  femidiametro  i  igitttr ,  aprimo  advLttmum, 
KonpotcJ}  haberipriuifa  geometrica  inttentio  centrigrauitatis  in^ 
femicirculo  ,  %>ndepenaet  inucnttojoliditatis ,  &  proportiofpher^ 
adalteram  .  RcUgc  §15  nostriim  ad^propcf,  lih.  6  inTo.  2  huius 
^£rartj .   Dum  f^itiir  nos  inproportiontbus  inter  fphxras  vtimitr 
proportienegyrationtimfactarnm)  noni  centro  grattitatisincert^ 

:  -     -  -  gco' 
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geontetrsce  in  femidiametro  ,Jedabfoluie  a^yr.itione  f^Bl  ahcx- 
iremo fcmtdiAmetri.fiHe  tpfiusfemidi/imctri^  modum  aperte  tr.tdi- 
mtis^ qtii ad praxim  factllime redigtpoteft ,  quom.irn  aperta  cfi  yic 
ficilts  cogttitio,  &proportto  femidiametrorum ,  vct  duartim  reiia- 
riim  habenttttm  p*oportionem  r.itio  .ilem  .  Verttm  tamen  efi  adac- 
cipiendirnfoliditatcm  fph.iricam  vftiefje  regtdam  cenirigratiitam. 
tis  tn  femtctrcttlo  ,  tjuantum  capotejii  fertttre  faltempr.jxibus  or- 
g.inicis  iuxtaindicatain  Schel,.idfinc?n  §  i  hutus prir/ijejectiofiis, 
Confcr,  amabo  .^dernonllrationum  tndtcttarttm  implexam  prolixi- 
tatevf  ipud  Eucltdem  defimiuu.m  conorurn,  cjiindrorum,  fphdira-' 
rttm proporttontbus,ctim  compendtjs,qu.t  h.ihes,  mt  Tyro,  tnaitece- 
denttbus  hictheorem.tttbus ,  &  vtdebis ,  ac  h.tbi  bts  vndc  nobis  ct^ 
iam  'uitafuncfis  bene  awud  Dettm  precerts,  quodte  etiam^Uqu.L..j 
etfam  rogo. 

C  0  RO  LLAR  IVM. 

Quanto fol  rerra  fic  mafor .  D^  comparar is  ma- 
gnirudinibus  inter  (c  Pianetarum.  Ac  vfus ali j 
militaresprascedentJsTheorcmmatis  zi  in« 
dicati  apud  nos. 

OVoniamin  Militari,&  in  Aflronomia  vfus  fingu- 
JaresfuntpioportionutninterfphjEras,quicumq; 
circa  praxcs  amatvcrfari  lcicntiticc  ,  quanti  ta- 
ciat  habcrc  in  promptu  facillimam  dcmon  ftra- 
tioneinproportionum,ac  veritatumadmirandarumjprs- 
fertimcircafublimia,&  cxJeftia,qucevenatur? 

Vidcin  2T0.hu.  /Erarij  ad  piopof.  20  hb.  6,§§  18,  21, 
22)  28,  29,  |o,indicatosvlusaIiquosnuchiiiarios  m.lira- 
tcs^  Aftroncmicosprarctd.TJieor.  21  ,m  piiii  iiin^  30  de 
SoJe  plusquamcenticSj&quadragiesn^aioit,quamterr£B 
globus, e  triplicata  eorum proportione  in  diametris .  Sic 
purjter  de  alioruni  pJanttarum  lpha;risj  &c. 

B     2  SCHO- 
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S  C  H  O  L  I  O  N     II. 


A 


LUpertittetjtidddproportiones  inter/e  ConitCy» 
liniiri,  Sphd^ttjO^c^^vide  mfec^  2,prefertim  tn  co' 
rotUtijs  pofi  rvartMS  dmenfiones  eorumfoltdor^* 

ry  EOKEMA    XXIl. 


Si  fuerint  quatuor  lincae  recftsEcontinuc  propor- 

tionaks,  vt  cft  prima  ad  quartam ,  iia  eft  pa- 

rallcicpipeduni  fuper  prima  dercripium  ad 

parallelepipedum  fimile,  fimilitttqj  defcrip- 

tumfuperfecunda. 

EXhai^^enusdidisinhocf  ^patetetia  in  numensco- 
roJJaiium  propof.  jsJib.  ii,cuiuspJurimi,acinfi- 
gnes  vfus  funt  in  Geometria  pradtica ,  &  aJijs  in  arti- 
bus,inprimisprol'aniofa  cubidupJatione,iuxra  ea,  quar 
indicauimus  ad  propof.  1 3  Ji.  6.  vbi  de  inucntione  duarum 
mcdiarumproporticnaJiu,  atqjinpraxi  videbisin  2.  fe<S. 
hu.Brcuiarij,pra:fertim  vbide  audione,&  imrainutione 
foJidorum  in  data  ratione. 

^  Igiturincxcmpio^  figura» pro  re<5lis  quatuor  conti- 
nue  proportionaJibus  accipe  quatuor  continue  propor- 
tionaJes  numci  os  1,2.,  4,  g,  &  ex  primo  confla  pro  cubo  F- 
H  cubicum  numerum  (ic:  dudo  Jatere  i  cubiti  linearis  ia 
fejfitcubitusquadratus  i:excubito  quadrato  1  dudoin_4 
cubituni  Jinearcm  i  fit  numerus  cubiti  cubici  i.  E  fecundo 
numcro  proportionaJium  2  in  fe  dudo  fit  pJanus  quadra- 
tus  numcrus  4,  rurfus  e  2  du&o  in  4  fit,pro  cubo  EG,cubi- 
cus  numcrus  8  •  Quam  proportionem  habent  inter  fe  nu- 
nieri  JoJidi  primus^  &  fecundus  8 ,  fa<ai  c  numcris ,  ceu  ii- 

ncis 
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neis  prima  &■  fecunda  proportionalibus?  ea  fclllcetjquam 
habent  quatuor  continue  proportionalium  primus  nume- 
rus  (feu  prima  linea)  i  ad  quartum  (  feu  quartam  lineam) 
8,  Stergofinl  ef^Atuor  lw£&  continue  froporttomles  ^fdidnm  /4- 
rAlielepifeduw  fltperprima  ad  foltdumfuperfecHnda  fimile  ,/ir»i- 
litertj;  dcfcrtptunife  habet ,  vtprimi  ad  quartam  lineartm  tontin 
vue  proportionaltum, 

S  C  H  O  L  I  O  N. 

Vnluerfalesrcgul^ad  praxes  etiam geometrice 
organiCdS  pro  cognofccndis  proporcionibus 
datorumrolidoruaietiamnonliinilium. 

RElege  qus  habcs  apud  nos  in  hoc  Aerario  ad 
propof.  iolib.i.§  ^iadpropof.i.iib.6,  §  6,7,8, 
§.  Adpropof  2o.iib.6.§  r,&ad  25  §  1 2.Atq;ea 
hucapplica  ,veJproducendo  proportionem  dupiicatam 
planorumad  triplicatamfolidorumjvel,  vt  ibi ,  rcdadis 
planis  irregularibus  ad  regularia  intra  eafdem  parallelas. 
Sicrcdu(ftisfo]idisnonfimilibus(perpraxcsin  afeftionc 
hu.  Breu.)  ad  fimilia,  accipe,  ac  transfer  laterum  homolo- 
gorum  quantitates  in  circinum  proportionum,6cc.vt  in  ci- 
tatis  §§  ad  lib.  i ,  &  ad  6.1ib.docetur. 

Sic,datis  quibuslibet,  &  quotlibet  folidis,  etiam  artifi- 
ces  organici  flatimfciet  eorum  proportiones,  per  praxcs 
in  cit.  §§,  &  hic,  &  in  <Sf^nteced.  georaetrice  firmatas  3  & 
inagis  infeq.  firmandas. 


57." 
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§  VII. 

Rcgula  vnluerfalifrima  breuis,  ac  facills  de  pro- 
poftionclolidorum  etian')nonfimilium,6c 
vltraelementariam,  ex  eorum  ortu,  &c. 
Indicaca  exempla  apud  nosin  co,  2. 

"T  On  fimilja  folida  quam  habent  inter  fe  proportio- 
nem?  Cuius  rci  nuUum  apud  elementa  geometri-. 
ca  veftigiumeft,  ac  pra-fertim  cum  regula  vni- 
uerfaiiflima,  quam  fic  bi  euiffime  aperio. 

I  Qiuvcumq;  iblida  (pra^fertim  non  fimilia)  inarqualiu 
bafium,altitudincm5&c. habent  inter  fe  proportionem 
tompofitamexproportione  p]anorum,&  exproportio- 
jie  al^tudinumjfeu  viarumperpendicularium^fiue^fifint 
folida  rotunda ,  qu?  gignuntur  ex  rotarionc  plani )  viaru 
circularium  ,  quasfignatcentium  grauit^itis  pia^^oruni^ 
rotatorum,  ex  quibusplanis,  &  vijs  cor  flantur  folida. 

In  figura  quinta  paralklcpipedum  ohlogum  AB ad  cu- 
bum  CD  habct  proportionem  compe.fitam  cx  proportio- 
ne  pianorum  AE,CG,&evproportione  altitudinum_j 
BE,  CH.Sic  etiam comparado  inter  fc  diuerfg  fpccici  fo- 
lida,iii  figura  nona,p]  ifma  CB  habet  ad  cylindru  EF  pro- 
portionemcompofitamcxproportionc  bafiumtriangula- 
ris  ICD,  &  circularis  NLF3&  ex  proportione  viarunijfiue 
altitudinumpcrpendicularium  AC,  EH,  ad  quascleuata 
plana ,  feu  bafes ,  conflarunt  prifma  AB;,&  cylmdrum  EF. 

2  In  cxempioloIidorum,q<iajfiuntcxrotationibus  pla- 
norum,  quoniamcyliDdrusEFprocieaturetiam  ex  rota- 
tione  1  cctanguJi  EL  dutSti  in  peripheriam,  feu  viam  circu- 
laremfignatani  a  centro  grauitatis  M  inrcdlangulo  EL, 
&conusfiiex  rctationetrianguli  GHL  dudi  in  pcriphe- 
riam,feu  viam,  chcularcm  fignatam  dccntrograuitatisN 

in 
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in  tr languio  GHL,habent  cylindrus,  &  conus  intcr  fe  pro - 
portionem  compofiram  ex  proportioneredanguli  ELad 
triangulum  GHL ,  &  ex  proporiione  peripheria?  ab  M  ad 
peripheriam  ab  N  fignatam. 

3  Applica  regula  infinitis  alijs  excmplis,&  conbinatio- 
nibus,  &  comparationibus  omnium  ah'arumfigurarum, 
quaium  ortuspoflfitcognofciex  plano  dudoinviamvel 
perpendicuJarem,vel  circuJarem. 


SCHOLION     I. 

xMia  theoremata  de  folidoruni  non 

fimiliurti  proportionibus 

apudnos. 

REuife  apud  nes  adpropofit,  i^./ik6.^^  in  to.  a  theorem^x 
deproportionefoJiditatum  intcr  ifoperimetros 
cylindros,  quieeft,  vtfcmidiametrorum  inbafi- 
bus,  Lt:  'ifibusin  §  6  j.Etad pyop.i  •)  Sthcorctna-.dQ  proportio- 
ne Joliditatuinterconos  ifopcrimetros,qua:eft  femidia- 
metrorum  in  bafibus5&  reciproce  aJtitudinum.f/^?«  ifhusin 
%<^.& a4 prop.2i  §  i8.'deconys,&cylindris.  &c.habetibus 
inter fe proportionucopofitam c redangulo  ad  triangulfi 
rotata,  &c.&  e  iriente  ad  fcmiflem  femidiametrorum,  &c. 
c^/<c  theoremata  hic  &  •vmuerfalius  extra  angustias  ajymptotin, 
atft  etiam  atiter,  acfortajfe  etiamfAcilius,  ex ortit^  &  analyffgu- 
tarum,  quam  tbifolmmus. 


SCHO- 
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S  C  H  O  L  I  O  N     II. 

Ad  cautionem* 

Iyxta  "Veria  tnfine  Scholy^oft  §  i  huius  i  feilion  s ,  quoties 
tuto  geometrice  WQti.^cXrelege  ibi)  theonmA  hn  txfi»e 
huius  §  7,  dc froporttune  inter  cyltndros,  c^  conos,  (jrc.o/ien- 
dtt  in  comparattone  alicjuorum,pr£fertim  diucrfigeneriSy  foltdortt 
confiigiendurn  profrmamento  adrotationesfn^as  k  centris  gratti* 
tatis,  non  a  femidiametris  bafum  j  vt  in  exemplo  cyltndri ,  (^  coni 
ciufdem  altiti,dinis,0'  hajes.Nam/tvtare  rotatione  Qmjdtr.metro- 
rum^cum  fint eiufdemhafs  itcjualisretationis  ah  xcjuartbiisfemi. 
dtametris,  ofitndent  proporttonem  licjHalitatts ,  cjud  tamen  n«n  eff, 
fedclt  excentrogrtftitatis  vere  triemts  adfemijfem.  &c. 

Ha^enus  tn  hac  ife^lone  prACtpua  elemc- 
taria  (  6»  tndicata  etiam  extradementaria  ) 
theorentata  defohdislih,ii ,^12  altter^bre^ 
uiter,  ac  euidenter  prr  regulas  vninerfales  a 
pobtsexpedttafunt,  Addanmsetiam  aliqua 
defupeYfciebusfolidorumelementarium» 


$«. 
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§viir. 

S  C  H  O  L  I  O  N. 

Dc  thcorematibus ,  6cprobIematibus  drcaru* 

pcrficies  {blidorum,in  primis  elemen- 

tarium. 

ANtCfjuam  /iggreciiar  prrponere,  ac  facillime  yhreuiter^ 
flefnoK/frare pr6Uemata,& praclic£  Itereometrtit  vartos 
vfuspirtim ex ortti ipforum  folidorum,  parttmexv/it 
geomctnco  cefnngyamtatis^luhetpriore loco  apponere  altqua  theo- 
rem.ita ,  C7  prol Um.it a  de  fuperficiebiis  lircafolida  altqua  ,prxci' 
put  elemafitaria  demonltrata  fermeex  e.trum  fupcrfcterum  ortu; 
coq;  ltbemiHS,quod  f.ihil  apudEiicUdem  extat  ctrca  easfuperfctes^ 
rtiultocj;  minns  apudaltcsprifcortm^fiuefemipriforum,C]uibus  in- 
cog/utttmfttil  arcafiuiK  geometrtctzfits  centrtgratiitatis,&  analj- 
(isfigitrarum  adprincipia,t  nde  eriuntur;ex  cjuibus  ea,  qu*  adfigu- 
ras  pertincntyprxctpuefeltdas,  &  rotitnda  s,  nullo  negotio  demon- 
franttir.  J^J^are nontngratiim  augiirorfuturumfiltem.Tyrontbus 
gcometncis  hoc  nofrum  ad ,  &  extra  elementaria  qualecumqi  ait.^ 
ciarium, 

TH EOREMA  XXUl. 

Rcdorum  cylfndrorum  finilium  fuperficies 
fine  baiibus  liinc  incer  fe  in  duplicara  propor- 
tione  femidiametrorum  in  badbus. 


I 


Nfpice  figuras,  7,&  9,fec.i.fingcn!niIescylinciro5  A- 
B,  EF.  Aioeorum  fuperficiesfinebafibus  eire  in  du- 
plicata  proportione  lemidiaTietroruin  GB,  HltQuo- 

F  niam 
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niam  cnim  gcncrantur  c.TfLipcrficics a  redis  lineis  ^fiue la- 
teribus  AG  ,  HE  gyra:is  circa  axes  ad  diftantias  femi- 
diametrorumj  velutcirca  GLjad  diflantiamLHjcrgoha- 
bfbuntproportionemlarcrumgyratorum  j,&  infarumgy- 
rationum ,  qu»  concurrunt  ad  carum  gencrationcm .  Vc 
vero  pcripheria'  gyrationum  ,  fic  earum  diamctri,  fiue_^ 
femidiametrij  per  lemma  in  §  ip.Epilog.pIanim.  lunt  au- 
tem  i)  cylindri  fimi]es,hoc  cft,  iuxta  definitionem,  circ:i_^ 
jequaJesanguloshabentlatera  proportionalia,  ac  etiam 
homo!oga5fcilicetaltitudincs,<l'fcmidiamctros,  crgo  vt 
femidiametri ,  fiue  diamctri  GB  ,  HF  mter  fc ,  fic  altitudo 
GA  ad  akitudinem  EH.  Addita  ergo  proportio  altitii- 
dinum  eiufdemgenerisproportionilemidiameirorum  co- 
ficitduplicatam  femidiametrorum  proportioncm  cylin- 
dricarum  fuperficierum ,  fine  bafibus,  circa  cylindros  fimi- 
ks.Qiiod  crat  demonftrandum. 

Aliter  I. 

Snperficies  cylindricac  fimilium,  Scc.func  in  dii- 
plicau.  6cc.  latcrum,vcl  6cc.  ex  alcero  cylin- 
drorum  orcu  apud  nos. 

Voniam  (vt in  num.  j.S  2  ad  finem libri  3  .ekm.in- 
dicauimus,  acalibi)infig.  7,&9,cy]indricxfu' 
perficies  oriuntur  ex  eieuatione  periphcriarum, 
velut  AF,&c,&  proportioncm  habcnt  fuperficies, 
quamhabent  earum  principia  generantia,  fcilicct  peri- 
pheriffeleuat^,&  latera  eIeuadonum,&  vt.peripheri^, 
i^c  diametrj,&  fimiliura  cylindrorum  homologa  funt  &  la- 
tera,  &  diametri  j  ergo  habcnt  inter  fc  proportionem  ean- 
dembisapplicatam(ideftduplicatam)vel  latcribus,  vel 
diametris,&c. 

VidefimiliainferiusinTheor.  27  de  prifmatibus,  vbi 
alitciri&c.  Sic  hic  -.  vt  latera  GA ,  EH ,  fic  diametri  bafiuna 

GB, 
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GB,  HF.  Ergo  elufdem  gencris  proportio  altera  aJtcri  ad- 
ditadiiplicatam  efficit  vel  in  lateribusjveiin  diametris 
bafiud!. 

Aliterll. 
Ej:  orcu ,  (iue  ex  Analyfi  cylindrlcx  ruperficiel. 

Vldenosin  .^p.j^vbidocemusdcformationesima- 
ginum  efficcre  per  cylindricas ,  &  conicas  fuper- 
ficiesjibieniinetiamorganiciL-patet  cyJindricam 
fuperficiemre<fticylindrifiericrcclagulo  circulariter  cu- 
ruatOj&conicamcrcdiorecirculi.  Quibuspofitis,vide  fi- 
guram  yj&p.  fcc^.primce.Si  fingas rcd^angula  fi  nilia  circu- 
laritcr  curuara  in  iuperficies  cylindricas  BFAG  ,  EHF, 
quoniam  rcdiangnla  fimilia,  per  20  prop.lib.6,  funtin  du- 
plicata  proportione  laterum  homoJogorum,  ergo  laterum 
homologorum  circularitcr  circa  bafes  GB,  HF  incuruato- 
rum  proportioduplicata  dabit  proportioncm  iuperficie- 
rumcylindricarum.  At, perlemmain§  19  Epil.PIanimet. 
circularium  pciiphcriarumproportio  eftquxfemidiame- 
trorumjcrgo  fupei  ficies  cylindricg  AB,EF  erunt  inter  fc  ia 
proportione  dupllcatafcmidiametrorum,fiuediametro- 
rum  GB,  HF. 

S  C  H  O  L  I  O  N. 

E.V  Jtittsdine  ,  &  feniidiametro  cylmdri fctri  potefi  quantitds 
Uterum  in  reuurignlis/h7iiUbus,ex  quibus  confiiuntur,  'vel 
ih  tj  ■i.i  refoluuntur  cylindnc^fupcrjicies ,  Ac  funtfmtlcs  tylindrt^ 
c<efi(perfictes,  qux  h.ibent  altituatnes,  (^ peripherias,fue Ji:nndi.im 
metros  baiium  prvpertionales,  crc. 


r      2  Theo' 
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ThfEOREMA  XXIV. 

Superfici'"s  redlorum  liinilium  cylindroru  funt 

in  duplicata  proponione  Alcitudinum. 

PAtct.  Nam  in  fig.y,  &  g  fec.  i.  funt  hoinologa  latera 
GAj  EH,  ficut  icrnidiamctri,  fiue  diamerrijGBjHFi 
ergo  fupciiiciescyiindriCvT  qucmadmodum  in  an- 
tecedentibusdcmonftratiEfunt  habereinter  feproportio- 
nem  duplicatam  fcmidiametrorum,  fic  habent  &:  altitudi- 
num.&c. 

THEOREMA  XXr. 

Similimi)  conorum  fuperficies  (ine  bafibus  func 
in  duplicata  proportione  quorumlibet  trium 
laterum  trianguli  gyrati  circulariter  mottu 
cylindricae  fuperficiei. 

Vldefig. ^j&^jfc^^t.  i,&coniGHF  reclangulum 
trianguluniGLF  fingefimile  alterius  coni  HGI, 
concepto  trianguJo,quod  fit  fub  latere  HI,&  fub 
imaginata  femidiametrol  M,&fubaxeimaginario  inter 
MH.  Obquamtrianguiorum  fimilirudincm  (iuxta  definir. 
24.1ib.i  I  defi;nilibusconi?3&cylindris)3cconi  fiiiiilcs,& 
homologafuntlatera  HI,  GF,  &c.(-^oniamautcmgignu- 
tur  eorum  conorum  fuperficics  e  circulan  gyratione  obli- 
quorumJatetum  HI,  GFcircaaxes,  habcbuntproportio- 
neminter  fc  &laterum,&gyrationum,  fiuc  pcripheriarwm 
circa  bafesjarperiphcriaruproportio  eft^qug  feinidi.ime- 
trorum  LF,  IM,  ergo  &  homologorum  Jaterum  HI,GF  crit 
eadciiiproportio,  qua?LF,IM;funtautem&axesGLjHM 
homologi ,  vtfc-.nidiametri  FL,IM,ergo  quoiumlibec 
rriumlaterum^velutobliquorum  HG,GF,propjrtio  ciuf- 
dcm  gcneris  propojtioni  vtrorumlibct  reliquorum  addi- 
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tr  ta. ,  ideft  dupJicata , conficit  proportionem  fuperficierum 
conicariim  m  conis  tcdis  fimilit)us  HGI,  GFH. 

S  C  H  O  L  I  O  N, 

V^t^e  j»  Apiar.  g.progym,6,pfop. 4 lcmmate  2  ^^^li demon- 
/Iramus  reifafjguU  triangiiU  habcntia  circa  angulum  re- 
^ii/n  Uteraprofortionalia,  cffe /imiita,(jr  homelogorum  Uten^rfut 
ttiam/iihttr.forum  angnlts  re^is.VndeJjrmes  demonsirationem^ 
piAced.  jheoren..^  5, 

Alicer. 

EaedemconlcJB  ruperficies,6cc.  funt  in  dupHca- 
taproportione  lateruni  oblfquorum  aqao- 
rum  rotatione  gignuntur.  Ex  altero  ortu,  fi- 
ueexanalyiiconicarumruperficierum. 

Vftra  citata  in  Ap.  5.  e 
ciicuJi  rcdorecirciila- 
ritcr  curuat05&  ei  cdo 
fit  conica  fupeificics  j  fiue 
njalis:  fupeificicsconica-^ 
i  vertice  ad  ba/iir.jir.xra  cii- 
rcdioncm  axis^d.ficCTtajSi 
in  pianLir,  expanja  cxtcdi- 
tur  j  ac  refoJuitur  in  fccflo- 
ris  planam  ,  &  circularem 
fupcificicm.Fir.ee  in  ap  po- 
fica  hic  pii.fig.crnkam  fu- 
O  pci^cicm  BAGDCH  iam 
dilH(5tam,&adapertani_j 
t^p^idi  ir  planunij  fietfi- 
1'uis  fimiiis  ledori  in  Jecun- 
Cihicicq.ri^ura  AECB. 

In.    ' 
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Infpice  figuras  4,  &9  fec.pr^ 
mje.Relolut^  igitur ,  &  expanfar 
fuperficics  cowc£  pofitorum^» 
milium  HIG,  FGH(finc  bafibus) 
dant  duos  fedores,  fub  iateribus 
HI,  GF,  &  fub  expanfis,  &  hian- 
tibus  peripherijs  proportionali- 
busjquales  fingeeflefecundam 
hic  figuram  AECB,&  tertiam_i» 
GCr.  Suntenim  inconis(fig.4, 
&9  fe*5l.i.JvtfemidiamctriFL, 
IM  proportionales  ,  fic  &  peri- 
phcriiE  in  conicis  bafibus .  Quo- 
niam  crgo  conorum  latera  obli- 
qua  HIjGF  expofita  funt  in  pla- 
no  ,  &  fa(f>a  funt  femidiamctri, 
fingL-  B  C,  Ar  fedorum  AEC, 
GCr'(compendij  caufa  repofi- 
tis  hic  figuris  c  i,&  2  to.ad  alia) 
fimih'uni  (vt  in  fequenti  iemma- 
tc  firmabimus)&  fedores  fimiles 

funtin  dupIicataproportionciemidiametroru,perthcor. 

in  §  1  o  Epilog.  Planimetrici,  &  Corollar.  §  10  ad  propof. 

20  lib.  6;  ergo  conicit  fuperficies  ,cx  ijs  fedoribus  curua- 

ra?,  erunt  in  duplicata  proporcionc  iaterum  obiiquorum, 

&c.  Quoderatpropofituin.  ' 


L  £  M  M  A. 


OVodautcmfe(5lorcsAEC,  GCrfint  fimiies(hoc 
cft  fint  in  fegmcntis  peripheriarum  habentibus 
candcmrationcm  ad  totaspcripherias,iuxta_j 
khoI.CIau. ad  defin.  vltimam  lib.3) facile  eft,  ft 
non  pcrfcadmittatur,firmaie.Quoniamenim(iuxtafup- 
pofitu  iemma  in  Apiar.  5».  &  citat.  in  Schol.  poil  thcor.25. 

antec.) 
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antec.)  &: in  fig.  4.  &  ^7.  fe(51:. i. fimilium  pofitoru  conorum 

GHI,  FGHiunta^quiangulatrianguIaFGL,  &imaginatu 

IHM,  crgo  vt  GF  ad  GL,  fic  HI  ad  IM,  ar,per  lemma  §  1 9 

in  epilog.  planimetrico,vt  FL  ad  IMjfic  peripheria  exFL 

ad  periplieriam  cx  IM  in  bafibus  conorum  fimiiium. 

lam  infpice  figuras  hic  recundam,&:  tertiam  fedorum, 
iri-quosexpaofa^funt  inpJano  iuperficies  conorum  fimi- 
j!um,&  Jateraobliqua  ierunr  in  femidiametrosBCjAr, 
&  circumferenti^e  bafium  conicarum  diflecta:  funtinfeg- 
menta  AEC,  GCr.  Quoniam  igitur,  per  modo  antcdida, 
vt  feraidiameter  BC  ad icmidiametrum  Ar ,  ita fegmen- 
tum  CEA  ad  fegmentum  GCr,&  rurfus  vt  BCad  Ar,  ita 
tota  circum.ferentia  CAE  ad  totam  rGC i  ergo ,  pcr  pro- 
pof.  1 1  lib.jjVtfegmcntum  CEA  adfegmencum  GCFjfic 
totaperipheria  CAEad  totamCGr,&,pcrmutando,vc 
fcgmentum  CEA  ad  totamperiphcriam  CAE,fic  fegmen- 
tum  GCr  ad  totam  iuam  peripheriam  FGCj  hoc  efi,  iuxta 
Schol.ad  1 1  defin.j,  funt  fimiJia  fegmenta  CEA,  GCr. 

S  C  H  O  L  I  O  N. 

De  proportionibus  bafium  inter  fe  in  cyllndris, 
conis,  parallelepipcdis,  prifmatibus.  6cc. 

Hjil>ef!t  e£  dtfplicAtamfroprtioijem  'vel  feJ^idiatnetrorunty 
lelUterum  homologorum  circafirmks  bafeSietheor,%  i^ 
tfiLflammetr,  &eio  prop,  lib.  6» 


Thco^ 
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TH EOREMA  XXVI 

Sphaericje  fupcrficies  func  in  duplicaca  racione 
fcmidiametroruin. 


./"n^x 


Q 


VoniameniRa 

A  y^    ^\     \    J  oriuturegy- 

^^rV^         /  \     ^»        ratione  cir- 

gb \Im     \^^         ^        /peripheriarumABC, 

^»vJ*-^  ^^,.,-^       ricff  lupe:ficits  fro- 

^  ^  porrione  &  femipe- 

ripheriaru  ,  &  eyrationum  circularium  fignatarum  ab  ex- 
trcmis  puntftis  B,  E  remidi.imetrorum  BL,  EM .  At  pro- 
portio  ipfarum  ABC,  DEFgyrararum,eft  eademqucefe- 
midiametrorum  BL,  EM,  per  Jemma  in  S  i  j>  cpiJog.  pJa- 
nimetrico,&§  load  prop.20  Ji.6.paritcrq,proportiogy- 
rationum,  fiue  peripheriaru  fignatarum  a  punJtis  B,  E  le- 
midiametrorum  BL,  EM,  eft  eadem  qua*  earundtm  femi- 
diametrorum  BL,  EMicrgo  cadem  proportio  a:quaJium 
xperipheriarum  cft  bis  eaderajidcft  duplicata  femidiame- 
troruminortu  fuperficiei  fpharric;^,  ac  proinde  fuperfi- 
cicrum  fpha:ricarum  duplicata  in  femidiametris. 


S  C  H  O  L  I  O  N. 

Compendium  fingularc  in  prgced.  theorcmatc. 

Jtauimus  Liberem  hic  mbis  «on  tiece/TArium  ir/qui/ttie- 
nis  centrt  grauitaiis  in  peripheria  Jcrfucircu/i,  cju^jcc 
h^.bcr! poteft prxcisl-  geornetric^e,  iux,  tndicnta  tnfchol. 
I  post  thecr.  2  i  aateccdMcct  ■vfij  quaUcuqiJit  aei fciend.irn  cjuan- 
titatemjuvcrpcteijphdirica,  tu.xta  infcrius  vicier.da  infci.  2 .  hu. 
Brcu.  THEO.- 
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THEOREMA  XXXIII. 

Superflcies  flnc  bafibus  cyiindrorum   redld- 
mra,  quorum  lacera ,  6c  dianiecri  bafium  rc 
ciprocantur,  funt  oequales. 

OVod  ad  propof.  1 4  lib.  6  in  2  to.  hu.  .'^rar.  §  a ,  pro- 
pofuimusinterarymprotos,  &exvfu  ccntri  grauita- 
tis  jhic  \niuerse5ac  ablolutum  abanguftijs  afym- 
ptotan,&  fine  cognitione,aut  vfu  cetri  grauiratis  cxpediemus. 
Infpice  figuras  73  &  p  fed.  i  j  ac  finge  cylindros  AB,EF  ha- 
berc  Jatera,  &  ba/es  inter  fe  reciproce  ,  vr  EH  ad  FB ,  fic  dia- 
metcr  intcr  BG  ad  diamctrum  inter  FH  ,  uico  eoru  cy 'indro- 
rum  fuperficics  {^IXq  arqualcs.  Nam  iuxta  noftrum  modum,  ear 
fupcrficies  extcnduntur  in  reCtanguIa,quorum  iatera  recipro- 
cantur,acproindel'unt^quaL'a.  Imaginare  fupcrficiem  cy~ 
hndri  AB  cxtenfam  in  rexf^angulumfub  GA,  6c  fub  re<fta  x- 
quah'  circumfcrentire  bafis  BG,  &  cyhndri  £F  fuperficiem  cx- 
tcniamefie  in  re6an.gulum  fub  EH^&fub  re(5ia.'EqujJicir- 
cumferentia:  bafis  HF.  Qiioniam  vt  diametri  inter  bafes  GB, 
HF,  fic  circumferentije ;  &  Jatcra  cum  diametris ,  p.er  luppcfi- 
tioaem,reciprocantur,ergo  altitudines  etiamcum  circumfe- 
rentijsjfiue  cum  rettis  circumferentiarum  extenfarum,recipro- 
cantur,  fub  quibus  paraJklogramata  re<ftangula  lunt  ^equaJia, 
pcr  i^Iib.d.  Eaqj  rcdanguJa  funt  fupcrficici  ipia;  cylrndro- 
lum,  quorumlatera,  &  diametri  reciprocantur.  Ergo.&c. 

S  C  H  O  L  r  O  N. 
Alia  defupcrficiebus  curuis  apud  nos  — 


V 


^X  "T  ^de  ad fropojit.  14,  15,  23  Itb,  6  i'^  2  Toniohulni 

FINIS    SECT.  I. 

G  BRE- 
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STEREOMETRICI 
Sc6tio  Secunda,  qux  &  pra<3:ica. 

De  dimcnfionibus,  transformationibus,au(!l:Io- 
nibus ,  imminucionibus ,  diuifionibus  in  data 
propoitione  folidorum  etiam  vltraelemcn- 
tariorum ,  &  fuperficierum  prxfcrtim  curua- 
ru  ciica  folida  rotunda.  Ad  vfus  cximios.6cc. 


§1 

De  transformationibus  fuperficieruni  circa 
fblida.&c. 

Thciremitibus  gradum/dc  iamus  ad prohUmMtdf 
<jr  ad partem prailicam,  tn  qu*  e  theeremattbus 
praxes,  &  'vfns  demonflrantur.  Acprimotranf. 
/ormatiom  t /uperficierum  curuaru  circa  foltdA 
aliqua  ekmentarta  exemplum  aliquod  accipe, 
In  quorum  exemplorum  aliquo  Itcet  fim  fuper- 

fcies  circulares,  acplanx,  tamctt  ntjunt  tn  ordme  adcHruasfoli» 

dtrHm,vtvidebis, 


FRO. 


3  E  CT.    11.  4J 

Cyllndrl  itOi\  datae  fupcrficiei  fine  bafibus 
zqualein  circulum  dcfcnbcre. 

Slt  Cylindri  refti  AB  fuperficies ,  fine  bafibus ,  transfor- 
manda  in  circulum  f  qualem.Inueniatur  inter  latus  BC, 
&  bafis  diametrum  CA  media  proportionalis  DE.  Se- 
{nidiamctro  DE  defcriptus  circuUis  E  F  G  erit  aqualis  fii- 


^» 


•^  n 
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perficiei  cylindri  AB;,  fine  bafibus.  Vide  pro  hoc  problematc 
theorema  Archim.Iib  i  de  Sphasra,  &  cylindro ,  propof.  ij. 
Ateiusdemoftrationcm  indire(5lam  (de  obfcuritate  iudicium 
aUorum  cfto)  quis  curct  fi  diretfle,-  ac  breuitcr  demoflrari  pro- 
pofitumproblcmapoftltcprop.i^.lib.  fcxti  ? 

I  Igitur,quonia  cft  vt  BCad  DE,ita  DE  ad  AC,crgo  qua- 
draticx  DE(^quaIis  rectangulo  fubBCA^per  1 7  fexti)  late- 
ra  erunt  cum  rcdaguli  latcribus  circa  recflos  angulos  recipro- 
ca,  &  vttota  DEadtotam  ACjfic  dimidia  DH  ad  dimidiam 
CI3&  vtfcmidiamctri  DH,[C,  ira  periphcria:  HL  «T  /3,  AMC 
fidta^a  pundis  mcdijSjfiue  grauitatisH  ,&N,(fiucC)re(5ia- 
rumDE,BC  dum  rotantur  akcra  circa  D  ad  circulijaltcra cir- 
ca  PI  ad  cylindricir  fiipcrficici  formationem. 

G     2  i  Ouo- 
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2  Quonfam  vcro  rupcrficics circularis (  pcr  toties  vfurpa- 
Cirrulns  tam,&  vfu,  ac  excmpJis  in  ij&  2,  &  in  hoc  3 ,  To.  fa^pius  pro^ 
re^hQK-  baram  rcgulam  Gukiini  dc  vfu  georaetrico  centrigrauitatis) 
\V&f.   ^^^^'^'^^  t^  rcdanguJo  fub  DE  rotata,  &  fub refta .^quaJi vi« 

rotationis  HL  S'0i centro  grauitatis  H  fignat^,  &  fupcrficics 
Cylin-  ^>'^'"dr'<^^  £EquaJis  eft  rcdtanguJo  fub  rotato  JatereBC5&:  fub 
dnjufer  rc(5ia  .rquaJi  via?  rotationis  AMC a centro  grauitatis  N, fiue 
•^^,^'7/  *"  P^^  eo  a  C  fignata',crgo  ea  rc(5iangula(cx  ilJatis  in  anteccdcn. 
Tett!ign-  ^"'^* ^  '^  habent  Jatcra  rcciproca;ergOjper  1 4  fcxti/unt  a?qua- 
lo.  &c.    Jia i  trgo  &fuperficies  cyJindrica ,  &  circuJaris ,  a^quaJes  iJIis  • 

redtangulis  j  Junt  Sc  ipfse  inter  fefc  iequaJes ;  ergo  in  pJanam_j 

circularemabiecimuscuruam  cylindricam  fupcrficicm  fiiic^ 

hafiLus. 
Licebitetiam  numerisdctnoaftratam  veritatem  huius  pro- 

blcniutis  confirmare. 

TRO^BLEMA    II. 

Coni  redli  datx  fupcrficiei ,  fine  bafibus,  aequa- 
lcm  circulum  defcribcre. 

|Ropof.  14.  Archim.  cfl  theorema ,  quod  nos  hicfaci- 
mus  prob]emaj&  quod  iJIe  indire(5te  nos  hic  dirciflcj 
ac  faciJedemonftramus  eadem  formajqua  antccedens 
probJcma  i.  Vt  datirecfliconiQRS  fuperficiei,  fine  bafe,  de- 
fcribaturcirculus  aqualis,inucniatur  media  proportionaHs 
DE  inter  Jatus  QS,  &  inter  fcmidianietru  ST,dcfcriptus  enim 
circuJus  EG  ^F  ex  mcdia  proportionaJi  crit  qui  qu^ritur.  Sup- 
pono,  &  pro  Icmmate  indico  a  centrograuitatis  ,quod  eft  mc- 
dium  pundum  V  in  latcre  QS,  dcmiflam  perpcndicularejfiuc 
axi  QT  paralellam  fecare  in  X  femidiametrum  TSifi  enim  fub 
QTS  coplcatur  rcdangulu  TZ,erit  QS  diameter,  &  reda  vtri- 
libct  laterum  QT ,  ZS  paralella ,  &  bifarians  oppofita  latera 
QZ,  TS  tranfibit  pcr  V^quod  eft  medium  tam  diametri,quam 
.paralicJograffiini .  Hoc  igitur  pofito ,  ciiculus  EFa,G  ,  &  fu- 

perfi- 
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perficiesconicaRQS  funtjequalcs^qiiiaredangulorumjqui- 
bus  ajquanturc^fupcrficieSjIatera  rcciprocantur,  ided:  vtQS^ 
ad  DE,  ira  rccfta  fqualis  rotationi  dcfignatc  ab  H  fc  habct  ad 
redam  a?qua]c  rotarioni  ab  X  dc/?gnate.Vt  cnim  femidiametri 
DH5T  inter  fcjfic  -Sc  rorrt  DE,TSjqua^  reciprocatur  in  rc(5ian- 
gulo  QST,  &  in  quadrato  cx  DE ,  &c.  Habes  argumentatio- 
numfila,qua-  tu  intelam  geometrice  dcmonftrationis  difpo- 
nasj  vt  habcs  in  anteced.probl.  i . 

CO  RO  LLA  R  IV^. 

Cyllndri  AB ,  6:  Com  QRS  funt  inter  Cq  «qua- 
les  fuperficies,  fine  bafibus. 

SVntenimeidemcirculo  GEFxKquales.  Accipeproco- 
rollarijs  &  problemata  fequetia.Ac  interim  en  tibigra- 
dus  a  plano  circularij&  reditus  ad  trasformationes  cu- 
ruarum  fupcrficierum  inter  fcj  ac  fn  aquales  circa  folida .  Sic 
inferius  per  circulosibimus  ad  Solidorum  fuperficies. 


PRO- 
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F  RO  3  L  E  M  A    II !. 

Datlcylindri  fuperficicm  in  conicanifincbafi- 
.   /  buj  transformarc. 


M  n 


DAti  cylindri  AB  diamcter  AC ,  in  bafi  AMC ,  dupli- 
cctur ,  fiatqi  bafis  diainctcr  RS ,  &  ab  extremis  R, 
S,  intcruallo  latcris  CB  cylindri  AB ,  fi.it  mutua  fe-< 
dlio  in  Q^,cntconi  QRS  fiipcrHcics-  a:qualis  fupcrficiei  cylin- 
dri  AB.Ratio  ex  ccntri  grauitatis  gccmctrico  vlu,&  cx  carum 
fuperficieru  ortu  cfi,quia &  linca?,qua?  motu  fuo  cdficiunt  cas 
fupcrficies,  &  vix  motuum  iunt  a-qualcs .  Nam  cylindri  latcri 
BCjfignati  mctu  fuo  circa  Pl  fupcrficiem  cylindricam,aqualc 
cft,  per  conftru(5tionem,coni  latus  obliquum  SQfignans  mo- 
tu  fuo  ciica  QT  luperficiem  conicam .  Et  quia  etiam,  pcr con- 
fti uclioncm,  RS cft  duphi  ipfiiis  AC,  &,pcr  indicara  in  anrcc. 
probl.  2  ,  di ftantia-  ccntri  graiiitatis  V  ab  axe  coni  arqualis  cft 
TX  dimidia  fcmidiamctti  TS ,  hoc  cft  ipfa  1 X  cft  aqualis  fc- 
nnidiamctro I C  cyIir,dri,crgo  ab  a:quaiibus  icmidiametris 
fiunt  ccntrorum  gi  auitatis  N,fiue  C^fi:  V,  fiuc  X  .rqualcs  gy- 
rationcs  CMA ,  XTi.  ^^qualcs  crgo  lunt  iuperhcics  cylindri- 
ca,&conicahiCtir  ab  a^qualiuni  rnter  fcdudtibus  aqualia_^ 
produccntibus. 

FRO- 
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PR03LEMA    Ijr. 

Conicamfupcrficiem  in  ^qualemcylindricam, 
fioe  balibus,  cranstcrre. 

OPpoficaopcratione  opcrationi  prarccdentis  5  proble- 
matisinhoc4probleinate  agcndiimefh  Daticoni 
QRS  diameter  RS  ipfius  bafis  bihuieturj  fitq,  dimi<- 
dium  AC ,  circa  quod  cylindrica  fuperficies  facfta ,  &  habens 
altitudinem  CB  perpendicularem  ^'qualem  latcri  obliquo 
QRjVel  QS,  erit  jequalis  fuperficiei  dats  coni  QRS.  Dcmon-' 
ftratioeadem  eft,  qus  anteccdentisprcblcmatis  j. 

COROLLAKIVM, 

AC  ^heorema  vniuerfale, 

Cylindrl ,  <5c  coni  fuperficies  fine  bafibus  funt 
inter  fe  ^quales,  quorum  iatera  asqualia  func, 
6c  diamecer  bafis  coni  dupla  efl  diamccri  ba- 
fis  cylindri. 

PAtet  ex  antecedentibus,  &  a  peculiaribus  in  problema» 
te  fit  edu(5iio ,  &eIeuatio  ad  veritatem  theoricam  vni- 
ueifalem,  a  quamanant^&demonftranturpraxesgeo-. 
rnctricie^  atqi  etiam  ia  artibus  alijs  organicx. 


PRa; 
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PRO^BLEMATA    V>  ^  VU 

Dato  circulo  c  y 'inclricam^ve!  conicam  faperft- 
ciem  fine  bafibas  asqualem  inuenire. 


N  yi 


Vldebi?  &hiCj  qncmadmodum  apparuit  aJibi  in  2  to. 
hu.  -'Enirijjquam  ampJij&  magni  momcnti  vfus  fint 
noftriprobJcmatisconucrfiad  13  h'b.  6,  ad  ij^  ad 
^03^C\\\cQX.'.Datddu/is  cxtrcmas  proportion.tles  ddinueiiire_^, 
Nam  hic  daticirculi  GEF«  rcmidiametro  DE  inucnicnda  eft 
rtiaior  proportionalis  EC,  vcl  QR  3  &  praterca  inuenicnda^ 
efi: niinor prcportionalis  AC  i  ac  cylindri  iub  akitudine  ma- 
iorisproportionalisj  &■  hahcntis  minorcm  proportionakni_i» 
pro  diametro  ba/isjcrjt  cyJindrica  fuperJicics  equaJis  dato  cir- 
culo .  Pro  fupcrficie  vero  coni  dupJicanda  eft  tcrtia  minor 
proportionaJisj  vt  fit  diamettrbalisconicrej  aceriteius  coni 
fuperlicies  aequalis  dato  circulo .  Demonftratio  patet  ex  \)s.i 
qucE  attulimus  in  ij&  2  proLj.antcc.  a  reciprocat.  linearuni_j 
rotatarumj&  lemidiametroruni  inrotationibus,a  quibus  fiunt 
CJE  lupcrficies. 


PRO- 
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PROTLEMA    Vlh 

Sphaericaeruperficieicirculum  aequalcm  ftatim 

defcribere, 

PVta  fphsram  eHc  LH/ScT.  Eius  remidiamererDH  diipli- 
cetiir ,  &  fiat  DE  i  cuiiis  interuaJlo  dcicriptus  circulus 
GEFi-  arqualiseft  fuperficieifpiicTic.E  LH^J\  Na  ■n_j 
funt  inter  Je  circuJi  LH/S<^,  &  GEFk  in  dupJicani  proportione 
femidiametrcrum  j  idcftmaior  circuUis  eftminoris  quadru- 
pJus.  Eft  veio, ex  Arcliimcdc  prop.3 o.  Ji. i.  de  fphf.& cyJ.fu- 
perficies  fpha'rica  quadrupla  circuli  fph^er^  :n.ixiinij  vcJut  ip- 
fius  LHiJl  Ac  necgeas ,  autfuppo)us  hic  qiidtjua.n  ex  Ar- 
chimcdejaccipcfcquentia,inpri;ni>  hoc  — ■ 

"L  E  M  M   A 

Superficies  (phxrlca  quadrupla  e(l  circuli  elu[^ 
dem  (phxrx  maxini ,  aliter  quam  ab  Archi- 
medc,  exortu  ruperficiei  fphoeficaj  demon- 
ftratum. 

SVppcno  1  defcriptionem  lines  quadratricis  vcl  apud 
Tappum  lib.  4.  noft  propof.  2  5  3  vei  apud  alios  ncore- 
ricos, apud  CJaui.in  fine  to.  i.in  Eucli.  apud  nos  eriam 
in  Apiar.  2  proicym.  5  prop.  1  5ihoi.  3.  Cuius  quadratric  is, 
mixte  lincc ,  aL  ll  Jub  LH  dcdi;(fta',  ac  defcripr^  inuenirur  in 
fcniitiianittro  DH  txcremum  pundumcitraH  velut  in  a. 

Suppono  2CX  noftro  Guldino  puncium  id  extrcmum 
quadrairicis  a  eire  centrum  grauicatis  fcroiperiphcrix  L- 
^iii  ,  vt  Author  ilJedodc  dtmonfirat.  Ac  ttiam  inferius 
apud  nos  m  coroJar.  ^poftprobl.  17  videbis  modumor- 

H  ga- 
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ganicum  inueniendi  centrigrauitatfslincarum,quarum 
f]Uf  curuiefunt  habent  extra  fe  ccntrum  fux  grauitatis, 
iuxta  paradoxa  machinaria  apud  nos  in  Apiar.4. 

iuppono  3  id,  quod  indire»ita  demonftrationedemo- 
ftratura  PappOilciJicet  arcum  quadrantisL  H  itafeha- 
bcre  ad  femidiametrum  LD,  vt  ipfa  LD  ad  partcm  femi- 
diamcrri  intcrcept;ini  inter  ccntrum,  &puncl;um  extrc 
jnum  quadratricis,quod  cadit  in  centrum  grauitatis  a 
femiperipheri:^  LHB,  ita  vt  D  «  fit  quarta  minor  propor- 
£ionah's. 

Cui  fuppofito  addo  fic :  Si  vt  curua  LH  ad  LD,  ira  LD 

adDa,crgo,  pcr  15  prop.lib.^.dupJicia,  fiue^quemulti- 

pJicia  erut  in  cadeproport.  ac  eritvtLHBtotafemiperi- 

phcria  ad  diametrum  totam  L/3,ita  LD,fiue  DH  ad  D«. 

Quibusantepcfitis^quoniam  exaurea  GuJdini  regu- 

la  ( comprobata,  &  congruentt^cum  demonftratis  ab  An- 

tiquis,&-  folidcgeomctricc  phiJofophanribus;fuperficics 

SpkirtfH  fpha-ra-,  quxoriturcxgyratione  fcmiperipheria:  LH/3in 

firfici:!    ptriphcriam  fignatam  acenrro  grauitatis«,clumLH/9 

t;»  retla  tircumrotatur, critca fupcrficics fpha-rie a^qualisredan- 

itfjis/it.  g"^o  fub  LUfi(fmc  fub  rc<5ta  iJJi  ;EquaJi)&  fub  reda  gqua-. 

li  pcriphcri.T  fignat^e  a centro  grauitatis  a ,  pro  qua  peri- 

phcria  ftatfcmidiamcterD«.Rurfus,quoniamfuperficies 

circuli  GEF»  fit  cx  du(^u  femidiametri  D  E  in  periphc- 

riam 
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nam  fignatamacentro  graiiitatis H,-quod  ert  nied  ]um_^ 
ipfiusDEjdumiotaturDE  ciicacentrumD,  acpro  peri- 
jhcria  fignataabH  ftat  remidiarretcrDH,  eritergo,fu- 
perficits  ciicuJi  GEF*  aqualis  rcf^angulo  fub  f  emiciia- 
nietro  DE  rot;ua,&  fub  rotaciorc  faifla  ab  H,pro  c]ua  ftat 
fcmidiavneter  DH.Acvtperipl^riefignat^ab  *,  &:  H  in- 
ter  fc,  (icftn;idiametriD2,DH,per  dcmonftrata  ip  finc 
Epilogi  noflri  planimetrici .  (^iioniam  igitur  vt  LFISro- 
tata  ad  L5,{iuead  DEilliarqualcmrotatain  ,  ita  rotatio 
ab  Hj^qua-  cd  fi^L)  fiuc  femidiamercr  DH  ad  /emidia- 
metrum  D^S^UQ  ad  rotationcm  ab  ttfaclamjergo  rtcipro- 
cantur  Inttra  redangulornm  ,quorum  altcri  cftaqualis 
fupcrficics  IphiTra-  LH  ^J^jaltfri  fupcrficitscircuIiGE  x. 
cr2o,per  i4lib.6,funtcqualia  inter  lcilla  duo  re.'>angu- 
lajcrgo  &  fopcrhcici  fph.rrx  .3  HLcTlupcrficies  circnli  G- 
E¥<  cflarqualis.  Atptr  r.nttc.prcbI.-,ericircuIusGEi'4 
quadrupius  circuii  maximi  in  fpha-ra  LH  iJ  j  ergo  fupcr- 
ficicsfpba;ra?  LH-Sc'  crit&  ipfaquadrupJaeiufdem  ciicu- 
Ji  maximi  LH.^cT.  quod  erat  dcmonfl;randum. 

COKOLLAKIVM. 

Cylindii  xAB,  &  ConiQRSfupcrficies.fineba- 
fibus,  Kquales  funt  fuperficici  fphasrejCuius 
leniidiameter  DH, 

SVnt cnim  jequales circuJo  GEF/,  qui eft  squalisfu- 
perHcici  fpha:ra-  LHiJ.  En  hic  itcrum  vfusplan^ 
circularis  fupcrficici  ad  curuas  cyJindrjca;m ,  coni- 
cam,  fpharricam.  ' 

«M  «^    7»  *X  '-5N  .^  Jh  ^*^>  «^    O 
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TR03LEMATA  VllU&IX. 

Datis  cylindrcae,  vel  Conicaefuperficiebusjfi» 
ne  bafibusj  aequalem  fph^ricam  fuperficicm 
facillin  e  confiare. 


1 


Nueniatur  media  proportionalis  DE  inter  !atus,fiuc 
aliitudintm  BC,&  diametrum  AC  bafi?  cylindri  A 
B,  item  iter  latus  QR,&  femidiametrum  TS  bafis  co- 


^B 
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niQRS,  & rpha?ra  jCuiusdiameter  cft  media  illa  propor- 
tionalis  jhabtbitluperficicm  a^qualem  iuperficicbus  cy- 
lindri ,  &  coni.  Qualis  cft  ff  harra  LU/2^^  cuius  diamcrer 
L/3ipqualis  cft  ipfi  DB  medix  proportionali.  Demonftra- 
tiopatet,  ex  anteced.  probkmatibus,  &  lemmate. 

M^^W^  ■ 


Pro- 
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'PRO^BLEMArA  X,^X!. 

Datc  rphericx  fuperficiel  (^qu  iles  cyl  i  ndrica  m, 
vel  conicaai  fapef ficies ,  iiiie  baTibas,  facil- 
linie  conflare. 

DAts  fphfr?  LH^cTdiametro  L/Sinueniantinduf 
cxtrem.rmaior,  &minor  proportionalisj&cy- 
lindrus, CDiusaltitucfo  perpedicularis  fit  maior 
trium  proportionalium,  minima  verd  fitdiameteibafiSj 
habcbit  fuperficiem  a^qualem  dat.r  fphara^ 

Conus  ver6,cuius  latusfit  maxima  trium  proportio- 
naliuiminimafitfemidiamcierbafis,  l.abcbitfupcrficicm 
^qualcnvdaty  fpharra'. 

Applica,  mi  Tyro,  fig. hic  ind!cata,qua?  patent  ex  6c. 
monftratis  in  antccedtrnt.  Hac  latisjnetua  oticturindu- 
ft  la^ac  nedociioribus  tfdium  paiiamusjqui  nobifcum.^ 
hic  prouident,  ieu  ex  antecedcntibus  poftuident  fatis. 

S  C   H  O  L  I  O  N. 

ALiter  fphxricAfttperfidci  cylir.dricam  fine  bafthiis  xcjualan 
f  cillime  poncre  ,  vtdc  if.fcniisin  coroll.  l  foflji  robL  1 7, 
^nut  ediicitnr,  &pr6batur. 

COROLLAR.lVM,fiiie  Problema  XIL 

Triang.  fphjerico ,  hoc  eft  odlrause  parci  fuperfi- 
ciei  (ph^ricje  circulum  asqualem  defcribere. 


R 


Elege,&confer  in  propofitumhic  problcmaea, 
qua?  habcs  in§^  ,vbicoroIlari:i  de  quadraturis 
curuarura  fuperficierum,  in  finelib.3.  ekm.  &C. 

Ibi 
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Ibi  ofttdimus  triangulum 
fphsricum  zquale  fcmi- 
circul6,S:C.  Quod  quafi 
coroJlariumdcducitut  ex 
probJcnn.7,  &  Jemm.ante- 
cedctibus,vbidemoftra- 
turcircuJo  jquaJis  cuarra 
pars  fuperficici  fpharica:; 
ergo  odlaua  femicircuJo, 
&c.  ScmicircuJo  iJJi  circu- 
Jua-quaJem  defcribesper 
conuerfum  probJemaris, 
quod  Iiabesin  §  25  ad  propofit.  ^y.Jib.i.  in  i.To.liuius 
^rar. Puta  triangulo fpha-rico (fiuc  ct5iau;r parti  fupcrfi, 
cieiij  harica-fubrribus  quarris  pcriphcriarfi  arquaJium. 
vide  cir.f  3  in  fine  Jib.^.)femicircuJum  ^quaJcm  eflc  EA- 
C  ;  bifarictur  fcmiperi]  hci  ia  in  A ,  &iun(aa  ab  cxtremo 
alterutro  diamctri  ad  bifceiioncm  femiperiphcria: ,  vcJuc 
AC,  erit  diamcter  circuJi  arqualis  femicircuJo  ex  diame- 
tro  &c.  ReuiJc cir.  §  2 5. ad  prop.47 Jib.i. 

S  C  H  O  L  I  O  N     I. 

Dc  transformatfonibus  aliarunifuper/icicrutn 
circa  alia  fbiida. 

L/cdif  oucftmbtts^  qtthnnos,  ACfittortbtis ,  6f(tcuf}dtorthus 
Addcre  a/ia pnb/eKj.  dc transf(rmnticr,tbusJtiferfiicruyit-> 
curtiarnm  tarn  ir/tcr/e,  tjuar.'.  tnp/aKas ,caf.;fjonfolttm  circttU- 
rcs,fed(jtiadratas,  &ciaifittsgcncris  ref/t/tneas. 

rrtfmatum,  Para//eitpcdcrum ,  Pyrarr/jdttmfpirfctes  mtituo 
transformaritttr  n>utattsbaflbiis  tn  .igua/cs  tfopcrimetras,&  cictta- 
tis  bafitim  amhitibus  adatjua/es  *ltitHdif:csperpci7dicttlares. 


Scho- 
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SCHOLION  II,     inquo- 

^  Regula  rniucrfalis  pro  quadradis  curuls  qui- 
bufqj  fuperficicbus  ecia  ylcraciemencaribus. 

ADrtgulam  "uniuerfilem ,  quAm  inhoc  Scholio  trndcmuSt 
fcrtmcfit  (juacumcjue  ettam  irreguUres  fnperffcies ,  qu£ 
fiunt  a  rotatior/tbus  quarutncumque  irregularium  lincarum .  Ac 
Jkne  didant  magis  curut,  ejunmpl.Wie  (licet  Jtih  curuisltnctsjju^ 
fcrfictes  aplanis,  eHq;  operis,  ac  laudis  fortajfe  non  mtnoris  curiu 
quadrare ,  quam  p/ana  curutlinca ,  it paraloltcum plantim,  &c, 
idem  nobts  hic  acctdit  quod Archimedt  ctrca  ctrcult  quadraturay 
qutm  tlle  qmdem  tn  theorem.tte  demonh  rat  (indircitadetneflrA' 
ttcne  ojiendens  cui  trtangulo  ^cjualtsjtt  arca  circuli)  inprobUmS' 
te  tamen  eatenus  circult  aream  metttur ,  qujtenus  ejl  Attts  orga- 
mcts fro^aJfttcntbus.Ita& nos in  fiquenti  §  2  mctiemur pro  arti- 
bus  trganicis  altquas  curuas  Jipcrficies,hic  verh  tnjne  §  i  etia'/i 
indtcamus  theorematice  ,  ac  demonfratitie  cut  reclangulojint  .f- 
quales  quixcunqijuperjictes  curux ,  qu^  oriuntttr  a  rotatts  qtnbuf. 
cunq;  Itnets. 

KAmJnnt  ill.ijuperfides  squ.ilesreQ-angttl» Jnb  linea  rotaia,     Cui rt~ 
Ofub periphertafCiue  recia  Itnei  aqualtperiphcrtxjfgnata  a  cen^  Uangtdo 
tro grauitattsrttatd Itne^  eti-m quantumt-is irregularis ,  Ccnfir  „„^1.^ 
qu.i  habes  tn  anteci  dcnttbus prcb/emattbus,  &  ccrel/arys  hu,%  1 ,   cum t 
cum  htc  dtcJts  ,&ex  us  theortcen  adducito ,  qu.itentis  licebtt,  ad  ^^'"''^f_' 
fraxes.  f/urima  hic  habes  tnpatn  ijstmts,  dorum^ 

I/.tertm  nosprogrediamur  adtridtcandas  breuifstmc  dimenfJc-  fKperfi- 
nes  earumdemjuperficterum,priifertim  curuarum.^  ctrcajolida  e-  ^''^- 
lementaria ,  nonjmt  vju  ^friii/uqi  a/tquo  pro  ciut/t  vtracji  vit.-LJ 
conti.  mp/atiuAf  &  *^tua. 
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§  ir/ 

Dimenfionesfuperficierumcirca 
folidaelementaria. 

FRO^BLEMATitA  XUUXIF.XV. 

ParalIelipipedorum,Prifmatum,Cylindroiucn 
rupcrficies  metiri,  ex  earum  ortu. 

OVaficoroIlariafuntexantecedentibustheorema-, 
tibiis  dimen/iones  fiiperficierum  circa  fo]idu_3, 
prariertim  eJemcntaria,  qua*,  iuxta  noftram  ien- 
tcntiamjvndeoriuntur,  inde  etiamdimenfiones. 
habcnt.Vide  in  tabclla  lec.z.  iig.i,  2.  Qucniam  prifmatis 
AB  5  Paralklipipcdi  CG,  cyJindri  EHfupcrficies  fiunt  a 
bafliimlateritusj  vcl  periphciia  jperpendiculariter  clc-. 
uatiSjCtiam  dimtnfioncs  accipiunt  a  dnAu  laterum  in  ba- 
fibus,\cl  pcriphcri^,in  eleuationesperpciidiculare.s.Qui-. 
busaddtnda-funtfupcrficiesbafiuni  dimenft  exdi*flis  in 
ijTo.  hui.  ^rar.  vbide  dimenfionibus  planarum  figura- 
rum.  Etaggregatum  dabit  quantitates  fuperficiariaseo- 
rum  foiidorum  in  numcris,ac  rai-nfuris  expofiras. 

COROLLJRIVM     I. 

Ad  Sacrum,  vel  domefticum  ornatum, 

j 

\'oniam  columna'  vel  in  templiSjveJ  in  domefticis 
atrijsfigura-funtvelquadriiater^PjVtparalJcIipi- 
peda ,  vel  plurilatcr.rjvtprifinat:a  ,  vel  cylindri- 

Cic,proptereafiquisprompte,ac  demonftratiue 

fcirc 


S  E  C  T.    H.  ^7 

fcire  amct  quantum  periftromatis  opus  habeat  circumue- 
ftiendiscolumnis,  habet abanccdicftismodumexpeditif- 
fimum.  Dudoenimcolumn£cainbitu  ina!titudinem,pro- 
detur  numerus in mcnfuns  partium,  qu£  requirunrur  pro 
coJumnariamiciu,&,ornatu. 


COROLLARIVM  II 
Ad  Architedluram. 

QVeritur:  Quotlapidcs  quadrati  requiruntur,  qui 
circufariter  iuxta  Jatcra  intcr /ecommifli,  putei 
caoam  fiiperfTciem  conficiant  ?  Solutionem  ha- 
bes.ib  antcdidii.  Vide  fig.  z  kc.2.  Domefticis  in  hortis, 
veiatrijsputeus,  veIutEH,cy!indrict:cfl  efrodicdus;cgc- 
Haterra, hictcaunscyJindrus.  Modis  anobis  traditisin 
Apiar.  2,&ad  4  propof  h"b.6,  §i  6  in  2  To.hu.  yEiarij,  ex 
oris  cyJindrici dianictro  perpcdicuJarcm  profunditatem 
HF  accipics  ,acdcindeperipheria:quantitarcm  duces  i\\ 
acceptamprotunditatemjac  prodibitnumcrusquadrato- 
rumlapidum  cauam  pntei  fuperficicm  planis  quadratis 
conficicntium  di  quantum  cxpcnfarum  fit  opus  caua;  pu- 
tcaliarchircdurr.' 

TR0'2LEMA    XVI. 

Conicanifuperficiem  meciriex  elus 
ortii,  &  cum  vfii  geometrico 


centrigramtatis. 


H 


Abes  vr.de  conicnm  fupcrf?cicm  metlare,ci!m  allbi 
tum  pauJIo  fupcrius  in  probl.z.antcc. Q^onia  n 

I  co~ 
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o.    z 


M  ^ 


M 

conica  fuperficies  R QS  oritiu-  ex  latcre  obliquo  QS  ducto 
per  pundummcdiumjiiue  centrum  grauitatis  V  in  orbcift 
circaQT,i>%V  perpendicuJaritercadit  inXdimidiufemi- 
diametriTS,per  ea,quiE  habesindicata  incit.  probl.  2. 
ii  duxeris  quantitate  Jateris  Q^S  in  quantitatem  periphe- 
ria^XTt  a  putlo  Xdimidia^feraidiametriTS  fignatx^ha- 
bebisquantitatem  conica-fuperficiei.  Addebalisfupcr- 
ficiem,&c. 


D 


COKOLLARIVM  MtUtAre 

Pro  Tencorijs, 

Atur  ahitudo  haft^ ,  qurpj  quafl  columna  mcdiaj 
fuftentatura  eft  tentorium,  daturapedehads 
femidiameterambitiis,  quem  concludi  fit  opus 
a  Tentorio.  Quantum  requiritur  teJa?  cSficiendo  tentorio? 
Quoniam  tentoria  militaria  ferme  funt  conic«e  figur^jCX 
numerispartium  in  hafta,  verb. gra.TQjperpendiculari, 
&  femidiamctro  re<flum  angulu  in  T  conficientibus  duos 
fac  qiadratcs  nunicrcs,  &  in  vnam  adde  fummam  ,&  ex 
caradiccm  quadraramcJice,  qu;Eeritlatusobliquum_j» 
QS,&  oppofiuim  rctto  angulo.  Iamperprfdi(5ta  in  probL 

an- 


S  E  C  T.    Ii;  59 

anteced.  i6  ,  perlpheriam  fjgnatatn  a  pU(5lo  X  medio  fe- 
midiarretri  duc  in  quantitatcjcu  numeru  inuentum  obli  • 
quilaterts,  &produd:umerit  quaiitjtastentorij  fuperfi- 
cialisconici  in  merurisquadratispro  tela  comparanda. 
Auguftiora  aliqua  tenroria  ibJet  cfic  figuriP  cylindricf 
maiori,  ac  inferiori  ex  parre,  &  ex  reJiqua  fuperiori  tho- 
Jumhabentconicum.  Habcsin  anfccedcntibuscyh'ndri- 
c^j&conicar  fuperficierumdimenfionibus  vndefcias  tclf 
quantitatcm  provtraq;  tcntorij  parte,cyJindricainferio- 
re,  conica  fuperiore  circumamicienda. 

S  C  H  O  L  I  O  N. 

Dc  dimenfione  fupecficiei  pyramidaljs. 

V7*  videbisin  'i^fe&ionede  reguLiris  pyramidis  ,  ^  regula-. 
rinm  (jninj,  foltdorum  fnfcrficiebns  dimetiedis,  (juoni.im 
pyramis  est  fubpU)i!s  tri.tfiguUribus  fupcrffebns,eie  fne  vfii  centri 
grmitatis ,  dimetic?id£  fu»tcx  regulis  de  dtmen^onibus  planaru 
jfuperficiertim^qnas hnbcsin  i  To.huius  iyErarij-^i^ ,zt pr^diH u}h 
efi in nntcced.probl.  i ^ ,  i/^^de  prifmatibus,  & parallelepipedis^ 
in  vnam  fummim  addiiA  dimerJionespUnorttmctrcApyrimtdem 
d.ibunt  qumtitatemfHperfctei,  &c. 

^KO^LEMU     XFIL 

Sphaericaefnperficiei  dimsnfio,  ex  eias  ortu, 
cum  vlu  centri  grauitatis. 

Tiam  finc  inucftigationcccntrigrauitatfs,habebis 
jntciius  alias  dimefioncs  facilJinias  fuperficiei  Iphx 
-^  rica-.    Exquibus  vcr6oritur,etiam  dimenla  datur 
/pha-rica  fuperficieSj&clemmatepoftprobl.  7  habes  ex 
duclu femipcripherise  LH,/3  in  peripheriam  d  cecro graui- 

I     a  ta- 


breviar:  stereom. 


dimen- 
Jionis 
profph.t~ 
rtca  fu- 
^erficie. 


tatis  a  fignatam  produci  quantitate  fuperficiei  fphffrica'. 
Ibidcm,  fiue  indehabeseiiamfacilitati  praxis  conducens 
problcma  idem  y^dum  in  circuloGEFie  exduftu  femidia- 
metriinperipheriam  B  HLcT  fignaram  ab  Hcentroipfius 
DEjapertior  fitdimenfio.QuametiamodisvuIgatis  habes 
in  eiuldem  circuli  GEF  x  area  dimesa  fine  vfu  centri  gra- 
uitatis.  In  dimenfionecirculiGEFx  habes  abvfu  ccntri 
grauitatis  facilitatem  ex  parte  rcifi^ ,  fiuefemidiametri 
DE  rotatcf,  cuius  quantitas  facilior  habetur,  quam  curua? 
LH/S  rotat.t  &c.Itaq;  £x duffu  dumctrt ik peripheriam  circu- 
li  rnaximi  b.ibetnr /upcrficictfphAricx  quantitas  dmcnfa* 

COROLLARIVM  h 

SphaericcE  iupeificiel  cylindricam  {ioe  bafibus 
oequalemponere. 

SCihVet  cyh"ndrus  habens  diametrum  bafis  ,  &  alti- 
_  tudinem  squales  diametro  circuli  fpha:ra:  maximi, 
habct  eciam  fuperficiem  a-qualem  fuperficiei  fphcerica*. 
Na  'dem  eft  vel  ducere  diametru  L5  in  pcriphcriam  ^H- 
Lt»",  veleleuare  candcmpcripheriam  /SHLJin  perpendi- 
cularemaltitudinem  diametri  L.Sjexqua  elcuationecon- 
flatur  cyiindrica  fup erficics^  &  ex  dudu  diamctri  LC-  ln_j 

rc- 


p 
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perlpheria  j3HL^ fit  fph^erica  fuperficies,  per  anteced. 1 7 
probJ. ReJegenosin  finclib.^j^  2,num.5jin  i.par.hu.to.j. 

COROLLJRIFM   II. 

Cylitidri  riiperficies  fine  bafibus  aequallseftfu- 
petficiei  fphoerasincylindroinfcripcaejac  ve- 
ro  cum  balibus  e(l  fefquialcera,  &c. 

Atet  apud  nos  facilli- 
meex  antccedctibus 
id,quod  &apud  Ar- 
chimcdcm  ex  indiredede- 
monftratis.  Cylindrus  enim 
A  B  eft ,  iuxta  antccedens  i 
corol].  habes  altitudinem,& 
diamctrubafis^equaJesdia- 
mctro  fph^ra'  infcripta.' ,  ac, 
fine  bafibus,  habct  a?qua!em 
fpharica^fupcrficiem.  Quo- 
niam  vero ,  pcr  Jemma  pofl: 
probJ.7  antecedenSjfuperfi- 
cics  fpharrica  cft  a^quaiis  quatuor  circuJis  ciufdem  fpha:- 
Tx  maximis,&  cylindri  AB  bafis  vtraqicft  duorum  circu- 
Jorum  maximorfi  fphcra  infcriprc,  ideft  vtraqi  bafis  coti- 
nct  d)midiu'n  iupcrficici  Iphxra  infcriptcc ;  igitur  additis 
bafibus  fuperficiei  cyJindri  A  B  ,  erit  ca  fefquiaircra  fu- 
perficiei  fpha-rarinfcripta-'.  Quemadmodum  &loIiditas 
eiufdcm.cylindri  AB  eil  fcfquialtera  foliditati  fphirr^in- 
fcript^,  vt  videbiSjCum  alijs  Jucundis  theorijs^interius  ia 
Corol.  5poft  Jcmma  ad:AIiter  i  fphgre  foJiditate  metiri. 


Supeyfi- 

ciesfphit 

rs.  cui  HS 

iylindri 

fuperfi- 

(tei  fit 

ttqualis. 


P 


SCHOLION     I. 

Atet  cf  ifi  numeris  vcritas  (oroUar.\,  &  2  nfiteciei. 


Co~ 
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COROLLARIVM  III 

Aftronomicum,6c  Geographlcum. 

Ex  vsupraecedentis  1 7  problemacis  quanta  fit 

ruperficies  globorum  Luna- 

ris,  vel  Terreftris. 


Abita  vttriufq; diametro,^aciHs efl; folutio  quf- 
ftionis  cx  antec.  probJ.  Lunaris  fpha?ra.'  diame- 
trumpotesvcnari  modo  apud  nos  ilmpIicilTi- 
mOj  Apiar.8,  progym.j,  propof.iOjnumero  marginali  z, 
fcilicetfi  qiiado  in  plenikinio  difci  Umaris  radijcxcipian- 
turper  cxiguum  feneftra^bramcnjvclut  ibicxempluma 
nobis  habes  circa  Solem,  qui  modus non  minus  certus  eft, 
quam  per  dioptras,  vt  indicauimus  in  fchol.3.  Supponitur 
tamen  nota  d  iftantia  Lumc  a  terris,  quam  vt  habeas,  rele-. 
ge  §  2Cadpropof  4lib.  6in  to.2  hu.  Acrarij. 

2  TcrreniE  vcro  fph^erx  diamctrum  habes  etiam  apud 
nos  (pr«ter  ea ,  qux  docuimus  in  Apiar.  2,  &  in  Analcdis 
ad  4cditionemcorumdem  Apiariorum)in  §  16  ad  8  pro- 
pof.  Jib.  6.  Vtraq;  igitur  habita  diametro,vt  vtriulqi  gJobi 
lupcrficiem  obrineas  rnodo  non  vu^gato,  fcilicct  pcr  vfum 
centrigrauitutis,  opcrarc  iuxta  fcqucntia. 

3  Vide  quam  in- 
tcr  fc  proportione 
habcatfcmidiamc- 
ter,vcr.  gra.ME,& 
pars  femidiametri 
a  centro  M  vlq^ad 
ccntrum  grauitatis 
fcmipcriphcrix  D- 

EF,  puta  vfq;  ad  pun^fi^um  in  n.cdio  Jitcia:  H  (nam  viq;  ad 

Hcft 


'''*    S  E  C  T.    II.  <?.? 

H  eft  centrum  grauitatis,non  femipcriphcric^/ed  femicir- 
culi  DFH)quamJincarum  proportionemjacdiffcrentiani 
facillime  noCces  ex  circino  proportionum ,  iuxta  modum, 
quemdocuimusin  §  6ad  prop  iJib.  6. 

Poft  hxc  per  reguiam  auream  applica  differentiam  re- 
clarumME,M  vfqiad  intra  H,  fcmidiametro  Terrxjac 
Luna?fic:/iMEdat  M  vfqjad  intra  H,  qiiid  dabit  tcrra:  fe- 
midiamcter?Cquam  habcsin  numcriiinlocisapud  nosci- 
tatis)ac  prodibit  quaitirs  numerus  proportionaliSjqui  erit 
diftantia  a  ccntro  tcrra: vfq; punftum ccntri grauitatis fe- 
miperipheria-terreftris.Pariqjraiionc  pcrreguiaauream 
opcrarc  circa  Lun^  femidiametrum .  Ex  quibus  femidia- 
mctris,  liue  diamctris,  vclut  AC  pro  Luna  ,  DF  pro  Tcrra 
triplicatis  cum  fere  lcptima  diametri  parte  habetur  ambi- 
tus  circuli  maximi  circa  Terram,  &  Lunam.  Accipe  igitur 
dimidium  ambitus  vtriufqi,velut  ABC,DEF,&  numerum 
vnius,  verbi  gr.  ipfius  DEF  tcrreni,  duc  in  numerum  rota- 
tionisfads'  acentrograuicatis  intra  H,fcilicet  duplican- 
do  diftantiam  ab  intra  H  ad  M3&  duplicatam  triplicando, 
cum  addicione  fere  feptim;»  pariis,  ac  produdus  numerus 
dabit  Jupcrficiem  orbjs  terra*.  Pariqs  modo  pro  fuperficie 
orbisLunje.  Exhac  noftra  manuducftionc  vtaliquidin- 
duftrix  tu*,miTyro,relinquaturi  progrcditortuad  e- 
jcempla  indicata in  numeris  a  le  inueniendis. 

•         SCHOLION     ir. 

ALiter,  ac  hrenltcr,duc  diametrum  orhisterr^.vel-Luns  in^ 
ambttimOmentim  e  trij;licata  dtametro,&c,jcirculi  mx- 
xina  &c.  ac  hales  itntifq^globt  fuperfictes. 

ftdecttam  aliier  2,  acfaciliora  ad fraxtm foft fequentia  ctrol. 


Co- 
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COKOLLARIVM  IV. 


•n 


Solidomm  elementarfum  vnam  in  turrim 

conftrudio,  ac  — 

Viusorganicus  in  Machinaria ,  &  i\rchicedlu- 

raex  anceced.  probl.i  7. 

Praxlsetiam  organica  inueniendicentrum 

grauicaiis  femiperipheriae. 

Rganicus^inquam,  vfus,  quia  organicum  modfm 
indicabo  inueniedicentrigrau;'tatis  intracercam 
fcmiperipheria.  Eft  Templi  aliqua  turris  extru- 
<^a  quafi  prifma ,  atqi  parallclcpipcdum ,  &  propc  fnpre- 
mameiuspartem,vbicampana  irra,  columclla',  quaficy- 
Jjndri,  circuirpofita'  iunt.  SupreroiE  quadrata?  partis  an- 
gtlis  pyramidcs  impofirc  funr,quasintcr  exurgit  tholus  in 
ifofcelisconi  fiiperficicm.  In  lummo  coni,fiucthoJiapice 
imponenda  cft  caua  fphfra  a-rca^cuius  lcmidiamcter  no- 
ta  eft.CHKTi  itur  quatum  crcarum  quadratarum  laminarum 
fph.rricecuruandarum  fitopusprofuperficie  conftrueii- 
da'  illius  cauafpharra  i 

Vidiftin'intcrim  ,6Tyro,  geomctricam  turrim  cxe^fc- 
mentaribus  (olidisirdificatam  ?  Immo  vcrc  ,  ac  phyficc 
turrcs,  pra-fertiin  f.icra:,atquc  EccJefiaftica' ,nihil  aiiud 
oculis  geomctricis  oftetanT,  quam  ftrucluram,  &  compcn- 
dium  exvndecimi,  &duodecimi  libroruclcmentariorum 
fohdis  compaclum. 

Sed  ad  cauam  fpharam  conflandam,  &  verticiturris 
conici  acuminato  imponendam  acccdamus.  Inprimise 
datadiametro  clicienda  cft  quantitasfemicircularis  pe- 
nphcrkv  ,caquc  formanda  eii  ctcnui  ^ac  firmo  filo  arco, 
cuiuscentruragrauitatis  facile,  ac  organiceflc  inucnics. 

Puta 


^B 


^  H 


Puta  LHfi  effe  jfilum  ^rrerm  femlperlphence  incuruatum, 
cuicartaceum  planum  liiffige.  Dcinde  furpendcexpan- 
^o  L  ita  ,  vtlibere  pcndear  LH/3  ,&  alrerum  cxtremum 
/6deferaturextraiocQ  /3,e  punilo  luipenfionisL  perpen- 
diculum  filo  fuo  fccabit  re.niperipheriam  inter  H3,(i- 
gnabitq;  in  plano  cartaceo  Jjneamperpendiculi .  Rurfus 
fufpende  ex  3  femiperipheriam  Jibere  pcndentem ,  &  ex 
^  perpendicuJi  filum  vbi  fecabit  lincam  /ignaram  in  pJa- 
no  cartaceo,  vclutpera,  ibierit  centrum  grauitatis  femi- 
periphcri.e  sercx.  Quodccntrumneceisarium  eft  ad  fe- 
quentia.  Nameius  diftantia  perpendicularisa  diametro 
iungente  extrcma  LS  duplicanda  eft,  tum  tota  triplica- 
da  cum  additione  fere  feptim^  partis,  vt  habcatur  nume- 
rus,  in  quem  duda  quantitas  femiperiphericE'  a-re^e  produ- 
cetnumerumindiccm  quantitatis,ac  numeri  lam/narum 
ffrearumquadrataium  fphaTicc  incurnandarum  ,quibus 
opuseft  ad  cauam  Jpha:ramconflandam,&imponendam 
vertici  coni  turriti,  &c.  Applica  pra:dic1a  praxi  mcchani- 
car  tu,6  quicumqiin  philofophationibusgeometricisma- 
uis  praxes  mechanicas, 

Ji^  JL^  M^ 


K 
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COROLLARIVM  K(f^ 

—  Rcgula  vnfuerrdlis  pro  inueniendo  ccntro 
grauitatis  organicc  quarumcumqjirregula- 
rium  linearum  ad  arcium  pIurimaruiiiope> 
raciones. 

Slmilem  inmodum  iquo  \Ci  fumus  in  Corolkr.  4  an- 
tecedenti ,  pro  pluribus  operationibus  artilicem  li- 
cebitdatf  cuiufcumqjlinex  irregulariscentruni_j 
grauitatis organice  inuenirc .  Exempli  gratia  pro  dimen- 
/ione,vel  conftru(5lione  vacux  lampadis  in  tempJoj  vel  fu- 
perficiei  campani^risin  turri,  transferin  lineam^ream 
ibrmam  curuaturo?,  quara  habet  fuperficies  vafis  dimetie- 
dajvel  conflanda/ciiicet  a  vertice  axis  ad  Jabrum,& xrex 
linex  aflSxo  Jeui/fimo  plano ,  velut  cartaceo(vt  in  eo  figna- 
ripoflitpun(f^umcentri  grauitatis)per  geminam  /ufpeti- 
iionem  ab  extremis Jinear  etia  irreguiariier  inflexie ,  &  opc 
perpendiculi  centrumgrauitacis  inuenies.Dciniie  pro  for- 
ma  dimetiend^c,  vcl  confli?  ndx  fuperficiei  metiere  diflan- 
tiam  pcrpendicularem  centri  inuenti  ab  axe ,  circa  qucm 
concipienda  tftgyrarilineaa.'rea  ,  fiue  illa  vtroq;fui  ex- 
tremo  hisreat  axi  ,  vt  femiperipheria  pro  fuperfici?__^ 
fpharricajfiucaltero  tmtum  extremo^vt  Jatusconirota- 
tum  .  &'c.  Ac rcii  lua  operare,  vt  in  conica,  & fphicricafu- 
perficie  .  Exprcifi  «ra  vide  apud  noftrum  Galdinum .  Ar~ 
canumhocvniuerfaliflimum  vfus  geometrici  centri  gra- 
ui'tatis  licetJibentifsime  vuJgemus,tamen  etiam  requiri-. 
musaliquam  induftt  iam  Ledoris,  ne  tam  priEclarum  in-« 
uentumviJcfcatapud  ignauos. 

Org.mica^operationis,  pro  inueniendo  centro  grauitatis, 
habcs  apuduos  geometrica  firmamecaad  i  prop.Jib.^.eJem. 

PfobJ. 


s  E  c  T.  rn^  cj 

jPR02L£MA  XFJII. 

Aliter-^ 
^  Sphac  :icam  fupcrficicm  mctiii 


^^r^ 


B 


U  n 


<^..Z 


yQ 
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PRcpter  exlmia  corcilaria  Iubet,aciuuatadderefc- 
cundum  etiam  hunc  modikiuplJcatani  fphgerXy  vel 
circuJimaximidiamciru  L/?,  nempe  ipfam  FGduC 
in  remipcripheria  LH/Sj-^Jc  produ(ftu  crithipeificiesfpbf- 
ra-^LH-S,  Kam  vtinantcced.proH.  i^jDE,  vcJL  dia- 
meter  du(fta  in  tota  peripheriam  HLcT^  dedit  frpcrficiS 
fpha?r;r,  ficdupJicata diamtitr  hic  du(fta  Jn  diuiidjam  pe- 
ripheriam  dat  eandem  fuperficicm.  laiei  eiiiim  in  nume- 
riSj  ac  magis  e  kquencibus  iiqucbic» 


jiikiiWJii^ 
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COROLLAKIFM    1. 

Superficies  rphaerica  eil  xqaalis  fuperficiei  fine 

bafibus  femicylindfi,  fiue  cylindri  ditredti 

iuxta axeni ,  6c  habcntis  pro  baie  femicircu- 

lumlph^rc  maximum,  &  proaltitudincdu- 

plicatam  fphaerce  diametrum. 


/T\ 


8 


M  n 


M 


QVemadmodumcnim  (iiixtacorollarium  primum 
poft  probl.i  7)cxeleaatione  cocius  periphcria?  L- 
H-o  111  alticudinem  dia.nccri  L/3  conficicurfu- 
k.  pcrficicscyliadri  a:qailis  fuperficiei  fphier* 
"LS iH  jfkcxeleuationefemiperipheri^LHi^inaltitudi- 
ncm  perpendicuJarem  duplam  ipfius  L<3,  hoc  eft  In  FGjfit 
iemicylindrifine  bafibus  fuperficies  a?qualis  fupcrficiei 
ciuldcm  fpharriE/S&LH,  &c. 


•5^ 


^''^^^W. 


Co- 


s  E  c  T.   ni.  6^ 

COROLLARIFM  IL 
Inuenire  quantiratemrorationis,  in  quamgy- 
rata  femiperipheria  LH^  circa  diametium 
L/3  producit  ruperficiem  fphaerae. 

IPfis  fpha:ra?3  fiue  circuli  fphccrje  maximi,  diametro  D" 
EjfiueL5  vclut  2  ,  &peripberiA'  LViic)  velut^,  & 
femiperipherix  LHis  velut  2,  inueniatur  quarta  pro- 
portionalis  FG  ^^idefl;  dupI.L:?,qus  eft  quantitas  rotatio- 
nis,  in  quam gyrata  femiperiphena  LH^  circa  LS  produ- 
cit  (uperficicm  fpha.'r^. 

Nam  per  antecedens  corollarium  femiperipheria  LH- 
B  elcuata  in  FG  dat  fupcrficiem  xquale  fuperficiei  /ph:B- 
ricaTjCui  &  a^quaiem  dat  iuperficiem  cadem  femiperiphe- 
ria  LH-Sdutla  ingyrationem  fignatama  centro  grauita- 
tis  ciufdcm  LH/5^,iuxta  regulam ,  &  vfum  geometricum_j» 
centri  grauitatis,ergo  fiauferaturcommunisLHieleua- 
ta ,  &  gyrata , remanent arquales  eleuatio  f  G  , &gyratio 
ccntri  grauitatis, &c.  per  axio. j. 

COROLLARIVM  IIU 

ETiam  fine  cognitione  ccntri  grauitatis  femiperlphe- 
ria?,  fcitur  quantitas  rotationis ,  quam  fignat  id  cen- 
trum  in  rotationefemiperipheri^  exanteced.corolI.2,vi 
quarta?  proportionalis,  inuent^,  iuxta  num.ibi  pofitos. 

COROLLARIVM  IF. 

Redla  linea  peripherlas  clreuli  aequalisj  etiam  fi- 

ne  fpiraiibus  Archimedis,  — 
^  /^  Vius  tl.eorema  1 1  fpiral.  farculis  omnibus  adrni- 

V-^  raticnifuit,inquo(Jicct  indire<fta  demonllra- 

tio- 
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tione)  copcludit  lineam  redtam,  qua?  fpiralcm  tangat.  Scc, 

cffecjrculi  peripheria'  xqualem .  Koftrum  hcccc  coroJJa» 

rium^ideaflequituf  fine  voIurisiJIis  inuolutis^autalijr, 

fiqux  funt antiquorum  ad  hoc  theorcma,  inuentis,) qua« 

rum  dcfcriptio  geometrica ,  &  ad  eas  rc»Sr  contadus  ia 

probJematenonadhucprac-secorftantjeftqiingeniofiTni 

id  inucntumprorfusin  theoremate.Noshicexanteccdc- 

cibuscoroI.2,&5  txprefsa  vi  ax.^3&  quar.proportionalij 

Nora  dffl^ic^itani  circtdi  diami  trum  di.mus ,  cjutn  aqudts  ei}  peripherijtt 

propofi-   in  quani  rotata  ci  cult  f(r»iper,fhcriafph*ricArrftiperficiem  prOm 

tmcta.  ^iicii.Sqi ies prnpo(itioni;m c ft  h3Ci::'t hart piperji(it:(^yi  Ar* 

cbimcdisJicet  indire<^adtmunftiaiionc)^Wr//'/rf^  ar" 

jcor^a  ^^^  f — ^ 


1 


■H   ^ 


tulimaximi  Lhi$S^hf>c  eft a^-qualis  circiilo  FEG» .   Dcindc 

(etiam  fincArcbimtdc  dedin-crf.circ  )cx  vfu,&  rcgulji 

geomctrica  centrigrauitatis  ,eiufdcm  iirtultFECnfuperfi. 

fies  h^betur  cx  du£lu  ijfins  DE  ,  f/ri  h^  ,  in  f^eripheriam  LSQH, 

fgrtatam  acttitro grauttatts  H  ri(fx  />£"  j  fiuc  >x  eleuatiorc p  ^i' 

fherix  L^H iii pcrpendicularem  altitudirem  dtametri  &L  j  fiuc 

exeleuatione femipertphcrt£  Lfi3i->  dupltcatam  dtametrtim  FC; 

fiue  ex  eademjemtptrtphcria  LH^  rotita  cirta  dtametrum  LB» 

&  at:cta  tt?  rctaticKirf/  xqfalerf  tpf;  FC  auplxdtamet^t  L  •  ,vi  ax. 

3,&  cuar.  prrpfutirnali»,  iiiyra  coroll  2  &  5  antcccdetia. 

Proptei  quidcn  prubltmj  de  circuli  quadratu-^a  j&a» 

lia  pluin  5  quateniisad  ea  pft».  ft  coi.ducere,  boc  ibeorc- 

inamaxiaiiiemperiatiiumtUin  x_cometiica  acutifl^mi_j 

phi- 
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ptiilofophlajtamenctumliic  vllo  ad  problcmata  ordinc, 
perfeadmirandum  eftvt  pure  thcorema,quodaturco- 
gnitio(&:quidcmapadnosexprersain  duplicata  circuli 
diametro ,  &c.)  proportionis  a?qualicatis  curujp  circularis 
lincte  cum  rcwla. 

Gaudeo  ffncm  huiufcc  2  §  dc  dim.fuperf.circa  folidaj» 
ckment.  a  nobis  faiflu  in  hoc  tara  exiraio  corolla  rio.Cui 
tamea  adde  &fequentia  Scholia. 

S  C  H  0  L  I  O  N    L 

Ad  clrculiqaadracuram  nouiadieus, 

OVaMum  momcnti  adproblema  de  circuli  qundrAtura  etfh 
ferat  hoc  Kosirum  theorema  tndscatum  in  aniecedenti  4 
coroilario,permittimusfcienttJic£prouidentiit  docfi,  & 
Amtci  lcfforis,  Patet  etiam  exprefsior,dr  expedisior  medus,ac  vfm 
quadratricis  adcirculi  quadraturam^  quem  eius  mixt/t  line£inue- 
tores  non  diuinarunt,  Nam  notato  puncto  fgnato  (^juatenuspofit) 
aijuadratrice  infmidiametro  circuliLH^Svhi  t,  fiaucatur  cir- 
iulus ,  erit cius circuli periphert4tipfi  xqualis  dupltcata  diameter . 
eirculi  LH:2^,  acprotnde  circulusper  x  duHus  ijtiadrari  poterit» 

Iuxta%  t,&c,tdpyop.^^  lib.i  in  i.To.hu.  y£rar.du^afemi- 
dtameier  D  » ,  circult  defcrtpti per  a.,  in  L  3  diametrum  circuli  £,. 
H^^,dat  anamreSfangult  *qualts  arcA  circult  ex  D*  femidiO' 
metro.  &c. 

Ac  datum  etiam  circulum  ejuadrahis  ,  velut  ipfum  LH^S,Jiin 
U conHttuas punSium  quadratncts alter/us circult^cutus  dupUcA- 
ta  dtameicrertt  £ijualts pertphertx  tpfius  LH^S',  quemadmodum 
eiufde  LHSSdupltcata  dtameter  eli  ^equalis  pertpherix  ctrcuUper 
funHum  xquadratri(isde/ignatt»Emtere,miTyro,tn apertosttbi 
kntbfs  aditu:» 


SCHO. 
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s  c  H  o  L  I  o  N   ir. 

Ad  Fraxcn,  6c  applicacionum  facilitati* 


H 


Icfroxime  dntecedentia  inprobl.  1 8>  &  corollar,  licehit 
applicare  facilius praxihus  Asironomicis ,  Ceographicis, 
^rchiteitomcis.tjuas  habcs  tn  corolUrijspoflprobl.  1 7, 
qnia  hic  minuitur  etiam  laborimtcliigandt  centruTH  grauitatis» 

S  C  H  O  L  I  O  N     iir. 

Vniuerfalia  ad  dimenfiones  qnarumcumqj  (^x* 
perficierumctiam  vlrraelemetarium  nume- 
ro  infinitarum,  6cc. 


0 


V^ctimffifriperffcies  fiunt  ex  gjratione  quarumctmqH<Lj 
tmagtnabilium  ettam  irreguUrittm  linearum  ,  habent 

fuam  dimenjionem  cx  vnica  regula  aurea  Guldini,jcili' 
cet  ex  dnH-u  gyratiilinetii  in periphcriamftgnatam  a  centro  graui" 
tattsgyratte  Itnctx, 


A 


S  C  H  O  L  I  O  N     IV. 

Lia  circaftipcrficies  elementari  rum  folidorum  vide  afud 
nosadpropof.iJ[,  15,  to,  23  lib.O.inTo.i. 


§3. 
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§111 
SolidorumElcmcntariorumfoliclxdimcn' 

fiones. 

Iyima  prohlcwatilpus ,  c^  dimenjiombus fiiperjiciar^s  folidorum 
elcmentariorum  T(ni.imus  ad  folidas,Jcufoliditatis  ecrumdem 
dimerfoKes,  acjint  — 

-  FRO^BLEMATA  XIX,  XX,  XXI. 

Parallclepipedi,  Prifmatfs,  Cylindri  roiiditates 
metiri  cx  eorum  ortu. 

EThcorematibusin  ifcd.patet  dimenfio  foliditatis 
triumhic  propofitorum  foJidorum  elcmcntarium. 
Nam  quciiiadmodum  pcripheria-  bafium  pcrpervdi- 
cuJariterelcuata'  dant  fuptrficicm  flnc  bafibus,  iraplana 
ipfa  bafium  clcuata  perpcndiculariter  dant  lojiditaccm. 
Itaq;  bafis  planam  quantitatcm  duc in  altitudincns  pcrpc- 
dicularcm  Pjrallclcpipcdi,  Prifmatis,  Cylindri,(iae  re- 
clorum,fiueobliquorum,&  prodibit  in  numcro  prcdudto 
folidicas  earum  trium  figurarum.  In  i ,  &  2  hg.  tab.  fed:.  2  , 
eIcuatxbafesB,CD  ,EF,in  BA,DG,I-Pi  danteafolida 
dimenfa. 

COROLLARlVM>  ^ 

Exemplum  in  hqiiiciis  ,  velarldis  vaiorfi  ngurx 

(e  conformantibuf.Hallucinationi  lux. 


s 


I  vas vitreum, lapidcum.arr rum, Iignci:m,&c. flt figu- 
rsalicuiuse  tribusiolidisin  antec.prcbl.  19,20,  21, 
fo/ins  jhabcs  cs  rccula  d.mcticndorum.  eoruno«.iu 

L  fo- 
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foliJorum  vnde  etiam  mciiare  inclufa  vel  Jiquida,  vel  ari- 
da  vaHs  i|  Hs  coniigurata. 

Norandurn  tamcn  c(i,8c  cauendum  ab  hallucinatione  in 
pracl:ic!smenfiirationibus  incJufarumrcrum ,  &:c.  NamJi- 
quida5&  aiida.quorum  partc-siur.t  vclcontinu^,  vel  faJ- 
tcm  prorfuscontigu^,  veniunt  fub  exaiftam  mcnfuran-L-* 
vafis,  velut  Jiquida  puluerca, cinis,  fa:  iiia^&c.  At  arid  a_j, 
quorumparticuJajjlicctminimi-jHgurata-funr,  velut  grana 
frumcnti,,veJminutiorum  leguminum  ,admittunt  n.cnfu- 
ram  ,qua:  ditlonatab  incIuforumnumero,&muItitudine. 

Itaq;acceptaperipheriafacci  5  quafi  cylindri ,  acinde 
conflato  pJano,  quafi  bafis, circuJari,  fi  numerum  bafis  du- 
casinfaccialtitudinCjproduvftusnumerus  indicabit  quot 
in  cubuJiSjfiuc  pro  quot  cubulis  grana  inclufi  frumcnti  fint. 
Qi!a'  tamen  in  facco  difpofita  funt  non  cubicc ,  fcd  fortui- 
t6,&dcnfataira  3VtminusIocioccupent,&  plurafint  In 
facto,  quam  indicat  numerusfoliditatis. 

FROXLEMATA  XXII,  ^' XXIII. 
Pyratnidis,  5cConifoliJltaces  metiri. 

"^  Nfplce  figuram  3  in  tab.hu.  2.  fed.vbi  Pyramis  AFB, 
I  Conus  CHD.QuorumfoJidoruuimenfuram  qui  li- 
•**  ccatacciperc  ab  cleuationcptrpendiculari  bafium? 
cumbafcs  qu.mto  magis  attolluntur,  tantofempermagis 
exccdant  tcrminos  latcui  vtriuiq,  figura"  in  angulum  co- 
cuntium  ?  Nihilominus  tamcn, miT\'ro,ctiam  vtriufque 
folidi  nicfuram  difccmus  e  bafium  duAu  iii  axis,  fiue  per- 
pcndicularis  altitudinis  partcm  aliquam  .  Atqu.rnam^ 
iJJa?Rcuifc  in  fc:!;.  i  huius  Breuarij  thcorcmata  14, & 
15  ,  in  quibus  partim  indicauimus,  partimexpofuimus 
no{lrasdemonflrationesdccono,&pyramide  quod  fint 
tcrtia-  partcs  fuorum  cylindroru,  vcl  prifinatCi.Itaq;  fi  py- 
ramidis  Ai  B  bafis  AB  eicuata  in  toiam  pcrpendicularcm 
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EF  protUicit  trtumprirma,  crgo  clcnata  in  tcrtlam  par- 
tcni  perpenciicularis  EF  prr^dMCCttcrtiain  prilmatis  par- 
tcm,idefl;  ipfam  pyramidcm, cuins  foliditas  arqiialiscfl: 
tertia:  parri  prifmatis eandcm  bafim  AB,5i:  aicitudincn-i_j 
perpcndiculaicm  EFhabcntis. 

COROLLARIVM,  ^J exemplapraBi- 
camtittaria,<3rt4Tiica, 

Stin  areatritici.fiuelesuminumjefl  incaflris  pila- 
rum,pro  minoribus,vcl  maioribus  rornK"ntis  ,ace- 
ruusconica-,  vt  anblcr^figur.r.Q^iiot  in  vtiouis  accr- 
uovclgrana,  vclpij.r/unt  tormcn  aria'?  Anteo-nnia  eni- 
tere  vilatcra  acerui  fint  quam  Hcri  potefl  conici  dircifta  . 
Tuai  ,quantum  fcrt  phyfica  marcria  geomctricam  forma, 
ficopcrarc.  Ingcrepcr  vcrnccm  accrui  frumcntarijpcr- 
pcdicularemhallam,  ac  nota  ad  quamhaftf  quantiratcm 
fcrtingantfupremagrana  .Accipc  moxambicum  bafi^n 
imoaceruo,&  cxeo.perdidtafepiusin  hoc  ^.rario,c6(iv.c 
qnantitatcm  circuli,cuius  nunurumduc  inpartcm  tcrtia 
hiiftar.quam  frumenti  accruusoccuparat ;  habcbis  in  pro- 
duJtonunierumgranorumin  aceruo.Sinttamen  eiufdem 
Dicnfur^  partes  haft.r,  iSebafis  accrui. 

Similiaefticc  circa  pilirum  accruum  cum  cautionibus, 
quasab  of  cratisdiJigcntia  rcquirunt  matcria:'  incomoda. 
Mcnfura  intcJJigcndaef!;  iuxtacauta  in  coroJlarioport 
probJcmataantctcd.  ig^  20,21.  numcrus  enimgranorum, 
&piiaruminaccruisintelligcndus  eft  dc  granis ,  &  pilis 
cubicc  difpofitis.  Itaqi  plus  aliquid  eiit  granorum,&  pila- 
rum  ia  vtroq;  accruo,  quam  indicec  numerus,  &c. 


M&.  MX^  M.^ 


Scho- 
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S  C  H  O  L  I  O  N. 

Dimenfiones  rolidorum  etiam  obliquoru,  &c. 

VBlutwfig. ^ ,  4,  tah,  fer. i ,  e/etutio  hafls fii J>erpefidicnUri'.tr 
ctiarn  tn  cyimdrn  &  conis  ohliqitis.  Sic  i>i parallclcp.  pri/m, 
pjram  non  rcciangtiUs/rcperpcndtctdaris  ekttatio  haftttm  dat  co- 
riimfilidcrtcm  qttamitaies  dimen/as. 

PRO^BLEM^    XZIV. 
Sphaerxibliciitacem  meiiri. 


(       ! 


B 


n  n 


<^.  z 


M 

DVcdiiastertiaspartes  diiplicat^  diamctriinfe- 
nucircuIuiTij&productum  erit  iphsrct foliditas 
in  tot  cubulis  ,  quot  numerus  produdius  indi- 
cabit. 
Qiioniam.n.cx  Guldinolib.i.c^,  centrigrauitatisOin 
feniici^culo  L/r<i  f(diuisa  diftantia  centri  grauitatis  a.  femi- 
pcripherix  LH  3a  diamctro  L,5  in  tres  partes  iequales)  di- 
flantia  ab  L/S  eft  daarum  tertiarum  ipfius  D« ,  &,  pcrJcm- 
ma  ,  &  theorema  in  §.  19  Epilogi  noftri  planimetiici ,  vt 
/emidiameiri  DO  ,Da,rotaticnuiii  i  ctnuis  ^rauitatis  ta- 

dtaruin 
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<?larum, fic  funtinter  fc&  ipfa: rotationes  ieritergorota- 
tioacentroOduarum  tcriiaru  rotationisacetro  ».Atro- 
tatio  ab  pc  cft  (per  coroJ.  aprobJ- 18  antcc.)  iqualis  du- 
pJicatf  diamctrocirculifpharf  maximijergo  rotatio  ab  O 
crit  dua^tertixdupJicata  diametri,ncmpeipfiusFG.Pro- 
duciturautemfphfre  foliditas  exdutftu  fcmicircuii  L^JH 
in  rotationem  fa»flam  a  ccntro  grauitatis  O,  iuxta  i  cguJam 
aureamGuJdini  congrucntem(\t  in  JcquentibuspJuribus 
coroJJarijs  vrdcbis^, cum  dcn;cnfl:ratisab  Archimede,& 
ab aJ ijs omnibus geometricc,  ac  fcJide  phiJofophantibusi 
ergo  dukftus  fcmicircuJus  L/:H  induas  tertiasdupJicata: 
diametri  ipfiusJemiciicuJi  prcducet  fpharc  foJiditatcm. 
In  numeris  vidcbis  infcriusin  probJ.26. 

COROLLARIFM. 

Sphxra  eft  xqualis  femicylindro ,  fiuecyllndro 
bifecto  iuxta  axem,hiibenti  pro  bafe  femicir- 
culum.&proaltitudineduasrerciasduplica- 
tx  dianietfi  eiufdem  femicirculi. 

IDem  enimferaicircuIusLiSA  eJeuarus  perrcndiculari-  ^'".1^"'"' 
rcr  in  duas  tertias  iplius  IG  connciteandcm  loiidj-  rei-cylm 
tareni  ,quam&gyratusin  pcriphciiam  abO,qua;  &  drofu n- 
ipfaeftduarumtertiarum  ipfiusFG,  per  probJ.  24  antc-  qyalts[o- 

S  C  H  O  L  I  O  N. 
Ad  praxes  militares,  acalias. 


V 


It^e qux  in  2  To.  hiiiiis  Aernrij  Attulimus  ad prcpof.  20 
hh^  63  §  I  2,  2  3,  3  6,  m  ifus  fartos ,  jrxfe}tir/i  miiit.i- 
res,  quibits  prodest  diTne>fo,(^  cognniOjoLidit.itJsfpljs:- 

rH£, 
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ricx .  Ac  etiam  pro  Astronomnis  circa  dimenfiones  folidAS  gkhc* 
rum  cAleJiitnn,  &., 

FRO^BLEMA   XXV. 

Alicer  I  — 
—  Spbseras  folidicccem  mcdrL 

Vcduasterriasdiametri  incirculiim,  &  prodibit 
fphcTra-foIiditas.  Patctquafi  pro  coroliaiio  ex 
antcccdcntiproxiine  CoroJlarioprobl.  24.  Ide 
enim  produciturexdu»5lu  duaiumtertiaru  diametr)(idcft 
dimidijduarumtertiarum  duplicatydiametri)  in  totum 
circulumjCjuod  exdududuarum  tcitiarumduplicat?  dia- 
ir.etr/ ( ideft  ex  duplicatis  duabus tertijs  diametri )  in di- 
midium  circuJum.  ^''.tper  fepatet,ac  etiam  innumeris. 

COROLLJKIVM. 

cui  cy    Spliaera  eft  xqualis  cylfndro  habenti  pro  bafe 
/>Lrl_.         circuium  fphxras  ir)aximum,5c  pro  al- 
('^  ^'J"'"  titudinc  duas  reitias  diamctti. 

OroIIariumefl:  Iioc  ccorollario  probl  ^^anrece- 
dcntis,eritqinobisvruictiam  pro  transfonnatio- 
nibusfolidorum.  Videprobl.28  infenus. 


Pro- 


C 
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FRCBLEMA  XXFI. 

Alitcr  II- 
—  Spbaerx  foliditatem  mctiri. 

DVc  tertiam  partcm  fcmidiametri  in  fpharrar  fu- 
perficicm,&  habcbis  dat^  fphj:ra?  diraenfam 
foliditatem.QLiametiamtertiamnoftramregu- 
lamnonvidi  ababovfurpatam  jcrirque  nobis  pro  cam- 
po  mctiendiB  vberrim^efegctis  eximiorum  coroUariorum, 


Spha:rcLH,5crfcmidiameter  I  Ddiuifa  in  tres  partes,ha- 
bcat  pio  vna  tcrtia  ipfam  DI5&  fit^pro  fphar.Tfuperficic, 
quadrupluscirculi  fphirra  niaximi  circukis  rEG«;fi  fin- 
gascylindrum  habentem  probaficircukini  FEGx,  &pro 
altitudine  tertiamfemidianKtripartcm  DI,  erit  illc  cy- 
Jindrus  aKiualisfemicylinJro  habenti  pro  bafc  femicir- 
culum  LSH,&proaItitudineduas  tcrtias  ipfiusFG.ncm- 
pe  ipfam FK.  Nam  bafes  FEG-^  ,  L.^H ,  &  altitudines  1  G, 
Dlreciprocantur.diuifa  enim  FG  in  partibus  vniusDIj 
dabit  I  2partcsa'qualcs,qualiumvna  cft  DL  Du^vero 
tcrtixipfarum  12  dant  8  pairesab  Fad  K.&qiionianu^ 
circulus  FEG'.'  c  fcmidiamctro  DE  dupla  femidiamctri 
DH  cft^ei:coroi]ar.noftiisad  2oprop.lib.d}quadrjpIus 

cir- 


8o 
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circuH  LH$S  jCrgo  femicirculi  L5H  erit  idcFEG*  oAu- 
pIuj.VcergobafisFEGxad  bafimL-H  habet  proportio- 
nemS  ad  i>ficreciproceaItitudoFK8ad  aliitudincm  DI 
quscft  I  vna  tertiafemidiametriLD.  ergo  cylindrusfu- 
per  bafi  FEG»,&aItitudinis  DI  tertia?partisfemidiame- 
tri,eft  arquaiis  femicylindro  fuper  bafi  LiHy  &  altitu- 
dinis  duarumtcrtiarumipfiusFGjat  isfemicy!indrus,per 
coroIIar.probl.24  antec.eftarqualis  fph^rje  LH-?<^jergo  & 
cylindrus  habens  pro  baficirculum  itqualem  fphsric^  fu- 
perficiei ,  &  pro  altitudine  tcrtiam  partcm  femidiametri 
eft  & ipfe  «qualis fpha^r^.Duifla  ergo  tcrtia  pars  femidia- 
metriinfphiErefuperficiemdat  fpher^foliditatem. 

S  C  H  0  L  I  0  N    L 

Praxifacilitandcc, 

QV onta»} in pr^cptu  ejl m.tximus ffh£rjnircH\t!S  LH^S,  aus 
qu.iMtitas  qundrtiplttur ,  (^  ca  tfaihtplicetnr  fer  vruttL^ 
teriidm  parttm  Jcmidtatnctrt ,  "JtfphxrAjoltdttasf.iciiefct(!tMr^ 


Co- 
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COROLLAKIVM  U 

Sphaera  acqual's  eft  cylindro  habenti  pro  bafc 
cjrculumaequalciniphaericae  fuperficiei ,  6:   -^'"»- 

CUi      C  V  ' 

pro  alcicudinetertiamparcem  fcmidiamecri /.n^^« 
eiufdem  fphaerx.  |r^^«4. 


Q 


Vod  latet  in demonftratione problcm.i^  antcc.  hic 
patetcdu<aum. 

COKOLLARIVM  IL 


Conus  habens  pro  alcicudine  fsmidiamctrum 
lphaer^,6c  pro  bafecirculum  aequal-m  fuper- 
ficiei  eiufciem fphas.ae.xquaiis  eit  ipfi  fph^r^.  mjph^- 

ra  J-t  t- 

OVam  propofitionem  indicat,non  demoftratyPap-  ^'**^"' 
puslib.5  propof.i9,habcs  inantecedentibusde- 
monftratam.  Fingeconumex  triangulo  DLE, 
cuius  altitado  DL  femid iameter  fphgrg,  bafis  G- 
EFx  fquaJis  fuperficici  fphcra:  LH/SS^:  cft  ille  conus  f qua- 
lis cyl indro  fub  ID,DE,ergo  &  fphgr  ,per problema  antc- 
ccd.namcylindri  fub  DL  ,  DE  tertia  pars  cft  conuscx 
triangulo  LDE,pertheor.i4,  infcffl.i.hu.  Brcuiar.Eiuf- 
dcm  cylindrifub  LDE  tertiapars  cft  cyJindrusfub  IDE, 
crgo  conus  ex  triangulo  LDE  ,  &  cylindrus  fub  iDEfunt 
xquales,  ac  vterqifphera?LHBafquaIis. 

«lar*    «^^     ^3fl 

"«^3"s5-  Vt  3^  ^  fTS* 
ecSM      Ac9>      «CJb 

.  ■,  M  Scho- 


CUl   COtJO 
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S  C  H  O  L  I  O  N. 

Conns  habcns  pro  bafe  circulum  fpher»  maxi- 
mum  ,  pro  altitudine  duplicatam  diame- 


jvh£r(t^  trum,  eft  xqualis  datx  fpha^rae. 

flt  &iitui- 


l. 


HOc  quod  effe  polTet  pro  coroJIario  bic  fecundo,no- 
bis  vfui  etiam  erit  in  §4  problemate  i ,  vbidefo- 
Jidorum  rransformatioiTonibus  ;  ibi  enim  aptc  nobis 
infcruiet  trasfofmationijquemadmodumhic  faltemindi- 
catum  inicruire  poteft-  dimenfioni  dzix  fpharr^. 

COKOLLARlVAi  III. 

Propoiicio  3 1  lib.  i  ArchimedisdefphoEra,6c 

cylindrodcmor5(lfaiadire(:>e  cx  antcCrdi-n- 

vhvysSc\\^<:f^^:SphAra  qtia/irubla  eji  coni  ha^ 

tiiZhl-      hentis  pro  aUitudine  femidiameirutft  fphd- 

[lldrH-      ^^f  ^ pro  bafi  circki^rn  emjdcm  /ph^r/i 

p^''-  maximum, 

Valis  eftconuscxtriagulo  LDH  .Quoniamcnim 
ciufdcm  altitudinis  LLccniex  triangulis  LDH, 
^  LDHfuntinter  fe,vtbafesper  tbeoremara  in-j 
§4fe>f>.  I  hui.  Breuiar.  &bafiscircularisex  DE  eftqua- 
drupJa  bafisexDH,eft  etia  foJiditasconi  ex  LDE  qua- 
druplafoliditatisconi  exLDHiatconusex  LDE^per  an- 
tcccd.2  corol!.  cft£cqua]isipfifph:Kra:LH5i^5ergo  &  eiu- 
fdcmfphiera:  foliditascftquadruplaconiex  LDH.  Igi- 
tur  habcshicdiredademonftratione,breui,faci]i,ex  an- 
tec.pro  corolJ.prcbatu  id,quod  indire^Se  Archimedes.&c. 

Co- 


S  E  C  T.    II. 
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COROLLARIVM    IV. 

Corollarlum  propofic.  3 1  lib.  r  Arch.de  (ph(^ra, 
&cylindroexpeclitum  ex  anceced  fcilicGc. 

Cjltndrus  babens  pro  altitmdine  dtameiru^/u  fp£Z'*' 
fphxr<&,^pro  haficirculn  n  eiufdem  fphs^  7rT ftt 
rAmaximum,  hahet  adeandemfphArAmj  A/V"'?^- 
proporttonem  fefj^oixaUer  am . 


1 


N.  a 


M 

CYIindrushabens  pro  bafc  circulum  fpha^r»  tnaxi- 
mum  LH/Sjf,  &  pro  ahltudine  femidiametrum  DL 
eft  tiiplus  coni  exLDHjcrgo  cylindrushabens 
candcnibafim  LHaJ,  &  alcitudinemtotiusdiamctri  L,^, 
ideft  DFdupIam  ahitudineipfius  DLjCum  fitdupluscy- 
Jindri  fub  LDH,  continebit  fex  conos  ex  LDH.  Atper  an- 
tecedcnscorolJarium  conus  LDH  cftarqualis  quarta^  par- 
tifpha?ia  LHci,  ergocy]indrusfubFD(ideft  fub  diamctro 
h^S.  qua?  ipfi  FD  eft  ffqualis)&  fubDH  continct  fcx  quar- 
taseiufdemi"ph?rf;idefl  fpheram  femcl  cx  quatuorquar- 
tis  ,  &  dimidium  ex  duabus  quartisihoc  cfl  fefquialteram 
habetadfphxramLHS/proportionem. 

M     2  Co- 
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COROLLARIVM  V. 

Sphaera  ad  Conam  habeotcm  pro  altltudlnc 
oo»i/p*j  diametrum  ciufdem  fphxrsc ,  &  pro  bafi  cir- 
raiuM      culum  eiufdcm  fphxrae  maximum  ,  hab«t 

propQrcionem  duplam. 


CutAt 


Atec 


B 


"Ai    K 


M 

Onus habens  pro  altJtudine  dlametrum  L^ ,  &  pro 
baficircu  u  LH  ?/,cft  duplus  coni  ex  LDH,quip- 
pe  habens  eandem  bafim,  &  duplam  altitudinem. 
At  conus  ex  LDH  eft  a^qualis  quartar  parti  fphf  r^,per  co- 
roll.3  anteccd.  ergoconusaltitudinis  L^  ,&  bafis  LH/S/ 
critxqualisduabus  quartis,ideft  dimidifffphxrJeAc» 


"^W  M 


Co- 
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COROLLAKIFM    VI. 
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Trlum  rolidomrorotundorum  elementarium 
ciufdem  akitudinis,  infcriptiones,  ac  dimen- 
fioncs  intcr  fe  ordinatinfimae  cx  antcdidtis, 
iuxtanumerosi,  2,  i. 


O 


CortHS-, 

raincy 

Itndroy 

eoritm 

frofor^ 

tiants. 


^VemadmoduequIn- 
quegeneribusfoli- 
dorumeJcmentarlu 
turrim  geometricamcoftru- 
ximus  5  in  coroJJ.^,  probJ.  1 7, 
fic  faJtem  trium  rotundoru 
cogJobatione ,  iciJicet  fphx- 
IX  y  &  coni  cyJindroinfcri» 
ptorum  proportiones ,  &  di- 
mendones  per  ordinatiffima 
progreflionem  numerorum 
contJudamus. 

Vides  in  figura  cylin- 
drum  AB  jCcnum  BCD,  &  rpbrram,foJida  habentia.^ 
candemcum  fph^era  aJiiiudncm,&  pro  baficomn^uni 
ciicu^umeiufdemfpbaTg  r  axin  umj&conumjfpberamqj 
cylindroinjcripta:e^qje\  anted  disproportio  toni  i  ad 
ff  haram  2,fpbariff  2  ad  cyJinorum  3,&  ecyJindro  intres 
f  .uiiles  partfsdiuifoccnum  aultrre  vnam,fph?rani_.» 
duas  Surtt  rgo  inrer  fe  in  proportior.e,  acprogrciiione 
naturahsnumeioriin.  triadis  i,  2,^. 


E 


SCHOLION     L 

lufdcc-ilindri  ABfttpcrpitcs  tff  fcf^uidtera  fupcrfcietfphA' 
rx,  Htitge  Cortji,i^t .  23/roblctn,  1 7  anttced, 

Cattdeo 
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CAudeoJimtn  hic/aS/tnn  dmtr.Jict  um  Stereemttrjcmm  riLJ/ 
trtHWVtUchernwortmJtUdorumpcfortienAttfsima  cm^Uxie/fe, 

S  C  H  O  L  I  O  N     IL 

ERit  nohis  vfui  pro  transformationibus  /oUdorum  antecedetts 
coroUar.6 ,  riefutes  ejfe  (ieriUm  ,  Ucetperje  expetendanu^ 
ineotheoriam-} . 

S  C  H  O  L  I  O  N     IIL 

Alicer  IIL 
Soliditatemfphjeras  metiri, 

SCiUcet  per  conuerfum  antecedentis prohUn:atis  26 3  ducendo 
Jemidiametrum  in  tertiafnpartent  fuperficiei  fphArA  i  iderru 
enim  euenfi:  experire^filubet^faUem  ittnumeris, 

S  C  H  O  L  I  O  N     IV. 

Vniucrfalia  pro  dimenfionibasfoHdorumnu- 

mero  infinitorum,  6cc.  vltra- 

elcmentarmm. 

QVAcunqtitfoUda  fiunt  ex  ntatiorc  quoruncun/^ue  plano- 
rum  quantunuts  trreguUriumJhabentfuasdtmenfones 
exvnica  regula  aurea  Guldtni  ^fctUcet  exduilu  quan- 
fc  titattsplanitn  penpheriantfignatam  k  centro  graui-> 
tatisplani  rotati. 


5.4 
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§1V, 

Dc  transformationibus  folidorum. 


PLer^ej; folidorun  transfoitnAtioKes quap corclUriafunt ex 
§  ^  antecedenti ,  vbt  de Jeltdorum  dimeKfionilus .  Excm- 
fla  htc  Accipe  t»  nli(]utbusfequentilu5,atqv)rdi^^ur  kfey" 
fechfsimo  folidorum,  idtd  afphxra, 

"FRO^LEMA  XXVIU 

Datani  Sph<eram  iii  acqualem  conutn 

transformare. 

SVperdat*  fphjer.-e  circuJomaximo  LH/ScT  erigatur 
conus  ad   aJtitudinem  perpendicularcm  dupJicata» 
diametri  L/5,  fciJicetipfius  FG,  critq;iIJeconusda- 
ta?  fphgr^  f quaJis.Quafi  coroJI.  deducitur  cx  coroIJ.a  pro- 


^^ 


M  n 


M 


blem.2  6in§  3  hu.fecfi.2,vbihabesfphcr?  LH/fJ^efTefqua. 
Jc coiui,  cuius bafis  tft  1 EG  ,& aJtitudo  DL.igitur,fi(iuxta 
§  5  ad  propof  zo.  Jib.6  in  to.2  hui.  -^rarij,  &  iuxta  coroj. 
Jar.  in  fine  §  5>inledli-  hu.Brcuiarijj  fiat  vt  circulus  LH- 

/3«r  ^ 
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fSSad  circulum  FEG»,  ita  reciprocealtirudo  LD  ad  alte- 
ramaititudinem,  prcdibitFGdupiicatadiameterfphfrf. 
Nam  vtcircuIiLH-cT  quadrupIuseftcircuJusFEG«,/Ic 
akitudinis DL  quadrupla  eft  akitudo  FG.ergo  (per  fcho- 
liumfub§g  feA.i.  hu.Brcuiarij)  conijaker  habensbafira 
FEGi-^altitLidinem  DL,akerbafim  circulurhfphderjEma- 
ximum  LH  SJ^akitudincm  FGjfunt  squalcsiat  alccrcft 
arqualis  fphxrs  LH  y^^eTgo  &  akcricrgo  datam  fphxram 
in  conum lequalem  tranftulimus.  Quanta facilitate ,  noui- 
tate,  compendio  vide  in  feq.  Schol. 

SCHOLION     I. 

AN  medm  antecedentis  prohlematis  2j  apud  alium  extetf 
uefcio:  fdtem  ipudvUum,ques  nonpancosvidi,  nonvi-> 
di.Nos  igttur  non  egemus  tot  altjs  transformntiombus  in 
altaplurafolida ,  qmbus  aliqut  egent ,  antequ.irn  ajjequantur/i~ 
luttonempropofiiprohlcm  itts,  Ac  e(i  nojlrutn  hoC  conuerfum  prio- 
risparttspyoblcmttis  apud Archimedem de JphAra ^  & cyUndrOt 
Itbrofecundo . 

s  c  H  o  L  I  o  N    rr. 

Aliter  datam  fph^ram  In  conum  ^quale  vertcrc. 

CIrculusJphxr£  maximusduplctur,per  %%  ad ^j  lib,\.eJr 
fupcr  co  fiatuatur  conusaltitudinem  habens  diarnetrum^ 
fph^rx.  Nam  tnjtg.  coroll.  6problcmatts  26  anteced.cO' 
nus  DCB^qui  e(idtmidtumlpb,tr<t,/ifiatft(perbafiduplaipfusD^ 
Sf  ertt  dupltcattts,  acprot»de  .iqualis  datdjphxrx,  &(, 


Pro- 
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PRO^BLEMA    XXVllL 

Datam  fphasram  in  xqualem  cylindrum  tran- 

sformarc. 


n  n 


<^     Z 


M 


SVpcr  bafe  circull  maximi  LH^tT  datae  fphajr»  exci- 
returcylindrus  ad  a]titudinemperpendicuJareni_^ 
duarum  diametri  tertiarum,critqicylindrus  iiJe  da- 
tsfph^r^iEquaJiSjperprobJema  25  antec.&  coroJJ.exeo. 


P 


SCHOLION     I. 

Robkrna  ^%  proxime  amecedens  cji  cotjuerfum  fecunda  par- 
tisprohiematis  ab  Archmedepropofyi  tmtio  Ub.  2 .  dej^h/e. 
Cr  cjli/:d. 


N 


Scho- 
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S  C  H  O  L  I  O  N     II. 


O 


Aliter  Probl.2  8  demonftrare. 

Vomaminfig.  coroll.  6prohlem,^6  antec.  cylwdrns  AR 
cfi fefquialtsr  infcrijitx  fphArn  y  (l  cylindrus  mitl&etur 
tertiapartepey  ahlationan  ttrtixpartts  ipfiis  AD,  reit- 
quum  ertt  ttfjnalejpbier^. 


S  C  H  O  L  I  O  N     l\\. 

Deconuerfisproblemacum  27,28  antece- 
deniium. 

Atis  cylindro ,  i'e/  conofphxram  xcjuakm  ponere^  quA 
ftnt problemataconuerfa  anteccdentium  2j,2^profO'^ 
fita  ab  Archimede  inttto  lib.  2  de  fphdra,  dr  cylindro  vi- 
de  inferius  a  nobis  aUierfoluta-,  cjuam  ab  Archtmediis,po(l proble- 
rnatade  transformatione parallelepipedi  in  cubum,^  cubi  mfphx- 
ram,  a  quibits  demondranturj&c^HaficoroUaria  deducuntur. 


TRO^BLEMJ  XXIX. 
Dato  cono  cyllndrum  aequalem  ponere. 

Rcpila  Y  j*  Xdi(ftisdedimenfiQneconi,<Sf  cylindri  patentratio, 

vul^ara.   H~*   &  demonftratio vulgatiflimxifciiicet  fuper  bafe  co- 

^— '  niconftruendo  cylindrum  habentem  properpendi- 

cularialtitudine  vnamtcrtiampartemconii&contrari;t_j 

ratione,dato  cylindto  conus  jequalis  crigiiur  fupcr  bafc 

cyliu- 
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cylindri  ad  triplicatam cy lindri  altitudinem  .  Hic ,  varie- 
tatis  gratia,  extra  vulgati/nmajfoluemus problemata  pro- 
pofitum  29,&requens  30. 

Tingedati  Coni  bafim  duplam  bafis  DB ,  eaq;  per  pro-  .^J"l^. 
blema3  fub  §7  adpropof^yJib.i^imminuaturdimidiOj  TO/^.?r,; 
ideft  fiatcircuJusprobafiDBjfupcr  quo  crigatur  cyJin- 
drus  habcns  aJtitudinemffquaJem  duabus  terrijs  dati  co- 
niicritqi  ille  cylindrus  dato  cono  ^quaJis.Ratio  erit  com- 
munis  etiam kquenti  probJemati  30. 

PR0  3LEMA    XXX. 

Datumcylindrum  In  aequalem  conum  tranP 

formare. 


Vta  datum  cylindrum 
efle  alntudinis  duaru 
tcrtiarum  ipfius  AD. 
BafisdaticyJindri  duplcturj 
per  §  8  ad  47  Jib.  i,  &  fupcr 
eaexciteturconus  Jiabcsal- 
titu(*inem  totiusDA  j  eritq, 
i)Ie  conus  jcqualis  dato  cy- 
Jindro.  SciJicet  e  fciioJijs  fe- 
cundis  pta:ccdentium  pro- 
blematum  27, 28.  Sunt  enim 
conus,  &  cylindrus  ,iuxiat 
prjefcripta  inccnftru»flioni- 

bushorum  29,  &  ^oprobJematum  jaqualcseidemfphce- 

ra?,ergo&  interfe. 


F^^^ 


N 


Scho- 
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SCHOLION     r. 

r,f  ffosbremtatis gratiapt i(cit>imus  appltcittafigurisy  ah- 
lirahe  tii^  miTyro,  inpratcefta  fonfiru&iontmtrnuer- 
fiiltiim ,d^ a  t7ohis  hicpotiUs  induata  ^tjuam  e.\fltcat/t-> 
cofictpe  ammopr<jifcKtiy  acimerao,  ne  halltictntris. 

S  C  H  O  L  I  O  N     II,  inquo- 

—  Regulae  vniuerfalesprotransformacionibus 

folidorum. 

TRansformationes  folidorurn  funt  vfus  Theoretnattim  in  § 
2jt^  3  lecfioms  i  hu.Breu.  Jc  — 
1  Soiidt  (^in  cjuod <x(juale  transformandtim  eji  datttm 
altcrumfviidutn)  haiim  figurx  liibttiX  (yelut  prt/matis  ^fiiee  paraiie- 
lepipedi,  C^cjttbi  defcrthc.  Tumfiat  W  bafis  defcrtpta  adbafini  da- 
li/uiidi,  tta  rectproce  altitudo  dattfoitdt  ad  aitttudinemfoitdi,  in 
OjUodf.icienda cfi  transformatio ,  erttcji  fr.iJa  transforrnatto  dr,ti  fo-. 
lidi  tn  aquaie.^  luxta  di£la^  aemonjirata  in  Schol.  &  corollar.m 
fine  §  3  infeci'  i.  hutus  Breuiarij ,  Huiiis  regui^  habes  exemplum 
in  anteced.probi.2j  pro  transformationihus Joiidorum  tn  fioltda  di- 
uerft  fguTcV  ,fiucjpecici.  Habes  in  eademfpectefigur£ ,  vciut  tn^ 
paralicicp:pcdts ,  exempiumpgurx  j  inpguris  Ji  c.  icnis  i  huius 
Breu.vbt  reeiprocatis  altitudtntbus,  ^  bafihus  alterumparaiielipi.. 
pedum  AB  dcmijfim  cjl  in  xquale  CD.  Habebis  &  infcriuf  cxem- 
pia .  Piuribus  circa  hanc  i  reg.  non  cli  opus ,  propter  hreuitatem-) 
Breuiarij. 

2  Ftgura  baiis  dati ,  ac  tranftnutandi  folidi  transferatur  itt-j 
dc]uaicmaiteramfiguram,Jttper^uaJolidum  excttetur  eiufdtm 
altitudinis  Cum  datojolido.  Stc,per  thcoremata  in  §  ije^.  l  .hutus 
Breutartj  ,  ertint  £qualt»Jolida,  datum ,  &  id,  tn  qtiod  aatum  cjl 
transftfuatum. 
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^  E/f&  'J^'/its  lirKarum,fr£fcrtim  dunrum  medi.trunipropor- 
tionxUum  pro  trans/ormauonihns  Jolidorum^  vt  fidebts  infcnus^ 
Intcrtm  excmplts  aliquibus  peculiaribus  pro  tyrnntbusfectinda  hic 
pradicfaregitla  vntuerfalts  exponatur  infcquentibus, 

FR03LEMA  XXXI. 

Datum  prifma  in  xquale  paralleiepipedam 
transtormdre. 

PRifmatis  AB  (in  tabella  feiflionis  2,fTgura  ij  bafis  in 
squaJeparaJklogrammuni  CDtransiormcturjpcr 
45  lib.  i,fitqucaJtitudoDGa?qualisaltitudiniBA 
dati  prifmatis  j  eritqi  CG  parallelcpipcdum  tadumie- 
qualedato  prifmati  ABjhoc  cft  priima  in  paraiJclipipe- 
dumtransformatum  .  Cumcnim  prilma  AB,&paraJJeJe- 
pipcdum  CG  fiant  cx  arquaJibus  ba<ibus  cJeuatis,  feu  du- 
dis  in  cafdcm  aJtitudincSjncccHc  cfifinta^quaJiajicjJicec 
eonftjtuta  cx  xquaJibus  conflituentibus. 

PKO^BLEMA  XXXn. 

Parallelipipedo  cylindrum  aequalem  ponerc. 

Flnge  facilitatis  gratia  parallelipipedum  CG  habcre 
bafimCDquadratam.  Vcrtarur  eaincircuJum^per 
didaad  propof.45  lib-i  in  i.To  hu.^rarijifitque 
EF,  fiantqi  altJtudines  a-quales  DG,  FH^eritq;  cyJindrus 
EH  a-quaJjs  paralJeJepipedo  CG. 


Scho- 
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SCHOLIONI. 

De  cylindro  obliquo  in  parallelepipedum  ae- 

quale,  &conuer{im. 

POfittur pariter  cylifidrus  ohliquus^'erhi  gr.(in  tnbellafc£f-. 
■ifg.7,)^C £qualisfaraLlelepipedo  K^Bin fig.  2  etufd. 
feff.  r  Jbafi circuUri  AB  translata  in  xqtiale  peKtagonufn 
AE,  c^  ad  obltqui  cyhndn  AC  altttudimm  perpendtciilarem  pa^ 
rallcUpipedo  AS  conHituto. 

PRO^BLEMA  XXXlll 
PyramiQem  in  conum  xqualem  transformare. 

INtabella  feft.  2,  fig.  5,fadis  c^qualibus&  bafircifliJi- 
ncaAB,&circulariCD,&:perpendicularibusffqua- 
libusalticudinibus  FE ,  GH ,  erit  conus  pyramidi  «- 
qualis,  iuxtu  theorcmata  in  §  2.  VeJ eam  etiam  ob  caufam, 
quod  vtrumqifolidumefl:  pars  tertia(pcr  thcoremata  14, 
15  in§  5  fed-.i  hu.yErarij,  &  ad  prop.23  lib.6§  i8,&  19) 
jequalium  parallelcpipedi,  &  cylindri,  qua:  folida  fierent 
cxelcuationca-qualium  haiium  ABjCDingqualcsaltitu- 
dinespcrpcndicuIarcsEF  ,GH,ceufunt  in  i  ,&  2  hgura 
parallelepipcdu  CG,&  cyHndrusFH;acproindexqua« 
lium  tcniiE  partesfunta:quales. 

PRO^BLEMJTA  XXXIV.  XXXV. 

Fyramidem  in  prifma ,  vel  paralklepipedum, 

conum  in  cylindrum  squalia  tran^ferie. 


V 


Elut  in  figuris  i,  a,  ^,  fecft.  2,  fi altltudines  xquales 
A  B ,  G  b,  HF ,  FE ,  HG  perftcnt ,  triplo  augtnda; 

ciunc 
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crunt  pyramidisj  &  coni  bafes  AB,  CD .  Item  fi  prifmatis 
bafes  AjvelBjVelreJiquorum  quattuor  folidorum  reli- 
qucB  CD,  EF ,  AB ,  CD  per  ftent  a'q  uales  j  triplo  augenda; 
cruntaltitudinesperpendicularesEFjGHpyramidis  ,& 
coni.  Vtroqienim  modo  iequabuntur  prifmati,  vel  paral- 
leJipipedo ,  vel  cyJindro .  Quoniam  enim,per  theoremara 
§ 4,fec.  i,pyramides ,  & cyJindri .fquaJiuni  aJtitudinum 
funr  inter  fe  vt  bafes , & aequaJium  bafium  vt altitudines; 
jgiturpyramistriplicatjebafis  AB ,  &altitudinisa?qualis 
cumFE,velffqualis  bafiscumAB  tripJicat»  altitudinis 
FE,  erit  tripla  ipfius  AF6,  ideft  xqualis  prifmati  AB ,  vcl 
paralIeIepipedoCG,cuius  ipfaAFBeftparstertia.  Ob 
candem  caufam  conus aJtitudine ,  veJ  bafi  tripJus  coni  C- 
HD ,  erit  a?qualis  cylindro  EH ,  cuius  tertia  pars  cft  conus 
CHD. 

S  C  H  O  L  I  O  N. 

De  conuerfis ,  6c  alijs  fblidomm  transforma- 

cionibus. 

COnuerfifrMcdentium  problemntum  licehit  facerefAcite  ex 
prxdt£iis .  luxta  qu*  eti.im  Itcebit  &  alta  transflrmationu 
txemp.'j,  idr  varias  transformationiim  combinationes  moliri.Adde 
C^  exempltim  mux  /cfjucns^quodpectili.tremy  ac  diucrjam  ab  ante- 
pcfi  isfi,rm.im  ,  & dif/icultatem  transfotraationis  habet .  Acprx- 
mttto  [equens  — 


^  Lcm- 


/ 
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^ LE MM A,  acTheorema, 

S\  fuerunt  quatuor  lineae  continue  proportio- 
nales,  vt  eft  quadratum  ex  prima  ad  quadra- 
tum  ex  fccunda,  ita  fecunda  ad  quartam. 

VEriratem,&  euidentiam  propofiti  Lemmatlsin 
lineisper  partes  quafi  concifis,atq;in  numeris 
expedio.  Sint  (in  fig.4 ,  fcc.  i)  quatuor  reda?  A, 
B,  C,  D, continue  proportionales ,  ex  quarumjequalibus 
partibus,  &c  particulis  conficiantur  numeri  in  eadem  pro- 
portione  AS,  Bi2,Ci8,D27.  Acvt  8  ad  i2,fic  laad  i8, 
&  iSad  27  inproportlonclefquialtera,  vt8  in  izfismel 
cumdiiriidiafiijparte,fic  izin  igfemelcumdimidiafui 
parte,&i8  in  ^^remcIcumdimid.fuij&c.Sit  prim^e  A8 
quadratum 64, fccundctBi 2  quadratum  144.  Aip  vt qua- 
dratum  64  ad  quadratuiti  144,  fic  efieBi  2  ad  Dij. 

Quod patet :  vt  enim  quadratum  64  continctur  bis  cum 
quartafuiparteinquadrato  i44,ficre^5la  fecunda  B12 
continetur  in  quarta  D  27  bis  cum  quarta  fui  partc  3. 

P  RO^BLEM^    XXXFL 

Datum  paralleleprpcdum  in  cubum  acqualcm 

transtcrre. 

Itin  Rg.  5,  fcd-.  2.  datum  parallelepipcdum  AB  cui 
conftituendus  fit  cubus^qualis.Bafis  AE  ,finon  fit 
quadrata,vcrtatur,  per  pcnuitimani  fecudi,in  qua- 
drarum,  lupcr  quo  fi  fingas  cxcitatum  parallelcpipedum 
ciuldcni  altirudinis  cum  EB  alcitudine  parallelcpipedi 
AB,  erunt  duo  ca  paralielcpipcda  a:quaJia,per  propcf.  3 1 

Jib. 
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lib.i  i,aliter  etia  a  nobis  in  thcor.  i  §  2  k^.  i  hu.Breiiiarij 
demonliratam)  Bafis  crgo  quadrata.'  latus  efto  H ,  &  aiti- 
tudiniBE  paraJJlclepipedi  vtriufqj  arquaJis  fit  recla  Gj 
inter  G ,  H inuenianrur  ( per  aliquem-e modis  a  nobis  tra- 
ditisad  13  lib.6.deduabusmedijs  prcportionalibus)duje 
mediieproportionaksIjtC.  Dicolupcrquadratoc  Kexci- 
tatumcubum  e{Te;EquaIcm  datoparaJIeJepipedo  AB. 

Quoniam  enim  funt  quatuor  liricg  continue  proportio- 
nales G,I,K, H per  conftruclioncm,e!go  pci  Lemm a  pro- 
Kimcantecedens,vt  quadratumexHad  quadratum  c  K, 
itaKredaadre*51SG.  Arcxconflrudioncquadratum  ex 
H  eft  arquaJebafiparaJJeJepipedi  AB  ,  &quadratumeK 
eftbafiscubi,&eadem  K  eft  aJtitudo  eiufdcrn  cubi ,  G 
veroeftpro  aJtitudineEBparalleJepipcdi  AB,  ergocubi 
e5K,&  paraJJeJepipedi  fuper  H  bafcs  quadratse,  &  altitu- 
dinesK,(S  reciprocanturi  ergo,per34  libri  ii,dnobis 
oftenfam  breuitcr  in  nunneris (k^  i,  the.  5)  funt a qualia 
paralJelepipedum  luper  bafi  quadrata  ex  H,  & cubus  e  K; 
at  parallelcpipcdum  Uipcr  bafiquadrata  Hconftitutum 
cft  aquale  (pcr  aiucctdcntia  ex  31  li.  1 1 )  j  ar?JJclcpipe- 
do  dato  AB ,  ergo  datun)  AB,  &  cubus  c  K  funt  folida  ia- 
daarqualiajiuxta  ax.i.Sunt  cninieidcmfuper  H  squalia 
parallcjcpipeduni  AB,&cubus  eK,ergo  inter  fc. 

S  C  H  O  L  I  O  N. 

Criticis  fouea  geometrica, 

r 

J'odnosTyrcnunj,cipfiii  acccmwodatc  dcmorfirMtimus 
ex  lernmate  pr^r/iijjo  ,  dccil ,  ac  Konviilgato  mcdo  pro 
perfpicaciorihiis  ingcnijs  iridnAt^  /tc  demcnUrdt  VilUi- 
priidHs (cutus paucidazcrba  nclirtsjigiiris  aaommcdauin^us )  du 
afi.rmat:vt(\r\  fig.5  fcc.2.)quadratu  rccla-  Kad  quadratum 
ex  H,  ita  G  ad  K  ,  quar  quidcm  proportio  eft  reciprc  cu_j 
bafibus,  &  aJtitudin  Jb us  .  Trc  confi:  maticnc  cttat  coroUar.pro- 

O  pof. 
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fofi  oM.6.  tffpanculis  ys  Vtlldpandi  verhis  totavisprdciputt  de, 
mtnsiratioms  btetjiquis  eam  ex  demonjlratis  a  nobisjciat  cxtru- 
dere.Hic fctltcetiCjui  mdlam  ipfi  vnquam  defito  demon/irattonem 
condiderunt  j  ^  tamen  audent  altenas  do&oruM  virerum  demon' 
liratienes  crtticare,  dum  hic  vident  VtUalpandumper  tritifima^ 
altorum  vcdtgta  non  tre ,  opinor  ^fronunttarent ,  cautc  legendum, 
et  fsrtaffe  fua.  ageometrix  indices  cauillationes  fc  expromerent. 
^ui probatVillalpandpandus  effe ,  vt  hafes quadratas  interfe ,  (ic 
&  altitudines ,  ac  qutdem  reciproce  f  ^jiid  vero  hic  agat  corolU' 
riumpropofi  o.lib.  6  a  Villdpando  citatum  ?  cum  idfit  de  trtbus  U- 
neis proportionalthus ,  &  de polygono  fupcr prima  ad  fmile  fuper 
fecunda,  ttafe  habente,  ac  primarecla  ad  tertiampreporttonaliumi 
htc  ver^j  nc^ottumft  de  qiiatuor  reUis  conttnue  proporttonalthus, 
t^  de  quadratefuper  prima  .id  quadratum  fuper fecunda  ,&tffe- 
rat  VilUlpandus  ea  quadrata  interfe  ita  habere ,  vt  qiiarta  adfe- 
cundam  quatuor proporttonaliim?  ^ux  ida  c(i  illatto?  Sctlicet  ea, 
0  Crttice,  quA  cx  cerellarioprop.iO.  Itb.  6  de  trtbuslineispropott, 
huc  traducia  eU,&pofita  ejl  inter  quatuor  contin.prepcrt.  modo  nS" 
vftato ,  (cdingeniojo^&  prorfus  ccngritente  cu  corollarioprop.  2  oj 
ex  quo  vis  tota  e(l  demonlirationis  de  reciprocis  bafibus  quadratis, 
&  dltttudtnthus. 

Confulto  hic  clarioranoK  addimus,  ac  expectamus  diim  Momus 
ahquis  audeat  htfcere  in  Villalpandu  m^ac  nebts^vclaiicut  e  nodris 
occafionemprtsbeatredarguendi  cyntcorum  cenjbrum  geometricam 
imperitiam.  Caitte  iegendidoclijcriptorisfunt  ^idest  eorumfrtpm 
ta  non  vu/garia  oculo  non  vulgartfunt  tntrofpicienda^  nec  hppten~ 
li  temcre  carpenda, 

COROLLARIVM,  ^- 


•  Vfus  (ingularls  proxime  antccedencis 
problcmatis ,  ac  — 


Pro^ 
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Data  llquldorum  (aut  etlam  frugum ,  ac  rcrum 
aridarum,  quae  vafis  menfurantur)quantita- 
te ,  cubicum  vas  eius  proecise  capax  geome» 
triceconftituere, 

DAra  fitaqux"  ,vel  Jiqiiidi  alterius ,  vel  aridi  vafe 
inenfurabilis  quantitas.  Conftituatur  vas  paral- 
Jelepipcdum  fpcr  a-ftimationcm  maius  quanci- 
tate  capierda)  cauum,cnius  bafes  fint  quadrata^jac  paral- 
leJashori.  onticonftitut^, vclur(in  fig.  6y(QC.  2)  ABfuper 
quadrata  bafc  AC.  Infundatur  liquidfi,  vel  aridum,<l'C. 
&cum  quierit  Jiquidum,velariduin  concufllonibusfue- 
ritbcne  inuafarum.  &rubforma  rectiparalJelepipcdi  E- 
D,  eius  notetur  aJtitudo ,  veJut  AD,  &  Jatiiudo,  fiue  Jatus 
vnum  quadrata-  bafis^vcIutAE.Sintqne^fta-iJlissquaJcs 
cxpofitreF,  Gjinterquasdua:media?  proportionales  I,  H 
interponantur.  Dico  cubicum  vasexcitatum  ,&fabrcfa- 
dum  ex laterc  H  efTe  id,  quod  prf  cise  capiec  quantitacem 
infufaro  ED. 

Patetdemonflratio  codemmodo  inftitucda,  quopro-. 
ximcantccedcns  problema,pripfertimcxpo(itum  eno/lro 
lcnimatc.  Nam  vrquadratum  ex  Fad  quadratum  ex  H, 
ideft  bafis  ad  bafim,  iia  reciproccrccia  H  ad  rcclamG,  ex 
lcmmate  jidcft  altitudocubicx  Had  akittidinem  Gpa- 
raJIeJcpipediED,ac  proinde,per  ^^.li.  1 1,  anobisinnu- 
meris  oftcnfam ,  trunt  aquaJia  paraUcIepipedum  ED ,  & 
cubus  ex  H,qui  pr.rcise  capiet  inicLlam  qu<intiratem  ED. 

Res  fi  qusni  diflfcrtntiam  patiatur  intcrliquida,  &  ari- 
da  proprer  Jiquidi  bafem  fuperiore  non  pJane  pJana,  haud 
tanien  vJJiusad  vfum,&fenfuni  erit  incommodi,  quod 
&  facilc  ingenioj  &  arte  corrigctur. 

O      2  Pro- 
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PRO^BLEMATA   XXXVIII, 
XXXIX. 

Datuin  cylindrnm,  vel  conum  in  jequalem 
cubum  conuertire. 

Voniam  cx  ortu  Cyiindri  j  6c  Coni ,  iuxta  eorum 
dcfinitioncs  ante  lib.  ii  EJcm.ea  folida  fiunte 
^^  rotationc  (loquor  de  reclis)  reclangulii  &  trian- 
gnli,  &c.corumqj  quantitas,  eregula  cencri  grauitatis,  ha- 
betur  eduiflurcCtanguH,  vel  triangnli  in  periphcriam  fi- 
gnaram  dccntrisgrauicatisj&c.  ac  proinde  cylindrus  eft 
lequalis  paralJelepipcdo  habcnti  pro  bafe  redlangulum,& 
proaltitudine  re^ftam  ^qualem  rotationi  fignatte  acen- 
tro  grauitatisjconus  vcro  cft  arqualis  prifmati  habcnti  pro 
baic  triangulum  rcAanguIum  ,  &  pro  altitudine  rcftani_j 
a-qualem  rocationiaccnrro  grauitatisi  ideo  fi  fingas  (in 
lab.  kd:.  i,  fig.  5)  cylindrum  gracilem  oblongum  cx  rotun- 
doin  parallcicpipcdum  fubplanis  rciftangulis  efieexpo- 
f]rum(perprobI.  3  2,&i"choI.)quaJccft  AB,&AE  fit  re- 
diangulum  roratum ,  BE  vcro  fit  arqualis  pcripheriif  a  cen- 
trograuiratis/ignata:  in  rotatione,&c.  fiue,  fidato  cylin- 
dro  parallclepipcdum  ABcoftituas^equalCjferuata  cadem 
altitudinc  B£,&  mutata  baficirculari  in  redangulum  AEj 
ac  poft  harc,  circa  AB  e.vcquaris  quxpr?diiftafunt,&  idAa. 
inantcccdcnti  problemate  56,eritcubusc>;  altcra  media- 
rum  proportionalium  equalis  dato  cylindro  ,cui  fquale 
faclum  eft  parallclcpipedum  AB. 

Pari  ratione  ficonum,veIconoequaIc  prifma  transfe- 
ras  in  arqualc  paraIIcIepipedu,&operciis  vtinantec.pro- 
bl.  56,  critcubuscx  aJtcra  duar.  mcd.  proport.  ^qualisco- 
noj&c.  Addc  noftris  aliouid  tua:  induftri^. 


Pro- 
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FKO^BLEMA  XL. 

Conuerfum  probl.  3  6  anteced.  Dato  cubo  pa- 
rallelepipedum  equale  in  data  alcitudine  con- 
ftituere  cum  vfu  propof^  3  6  li  1 1 . 

OVdd  eddem  forma  ex  34  propof.Iib.  1 1.  foliiitur  a 
VilJalpando,  nosex  vfu  36  prop.Ii  ii,a  nobisin 
numeris  oftenf^ ,  faciJius ,  ac  breuius  pro  Tyro- 
nibiisioluemus.  Dati  cubilatuSi-^in  fig.^jfec.^.ifitljaltitu- 
do  paralklepipedi  (quod  cubo  ^quale  lubet  conftituere) 
fit  rcifta  Gjipfis  G I  inueniatur  tertia  maior  proportiona- 
lis  K.DicoparalleJenipedumfuper  bafiexK,  I,  &ad  alti- 
tudineni  G  exciratiim  effei-equale  cuboexl.  Ciimenim 
fint tres  proportionales G, I , K,  erit (per 3 6  prop. li.  1 1.  a 
nobisin  numeris  oftcnfam  theor.  7,  feA.i)  ex  ijsparalle- 
lepipedum  equale  cubo  ex  media  I. 

FKO'BLEMA  XLT. 

Spha^ram  in  cubum  aequalem  transformare, 
cum  vfu  geometrico  centri  grauitatis. 

Oc  problema  quicumq;foIuere  nituntur  confu- 
giunt  ad  ea,  qus  funt  extra  elementa  Stereome- 
trica,fcilicetad  theoremara  varia  Archimedeai 
quorum  veftigia  fi  nos  premere  vellemus,cxtra  inftitutum 
noftrum  egrederemur ,  !k  inter  elementaria  reponercmus 
ea,  qua?dcmonftranturex  ijs,quorum  cognitio  nondum 
adTyronesclementaresperuenit.  Itaqjnos  id  foluemus 
cxantedi(5tis,&  pra-dcmonftratisanobis  in  conftitutionej 
&dimcnfionefphxrxexvfu  geometricocentrigrauitatis. 
Ex  quo, iuxta  diw^ia  in  analec^  ad  Apiar. 2,  &  alibi  in  hoc 

.<£ra- 
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^rario ,  ad  propof.  20  lib.  6 ,  &  in  fec.  i.  hu.Breuiar.&c. 
cumconftetfphxriE  in  fig.^fec.z.^TPVXfoIiditatemefTe 
icqualcm  parallelepipedo  habenti  bafim  cequalem  femi- 
circuIoTPV  ,&  altitudinemcpqualem  peripherix  fignataff 
a centro  grauitatis  P  femicirculi TP V  fphseram rotatu  fuo 
conficientis  ifi  femicirculus  TVP  mutctur  in  quadratum, 
fuperquo  cxcitetur  parallelepipcdum  altitudinisequalis 
peripherfse  a  P,deinde  ex  antccedenti  problem.3  6  fiat  cu- 
bus  ccqualis  didlo  paraIIekpipedo,&c.  erit  ille  cubus  datf 
fphjre  f  qualis. 

TKO^BLEMA  XLII. 

Praecedsntis  problematis  conuerfum ,  dato  cu- 
bo  (phacram  xqualcm  ponerc, 

DAticubi,cui^qua!iscon1ituenda  fphirra  cft,fic 
(in  fig.  7,fewh  2._)Iatus  A  ^acinteHigaturfpharra 
qL'fpiam,hngeipfamTXVP,cuius  diamcter  flt 
fqualis  latericubico  A.  Perantecedens  problemafphfr? 
TXVP,  fiatfqualiscubus,  cuius  iatus  fic  Cs  &  fiat  ficut  C 
ad  A, ita  AadB,eritfphirradcfciiptaciica  B^qualiscu- 
boex  A. 

Cum  enimfinttresproportionales  ,pcrconftrU(5lione, 
crunt(ex  theorcmate  8,Ici5tione  prima)  cubus  fuperC 
prima  ad  cubum  fupcr  A,  fccundam  ,  vt  fpbarra  ex  eadem 
fccunda  (pio tertia  tamquam  diametio)  A  ad  fphf ramex 
quarta  Btamquam  diamerro  defciipram.  Sunt  enim  & 
fphfr^  interfe,&cubiintcrfeineadtm,  idcft  triplicata 
proportione  diametiorum,&Iaterum,ex  33  vndecimi, 
&  18  duodecimianobisah'cer, ac  facillime  demonftratis 
in  thcorcmatibusS  6fedionis  i  hu.  Breu.  ergo  &permu- 
tando  trit  vc  ciibus  ex  C  ad  fphf ram  tx  A,  ita  cubus  ex  A 
ad  fphf  ram  cx  B;at  cubus  C,&  iphf?ra  cx  A  conftructa  funt 
folida  f  qualiajCrgo  tubus  tx  A,  &.  Iphera  ex  B  eriit  fqua- 

hai 
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Iia;ergo  dato  cubo  Jateris  A  conftituta  cft  fph^ra  «qualis, 
qu£  circa  6. 

FROXLEMATA  XLIIT, 
XLir. 

Datis  cylindro,  vel  cono  fphxram  ajqualcm 
conftruere. 

SVnthfcduoproblem.prima  propofltaab  Archimede 
initio  Jib.2  de  /pha-.&  cyl.qua"  aJiter  a  nobis^ quam 
ab  Archimedeis,  fcluCtur,  &  quafi  corcJIaria  ex  hic 
antecedentibus  deducuntnr.  Nam  — ' 

—  S'i cylindrum ,  vel  conum  tranftuleris  in «qualcra-* 
cubum  per  antec.  probJ. 3 8,  393  ver.  gr.  in  cubum  (in  fig-f^ 
fec.2)cuius  latus  Aj  &  perproxime  antec.  probl.  42  ,cubo 
exArphff^ramffqualemdiametriBccnftitueris,  eritfphe- 
racirca  BarquaJis  datc  cylindrc,velcono.  Ponuturenim 
cylindrus,&  conus  fingilJatim  arquaJes  cubo  ex  A,S: fph*t'- 
raciica  B^qualiseidem  ex  A,  ergo  inter  fe  ^qualesfunt 
cylindrus,  veJ  conus,  &  fphf ra,  &c. 

COROLLARIFM, 

Et  regula  vniucrfalis  etiam  pro  folidis  vlcraelc- 
mentaribuSjfcilicct  roiundisomnibus  trant 
formandis  in  ajqualcparallelepipedum. 

ECoroIIarioin  fin.S  2  hu.2  fec  &ex  citatisibinoftris 
ad  finem  lib.2  elem.&;  cx  ortu  rotundcrum  oninium 
folidorum  numcro  infinitcrirtr'  patet  bcc  etiam  co- 
roUarium. Nam  ft  pJanuni,  quod  roiatur,  vertas  iti  aquale 
re(SanguIi;m ,  &  ad  quantitatcn- rctatjonis  fignata:  a  cen- 
uograuitatisplaniiotati  crigas  pcrpendiciiJares  aban- 

gulis 
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eulis  rc(5ianguli,  eaique  reftisvnias ,  erit  conftrudum  pa- 
rallelepipedum^qualefolido  rotundo,quod  fitcxdati 
plani  rotationej  iuxta  excmpla  peculiaria  in  antecedenti^ 
bus  exhibita. 


De  mgendis  y  ^imminuendisfolidis  ekmen» 

taribHS  indataproportione ,  etiam  Jer- 

uata  figurAfimilitudine» 

FKO^BLEM^    XLV, 

^l^ropofttiovniuerfalism 

Dato  folldo  fiinlle  folidum  malus,  vel  mlnus  in 

daca  proportione  conftituere. 

Exemplum  i  in  Paralleiepipedis, 

Anifeftam  iniurJam  arbitrarer  a  me  fieri  noftro 
Villalpandiofiquodex  me  pofiem,  non  potius 
ab  eo  folucrem  propofitum  vniuerfaliflimuai-j 
probkma  Stercometricum ,  dum  nemo  adhuc  ab  orbe  co- 
dito(qua  licetc  fcriptis  viderc)maioricum  diligentia, 
ingcnio,  ac  priecifione  verfatus  fitcirca  thcoricen,  &  pra- 
i^icen  augendorum  ,  vel  minucndorum  in  data  ratione 
corporu,  quam  dodiiflimus  iJJe  Audor,  vt  &  in  ScboJ.  feq. 
indicabimus.  Itaque  fic  iJJe:  Cof?flitue»dumJ/t  (mftg.%,fei.z^ 
Joltditmfimile  datojolido  A^adqnod dattim  A  je  habeatvt  B  adC, 
Jpfitistgitttrfolidi  A  latert  cttiptamiequ.tlts  aJfHm.ttttr  reBa  linea 
D^&^vt  B  ai Cjicfiat D  ad E  , atq^ mter  D  ,  E  dux re^.i  i»iie- 
maritttr fncd/ci proporticfiales F ,G ^ atqnefiiper  rc6la limaipfiC 

diqttnLi 
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(tqttaU  conJiititatur  foltdurn  H/imile,&  /imilitef  pojitumfolido  A 
d.tto.  Et  qttiaftfjuAtHor  re&^firoportion.iUsfnerint^ficut  prim:i  ad 
quartrm  ,Jic  eB  quod  ex  prma  foltdtim  ad  td  ..quodcxfccHnda. 
fimile,  (imiltterqipoftufn.Igtttirfoltdum  A  adfoltdum  HeHvtD 
ad Ei  hxc autepoCita  ftiit "Jt data B  adC.Dato  igtturfelido  Afub 
«iat,%  ratione  ciiittutum  efi  (imilefoLtdu  H.  c^oderatpropiofitim. 

SCHOLION     L 

Cautiones  in  praeced.  probl. 

SVper  reda  ipfi  G cequali  Corrige  typograpln mendum,&pit) 
Cpone  F.  Ad  folidum  H.  quod efiftpcr fecunda F.  Corrige 
etiam  in  nosirx  tabclUJig.  8 ,  & pro  Spone  C. 

S  C  H  O  L  I  O  N     IL 

De  mififico  Villalpandi  inftmmento  pro  auge- 

dis,  velimminuendfs  folidisindaia 

proportione. 

Llhet  faltcm  indicare  mirificum  irfirumentum  (^:jtiod  longio- 
r/s  ejjct  oper<s  apponerc  )  lam  apudfuum  K^uthorem  cepio- 
(ifstmc  adpraxim ,  &  adthtorictn  expoftum ,  vt  confet  a 
mcnon  temercfuifse  Vtlldpandt  dtligentiatn  rehquisin  hocgene- 
refcrtptoribiis antepofitam.  Igiturillein  tom.^^.part.z^de pond.  (^ 
menf.li.  i .cap.  5:  prcp.  2  3  (^prxter  antecedentes)  t^fequentibus  vjq^ 
adfne  capitis^docct  ex  acttfsrme  geomctrice,d?'  arithmettce  infgu- 
ris  ,&tahulisfabr!cam ,  &  ifum  infirumenti  a  fe  tnuenttpro  au* 
gendti,mint{tndtfy^Jolidis in  data  rattone^plur/bufjiexemplts ex- 
plicat,  &  conjirmattn  ■variorttm  metallorumjolidis .  &c.  ac  deniq^ 
formam  infirumentt jatts  amplatn  dfe  tncifam  exhtbet  tnfne  cit.  5 
capttis.  Egregiii,ac  rcgiumplane  opus,qiiod  dociapojieriiasjemper 
f /f  admtratiiras  Vtdc  indtcatii  d  me  apudfuu  Aiithorem^ac  fruert* 

P  Co- 
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COROLLAKlVMJeu 
I^RO^BLEMAXLVI,  ^exem^ltimn-. 

•^  In  famofa  cubi  duplatione. 

PRoblema  id  ceJeben  imum,  cie  quo  apud  nos  habes 
inanceccdcntibustumad^ylib.i^tum  ad  13  li.6. 
&  alibi ,  circa  quod  Antiquorum  Geometricorum 
Philofopborum  mirifica  ingenia  ingeniofiHlme  Jabora- 
iieruntjtamquam  corollarium  iamhic  deduciturepro- 
ximeantccedeati  vniuerfalilTimo  problemare. 

Sit  (in  fig. 9,  fec.2.)  cubus  datus  CL , qui  dupJo  augen* 
dusfitica  jvtferuetcubicam  figuram,  fiuequi  ad  aJium 
cubumcon{tituendumhabeatproportionem,quamret5la 
A  ad  reclam  B,  fciiicet  fubduplam  .  Dati  cubi  CL  latus 
quodhbei  CD  fiat  ad  reiiiam  EF,  vt  A  ad  B ,  &  inter  duas 
CD,  EFdua:medi«proportionaiesinucniantur  GHjirj 
iitq;  vt  CD  ad  GH , ita  GH  ad  IK ,  &  vt GH ad  !'< ,  fic  IK 
ad  EF,  &fuperfccundaGH  excitetur,  per  27  vndecimi, 
foiidumGM  fimile,&c.  foIidoCL,  ideftcubus,  GM  jqui 
eritdupJus  cubi  dati  CL  iac  demonftrabitur  eodem  mo- 
do,quo  inanteced.vniueifaliproblemate.  Namvtprima 
CD  ad  quartam  EF ,  fic  c^bus  fuper  prima  ad  cubum  fu- 
perlecundaGHjatprima  CDeftad  quartam  EF,vt  A 
ad  B,  ideft  fubdupla  ,  ergo  &  cubus  CLfubdupJus  eft  cu- 
h\  GM,  iioc  cft  GM  d  uplus  conftitutus  eft  dati  cubi  CL. 

S  C  H  O  L  I  O  N. 

RepoYtionaii  modo  Agendum  erit  ,fcd  conttario^ro  imfiinuM^ 
f/ibui  datimmriifohdi  in  mmus/imle.  &c> 


]Pi®r 
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PRO^BLEMA  XLVII, 
^exemplum  III  — 

—  In  folidls  rotundis. 

SIt(iiifig.  lojfec.  2)conus  ABC  fmminuendus  Inra- 
tione  Dad  E.Accipiatur  ipfius  bafi>  coniciediame- 
tro  ACarquaJisF,  &  fiat  vt  D  ad  E,  fic  F  ad  G.inter 
Fj  G  fnuentis  duabusmedijs  proportionalibus  H,  I  ,eri: 
fuper  diametro  Hexcitatusconus,veIut  KLMjmmoripfo 
ABC  in  rationc  D  ad  E,  iuxta  pra^monftrata  in  antecede- 
tibus  problcmatis  de  iblidis  non  rotundfsim  quibus  vt  Ja- 
teraalterius  adalteriuslatera  ,  fic  inrotundis  diameter 
ad  diametrum.fiue  latusquadracicdiaTictroad  latusal- 
reriusquadrati  exalteradiametroj  iuxta  cxpofitafacilea 
nobisexccTrograuit.§§  18,19  Epil.plan.pro  2  prop.I.ij. 
Notandum  tamcn ,  atq;  addendum  pro  quantitate  al- 
titudinis  ipfius  KLM  dcterminanda  ita  vt  fic  ipfi  ABC  ve  - 
refimiliSjiuxta  def.z^Iib.  Hjefficiendum  vtfincaltitudi- 
nes  in  proportione  diametrorum  ,  ex  aliqna  praxe  vn  no- 
ftraru.nad  propof  i2li.6.VtBC  ad  .\M,ita  NAadOL. 

S  C  H  O  L  I  O  N. 

Problematade  aliorum  folidorum  elementa- 
liuro ,  praef^rtim  rorundorum,  audbone,  vel 
imminutione  proportionahbus. 

VcmAclmodnm  exempU ,  ^u^pyotitlimns  de parallelcpi^ 
pedis  yO^ctibis^toJfunt  prnpdrttonaltmodd  excrcerii-i^ 
rcltqnis  clemcntaribiisfolidis  non  rotitndis  ,  tn  pr.fiit-' 
t^s  ^pjramidibtisi  &c.fcruaia  tamcn  dffifiittoKe  <)tt,i\  de  ftmli- 

P      2  hus 
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busfolidiS')  fic  ^  k contsnd cylifjciyos^ ^ fi.hxras ha l>''t-pro^rediy 
acceptis  dtametris  pro  Uteribtisfoiidornmnonrottindorttyn.  Itag^ 
Tyroficsjtgnata  iam  a  nobis  geon^tetrica  ve/ligiafcquantttr^nec  nos 
kbrcttitateahdticant. 


$VI. 

Pro  vfibLis,6c  praxibLisfacillor  alia  ratlo  augen- 
dorum,  vel  ininuendorum  roHdorum  in  da- 
tapropoftione,non  f^ruara  indiuidualis  fi- 
guraeiimilicudine. 

POteH  enim  fertiartfirmlittido  faltem  in/pecie  figara ,  velnt 
ficonus  in  contirn  augeatur  fcdnon  infimtlem,  ex  def.^/^, 
prifnninprtftna.fecinon  infimtle,ex  dcf.g.i^c  tunc  ne- 
gotium  aufitoimm,  vel imminutionum  tn  data  rattone  /igurarum 
JoUdarttm  longefucilltmum  est,fine  vj7bus,dr  ambagtbus  dttnrum 
nied,'arumproportionalttm;fcdfolum  h.ibita  cognitione  augenda- 
rtitn,  vel  tmminuendarurn  t»  dataratione  b  fium,  ex  ifS,qux  aftid 
nos  habesin  i,c?"  2  temo  huius  -^'Erarij adlib.  \  ,propo(itioncs  ^J, 
§  6iad ltb.6,propof.i,%  y,prop.z.% t\.,'^:,(fr feruatii e.tdem  dtttU' 
dtneinfigttrts  vel  au^is ^vclimminutts .  c^^e  res percommode 
cddtt  in  zfits  j  (^Tpraxes ,  in  cjutbus  nihtlrefert  fimtlttudo  indtiii- 
dualtsfigur£,dtmmodo  v.ifis  figttrnti  capacitas  dtutfifit  in  eaprO" 
fortione  ,  tjUieft  epus .  St  enim^  eycmpligratia  ,  cylindrtctm  vas 
ftt  opus  imminueretertiaparte,  &  conflare  vas  cyhndricum  tcrti.t 
p.mis  capax  ifittsfttertt  bafm  mminHere  tertiaparte ,  ex  citatis 
apudnosi  deinde  etufdem  altWtdmis  vascylindrtcum  conflarefu- 
}tr  bafe  mminuta.  &c. 


sj: 
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$VII. 

Vfus  aliqui  militares  praedi(5lorum  ae  aU(fl*onJ- 
bus,  5i.  iaiminutionibusfolidoruniindicati. 

Abent  viri  tnilitares  ex  anteced.vnde  fcientifice» 
ac  tacilc  ad  prax  iin  augere  ,  aut  itnminuere  pof- 
fint,  pro  exigentiajrphaTicos  globos  bellicoruiH 
tormentoniin,  ac  pariter  augcant,  vel  imminuant  iuxt:i_j 
requifitaui  |)ropottionemcaua  ipfa  tormenta.  Qj.ioniam 
enimcylindricre  figur^  effe  folcnt  tormcntorum  cauita- 
teSj  accipienda  crit  diatneter  ba/is ,  fiuc  oris  ipfius  torme- 
ti  illiq.linea  apponenda  :n  proportioncaugendi,vel  im- 
minuendi  tormenti^deinde  interponedj'  dux  medi:e])ro- 
portionaIes,&ex  diametro  Jineieproxim^  aitcri  extremf 
fa:tocirculo,  fuper  eo  extitanduscylindrus,  vel  cum  lr,ni- 
litudineaddatum  caiiuin  tormentumj  iuxta  indicata  in_j 
prox.  anteced.Schol.vcJ  cum  eadem  altirudine. 

Pariter  data  diametro  fph^rnca:  pila?  srea" ,.& inuenta 
aliadiamerro  v.gra  triplomaiore,  inuentisdeindcdua- 
busmedijsproportionalibuSjfph^raex  diametro  linea? 
proxima-maiori  excrema^erit  trjpJo  .'.uclior.&c.Exemplis 
cxplicanda  pra-dicla  per  riittimui  ijs,  quibus  piusotij, 
quam  nobisad  prajies.C>uasfaltC'indicamus,  ne  qui  pra- 
xibus  cgent  icientifice  firmatis  pucec  fe  a"lcientificis  ne- 
glciios.  Vide  excmpla  applicationum,  pr^fertim  miJita- 
riuin  in5^  1 2, 2?,  30  ad  prop.20  lib  6. 

Notanla  nhice  tpraxes  imbishicindicatas,  prxter 
facilitatem, haberecciambreuitate  n.Ffuiba  eni.naliqui 
cylindros,&fpha:ras  vtrtunt  priino  in  paraiiJcpipeda, 
&ipia  naraiJeJepipeda  augenr,au  imiiiniiunr  proratio- 
nequxficajac  dcniqj  rtirlus  paraUcJcpipcda  verf.int  in 
cyIindros',&fph(efdSitUv^as,  vel  imminutas.Satiseftab 

^  3  extm- 
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exemp)i'snoftrisaccipcre  diametrosbafium  ciVcuIarium, 
vel  fph^rarum,&operari,  vt  nupcr  docuimus. 


$VIII. 

De  diuifionibus  clcmetariuni  folidorum  ad  da- 
tam  rationem,cum  vfu  centri  grauitatis,  va- 
ria  problemata  ihdicata. 

Dluifio  dati  folidi  ad  datam  proportionem  eft 
quxdam  fpecies  imminutioiiis  dati  folidi  ,  pof- 
fetqj  hoc  caput tamquam  corollarium, vel  con- 
uerfum  pra;cedentis  de  audionibus  folidorum  deduci, 
Tamenquianosinhoc  capitecircaaliqua  exempla  ver- 
fabimur  modo  diuerfo  ab  antecedenti,&  cum  vfu  aliquo 
tamcentri  grauitatis,  quam  aiiquorum  probkmatumd 
nobis  de  planis  in  i,  &  2  tomo  huius  yErarij  expofitorum, 
ideo  nonnihil  hicWeuiter  addemus. 

# 

PKO^BLEM^    XLVUL 

Datum  parallclepipedum  ad  dacam  rationcm 

recare. 

1N  figura  yfe^ionis  primjp^huius  Brcularij  efto  pa- 
rallclepipcdun»  AB ,  in  cuius  bafis  latere  AH  fiat  fe- 
Gt\o ,  V elut  m  E , ad  rarionem  ,  ad  quam  veiis  fccarc 
iprumparal]clcprpedum,&-per  E  fiat  fedioa'plano  EF 
paraHclovrriqjEplanoACHBierirfedlOmABperEF 
inraiioncfnajpAH  inE.Nam  pcr  i  prop.  li.  i^,bafes  AL, 
LlifuiHintcrievtlucg^,A£,  EH,  &per  25  ,&32  lib.  n 

C  alitcr, 
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aliter,  ac  facilius a  nobis  demonftratas in  § 4  fec. i.huius 
Breu.  foiida AFjFH  eiufdem aJtitudinis  funt  inter  fc vt 
bafesALjLH. 

Aliter. 

POtcs  &  aliter  fecare  paralJelepipedum  AB ,  fi  ad  ra- 
tionem  k6tx  AH  in  E  fecesaltitudinem  MA  in  N,& 
per  N  planum  ducatur  paralJeJum  ipfis  MB,  AI,  iuxta  ea, 
qusphabesdemonftrataintheor.i^,  1  fed.hu.  Breu.  Ae- 
qualium  enim  bafium  paraJJelepipeda  funt  inter  le  vt  aU 
titudines,  apud  nos. 

FKCBLEMA  XLIX. 
I^atumcylindrum  fecarcad  datam  rationem. 

PVta  (in  ead.fig.  7, fec.  i.)cylindrum  AB  diuidcndu 
in  ti  es  partes  foiidas  AC,  CD ,  DB  habentes  inter 
fedaram  proportionem.  luxta  quam  fecetur  latus 
FB  inC,  E,&perC,E  iiantfc(fiionesa  plano  paiallelo 
bafibus  GB  5  AF,  erit  in  data  proportione  diuifus  cyJin* 
drus,  per  prop.  1 3  Ji.i  2  aJiter,  ac  faci Je  d  nobis  in  §4  ied. 
I  huiusBreu.  eft  enim  pars  cylindri  diuifi  ad  partem  vt 
ipfius  axis  pars  ad  partem,ideft  vt  partes lateris  FB,  quod 
iixi  paralleluni,  &  jequaJe  eft.  Ac  vt  FC  ad  CB ,  fic  AC  ad 
CG.&c.  Ciim  enim  fintyqualesbafes  circulares  fegmen- 
torum  cylindricorum,difterunt  tanrum  in  proportione^j» 
data  eleuationum,  &cin  quas  du(fl2e  bafes  conftituunt  fo- 
lidaea  fegmentacylindrica. 


Pro- 
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FRO'BL£MATA    l,  LL       ' 

Pfirniatum,6cPyramidum  faciilima  propoi- 
iionalis  fcdbo. 

EiMTcadpropof.jgli.i  ^3,4,  5.  ^,7,S,  9, 10.  & 
ad  propof  i  li.6,§  i  ?,  14  ,  1 5,  16,  vbi  gtodcti- 
ca  cxcrciiimiis,ac  planasaliquas  figurasvarie 
diuifi'"iis ,  piiffcrtim  triangulaics  ,&-pentagonicas.  Ex 
ijsfucilis  fitctiatn  partitio  pridi  arum,  &>  pyramidim'  ha- 
bcntiuiv,  triangiilarcs,&  pcntagonicas  cas  H^airas  pro  ba- 
iibus.  NamiaJlafcdione  vcl  in  prilmatcaplanorccance 
oppofirasb.ifcs  iuxf a  daram  proportioncm  ,  vcl  in  pyra- 
midc  a  plano  iuxta  propcrtioncm  lubitam  kcantc  ba<im 
vfquc  ad  vcrriccm  pyramidis  ,quoniam  fcgmcnta  crunc 
incadcui  altitudinc,crunt&  intcrfc ,  vrbalcs,iiixra  ^4, 
&  5,fc«ft.  I  hu.  ^.rar. 

Liccbiiqj  problcmata  cxcrccrc  cam  aliqua  varictate, 
ac  vciniftarc  vcl  a  puniflo  dico  in  Jarcic  bafii-,vcl  intra  ba- 
(im,  diuidcie  in  doas,  vcl  trcs,  vcl  quinq;a'qualia  lolida. 
&c.  Kcuilc  cicata  problcuiatagcodcticaapud  nos,  &  ap- 
plica  varijscxemplis,qua:nos  pro  inftitutabrcuitate^j 
falfcm  indicamus  (tacillimatamcn  inpraxi)  neea  vclne- 
glcxidcjvcl  ignora/lc  vidcanuir. 
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5  IX. 

Begula  vnuierfalls,  &  corolfanurnprofollcio" 

rumetiam  vltraeiementariijai  fcilicetrotu- 

dorum  oiiinium  numro  irjfiiitorum  au- 

(ftionibus ,  imminurionibus ,  rtdtionibus  in 

data  raDone. 

EX  antccedcrtibus  pcculiaribu?  exerT.plis,  &cco- 
rolJarijs  in  fiiic^  i  j&pfc-h  huius2  ,&ecitatisibi 
apud  nos  ii^  fine  lib  2  cleui  &  cx  ortu  loiidorum  ro- 
tundf)ruinpatct  hoc  hic  cxtiemum  vniucrfali/Iimuni  co- 
rolJarium  dc  foJidis  ctiam  \Jtracltmcntaiibus,  .Sfomni- 
busrotuiidisnunicro  infiniris.  Nani  transJatis  rotundis 
foJidisinparallcIcpipeda,  quibiis  exortu  fuo  funt  a;qua- 
lia,dum  fiunt  txplano  rotatOj&dudo  in  viamrotationis 
acentro  giauitatisplanirotatifign  tx  ,&ijs  parallckpi- 
pcdisau:tisf  icillimc,  iniminutis, diuifis,&n«cxinfoIida 
rotunJa  fiiniJia  refcrmatis,  iixta  pr*"  bJtmata  in  antcce- 
dcntibus  ;  §,  erunt  rotunda  (olida  audta  imminuta  ,  fe^a 
indataratione.  Qua;hic  plu  ima  indicantur,  &  imbutis 
iain  cognitione  anttccdcnrium  in  hoc  Brcuiario  ,  &  in  li- 
brisEIcm.&  noftris  tx  ijsctiam  ad  lolida  dcdudioni- 
busjindicant  quanta  copiu  Steicometrica  in  hoc  lircuia- 
rioincludatur. 

S  C  H  O  L  I  O  N. 

Seges  theorematum  Sterconnetricorumi! 


H 


ibesi»  h.ic  tota  2  fe^ione pracfica  fiertometricaplttra,  ^ 
cgregta  thformata  qna/icorollaria  aedtuia  eprobUmasi- 

hiiS', 
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hus;  cjihe  ndditii  alijs  theoremattbtis  fefHoms  primd  ,  pofsint  eam 
ditare  i  vclitt ,  frdtter  c£tera ,  quA  habes  ifs  dimenfionibns fufcrfi^ 
ciartfs,  acfolidts  fphsrx,  c^lindri,  com,&  mutuis  eorum  transfor- 
matiombus.  &c. 


CAMFVS  Stereometirlcus, 

De  folldis  etiam  non  rotundis,  &  de  fuperficie» 
buscirca  eatam  rccT:a,quamobliqua  ,nu- 
mero  infinitis,  &:  de  eoruni  proportionibus, 
dimenfionibas,  transformationibus,  diuifio- 
nibuSj^c.cognofcendis  facillime  ex  eorum 

ottu. 

EX  ha(fleniistheorice,&pra(5iice  antepofitis  in  hoc 
Breuiario  Jiicem  habes  ,  mi  Tyro,  qua  prorpicias  m 
campum  apertiflimum ,  acpatentiillmura  infinitoru 
mimcro ,  ac  lorma  (vt  paral]e]e|)ipeda ,  &  roturda  iolida 
verfifbrmia  omitiam)  priimatumj  quorum  tot  forma?  tam 
ob]iqua-5quamrci5ia?concipipoflunt,c]UOt  fingi  poflunt 
bafes  p]anxrediJinea?,mixtilinca:,  formarum  in  nite  di- 
uerfarum  ,cquarum  eleuationibus  pluriformia  priimata 
gignuntur,quemadinodurTj  -S^.e-orum  verfiformes  fuperfi- 
ciesoriutur  exeleuationibuslinearum  vcififormiumam- 
bientium  bafcs.  Q^uorum  folidorum  ,  &  fup.erficierum  af- 
fidicnes^praiertim pertinentcsad proportiones  inter fe, 
dimenfioncsj&quantitates,  transformationes  ,&c.  ha- 
besin  promptucx  '^ntedidlis  excmplis,  &rce,ulis  inhoc 
Breuiariode  foJidjs  notioribus,  quoruinaficdiones  de- 

mon- 
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monftrauirmis  In  theorematibuS5&  problefflatibus  exor- 
tu  fuperficicrum,  dc  foliditatum,  equibus  conftant .  Hic 
habes  qua,&  quo  in  immeiifum  geometrice  poflis  excur- 
nxQ,  Ilicec* 


sta.s. 
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Illuftrifi,  ac  Reuerendi/s.D. 
FRANCISCO  TEDESCHIO 

NOBILI   FERRARIENSI, 

Ciui  Bononienfi,  &  Patritio  Romano,I.V.D« 
&  Protonocario  Apoftolico 

ANTONIVS    MAKIA    NELLVS 
Terpetuam  Falnttaiem, 

Ingularis  beneuolentia,  qua  (lilu- 
lirifs.  ac  Reuerendifsime  Domine) 
parentem  meum  Alexandrum,  dum 
viueret ,  prt^fequcbaris  ,  &  amlca 
patrocini3,quibus  Authoris  huius  Aerarij,auun- 

t      2  culi 


Benefict* 
AHlhort, 


culi  mei  matcrni)Iitterarum  ftudia  fouifti,&  apud 

Eminentifsimum  tuum  fdclicis  meraori.^  Cardi- 

nalem  Gennafium  ilii  honorifice  fauifti^  a  me  po- 

ftulantjVtapud  pofteroshocerga  tegratianimi 

monumentum  conftituam  .    Tertia  h.^c  fetflio 

de  corporibus  reguUrlbus  tibi  debetur,qui  ate- 

neris  adfeniles  vfq;annos  viram  vere  reguUrem^ 

hoceft  iuxtaprudenti£e,accasterarum  virtutum 

YeguUs  pacatifsimam  inter  auHcas  curas  produxi- 

fti .  Circinus  eredis  in  altum  cruribus ,  gentili- 

tium  ftemma  Gennafis  familiae,  quod  pro  tua 

in  Eminentifsimum  Cardinalem  obferuanria^ 

tuo  llemmati  ptaepofuiftijiure  geometrico  po- 

tifsimae,ac  extrem^  parti  huius  tertij  geome- 

^-   ,    trici  volurainisdebetur.  Quofymbolo,ad  Au- 

lo  crcni  thoris  menrem  aptilsimo,  indicarur  hnis  prin- 

V^'Jum  ceps  geometricarum  harumlucubrationum,fci- 

fn/ifltur  licetin  C9I0  perpetux  f^licitatis  circulum  circi» 

fr^is  pro.  Harcfixain  Deo  mente,quod  rerum  omnium 

thoviAera  centrum,acbcatifsima  quies  eft. 

Si  quid  ex  huius  Authoris  Apiarijs  fapuit, aut 
publice  profuit  tibi  primo  debetur,  qui  apud 
Emifientifsimum  Cardinalem  Gcnnafium  effe- 
ciftijVtiuberetjIleAuihorem  huiusAerarij  Bo- 
nonianon  abeflesvbi  occafio,  &  pecuniaeden- 
dis Apiarijsopportunefuppeditarunt.  AcRo- 
nix  litterarij  negotij  caufa  diuerfanti  Authori 
Aerarij  non  folum  firmifsima  ftudiorum  patroci- 
nia  prouidifti,fed  pro  tua  in  eum  beneuola,ac 

bene- 


'•9 
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beneficaanirai  propenfione  EmfnetifsimoGen* 
nafio  fiiafifti,vc  fijmroisa  telaudibus  deprsdi- 
catum  ecclefiaftica  ornandum  dignitate  cenferer. 
Quam  honorifica  de  fe  cogitationem  ab  ipfomec 
EminentifsimoGennafiovbi  primu  Aerarij  Au-   ^ccujia. 
ihoraccepitjftatimad  Eminentifsimi  pedesge-  f,'^*^,/'" 
nuflcxus accidit, ac facram benefici  prcefi.'hs dex-  "rifuife. 
tram  ofi:ulatus,  &  gratijs  adis  pro  iiluftrifsima 
erga  fe  voiuncate ,  oblata  decora  ab  fe  abrogauir, 
rogauitq;  vc  liceret  fibi  priuato,  ac  coenobitie 
flttdijs  florere  tgmbtlts  ott;  pubVicx  ,atc\;  ecclefia-  ''"■i<7'"'. 
ftics  rei  profuturu  fe  magis  calamo,  quam  pcdo. 
Scilicet  hoc  fado  fecurus  eft  Auihor  Aerarij 
cxemplum  modefti^  tus,qua5poft  annoruni^ 
quadraginta  probatifsimam,  &  ingentibus  me- 
riris  cumulatifsimam  in  refidem  in  honorificis, 
&  primarijs  munijs  apud  Eminentifsimum  Gen. 
nafium,  poft  grauifsima  negotia  cum  Summis 
Pontificibus  (quorum  etiam  procreationibus 
bis  in  Eminentifsimorum  Eledorum  comitijs 
interfuifti)  cum  Eminentifsimis  purpuratis.cum 
Principibus  viris,&  cum  Prorege  Neapoiitano 
fglicifsime  tra(3:ata,  plurium  Ecclefiafticorum 
purpuracorum  coniuracis,ac  pene  armatis  pre-    ^'^^."'^'fi' 
cibusvnum  tead  honorificapofcentibus  mode-  *xem^u, 
fta  conftaniia obftitifti ,  ac  te  poft  auhcos  Roma- 
n^evrbis  euripos,  in  pacatifsimum  Bononienfis 
hberratisfinum  reccpifti,Deo,cibi,acdomefti- 
ciscuisvacacurus. 

t     3  Hic 


H'c  iucundum  tibi  eft  aliquando  fuccifiuis 
horisnobilirsimae  familixtuae  domefticosanna- 
les  euoluere,ac  recolereiquemadmodum  Mo- 
Tejefiu  T\sich\o e  Biuath  proauiolira  tuidiuitijs,ac  no- 
f"'"'''^  bilitateinfienes  Ferrariam  anno  1428  trafmea- 
»,a,ttmo.  rintjamplifsimaprxdia  coemerint,ad  iura  pri- 
kiiita"'"  raariae  nobilitatis  admifsi  fuerint,ac  Oppidiolira 
inter  Bononiam,  ac  Imolam  Dynaftiam  obtinue- 
rint,  cum  primarijs  Bononienfibus  .  ac  Ferra- 
rienfibus  familijs  infignitis  ecclefiaftica  pur* 
pura,  Senatoria  dignitate,  Marchionatibus  ,Co- 
initatibus,ac  Dynaftijs  confanguinitates  contra- 
xerint,  quales  licet  hic  nuraerare  Ludouifios, 
Roffetos,  Albergatos,  Sacratos ,  Montecuculos, 
Marefcottos,  Blanchinos  ,  Bouios  ,  Caftcllos. 
Relegis  poft  numerofam  annorum  feriem  Fran- 
cifcum  Tedefchum  Fihum  Alexandri  auunculi 
tui  nuptui  accepiffe  liluftrifsimam  Hyppolitam 
Marefcottam  patritiam  Bononienfemjeduobus 
autem  confobrinisAIexandri  auuncuIi,&Ioha- 
nis  parentis  tui  Stephanum  nupfifte  Utuftrifsimg 
Barbars  Sacrat^e  Eminentifsimi  Cardinalis  Sa. 
cratiSorori,C«faremver6  llluftrifsimse  Camil- 
\x  Caftella?.  Memoras  geminas  Illuftrifsimas 
Montecuculas  forores  geminis  Tedefchis  fratri- 
bus  nuptui  traditas ,  luliam  Alexandro,  lohanni 
verollluftrifsimo  parentituo  lfabellam,ex  qua 
duos,acviginti  filiosfufcepit,qi!orum  tufupe- 
res  aztace poftremus ^ mericis  primarius.  V c  alios 

offlit:- 


omitta,Hieronymusgermanus  tuusanno  i  ^25 
nupfit  Elifabett^e  Boui.^  mairi  Marchionis  Se- 
natoris  BlanchiDi,ac  fororimatris  Emineniifsi- 
mijacReuerendifsimi  nunc  CardinahsLudoui- 
fij  Archiepifcopi  Bononienfis ,  ac  Principis. 
Aloyfius  vero  ,  Hercules ,  Albertus,  Horatius 
duoruma1ter,iIluftriabeIlic^fortitudinisexem- 
pla  pra^buere  in  bellis  Belgicis,  Germanicis, Ve- 
netis ,  militaribus  pra^feduris ,  ac  vica  honorifice 
perfun(51:i .  Tu  vero  -  pacatioris  vit^e  honoribus, 
ac  dignitatibus  audus ,  Oiflauij  Germani  tui  ^ 
viuis  nuper  fublati  geminis  Jlluftrifsimis  filijs 
lohanni,  &  lacobo  amantifsimi  parentis  vices 
exhibesj  in  quorum  vtroqj  illuftria  femina,  ac 
fpesingentes  .prxfertimin  Illuftrifsimolacobo, 
2unx  virtutis,ac  nobilitatis  in  feram  pofterica- 
tem  propagand^B  animo  prouides . 

Ca^terum  honeftifsima  tuifecefTus  otiafolan- 
turinprimis  £minentifsimi,ac  Reuerendifsimi 
gemini  S.  R.  E.  CardinaIes,Carolus  Roflettus, 
&  Dominicus  Gymnafius.  Quorum  alter  ad- 
hucin  viuis  (ac  vtinam  diutifsime,  ac  felicifsi- 
me)  perftat ,  alter  e  viuis  iam  pridem  abijt .  Alte- 
rius  humanifsima ,  &  honorificentifsiroa confue- 
tudine  felix  efficeris,alterius  pofthuma  raemo- 
ria  hilararis.  Quorum  immortalia  erga  ie,tuamq; 
familiam  promerita  nevnquam  apudte  inobli- 
uionem  abeanc,habes  in  tuis  delitijs  breuiaria 
aliquaheroicarum  invtroqjvirtutum.  Quashic 

ego 


Zhgium 


ego  nunc  pofteritati  tranfmittencla  cenfui  pro 
monumenioanimi  integratifsimi  ergageminos 
Eminentifsimos  Purpuratos  amplifsime  acopti- 
medetemeritos.  Breuiar.  i  hoceft. 
Carolus  Cardtnalts  Roffettus 
iminit,{4.       jfj  ffiagna  Bntannia ,  apud  T^egtnam  Apofloitcus 
R^ffettu  primum  Minifler , 

Archteptfcopus  detnde  Ta.rfenjis, 

Et  Colonta  Nuntius  extraordtnarius  y 

Tum  Eptfcopus  Fiuenttnus , 

Demum  atatts  Ju£  anno  xxix 

S.  R.  E.  Pr<ssbyter  CardinaltSy 

Et  de  Latere  Legatuspro  njmutrfaii 

interPrtncipespace. 

Vt  amica  pofteritas  hic  etiam  veftigium  ali- 

quod  admiretur ,  ac  veneretur  ingenij  viuide 

amoenirsimi,ac  verein  Eminentifsimo  eminen- 

tifsimijapponoexemplar.quodhabesintuomy- 

rothecio ,  EpiltoK-^  ab  codem  Eminentifsimo 

Roflettoad  Sandifsimum,ac  Beatifsimum  Sum- 

mum  Pontificem  Itinocentium  Decimum  per- 

fcriptx . 

Tuos ,  Beatifsime  Pattr ,  exofculor  Jjumihfsinie  pe^ 
d^h  t^-)  (i'*f^  perennem  augurorfelicttatem ,  Innocentto 
quartum ,  t^ut  iarn  jubnajcitur ,  annum  ex  animo  aratu-* 
lor .  Toto  iriennium  pUudente  orbe  tmpksfelicttcr ,  (^ 
tot  tnter  mtnas  bene  cum  SanCittate  tua  siamus  om- 
nes,  ^at  tum ,  c^uem  inchoat  San5iitas  tua.,  omtrjamur 
annum  bono  altte^tdefi  San^ttate  tua  femper  fofptte 

fJt. 


f<elutjfiniumi  'Vt^  qutin  cateris  difplicetjt ,  in  San&ttate 
tua  lamplaceant  anmplurmi .  ZJtt<z  enim  tua  eundem^ 
ac  noslrts  fdcltcttatis  curfum  tjfetudex  autimonon/al- 
fus .  Annum  Sanfiitatt  tux  non  tam  quartum  deuoueoy 
fed,  quta  Decimus  es ,  '^hra  dectmum  'TJttie.  Hxc  In" 
nocentij  laus  eH ,  td  mei  animt  fotum  mertto  non  tmpar 
tanto  i  me  f  fenttat  SanSittas  tua  non  annos  modo  ,fd 
^  fzcula  deprecart .  Valeat^  ^ ,  dum  perhumantter 
tnecum^aft/olet iCgerit SanSittas  tttathenedtces  corona 
anm  hemgnttatts  tua  .  Fattetttt<£,  (^c, 

Pluraolim,3CjVtrpero,  nonerubefcendapur, 
purcE  Principis  ilHus  EccIcTiaftici.ab  auunculo 
meo  marerno  prodeniur  polleritati.  Hx  inte- 
rimhicfcintillffi  luniinisoIimiilurtrioris,acam- 
plifsimi.  Venioadbreuiariumapudte  Eminen- 
tifsimiGymnafij. 

Emtnentt/fimus^ac  Reuerendi/fimus  Cardtnalts  Ceti'    ^'^.'"^ 
na/ius ,  Sacrt  Cardinalium  CQlIegij  Decanus ,  quem  Gre-  [im.c.-rd. 
gortus  XIII  "vtriufqi  Stgnatura  Fr^fidem  j  Sixtus  V     ""   ^ ' 
Campanu  Gubernaiorem ,  c?'  Stponttnum  Archtept/co- 
pum ,  Clemens  VIII  ApoHohcum  Nnnttum  apud  Htfpa- 
niarum  Kegem  ,  ac  paulo  poH  Cardtnalem  ■,  crearunt» 
Cennafius  heroicarum  ''Virti*ium  Cynnafium ,  ContU 
nenttXy  ac  M.agnanir/Ataiis  tn  opum  contemptu ,  ^«»5  le» 
gatione  Hifpanica  perfunfius  jfxdecim  mi/Jta  nummo- 
rum  aureorum  a  Rege  oLluta  repudsauit  s  luHttixpmul, 
ac  ?Atfricor4t^.  >  dum  Ptceni  proumciam  ab  exulum ,  ac 
pradofium  dn  epttomhus  expurgaba: ,  (^  capttalem/en- 
Unitam tn /ontcs ionfiriptAm  lacryms  obhierahat itx. 

trcmo 


tremo  fttppliclo  mulSidtoru  orhatis  puel/ls pecuntas  eUr- 
gtebatur-y  KtligtOKts,  pietatts^  Lti/erahatis  y  Mi*nificen» 
(la,  quihus  duo  miUsa  nummunt  aureorum  ex  Ecclefits 
Sipontitid  proueotihus  fepofuit  in  fubftdta  feruorum 
fmrumagrotanttum ,  t^  laute peregrtnos  mopes  excepit» 
facris  wtrgimbusyac  puellis  ettam  de  pudtcttia  pertcU- 
tanttbus pecuniarta  fubfidta  fubmintfirauit  s  Carpento* 
ra6ie iCaUiarum  in  Vrbe,annuam  copiofam  pecuniam 
proutdit  in facra  fuffragta  pro 'vita  funSit  fratris yazqi 
ithorum  ptfsmanibus  purgatorio  tgnt  fubducendts  ,•  Ty* 
berinis  Ofiljs  Templum^  t^  Xenodochtum  extruxtt,  Ve" 
Uternis  Sacellum  fupereUeCitlt  pretiosa  tnflruxtt ;  tn 
Monte  Cargano  T>,  Michaelts  templum  dtuiiijs  cumu- 
lauit^in  Opptdo  Bononienfi  facrarum  Virgtnum  caenom 
Iftumampliffime  dttatum  condtdif ,  ^  dotaUmannuam 
pecuntAm  oSionis  puellts  nubendis  afiignauit  j  l^m^  coi" 
iegtum  totidem  tuuenum  taureandorum  erextt  i  TaU" 
tmm  dentcii  fnum  in  Templum^  (^  SauSinnontahum 
Ceenobtum  regie  dotatum  conftoAutt  ,•  ac  fpetlatijfimum 
fpectmen  pr&b»it  q»os  in  ijfus  EccU[iaHtct  cenfus  tm" 
pendendi  ftnt ,   Ab  auro  enim  facro ,  hoc  eft  ecclc- 
fiaftico (quod eft  diuini cuitus ,  &  pauperum  pa- 
trimonium)  in  otiofa ,  &  pcrniciofa  expenfo  Di- 
uin£luftici.T  fcrrum  ad  publicas  Ecclcn^e  cala- 
initatesprouocatur. 

Tu  veio  Illuftrifsime  ac  Reuerendifsime  Do- 
mine,  Emineniifsimi  tui  Gymnanj  (cui  quatuor, 
ac^oannis  in  cubiculana  pr.rfedurainferuifti) 
exemplis  prouocatus  opes  tuas  inopum  >  &  fa» 

cro- 


crorutn  locorum,ac  c^tuum  Indigeniiae  quam 
potcs  amplifsime  partiris.  Dignus  ea,  &  alla 
propter  cuius  virtutlbus  ,  &  proauis  Author 
Aerarij . ac ego , pro  tuisin  vtrumq;promeritis, 
literariumhoc  animiergate  gratimonumentuoi 
rependamus.  Quod,enixe  achumillimeobfe- 
crOjeaexcipiasanimibeneuolentia>quaAutho-' 
rem  tibi  addidifsimum  aroplederis .  Te interim 
llluftrifsiroe,  ac  Reuerendifsime  Domine,ac 
£minentifsimicui  GennaHjpios  roaneshumilii. 
meveneror. 

Bononis  Idibus  Septembris  Anni  1 547. 


SECT.  III. 


§1. 


Indicara  qux  ad  eruditionem  ,  &  ornatu  quin- 

que  corporuin  regularium  pertinent ,  de 

quibusinlibrisElcm.  1 3>  i4>  1 5. 

NE  k  Bremarij  hreuitatedifcedamus,^cc  tameyi  oniittamns 
de  more  f?oflro  indicare faltemca,  qujipofsiKt  Tyrofiibns 
condirejeueritates  Geemetncas  ,reuif'  (jute  h^Les  ej.ud 
ms  in  i .Tom.huius  •jErarij  aJf^rop.a^6,  §  i ,  C^  2  ;'  cur  hxc  corpo- 
'  ra  regularia  dicantur,cur  tantum  ejuinq;fnt ,  cur  platonica  appcl- 
lata,  cur,  (jr  quxnam  eorumfnt  (ingulis  elementis  attrtbnta ;  circa 
eorum  compoftiones  aliquorum  Platonicorum  hallucinattones .  Re- 
uife  prxterea  Apiar.  i  o,progym,  i  ^propof  6,  vbt  de  herum  corporu 
harmon^s,  rcciprocatiombus,  drc,  Adde  Clauium  adfnem  lib,  i  j, 
vbi  intercMera^fintregnlxinueniendi  numcrurn  laterum,^  an- 
gulorum  cuittfumqifolidt  regularis.Vtde,recenfe,  ac  exige  ad  tru- 
tinamgeometricamiocitm^rifi.lib.^^.de C^lo,tex.  66,  vbi affir- 
mat:  In  folidis  dLiartantum  figur^E  replent  locum.  Aderuditio- 
nem,  &  ornatum  aduoca  ea ,  qusf/mbolica  habes  adfnem  Pterij 
de  hyeroglyphtcis  _^gyppttortim^  de qtiinq;(^fu potius de quatttor 
ibiyorporibusPUtOMcis,&c. 


■      §2. 


2  DE  SOLIDIS  REG. 

§  II. 

Libri  1 1  problcmata  ( qux  func  propofitloncs 
propriae,acfol(jdc(bIidisreguIaribus  1 3,14, 
15»  16, 1 7,)vniuerfali  propofitioncacpra- 
xi  expcdire,  6c  conuerfis  augcrc. 

£  £  M  M  A 

De  linea  tcCta.  diuisa  iuxta  latera  quinqj  regu- 
larium  fblidorum ,  &  iuxta  fphacrx  circum- 
fcribenddc  diamctrum. 

I  ^^  Vppono,  infine  vJtimf  Jibri  1 3  propofitionis ,  cx- 
^^  pofitionem  tam  Jaterum  t|uinque  regularium  fo- 
^^  Jidorum,  quam  diametri  {phxtas  circufcribcndf. 
In  CJauij  figura,qu?  i  hic  appofita  efl5&aptior,qua  apud 
aJ  iosjaccipc  conftrutflioncni:  AB  diameter  fpha?ra?,cui  fo- 
lida  quinq;  reguJaria  funtinfcribendaj  ACfemidiameter: 
DB  tertia  pars  diametri:EB  quarta  pars  eiufdem  diame- 
tri;AFB  femicircuJus:a  pun(5tis  C,D, E  ere<ft«e  perpendicu- 
larcs  ad  circumferentiam. lunda  efl  AF ,  &  connex»  AG, 
BG ,  AH ,  BH  i  HI  obfcifia  cft  Jatus  decagoni  cius  circuJi, 
cuius  femidiametcr  eft, fiue  Jatus  hexagoni  BH,  iuxta pra- 
xes  , quas  habcs  apnd  nos  ad  30.  propof.  ii.  6, &  ad  iib.  4. 
Conne^aatur  ergo  ad  I  rcc^ia  BI.  GB  fccla  eft(etiam  cx  no- 
ftris  praxibus)in  K  mcdia ,  &  cxtrcma  rationc :  BK  maius 
fcgmcntum  eft. 

Quibus  conftruiflis,  funt  AG  iatusPyramidis  ,fiucTe- 
tra  edri.(paulJo  infer ius  nomina  eorum  regularium  foiido- 
rum  inteJJiges  ex  eorum  figuris,conditionibus,&conftru- 
^ionibusjAF  IatusO(ilacdri:BG  Jatus  Cubi,fiucHcxaedri. 

BI 
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BI  latusIcofaedri.BK  htus  Dodecaedri ,  vt  demonftratur 
in  ca  I S.prop.L  i  j.Omifi in  figura  Clauij  iungere  BFjquia 
nihil  facitadmcampraxim. 

2  In  appofita  figura  hic  fecundafimt  fphjrf  diametcr, 
&latera  longitudme  dupla  eorum,quar  funt  inanteceden- 
ci  figura,  eftq;  fph^rse  diameter  AB,femidiamcter  AC,A- 
G latus  Tetraedri,AF  laius  Odacdri,  AH  Jatus  Hexacdri, 
AI  latus  Icofaedri,  AK  latus  Dodecaedri ,  qus  quinqj fo- 
Jida  infcribi  rite  pofTunt  in  fphscra,  cuius  fcmidiameter 
AC,  iuxta  definitionem  3  i.ante  Jib.  1 1.  fcilicct,  vt orancs 
anguli  quinque  eorum  corporum  reguJarium  infcriptoru 
conftituanturin  lateribus  fuperficiei  fpha?rica:.Se*5la  ergo 
femel  flc  rcifia  AB,habcs  paratum  faciJlimum  compcndiu 
ad  foluenda  omnia  probJemata  de  infcriptionibus  om- 
nium  regularium  folidorum  datorum  in  data  fph^ra,  pro 
conflrudionibus , & pro  dimenfionibus  folidis  corporum 
regularium .  &c.  vtin  feq.  vniuerfaliprobJemate  mox  vi- 
debis. 

S  C  H  O  L  I  O  N. 

V£  in  lib,  1 1  aKtcpropo/uiones  a  nohis  foluendas  ponuti-> 
titr,  vonfnntde  folidis  ,fedprofoltdts  quaf  qudidam^ 
lemmata  ,qHibHs  nosmn  egemuspro  nofir*  vniuerftli 
prope/itione  mox  appoHend*» 

JIII. 

Corollarlum  de  comparationclaterumin  cor- 
poribus  regularibus. 


A 


Pparet  in  fig.  2  linea  AB  fecfia  ad  quatitates  lateru, 
ordo,&comparationeseorum,  f5nc  neccflitatc 
poflerioris  pariis  demonflrationis  in  prop.  vlti- 
maJib.15. 

A    2  §.3. 
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§IV. 

^  FROXLEMA  I,ac miuer/ale. 

Data  rphacrae  remidiametro,  inuenire  latus  foli- 

di  regularis  infcribendi,  aliter,  ac  facilius, 

quam  apud  Euclidem, 

INteruallo  femidiametri  AC/in  2  fig.^cetro  A  diic  ar- 
cum  occultum  a  C  etiam  vltra  P ,  &  ex  C  feca  ducfium 
arcu  ad  interuallu  datc-efemidiametri  velut  in  P.Ap- 
tata regula ad  Ap,&  duda  cccul ta  A  ctiam  vltra  Rjitemq; 
centroAjinteruallo  ver.gra.AGjfacfedioneminRjCritqj 
interuallum  GR  latus  Tetraedri  infcribendi  fph^ra^jCuius 
femidiametcr  eftinteruallnm  CP.  Pariq;  rationeinuenies 
aliorum  regularium  folidorum  latera  infcribcnda  in  cade 
fpha-ra  femidiametri  CPifcilicetinterualla  FD,  HM,  &c. 
pro  lateribus  Hexaedri,  Odaedri,  &c. 

§v. 

TRO^BLEMA     11 

Conue  rfumprAcedentis prohlematis  vniuer-' 

falis, 

Dato  latere  folidi  rcgularis,  inuenire  fcmidia- 
metrum  fphaeraB  circunfcribendae. 

It  in  excmplo  datum  Jatus  Tetraedri .  Centro  A ,  in- 
tcruallo  AG^quod  cftlaterisTetraedri ,  ducarcum 
cx  Getiam  vltra  R:  ex  G  fac  fedtionem  in  duvfto  arcu 

iuxta 
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iuxta  quantitatcm dati  lateris ,  finge  cflfe  inteniallum  GR. 
AptatdregulaadAR,&duaaoccuItaAR,  &  interuallo 
AC  fadaleaionc  jn  P^^erit  intcruallum  CP  iemidiamcter 
(phxTX  circumicribcnd^t  Tetraedro , cuius latus eft inter- 
uallum  GR.Pariq;  ratione dc  alijs  aJiorum  regularium  lo- 
lidorumJateriLusdatiSjCjUibusinuenicndafitfemidiame- 

ter  fphierte  circumfcribcnd», 

§VI. 
PR0:BL£MA    IIL 

Tctracdri  folida  conftrudlio,  praxis,  analyfis. 

I  £^  OlidasappellocCftrudioncs^&refoIutionesquiH- 
^^  que  regularium  corporum,  quia  quasalij  purc 
^^mJ'  nicchanice  cxhibent,ef  iunt  fuperficierum  plana- 
rum  ambientiumcorpusfolidumjnositaoculisipfis  exhi- 
bebimus,  \tT)ronespcflintfaciIeconcipcre  animo  coir- 
pofitionem,&rcfolutioneminpartesfoIidas  componen- 
tes  rcgularc  folidum. 

Paulloctiamaliter  easpartes  folidasnos  di/jponcmus, 
qUcim  fupcrficies  earum  planas  difponunt  aliqui  alij.In  fo- 
lidis  rcgularibus  ccnftrucndis,  reiolucndis ,  mctiendisfe- 
qucmur  ordinem  Jaterum  indicatum  in  §  2,  nu.a.hu.j  kc. 

2  Igitur,Tetraedrumeft  folidum  rcgularefubquatuor  x)fyf«/- 
triangulis  fqualibus&  cquilattris  qua  bafcsiunt  quatuor  tio  Te- 
pyramidumfimilium^&aqualiuni, habentium  verticesad  '^•^f'^'''- 
commune  pundum,  quod  cft  centrum  Tatraedri, &  com- 
ponentium  Tetraedrum,  quodhabetquatuorargulosfo- 
Jidos ,  &  acutos ,  fex  latera ,  &  duodecim  anguios  planos 
acutos.  Quale  vidcs  hic  in  3  fig. A ,  fcd cxcauatum  ,  vt  vno 
jntuitu  videas  etia  oppofitaspartes,  &  numcrumlaterum, 
& angulos  foIidos,&  planosj  &  bafcs,qu.T  Jaterent  oculis 
lub  folido  non  excauato. 
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3  Propartibus  vero  interioribusfoiidum  componen- 
tibus  videappofitas,&  expofitas  hicquatuor  pyramides 
B,  C,  D,  Ej  omnes  inter  fe  fimiJes,  6c  jequales.  Quod  & dc- 
monftroi  namfingulajfunt  fuper  bafibus  quatuor  rriangu- 
lorumcequilateroruminterfco^qualium,  iuxta  dcfinitio- 
nem  Tetraedri .  Pra-terea  finguht  fub  tribus  ifofceJibus  £e- 
qualibusj  nam  Jatera  BF,  BG,  B  ^ ,  &  reJiqua  latera  in  tri- 
busrcliquispyramidibusC,  D,  Efunteademfemidiame- 
tera  centro  comuni  Tetraedri,  &  SpJicer* ,  in  qua  Tetrae- 
drumdefcribitur  jqu^E  femidiameterpertingitad  infcrip- 
tjefigurseangulosinpun^^locommuni  cufpidis  anguli,& 
fuperficieifphjeric^, iuxtadefinitionem  31  de infcriptio- 
ne  figur^folida^infpha-ra  j  bafes  vero  eorum  ifofcelium 
funt latera  triangulorum  ^Tquilaterorum  «quaJia .  Ergo, 
iuxta  dcfin. i  o.lib.  1 1.  funt omncs  illce quatuor pyramidcs 
B,  C,  D,  E  fimiles,  &  xqualcs  Quibus  iuxta  Jatera  commu- 
nia  I,  K,  G  ,  H  complicatis,  arqj  inrer  fe  congruentibus ,  & 
cufpidcs  B,  C,  D,  Eincommunccentrum  Tetraedri  con-. 
fercntibusjfit  copofitio,fcu  cofiru*5^io  foJida  Tetracdri.  — 

4  — Et,ad  praximinaliquamatcria  phyficahabes  in 
promptu  apud  nos  compendiu,in  §  5  huius  3  fe»f>ionis.pro 
inucntioncfcmidiamctri(dato  Jaiere  Tetraedn)  fph^r^e 
circumfcribenda?. 

5  Habcs  etiam  ,ac  vidcsinantecedenti  conftrudione 
anaJyfim  Tetraedri  in  fuas  partes  componcntcs. 

~  $Vlf. 
PR03LEMA    ly. 
0(5taedrirolidacon(lru(5tio,  praxls,  rerolucio. 


ouf-'  '   ^"^  CtacdrumcftfoJidumreguIarefub  oflotrian- 

^Ti^  f       1    guiisa:quiJatcris,qucfuntbafeso(Sopyrami' 

V«^  dumfimiJium,&ffquaJiumhabentiumvertices 

in 
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incentroOAaedri,&componentium  0<Saedrum  ,  quod 
habct  duodccim  Jatera,  fex  angulos  foJidos  redos ,  viginti 
quatuor  pJanos  acutos.QuaJe  vides  hic  appofitum  B  exca- 
uatum,  &c.  in  4  fig. 

2  Pro  partibus  vero  interioribus foJidum  componenti- 
bus  vide  appofitas,  &  expofitas  hic  oclo  pyramides  C,  D, 
E,  &c.omnes  inter  fe  fimiJes,  & xquales.Quod  eodem  mo- 
do  licet  demonftrare ,  quo  demonflrata  funt  fimiJes  ,& ^- 
quaJespyramidcsTetraedrumcoponentes.^quaJesenim 
habentbafeSj&fubcEqualibusfunc  ifofceJibus  exeadem 
(emidiametro.&c. 

3  Pai  iter  pro  inuentione  femidiametri  fphf rf  circum- 
fcribend^dato  O  'aedrojad  praxes  phyficas  habes  ex  da- 
toiatere  Odaedrimodum  in§  5  hu.  3  fed. 

4  Refolutio  0<5iaedripatetinexpofatisPyramidibus. 

JVIIK 

TROXLEMqA    V. 

Copofido,  praxls,  analyfisHexacdrijfiueCubi, 

1  T"  "Tf  ExacdrumjfiucCubuseflfoIidumreguJarefub     j^r^^^ 

■-~l    fexfuperficiebLisqnadratishabcns  odoangu-  Hexac- 

JL  JL  JosfoJidos, vigintiquatuorpJanos,omnesrc- ^''' y^«« 

vlos,&Iateraduodecim,ceu  videsin  appof. cauoC,  fig.  5.  ^"  '' 

2  Componitur  c  fcxpyramidibus,  quashic  expofitas 
videsB,D,E,F.&c,qu^  babentbafcs  quadratas,&  funt 
iinguls  fub  quatuorifofceJibus,quorumbina  ^equaliala- 
tera  funt  femidiametri  a  centro  fphxra?  circumfcribendae 
dato  Cubo  vfque  ad  angulos  eiufdcm.  Suntqjoranes  iJI^e 
pyramides  fimiles,  &  jquales  ex  demoftratione  fimili  eius, 
qufeftin§6. 

3  Similiter,&hicadpraxesphyficas,&con{lru(ftione$ 
Hcxaedri,  cx  dato  eius  Jatcre  licei  eJic^re  fcmidiametrum 
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iphxtxcivcum^crihcadxy  vc  in§  j.        iil^^ti  ■ 
4  Patet  &anaIyfisinexpofitispyramicJibiif^'- 

"r^i'?  R  0  "M  L  E  M  A    Vl. 
Compoficio, praxis, analyds  Icofaedri. 

I  "%•  Cofaedrum  eft  folidum  regnkre  fub  vigintipla- 
lcofle-'  I  nistriangularibus.rquilateris  jiiabens  triginta-_» 
tlri,  JL.  Iatera,duodeciinangulosfo]idosobtufos3&fexa- 

ginta acutos  planos,qualc  vides  hic  in  fig  6,appofitu  D,& 
expofitas  etia  20  pyramidcs  E^F^Gj&c.quarum  bafes  tria- 
gulares  .-equilater^  oftendunt  (  multiplicatis  20.  per  3.) 
triangula  acuta  60;  anguli  verd  12  folidi  fiunt  abisfe- 
nis communibus  iunifluris  intcr  H,I,K,  L,  dum  complicatJB 
pyramidesconftruuntfolidum  Icofaedruin. 

2  Quodad  fimilitudineirij&rEqualitatcm  20  pyrami- 
dum  inter  fe,  &  quod  ad  praxim  coftruftionis  phyficc^e^cui 
feruic  inuentio  femidiametriin  Icofacdro,datoeiusvno 
Iaterej&  quod  ad eiuldem  Icofaedri  analyfiin,&  conftru- 
dlionem,patent  hic  omnia  per  modos  fimiles  in  §.5,6..&c. 

§  X.  ^' 

PRO^BLEMA    VII. 
Compofitio,  praxis,  analyfis  Dodecaedci. 

Dodf-'  "tf"  ^  Odecaedrum  eft  folidu  regulare  fub  duodecim 

cdtdri.     1      Jl  pcntagonis  regularibus,habens  trigintalatera, 

MLm.0^  viginti  angulos  obtufos  lolidos,&  fexaginta  an- 

gulos  obtufos  planosj  Quale  vid.in  fig.7  Ej&  eius  expofitas 

py- 
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pyramidcs  intcriorcs  iprum  componentcs  F,  G,  H.  Quod 
ad  Jatcra  attinet,  &  angulos  ,cculo  ipfo  fcrutari  potesco- 
rumnumcruminfolidocauo  E.Pyramidiancomponcntia 
Dodecacdrum ffqualitatem,praxim  ad  phyficam  compofi- 
tioncm,analyfim.  habes  per  fimilia  ijs,  qu«E  ia  §  ji  6.&c, 

§xr. 

COROLLARIVM. 

Pfo  lib.  1 3.  Elcm.  dc  folld is  regularibus  noftra 
compcndia  ^  aucftaria. 

HAbes  in  antecedentibusconftrudionibus  qulnquc 
folidorumrcgularium  brcuiter,facile,ac  aJiter, 
quam  apud  EucJ.expofiia  omnia  prcblemata  libri 
1 3  folidorum.  Nam  pra^cedcntcs in  eo  libro  propofitiones 
non  funt  de  folidis,fed  qujfilemmata  ad  problemata  d^^ 
folidis.Quibus  nos  kmmatibus  dum  non  cgcmus.compen- 
diofius  inftruximus  Tyrones  circa  folidorumregularium 
conftrudioncs,  quibus  & opem  ad  praxes  phyficas3&  ana- 
lyfes ,  &  conuerfas  addidimus  ;  qux omnia  non  habet  Eu- 
clides,ficutnec  vJum,ac  frudum  Tyronibus  iucundum 
hic  fequcntem de  dimenfionibus fuperficicrum,  & lolidi- 
tatum  corporum  rcgularium. 

JXII. 
FRO^BLEMA  VII!  vniuerfaU. 
Dati  folidi  rcgularis  fupcrfic  iem  metirf. 


F 


Acillima,  &  expcditiflimaoperatio  eft  ,  fuppofitis  ijs, 
qua:  apud  nos  habes  in  i .To.huius  ^rarij  de  dimen- 

B  fioni- 
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fionibus  planarutn  figurarum ,  prrelertim  regularium,  ad 
propof.5  2j§.  io.  Ad4t,§3itheor.  i,  2,3  ,&rc.Datienim 
folidi rcgularis  dimensa vna  eplanis reguJaribus  fuperfi- 
ciebus,  fi  toties  addatur  fibi,quot  habet  planas  fuperficics 
idfolidum,fumraaconficiet  quantitatem  totius  fuperfi* 
ciei  foJidum  regulare  ambientis.AppIica  regula  hanc  vni- 
uerfalcm  fingulis  quibufcumqi  regularibus  lolidis,  &  vtc- 
re  pra:c  ifione  numeraria  tu,  mi  Tyro,  ne  nos  breuitatem  in 
hocce  Stcreometrico  breuiario  amittamus. 

Finge(in  fig.  3)vnum  c  quatuor  triangulis  ^quilatcris 
Tetraedi  1  A  continere  menfuram  trium  quadratulorum : 
pronumeroquatuortriangulorumconficientium  fuperfi" 
ciem  Tetraedi  i,  quarcr  fibi  addita  tria  conficicnt  1 2  qua- 
dr.ti  pro  totafuperficieTetraedri.  Proportionaliterdc 
reliquis  regularibus  folidis. 

§  XIII. 

COROLLARIFM.] 

Pfo  aliquibus  propofKionibus  Itb.  1 4  Elem. 
nodra  compcndia. 

Abes  In  antecedcntircgula  vniuerfali  compcndiu 
Iongef"acilius,quamfint  modi  aliqui,  quielici 
pofTunt cxpropof.  2,6,  i^lib  14, pro  dimenfio- 
«ibusfuperficierumquinq;cmnium  corporum  regulariii. 
Cumramcnin  eo  lihro  elcmentari  defideretur  dimenfio 
Icofaedrica?  fuperficiei,ficut  in  cit.prop.indicantur  quan- 
titatesfdperficierumDodecaedric*,OdiaedriCvi?,  Tctrae- 
^skx,  Cubic^, 


§ii 
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§XIV. 

L  E  M  M  A. 

Inucnirc  pcrpcdicularcm  a  ccntroad  bafim  da- 
tifolidiregularis  pro  dimcnfione  foliditatis 
quinqi  corpoium  regulaiium. 

ELicitur  huiufce  lemmatisregula  vniuerfalis  partiTj 
ex  lemmate  in  §  2 ,  partim  ex  noftris  porifmatfts  ad 
,  propoficiones  li.45  eftqj adeo  tacilis,  &  expedita,  v: 
nihilmagis. 

1  Igitur,  dato  reguiari  folido,  fi  fcire  aucas  quantita- 
tfperpedicuIarisacentrofolidi^fiucrpH^rc-eroIidocircQ- 
fcript.p^ad  vnamquaqipianarum  bafiumregularium  eius 
folidi,  accipcper  §  5  cxdatolaterefolidi  quantitatemfc- 
midiametri  fpharrcefoJido  circumfcribendtT,  &  ex  numcro 
quadratoeiusfcmidiametricxtrahe  quadratumfemidia- 
metrieiuscirculi  jquicircumlcriberet  vnam  lupcrficiein 
regularem  planam.  dati  folidifiuxtaa  nobisexpofita  ad 
lib.4  vbi,datoIatereregularis  figura?;docuimusinci,cino 
proportionum  ftatimfemidiamctrum  inucnirecirculi  cir- 
cufcribendi)  &  reliquus  e  fubtrailione  numcrus  eric  qua- 
dratunijCuiusradixerit  perpendicularis  qurfica.  Cuius 
OperatiO'iisdemonftratio  patete  47  Dropol.li.i. 

2  Finge  in'cxempIo  Dodccaedri  E  jCx  dat)  cius  vno 
laterCjte, per  §  j,  elicuiife lcmidiametrum fph.rr^Dode- 
caedro circumfcribend.Ej  cuius  quantitas  fit  6,  & quadi  a- 
tum  ^d.per  di(flaadlib.4,exdaco  latere  vniuspentago- 
nica?  luperficiei  Dodecaedriinuenetis£midiametrnm_^ 
circuli  pentagono  circumfcribendi  efic  5  j  cuius  quadra- 
tum^fubtradumexquadrato  36  dat  reliquum  quadra- 
Cum27jCuiusradixeftperpendicuIarisquffica.  Nim  per' 

B     z  pcndi- 
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pedicularls  a  ccntro  ad  vnatn  bafim,  eo  ipfo  quod  cftper- 
pendicularis,  facit  angulum  retaum  cum  rcmidiametro 
bafisjqucerernidiametcrad  angulumb;:fi«tpcrtin»it:  cui 
rc£io  angulo  fubteditur  femidiameterdudla  a  centrofoli^ 
di  ad  anguJum  folidi  communem  cum  angulo  bafis .  Iraq; 
fittriangulumret5ianguIumpropoficionis47,li.i.Applica 
tu,  nii  Tyro,per  imaginationem  conceptis  figuris  hiEC  po- 
flrema  in  abi^rat^o  di«^a. 

§xv. 

COROLLAKIVM, 

Et  noftrum  compcndlum,  &  audbarium  pri- 
mum  ad  lib,  1 4  Elem. 

HAbes  in  proxime  antecedcti  lemmate  facillimam, 
&vniuerfalera  inuentionem  eius  perpendicula- 
ris  in  quinque  iolidis  regularibus ,  de  qua,  &  pro 
qua  plures  ambages exponuntur  m  lib.  14  per  aliquas  pro- 
pofitiones;  quarum  inftar,  atquead  praxim  efle  poteft  hoc 
antccedcnsicmma. 

$XVI. 

S  C  H  O  L  I  O  M. 

Hexacdri,  6^  0(^aedri  a  centro  ad  bafes  inuc- 
niie  etiam  alicerpcrpcndiculares. 

HExaedri  quidem  C  a  centroperpendicuUrem  adbafes  ejfe^ 
£(]ualcm  dtmtdio  cuiufliket  Uteru,facile  pttet.OStaedru 
icro  B  cum  habeat  diametrum  iungentem  duos  oppqfi- 
tos  angulosrellos  fohdos  ,&opponatHr  vtrinq;  duebtis  Utertbus, 
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(j^fHX  h)c  fcrihimus  rniTyro,  applica  oculo,  &  mente  iffiJigufdJaK'^ 
gulum  foltdum  re&um  (OKficuntibus,  ex  tjuantitate  intus lateris 
quadrate  multiflicata^  &  gcmtnatci ,  cf  compofta  fit  quadratuvrLj 
maius,  cuius  radix  efldiametcr  OcJatdri  ,(^radicisdimidium  efi 
/imidfr,met€r,  ^u/patef7tpatitcr  ex  ^jji.  i, 

§  XVII. 

FB,0'J^LEMA    IX» 

Inquoaui5VarIumfcCundum  ad  lib.  14  clcm. 
&regulavniucifaIispro  dati  corporisregU' 
laris  foliditace  metienda ,  cum  vfu  CoroUar. 
prop  7  iib.  12. 

VNiucrfalis  rcgula  eft  vt ,  inucnta ,  pcr  lemma  an- 
tecedens,  perpendicularis  a  centro  folidi  ad  ba« 
fes,  ducatur  ia  tertiam  partem  faperficiei  in«cn- 
ta?  pcr  problema  S  vniuerfale  in§i2.Sic  cnimconftabit 
dimenfio  foJiditatisdati  folidircgularis.  Cuiusregulera- 
tioncm ,  fiue  demonftrationera  geomctricam ,  in  exemplo 
moxindico. 

In/pice Tetracdrum  A .  Quonia eius  foliditas ex often^- 
Cs  inS  6.  (reuife  figuramTctraedri,&expofitas  eiuspyra- 
mides  )conflaturexquatuorpyramidibusB,  C,D,  E,ha« 
bentibus  vcrtices  in  centro  Tetraedri ,  &  bafcs  triangala- 
res  ^quiiateras,&,per  theorema  15  iniecJlione  priraa_* 
huiufce  Breuiarij,  prifma  tripJum  cftpyramidis  haben- 
tiscandem  banra&  altitudinem  cumpriimatc(quemad- 
modum  &  cylindrus  eft  triplus  coni  candem  altitudi- 
rcm,  &  bafim cum  cylindro  habcntis,  propofit.  1  c. lib.  1 2, 
&  apud  nos  aliter,  ac  breuiter  in  §  19  ad  propof.  2 3  lib.  6) 
ideo  fi  bafis  vna  Tetracdri  ducatur  in  perpcndicularem^ 
a  ccntro  jfiuc  inaltitudincmpyramidis  vniuscx  quatuor, 

cx 
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ex  quibusconficitur  Tctraedrum,  fietprifma  trfplumelus 
pyraniidis,pariqi  modo  dereHquis  tnbus  pyraraidibus 
Tetraedium  conficientibus,  quarum  tresbaies  dmiliin 
altitudincm  ,  fiuc  perpendicularem  a  centro,  producent 
tria  prifmata  tripJa  fingulafingularu  pyramidumiergo  ea- 
de perpend icularis  a  centro  ad  bafes,  fiue  eadem  altitudo 
pyramidum  quatuor  tonficientium  Tetracdrunrijducfla  ia 
quatuor  Tctraedri  bafcs  conficientes  totam Tetraedri  fu- 
perficiem,producet  prifma  triplum  ipfiijs  Tetraedri.Ergo, 
vt  fiat  produdum  ^rquale  Tetraedro,  ducenda  eft  pcrpen- 
dicularis  a  cetro ,  fiue  eadem  aititudo  pyramidumTerrae- 
dri  ,non  intotam,fedin  tertiam  partem  fuperficiei  ,fiuc 
fingularumbafium  ,fiuetotius  fuperficiei  Tetracdri.  Si 
enim  eadem  perpendicularis  du(5la  in  totam  bafim,velfu- 
pcrficicm  producit  triplum  ,du(5la  intertiampartem  ba- 
fis,vclfuperficiei  producitarqualcQuare  conftatregula, 
qua^eodemmodo  cft  vuiuerfalis  pro  dimcnfionibusreii- 
quorum  rcgulanum  folidorum ,  qua^ ,  iuxta  oftenfa  m  co- 
rum  compofitionibus,  &  refoIutionibus,in  pyramides  dif- 
fecantur.  &c 

Repofito  hic  exemplo  quantitatis  fupcrfic  iariccTetrae- 
dri  cx  §  1 2,quar  fit  1 2  quadratulorum,  finge  perpcndicula- 
rem  a centro  Tctraedri  ad  bafim  effe  numeri  2  ,  fuperficiei 
pars  tertia  cft  4 ,  ergo  2  in  4  producunt  prifma  continent 
Scubulosconficientesdimcnfam  foliditatemTetraedri. 

Pr^ediclis  fimilcm  formam  applica  c;eteris  foiiditatibus 
metiendis  reliquorumcorporumregularium .  Scientifici, 
&breuitatcmfpe»5>antisc{lvniuerfalc$  in  aiiquoexcmplo 
apcrire  fontcs,  quos  dcinde  curiofiores  ad  fingularia  de- 
riucnr 


5.18. 
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$xviir. 

S  C  H  O  L  I  O  N.      ^ 

De  Hexaedri,(iue  cubi  alia  fadliore  dime(ione. 


L 


lcet  cubi  dtrmnfto  &  ipfa  fi<  hcffrxcedentem  vniuerfdem 
regulam,  tamcnfxctlior,  cr  Tjrombus  aptior  efi  ea,  qu.tft 
ex  duciu  ba/is  cubicd,fiue  quadrattg,tn  eiits  altitudmem. 

§X1X. 

COKOLLAKlVJiit. 

Ad  librum  14  elementorum  audtarium  ter- 
tium,5ccompendiumindicatadcproportio- 
iiibusruperficicrum,&  foliditatum  icgula- 
lium.  5cc. 

EX  anteced.prob'.9  §  1 7  habes  vfum ,  &  fru;5tum  theo, 
riarum  apud  Euclidem  circa  inuentionem,  &  quan* 
titatcii)  perpcndicularis  a  centro  loiidi  reguJaris  ad 
bafes.  C^ua:"  theoriit  (leriJes  lunt,  &  parum  iucundx  animis 
Tyronum,ni/icondianturpraxibusaJiquibus  demonftra- 
tiuis.  Itaq;  noftrum  hoc  aiidarium,v  fum,  &  appl.cationem 
apponclib.  i^Eiem.ditando^&fapidando 

Exhatilenus  anobiscxpofitis ,  &  demonftratis  ,praff€r- 
tim  circa  Jatera,&  dimenfiones  quinq;  regularium  corpo- 
rumfacilcdcducuntur  eorumcomparationes,  &  propor- 
tioncs  inicr  fe,&  cum  fphicracircumfcripta  &c.  Nam  cor- 
poribusijspcrprjcccdcntianoftra  dimenfis,dimenfionum 
numeri  iatcr  fc  cojnp«rati.oAcn(iunc&  iauruiii;&  fcmidia^ 

mc- 
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metrorum,&  perpendicuJariu  a  centris,&  bafium,&  fupcr- 
ficierum^&roJidiratumproporrioneSjpr^rfertimacccdenti- 
busdimenfionibusfupcrEciei,&  foliditatis  fpha:ra?,qua$ 
apud  nos  liabes f aciJJimas,  &  nouas ,  &  varias , etiam  vltrx 
nouumvfum  gconietricum  centii  grauitatis,&  pra;fertini 
infQSt.  2  antctcdcntthuiusB-euiarijStereometrici. 

Iraqjthecremata,&prfpcficionesiJJiE,quf  curapluribus 
ambagimus  vcr/antur  ciica  eascomparationcs  in  lib.  14, 
funt  apud  nos  coroJlaria  faciJe  dcduccndacxhocnoftr» 
Breuiario. 

§xx. 

S  C  H  O  L  I  O  NT,  incjuo 

Aucfbarium  quartum  ,  &  compendia  indicata 
dc  rransformarionibus ,  au(5bionibus,immi* 
nucionibus ,  diuifionibus,  6cc.  folidorum 
regularium. 

EX  mtepoCitismficundA  fe^ionehttius  Breuiitrij  ,^  exaH- 
quapropofittoneinhactertia.  jeBione  de  dimenfione  regiiU' 
rtum/oltdorum,/acile  dtducuntur  eorttmdem  ettam  trasfor' 
Ptationes ,  AuH^iones,  imtntnutiones ,  d^fifiiones  in  dataproportio  - 
pc,  Necopus  (fi nosextrainjittutum  BreHtarij  vagariper  cxempU 
indtuidualta  circa  rcguUria,  quxproportionali  modo  transforman- 
tt4r  ,augenturd^c.  quo oHendtmus  rclitjuafolida  elementariatn-j 
feiJ.  2 .  transfermart^  augeri  &c,  Ne  tamen  Tyroncs  etiam  in  hac 
farte  vtdeamurprorfus  defltttterc  ^ftquentianotentur. 

I .  £.v  §  1 7,  hu.  3  fcft.  confiatfaliaum  reguUre  ejfc  aqualeprif 
mati habenti  bafis  xqtiaUstertiiiparti  fuperfitet  Joltdt  rcgtiUris, 
dr  altttudtnem  itnea  perpendtcuUrts  a  baje  adcentrum  jolidi,  id 
frtjma  transformatHr  tn  ^i^uaie  paraiideltpedu,  per  diila  infeci-^, 
Faraiieieitpedum  tra»sformaturin  ^quakm  cttbHm,fer  ibid.dt^a, 

Ecce 
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Ecce  idmye,^t4are  Jattim  corpHS  transformasii  in  regulare ,  netnpe 
in  cuhHm .  ,§j£odJiin  ditum  regulare  folidum  trans/irmandusjit 
cubus ,  tunc  ,fine  antecedentthus  transformationihus  dati  regulari; 
Jolidnnprtjma^injiar.tUelcpipcdiim,  in  cuhum ,  hahes  compcndtti, 
iransforntadifolum  daium  cuhum  in  cort>HS  altudoptatu  rcgulare, 

Teaqy  fel  dato  ctthoy  vcldato  regulari  corporc  transfcrmato  /'«— » 
(ubum.^  vt  deniq\  habeas latusregularis  corporis,tn  qi:odtransfor- 
mandus  ed  cti  hus,vtcrcprobl  4 1  fc.  2  ./i/tiiliqi  ?:■>  odo  qtio  tbi  fph.-tra 
dato  cubo  Aqualem  inuemmus,Jic  da!a,pro  latere  cttb  (vcr.grat.tn 
X  figuratabelU  htdus  ^  fecf.jdiamctro  AB,fivelts  inuentre  latus 
Tetracdri  ^quaits  Ctiho  ex  latere  AB ,  fingc  ttbi  litbtiit  magnitudi- 
nisTetraedrum,puta  ipftm  A  tertix  fgurie^^illud^-yper  hic  -'ntedi- 
ci-a  transforma  in  cuhum  squalcm^velut  tn  tpfnm  C  qntntxfigtira\ 
deinde  tnuemas  quartam  proportionale  fic :  fac  vt  latus  cubi  C  ad 
latus  Tetraedrt  A,  fic  lattts  AB,  adquxrtam^  eaq\  cri'  lattis  Tetrae- 
dri  exiitandi  £qualis  cuho  ex  /atere  AB  ,pcrtheor.^  fec.  \ .  Pari- 
qucrationede  cxterisregularibusfiolidis  tnterfie  transform.it:dis. 

2  ,^od pcrttnet  ad eorundcm  reguLiritim  ficltdorum  au3-i0' 
fies,  imminutiones  ^pe/iones  indata  raHone ,  ea  omnes  fociUtme 
exerccntur,&  expedtunturex  indtcatatransformattone  datiregu- 
larisfiohdt  tn  cuhum  ,  Cubatutn  enimjoltdum  rcgulare  augetur^ 
imminuttt!r,ficatur  in d.ttaratione,ttixta exempla ,  q:f.t  h  :bes  i/t 
ifieclione  huiufcc  Brein.irtjy  deindcficAuclum,  imminutum,  feciu 
transfiormatur  rurfiiisin  cubitm,&  ctibus  ivje  transformatur  in  re- 
gulare  corpus  auclurn,imtninutum,ficfum  tuxta  daam  proportto  - 
nem  y  inuentafciltcct  quartaproporttonaltproLitereJobd:  rcguLt- 
ris  cxcitandt ,  velut  h.ihes  in  antepofito  hic  exe  nplo  Cubi  tranfiati 
in  dquale  Tetr.iedrum, 

Prxterea  h£c  hic  indtcata  quemadmodu  nonp.tfisim  iacent  tpud 
omnes  ,ficjuhpaucults  verbts  cludunt  /fgetem  tngentem  exemplo- 
rum,  quj:  in  vartjs transfiermattonibus ,  aucltontbus ,  &c.  ^egulam 
rtumJoLtderum  licebtt  proficrre  otioftorthuSy  quam  rosjumus.&  .5/^ 
fccJantthus preltxitatem  ,qua  nos  tn  hoc  Breui  rio  non  proftemurf 
vtdoctttsLecior  agnojcat  apudnospluratnrehus,quamtnverbis. 


^IU 
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§xxr. 

TR03ZJEMA    iectmaml 

(^  Exodicum» 

Quinqj  folidis  regularibus  Rcgularcm  vnum 
circumfcribece. 


LOCVS  FIGVRiC.  SIVE ICONIS  PRO 

PROBLEMATE  lo 

EXODICO. 


Sequicur  dcmonftratio,  5c  eius  partes  In 
margine  indicaca^. 

Ecquis 
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ECquis  Philofophici  huius  i^rarij  conditori  vel  c^xfi: 
exrrcmum  ahquem  angulum  fuis  ipfiusin  a:di- 
bus abneget?Quis  aptior  ]ocus,quam  Brcuiarium 


brcui,  &  intcr  lolida  rcguiaria  Rcguiari  r  Lubcc  igitur 
hic/bboperisfinemreponcre  lincm(pra:tera]ios  hone 
flos  in  prxi\  ad  i  To.&  in  hne  ^  2  a  huius  Urcu.  ac  aJibi 
exprcncs)  propofitu  Authori ^rarij,^ f icpe  Ouidiano 
diftichoiulpiratum: 

Pcr  m.i)  e  Chincnjcm  ftne  mejiber^  ihis  in  trbern. 
Hei  miht  auod  Doir.tno  non  licet  tre  tuo,  — 
—  nifi,  qucm  hic  vides.cartaceo,  &atramentato;  vt   CofiftrHdiio 
jJlic  lcicntiticc ,  ac  religiose operetur  laltem  ii)  lupcrh-  pcrficuria  fi. 
ciariafigura,&mortuus,  vbi  lo]idus,ac  viuusnon  po-  S^i^^ 
tuit.  S\  quis  Authorictiamhocpolthumum  itcr  inui'  Rsf->iotiode- 
dcat,  inpaginamcoruinos  vngues  excrceat>fitamenJi-  """«o"*. 
ceat  fine  vJcifcenda  coruminiuria,quorum  ftemmata    ,^  , 
gcnriJitia  rcJigioJa?  Autnoris  obumbr.int  obJatioujjCO- 
rumaltcriusarcaJceriusJuJlu  hic  lineata-;non  JoJum  Confirinatio, 
vt  prrcipua;  particpiJloJir  huius  Ternj  Tomi  dicato-  Anecefsario. 
rijr, ncccjrariamhinc,iuccmalierat,ltdetiam  vc  Jon-    Abar^uo& 
ginqu^rpcrcgrinationiscoinitem  iJJumhabeant,  aquo  hoieito. 
phiJofophicu  huncce  currum  geomctricis  circuJislub- 
rotatumacceperunt.   ProcuJCoruiab  INNOCENri 
CoJuiiiba,  quam  hic  vides  aJis in  protCciioneni  cxpan-    Cofirmatio 
/is,ac  torquatam  Pontihcijs  l^etri  cJauibus,  pubJica:  pa-  pu^  *""'' 
circferanda". 

Alpiceigiturhic,6quicunq;oculo&tupacato,ncc    caadufiai 
ijuo,  necJiuido,  ncciconomacho.  P"'- 

Tr.Io.BAptiflaRicciusSac.TheoL  Deff.  Coll.  &Mathem.puhl, 
lea.Authoris,  &  tA.rar^fiudteJifsimus. 


% 
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SXXIL 

S  C  H  O  L  I  O  N. 

Indicata  compendia  apud  alios  pro  Stereorae- 
tticis  libris  elenicntaribus. 

MAurolycus  alia  methodo ,  &  breniore  comiiJKauit  e<i-j 
omuta,  fju£prolixtus ,  ac  difficilius  expofitn  habentHr 
opudEuclidcm  lib,  i^,& apudHypjtcUm  in  lib,  14, 
&  x^  Elem, 

Prxterea  Pappus etiam  aliter ,  (  acfacilius ,  t/ quibufdam  vide • 
lur,  cjuam  Euclides^4ocet,ac  demonHrat  infcripttones regulartum 
foltdoruminfphinra,  ProPappo  habesetiamapitdClatiium  (K  Pap' 
fofactliora. 


i*r* 
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§  XXIII. 

CAMTVS  demonfiratorius, 
inquo  — 

■— CompfndicfusA  vn'uerfallfijmus  modusin- 
dicatuspto  demoilratfonibus  particularibus 
vniuer(a|izandis  ,  hoc  cft  facile ,  ac  breuiter 
traducend!sadfabilia,6cgenera  vniuerfalia 
Vtriurqjquantitatis  dircret9,&:  continux.ab- 
ftr^(ft2e,&  concretae,pIanx,acrolidae. 

Dc  folido  deniqj  fine  Authori  vir.propofito, 

j    'V    T  NiucrfaJiflimusquidem  etiam  eft  modus  ilk 

\/      dcmonftraiiuus,  quem pra-cipuc  in  Epilogo 

▼         planimetiicoj&inantccedcnti  Steieometri- 

co  Breuiario  vfurpauimus,  lciiicet  a  figurarum  ortu,  &  ab 

vfu  gcomctrico  centrigrauitatisi  fed  hic  aJteruni  vniuer- 

faJifliinumdemonftratoriummodumaperte,atqi  vniuer- 

iimindicamus,quem  in  exempiispcculiaribus  vfurpaui- 

mus  ad  aJiquaspropofitiones  j)ra:ccdentiumJibiorum  ds 

pJanis,  prarcipuein  Jib.  2,&  ^jatqjetiamalicubi  inEpiio- 

go  planimetrico  j  vt  hic,m  finc  Bi  euiarij  de  SoIidis,appa- 

reat  quemadmodum  plures  propofitiones,  ncn  foJum  eJc- 

incntares ,  fed  ali^  etiam  cxtra  cJemcnta  de  pJanis  facere 

po  /lint  ad  folidaj  &  vt  in  fine  noflrarum  harum  gcomctri- 

carumIucubracionumhabeantacutiffim.T  huiuice  PhiJo^ 

fophiirltudiofi  hoccequaficorolIariumvniuerfalifliiTiura 

demonftfatorium,in  quo  quafi  Breuiario  ver^  mirifico  in- 

finitcE  opes  circa  theorias  vtriufq;  quantitatis  cJanduntur. 

Formamdemoftrandi  vniuerfaJiterdetotogcnere  vtriuf- 

que  quantitatis  fubftituendo  numeros  non  loJu  pro  theo- 

rijs difcretie  qu^miutispfed&procondnu^  lineis,pla- 

nis. 


22  BREVIAR.  STERLOM. 

nis,acfolidis  nos  vfurpiiuirniis  vniuerralioicm,quain  An- 

jSfotA  tiquiinlib.j.deproportionibus. Quo  inlibroeftprinium 

vntuerf  apud  Antiquos  veftigium  demonftr.indi  vniuerlaliter  de 

'itfK.l.  s-  jQfo  gencrcquantitatiscontinu^,fubftltuendo  Jincaspro 

planis,&  folidis,circ,i  quieconcluditeadem  demonftran- 

di  forma  quidquid  de  folis  lincis  demonftratum  eft. 

Qiun  etiam,  quia,  vt  initio  eius  libri  prodidimus ,  pro- 
portiones extenduntur etiam  ad  quantitatem  continuam, 
&difcretam  ,&  adconcretamcum  varijsmaterijs  phyfi- 
cisjideo  valentdemonftiationes  ill^egeometriciepro  va- 
rijs  etiam  applicationibus. 

Nos  dum  in  eo  libro  5,vniuerfaHter  demonftranfcpro 
Iineisfubftituimusaumerus(quemadmodum  &  inl:b-o  2) 
vniuerlali:atemde;nonftrandi  &taciliorem,  &amplioie 
aflecuti  fumus,  dum  ctiam  in  difcreta  quantitate  demon- 
ftramus  ea,  qu^  in  continua  dcmonftrabantur. 

Pr  terea  vtTyronibusfacilioremdemonftrandi  modii 
proponerenius  pro  iib.7,8,9  Eiementaribus,exemplis  no- 
ftrisnumerarijs  oftendimus  quemadniodum  plcr^que^ac 
prarcipuelibrorum  eorum  propofitionesoftcndipolfir.t  in 
numerarijsvulgata:  Logiitic^nftis,  fineabftradisformis 
demonftrandi  pcrpunda  Jocata  pronotis  antlimeticis. 
2  Noftros  iltos  conatus  roborarunt  mii ifice  non  JoJum 
apud  antiquosaJiqua(!icetnon  pleniffime  vniuerfaJia_<») 
vcftigiahuius  form^dcmonftrandi ,  fed  in  primis  inge- 
niofiffimusMauroIycus,qui  iuftislibiis  ,&ingentinumc- 
ropropofitionupmodum  hunc  vniuerlalifiimum  &  ipfe 
prouidit,dum  in  z.libro  Arithmct.fubftituit  numerospar- 
tim,  partim  lineas  pro  vtroq;  gencre  quantitatis ,  &  quod 
feorfim  vel  de  numcris,  vel  dc folislineis ,  vel  de  foJis  pJa- 
nis,  veJ de  folis  folidis  demonftraretur  ab alijs,  ipfe  vnico 
demonftrationiscompkxu  in  numcris  demonftrat  fimul 
de  totogenere  quantltatis  pertincnris  ad  Jineas,pJana, 
foJida.&c. 

NosvcrofaciJitatemadhucmaiorcmTyronibusinhoc 
generc  demoftraiidi  cxpoiuin:ius,pofiti$  iejnpcr,pro  figni« 

de- 
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demonftrationum,  vuJgatis  notis  arithmeticis  ioco  Jinta- 
rumjquasMauroJycuspIerumq;proquantitate  etiam  di- 
fcreta  vfurpat ;  ac  pr^terea  nos  fornias  ab eo  demonftra- 
di  vfurpataSjque  fupponunt  varia  e  libris  eJcmentaribus, 
nos  fimplici  expofitione,atqiinduC"lione  perexcmpla_j 
vuIgatarumJogiiticarum  operationum,  muItipJicationis, 
additionis,  diuilionis,  &c.exprelfimus. 

Ac  denique  elementares propoficioncs  traduximus  ad 
vniuerfalitatem,etiaracxtra  vtrumqjgenus  quantitatis 
abftra<flx,adconcreta,&applicatiomniartiu'n,acfcien- 
tiarumgeneri,&ad  vfus,propedix>;rim,infinitosinno- 
ftro  hoc  totOjIicet contraclo,  /£rario  Philofophix  Mathe- 
maticse. 

3   Confirmatorianoftrorumex  Maurolyco,  acalijsac- 
cipc.Maurol)  cus  in  lib.2  Ariih.propof.  i.  .^uddenumero- 
rum^  lincarum ,  ^folidorum  du£iu ,  r.itione,proportione,(^Jym' 
metrta,  atq^fimiiitudtne  ratioaaamury  idem  de  tjuohbet  cjuantita- 
tisgenere  demon/irare,  at^i  concludne yojjiimus,  &.•  ^mdqutd  in 
fepttmo,  octauo,  nono  de  numeris  oHendtt  E-.tclides,  tdem  de  quan-    y  ,  jj  ^  o 
titatibus  ingenere  oftenderepojfumus .  Altcubi  tamenpro  numeris    vmuer- 
quantitatesrationalesfubjiliuendo.  &.•  S^tdquid tnfecundo ,fex-  fiii'\^fi-' 
t0,  &  vndecimo elcmentorum  de  ducfu  ,  drproporttone  linearum,    q-  ^    ^ 
Mrearum  ,  (jrjoltdorum  traditurpeteli  adquantitates  in  generc^    1 1. 
fumptas  conuettt.  &;  J^idquid  decimus  clcmcntorunt  de  linearit, 
C^  arearumjymmetrta,  dr  duclu,  autproporttone  rattocinatur ,  pt^   &  1 0. 
teji  totum  adquodltbet  genus  quantitatts  conuertt .   Conclud it: 
Omnts  geemetrtca  fpeculatto  redigitur  ad  numtrart.m  praxtm. 
Scilicet etiam  de lineis, de  plan is ,  de  folidis fimul  intelli- 
gendo  fingula,qu«  in  numeris  demonftrantur. 

In  prfffationc  partisfecundrlib.z.Arith.idemMauro- 
lycus  de  irrationalibus  quantitatibus  {^c-.J^onpertineas ,  dr 
0reas quemadmodum Euclidcs(^tn  lib.  i ojfdjitb  terniints  cem- 
Tnenjiirabtlium ^& tnc  mmenjurabiltum quattttattim, earum con- 
dtttones ,  drprcprietates ,  &  colltganttas preponcnnis ,  Necfacile 
fuit  elcmenta  hutufmedi  a  lineis,  &  areis  ad  quawtitatdnn  ingcne- 
refumptam  transferref&numcrartamfimulpraxim  h"^cdtrtua- 

tiim 
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tnm  oslendere.yiox-.OrdiiirnoHHm  demonsirandtgenusitamoq\in 
hacpnrte prxH.intiHS  Euc/ideo,  quantogencrdts  quttitas  dtgnior, 
aepurior  esi primari^  Mathemattex,  quam  linea  fpecialis  ,  &  co». 
uenicntior.Stmul perviam  hanc  ,  quam  in  demonjirando  ajjumi, 
tnits,  multa  note/cent,  qu£  tn  deeimo  elementortim  dcfiderantftr, 
Vidcapucicitat. MauroIyc.exempJa  in  praxi^&reJegCj 
qua.'  habes  apud  nos  ex  eodem  Authore  ad  li.  j.vbi  de  vfu 
numerorum  in  Geometricis. 
Elc.Co.        ApolloniusinConiciselemcntisaliquaexparte  (fci- 
elem-v  licct  faltemin  quatuorfimul  conicis  fedlionibus )  vfus  eft 
mHcrsal.  niodo  demonftrandifemiuniuerfali ,  dumcadem  dcmon- 
ftratione  aliquasaficiaioncsdcmonftratfimulincirculo, 
&tribus  reliquisconicisledionibus. 

4  HabentDo(5toresGeometrici,atq;Auditorescxpr?- 
di(5iisampliifimumcampum,&modumdu  vel  docent,  vel 
difcunt  vnamaliquam  propofitionem  elementarcm ,  eam 
cleuandiabindiuiduoad  genera,'Sc  innuaieris  oftcnden- 
dipropofitioncm,qu«,vcrbi  gr^itia  ,Iineisapp]icata  eft, 
etiamdeareis,  defolidis,  &c.  Sicenim  ^ditantur  ,&iu- 
cundantur  varictate  copiofapropofitiones,&  cognitiones 
pergcncra,qua.'ficc:efuntin  indiuiduo,  vel  infpccie. 

Habes  &tu,  amicc  Lciflor ,  propofitionum  f.^cunditatc 
clcmentariam  hic  indicatam,  etiam  abftra»flani,hoc  cft  ct* 
iamcirca  genus  vtriufqjabftraci-?  quantitatisjquemadmo- 
dumhabuiftianobiselementariarum  earuradempropofi- 
tionumfa:cunditatem  concretam,&appIicatam  varijs  vfi- 
bus  in  omni  artiura,  &  fcienti^rum  genere .  Breuiariuni.^ 
igiturdemonftratoriumpronumeris,Iineis,  planis  etiann 
ad  loiidaproduccndis  merito  addidimuj  de  folidis  eJe- 
tiicntaribus  noitro  Breui^rio  -» 


--inquo  -- 
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In  quot  nifallor,  factle ,faltem  hreuiter ,  vt  in 
^retiiario,  ac  vttnam  etiamfoliue  defolidis  4 
nobisejio  geometrtce,atij  arithmettce  philofo' 
phatH  Sane  animum/oltdat  cjuod  in  hoc  Sta- 
dio  (^eometrico puhlicum  bonum,atq  inprimis 
JDeum  ip/um  nobts pro meta  ( quA  conus  vere 
fblidus ejl ) pofuimus ,  Aquo ,  adquem,ctrca 
(juemfemper  verfdrifdtc  ifsim^  ({uhs  ejl. 


24. 
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§  XXIV. 

C  A  M  P  V^  S,     in  q!40 

De  quanticatehabenreproporttonem  irrationa» 

lem,  6c  matena  pro  Tomo  i£rai:ij  0«5tauo 

indicatur, 

POftprobleraata,  &theorfmata  elementaria 
circa  figurasplanas,  &  folidas,  qujehabenc 
incer  fe  proporriotus  rationaks  ,  fupcrf  It| 
iuxta  ooftram  njcchodum  p(  fterioie  loco  concem- 
placiocircaincoromeofurabiKs  non  lolum  lineas, 
fed  &figurasnon  folum  planasjfedetiam  folidas 
proporciooemhabencesinter  feirrationalem.Iote- 
rimdum  deijs  apparamus  0^^010 qrfnoftrajfi  iubi- 
tumfit  Fyronibusproijs,  fiuc  (p»ieterea,qusfunc 
apud  Euchdem  in  li.  iodeIioe)S,ac  figuris  locora- 
menfurabilibus^compendiofsus,  &  vnjuerfaliusdi- 
fcefe  quapertment  adthcorias  proportionum  ir- 
raticnaliuro,  vjde3nc,&  apponant  hifcenoftnsea, 
qysEingenioIinTimts  Maurolycus  dtmoftrat  in  par- 
tciiibrii  Ariihmeticofum.  t.cuius  Authorjspfa»- 

fa- 


SECT.  in.  ^  a? 

fatiooe  opportunc  habes,  ^mice  Ledior,  clcata  ver- 
baaliqua  in  proxKpedQtecedeDtiCompeadio  de- 
moQftfatorio  VDiuetfalifrimo. 

Licebicetiamex  noftus  aliquibusantecedenti- 
buSjfi  quisingeniofit  geomctriceperrpicaci ,  de- 
ducere  non  nulla  (pcdzvi  ad  praxim  circa  iocom- 
menfurabilia.  Exemplicausarquoniamin  numeris 
habcsad  propof.^y  lib.  i,S  i  5  dcmonftraram  inco- 
menfurabiiitatemdiametricumcoftaquadrati  j  li- 
cebitvfumeiusproportionisiic  educere. 
DMtis  dttibftsUnets  mcommenfurAhiltbus^itltAS 
'   quotcttnqi  tn  taiem  properttone  tncommen- 
jHrabdts  ininfi^ititmAdiirtterc  ad  mtnoreSi 
t^  mnmes  termtnott 


AB,BCidcomm?nfur3bitesfiat,fdeft  ABfitdja- 
meter,  &  BC  larus  einfviem  quddrati.  Supei  BC  de- 
fcnpcofemicircalooccuiro  CDB,&  bifariata  f  mi- 
circularnn  D,3ppl!C3ta  CDent  prolarerequadra- 
ti,cu:usdjam<iter  eflBC.  (Iu.;daenim  AC.eifecia 
fcmicircuioaiig  >lus<  dusC  ii>b  lateribus  a;qujli- 
busquadrati.  &c.)KiJrluslupcr  CDdefcripta  iemi- 

U     2  cir- 
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circularioccuitaiinea  CEO,  &  bifanaiain  E,ap« 
plicata  DE  eric  latusquadrati,cuius  diameter  eft 
CO,  Acdeincepsmin6n(cu(i)eodecnmodoaci  oii- 
norcsiermioos. 

Ad  miioresoppofita  via  progrediendum  cric, 
d3ris,verbigratia,  ED,DCprogrediendo  a  coftn 
ad  dtanetros, &c.Ha?cransiodicatafuntoproalijs 
exemptis  cxtra  Euciidiana.  Reuife  ad  propof.  20 
10X^0.  S  17  ,de  inuentione  ex  incommcDfora- 
bilibus  iine  s  etiam  fuper6cterum  ,  &  folidarum  fi- 
gurarum  locommenfurabilium. 

loterim  ingences  materis  plurium  voluminum 
iodicata?,&coQtra(^a!iQ  hofce  tres  Tomosconci- 
nent  proportiones  rationaies  ,  quas  opto ,  ac  fpero 
probatum  io  Le^onbushumanis,hoc  eft  racionaii- 
bus. 

Chrifti  Domioi aoDO  1 6^6  >  seui  mei  6$ ,KaKIu« 
lijs;  Booooiae. 


Ssf. 
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$  XXV. 

FARALIFOMENON, 

la  quo  gemin^  Propofitiones  maximi  monacn- 

ci,  ac  laepius  in  hoc  ^rario  citatas,  ac 

fuppofifx, 

N-S"  Tyrones,  ac  alij  Mathematscarum  /cientnirumjludie^ 
//,  (dum  nojlrti  tn  hoc  Aerario  legunt ,  ac  vident  in  pro- 
pofition  ibus  altquibus  Jingulnrcs ,  ac  non  vulgatas  ajfc- 
Biones  vel parallclogrammorurfi  inter  afymptotos,vclre^<x,  Itncd 
jub  angulo  rc&ofign-antts  quartas  ellipttcas,  dr  ctrculares  a  ejuibus 
demoHl}randis  ajferuimus,  feu  pottus/uppo/uimus  aliqua  t  n  Ana.' 
lecFt'  ad  Apiaria  )coganturfidemproJctentia  obtinere  yfi  quands 
Analcffa  tn  promptu  nen  habeant  j  nccijfirium  duximus  htc  dc^ 
tnorjlrationcs  quam  tnaxtme pofftimus  ordtnatas  ,  ac  breiies  appo- 
nere  duarum  Jequentium propofitionum ,  ctix.  ob  admirandaspro- 
prictatcs,  quasprodunt,  dtgr,  ^xjnnt  non  vy/  a  euulgatione, 

FROPOSiriO  I. 

Sub  an"uIo  redl:o  recfla  linea  fi  moueatur  ita, 
vt  ciusextrema  fcmper  finr  in  anguli  lateii- 
bus,ac  altero  exrreino  motum  incoeperit  ab 
angulodonecalterum  extrcmumperueniac 
ad  eundem  angulu,  fignabit  mediofuipun- 
dlo  quartam  circularem,  reliquls  pundl^s  in- 
ter  exirema ,  &  mcdium  fignabit  quartas  el- 
lipticas. 

E  Pro- 


3« 
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FROLEMMA. 


VErttas  HtHius  admiraKda^  atq;  vttlifsmitproprietatis  /» 
j)un&-is  linc/n  mot£  ftib  angtUo  reffo  dcn30tifirabittir,ac 
patcbit efecundaparte eximi^  propoSttonis  ii,ltb.i 
Conicorttm, fxpius a nobis citat.e in §§ adzSpropof./i. 6t»  2.T0, 
hu,  JErari).  Et  (jtia,pofi  Gttidubaldum,  i'titur  etiam  Clauius  in^ 
lemm.  ^.antc  Mrolabiiim geomctricum .  In  qttaprop.  2 1  demon- 
(iratur  linearurn  hypirboltcx,  ellipticx  ,  ctrctd.nis  affefiio ,  cjuafit 
vt quadrata  ordinalim aClarum  ada.\'(m, (leltft ipfarn  FF ,  HE) 


Q 

vtaivtcrfehabcAKt.ci^uema^modtmreBangulafttbfcgfnentisey^ 
ifjtcrcefta i-fitcr^vcrticcmfc&tonis.o-^rdinatim  aftas, h.ilcnt in- 
tirfi ;  vcltit  rciJangultm  (feu  quadratum)  fub  GB3BA  ddncian-' 
giiltim  fub  CH  ,  HA .  Hocdcmondrat^dttm  est  comtenire  quartA 
AEl',c^c.prAr}}ifsis  tantitm  cencltfoni  neceffar^s.Hxc  Tyrcntbus^ 

Pio- 
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PROPOSITIONIS 

SltigituranguIusreausCED,  &reda  DC  mota  flc 
fubeoanguloredoita,vccxtremumeius  Da  Bper 
redam  BDprogrefTum  fit  viq;  in  D ,  duni  altcrum 
extremum  Cprogrcditurper  redtam  CB  verfusBj&  pun- 
clum  non  medium  Eeiufdem  reclj?  CD  fignarit  curuam 
FE,quam  finge  etiam  perfedtam  ab  E  vfq;  ad  A  motu  ip- 
finsCDpeiicv5lo,cii  extremum  C  pcruenerit  ad  B,&  CD 
congrueritcum  ipfa  BD  .  Dico  a  pundo  E  curuam  FEA 
deflignatam  eilequartam  ellipticam.  Duplicetur  enim 
AB ,  &  fiat  cJJipieos  axis  AG,  ad  quem  in  H  cducatur  ab 
Ercvf^a  EHa^quidiftans  ipfi  BC,  eruntq;BF,  HEordina- 
tim  ada;  ad  axem,  iuxta  Eutocijcxpofltionem  ad  definit. 
lo  l.i  Con.  Pariter  ab  Edemittatur  Elparallela  ipfiHB, 
crirq;EEparalIc]ogrammum,ciufq;oppofitalatera,  per 
34pri.eruntaqua]ia  inter  fe. 

Quoniam  igitur  anguJus  externus  EIC,per  28  prim.cfl 
a-qualis  intcrno  DBC  rcdo,  ergo,  per^y  pri.  quadratum 
ex  EC  sxh aquale  quadratis ex  EI^  IC.  Rurfus,  quoniam 
reifla  AG  ftcta  efl  in  a  qualia  in  B ,  &  in  in^qualia  in  H, 
erit  ,per  5  fccurdi,  cuadratumex  altcrutradimidiaGB, 
BA.tquaJe  rcdangulo  fub  GH  ,  HA  ,&quadiatoexBH, 
fiuccx  EI.  At  EC  ^qualis  cflfcmiaximaiori  AB,per  co- 
roilariumnofxrum  in  §  23  ad  propo'^.:;^  Ii,6  in  to.2  bu.^r. 
(qucmadmcdumexecdcmcorol.  DE  cft  arqualisfemiaxi 
minoriBI  )crgo  quadratumexECeriticqualereiit.ingu- 
lo  fubGH,HA,&quadratoexBH,  fiucex  Eliablatocom- 
muni  quadrato  exBHjfiucIE,  rcmanent  quadiatum  ex 
IC,  &  icdangulum  fub GH, HA  intcr  fe  a^quaJia. 

Quoniam  \croin  tj-ianguJo  DCB  lateri  ED  parallela 
duda  cft  El^eiitjper  2  prop.  li.  6, &per  i6lib.  5  permu- 
tando,  vt  DE  (idcft  BF  ordinaiim  rdaj  ad  BI,idcflad  HE, 

E     2  vt 


3^ 


^  E  C  T»    111 


vtEC,  ideft  AB  ad  IC,  &  pcV  16  Vih.^y  erit  vt  quadratimi 
OcBFad  quadratumexHE,  vtquadratumex  AB,  (ideft 
vtre(flanguIumfubGB,BA)adquadratum  ex  IC,  ideft 
(per  hic  antecedentia) ad  recfiangulum  fub  GH,  H A,  iux- 
ta  proprietatem  in  2.  p  propofir.  2 1  Con.  dcmonftratara 
de  eJJipfi,  &  circuJo.  Quod  erat  demonftrandum. 


SCHOLION     I. 

Indicata  demonftratio  dc  qaarta  circulari 
a  pun(fto  mcdio,6cc. 

EJdem  demonTlratio  fict  etLim  de  quarttt  /ignata  a  j>unCto 
medioreilACD ,  rmili  faclk  condrHBione ,  ar proifjdc^ 
'valit  demonftraitoetiam  de  cjuarti  circttlart  de/cripta  a 
mediopiiclo.Ceu  vides  in  hac  nodra  figura,  in  qua.  expuncio  que' 

Itbet 
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lihct  H  circularis  fjUArt^  educla  HJt  parallela  ip/iAB ,  fiex  H 
demittatHrl>erpendicnUriS:,fcufaralleUipriXS,olIendetureJfevt 
adaxem  appl  cntixHX  ^uadratumAd cju^dratHm  cxNByCju^fper 
§  2  3  '?«'  2 8  li.6)£ejualts  eji  dimidie  mot£  fC ,  tta  ren^angulufuh 
SX,XD  ad  recianguUimfub  SB,BB,ideJi  ad  qtiadratum  f  midiA- 
metri.  .Qu^emadmodttm  pre  cUipttcepuricio  L  ciia  eji  LV  ordxnA' 
^tm  adaxcm,  &c. 

fion 
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Kcy  (ft  i'iYo neccjje  lir.cr.mfttb  .ingtdo rccfo  wotam  ejje UKttim 
unfcnlcni,  vt  f //  in  ffgura  propo/Jtionts  antcccdentis ,  fed  cfi  et- 
mm (ecans^inptin{{isva.rijs fitbdtiBA  ellipticte  fecf/oni pcra^x,  vt 
habes  in  hac  noshafigttra^  ■^  doccbit  te ,  rm  Tyro^cxperienti&  ve^ 
ritas  .ficam  amas. 

QOKOLLAR.1  A  eximia ad Theoricen, 

O  praxim, 

VxmTo.i  hu.yErarij,^  jad  definitiones  2,?, 4 
m  inftiiimentoQiiiduba!di,&inTom.2,§22  ad 
prop.28,!ib.6  partim  indicauimus^partim  filui- 
mus,  hic(vbiiam  Tyrones  cognitionem  ha- 
bent  demonltrationis  antecedentis)  expteffius  accipe. 

I. 
Non  folum  punda  rCifla:  mot:e  (excepto  mcdio )  quje 
fub  angn/orC(5iofunt,fedctiam  qua^extra  anguhmi  iJi-j 
reda  produdid;  (veluti  in  figura  ,  produ(fta  LK  vtrinqi  ad 
D5&E)pundaomniadefcribuntc!lipticasquartasinon 
folum  txtremum  D,vtprodiditQLiidubaidus,fed  <?caltc- 
rum  extremum  E,  &  omnia  inter  OE,  ficut  omnia  in- 
terDN. 

II. 
Hjchabescompendiumad  Praxcndum  codernrcgul^ 
motu  licctdelcribcre  duasdiametraliter  oppofitaSjace- 
qualcs  quaitas  ellipticaspundis  pari  diftantibus  inter- 
uailo  abvtroqjaxe  jvelutfi  extrema(vel  citra  extrema) 
qua?libct  aliapundaD  ,  E  paribus  interuallis  diflent  a 
norma;  latcribus  A  B,  BC. 

IIL 
Qiiin  Immoetiam  intra  angulum  rcdum  punda  gqua- 
Jltcr  d  mcdio  diftantia(vt  in  aJtera  antec.figura,I,La.'qua- 
JiterabH^defcributa^quaksoppofitas  quartaseliipticas 

Pa- 
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IV. 
Patent  in  figura  noftri  inflrumenticonditiones,quas 
requirit  in  fuo  Quidubaldus,  vt  fcilicet  e  pundo  quojibet 
O  minoris  axis  BO  educta  ,  verb.gr.  ipfa  OS ,  fit  ^quafis 
femiaxi  maiori  AB,  ^  fecet  AB  veiut  in  N,ac  fic  fcgmcn- 
tum  NS  ffquale  femiaxi  minori  BZ.  Quoniam  .n.iuxta 
prcpofitioncmnoftram,OS  in  fine  motuscongruitcun-L^ 
AB  femiaxe  maiore,  efl  ilJi  a'qualis3&  in  principio  motus 
dumtotaOS  congruit  ipfi  CZ  ,  etiam  fegmentum  NS 
congruitfemiaxi  minori,cuiusquantitatcm  dcterminat 
fegmentum  ipfumNSj  ac  proindercclaNSfcmiaximi- 
noriBx-efljcqualis.  Licc 
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V. 

-l-iccbltluxtamodu,  quo  nos  expofuimusdemonftra- 

tlonemde  quarta  elJiprica  intraanguJumre(ftum,infti- 

tuere  etiamdemonftrationcm  de  quartiseJlipticisextra 

anguJum  rc(5lum:v.gr.  cduda  ex  S  per pendicuJari  in  V5& 

altera  perpendiculari  demifTa  ex  S  ad  ZB  inY .  Tunc,per 

I5quinti  ,vt  tota  OScompofitaexON,  NS,adOYco- 

pofitam  ex  OB.  B  y' ,  fic  NS  ad  BY5&  vt  quadratum  ap- 

pJic.^ta'^'B;  ideftimaginata?SV,adquadratL'm  appJica- 

ice  BZjfic  quudratum(prore<flanguIo)cxOS,  idcftex  A- 

]?,  adquadratum  exYO,quod  eft  a?quaIere^anguIo  fub 

ABV,&fub  VA.Nam  quadrato  exSOa-qualiafuntqua- 

drata  ex  OY  ,  Sc  ex  imaginata  YS ;  item  quadrato  ex  AB 

(idcftex  SO).rquaJc  eft  rcd:mguJumfub  ABV,&  fub  V- 

A  vnacumquadratoex  VB;idcft  cx  imaginata  SYiabJa- 

to  igitui  communi  quadrato  SY, remanent  cTqualia  qua- 

dratum  cx  YO,  &  rectangulum  fub  ABV,  &  fub  VA.  crgo 

Seft  in  elfpfi.Tantum  indico,  non  expono,aut  vJIas  pro- 

pofitioncscxeJementis  vei  communibus,  vciconicis  vix 

cito. 

VI. 

Ex  indicatis  inantecedenti  demonftratione  huius  i 
propofit.  fi  geomctriccfapis,intcIIigis  quornodo  aliter,ac 
breuiusQi^iidubaJdi  praxis  demonftretur,acqu?  apud  iJ- 
Jum  eft  vnica  fub  extremo  pundo  D,  pra^terea  ab  alijs  e- 
tiam  intcrmedijs,  iuxta  nos,  demonftratiue  peragaturjac 
£rmctur. 

VII. 

Ex  prf  cedentibus  coroJIarijs  conficitur  fumma,&  pro- 
ditfequcnsdcmonftratainantccedcntibus  — 

—   Tropofitiovniuerfaltfsima,  ^ Mirifica, 

Kcdla  fub  angu!ore(5lo  vrrinqueininfinicum 
producta ,  6c  fccans  anouli  lacera ,  fi  ahcro 
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fedllonis  pundlo  incipiat  moueri  ab  angulo 
fecus  alterum  latus ,  altero  fecus  altetu ,  do- 
nec  fiftat  in  eodem  anguIo,omnibus  fui  pun- 
dtis  fignabit  intra,  6c  extra  angulum  quartas 
cllipticas ,  etiam  oppofitas,  6c  aequales ,  me- 
dio  pu(^o  fub  angulo  fignabit  quartam  cir^ 
cularem. 


Scho- 
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S  C  H  O  L  I  O  N    IL 

RSlege  ifitfo/t  corelUriorum  loco  ,  tht^iasde  triplicijupre- 
moltnearimgeKere  ,  quod  Jignat  r^a  motafub  anguh 
retto,  cum  ^fibus  adfcienttas,  &  artes,%  ti^dfropof^^^tom^x. 

§XXVL 

TROPOSJTIO    II. 

Parallelogrammata  interhyperbolen,  6c  redlas 
afy  mptotos  omnia  inter  (e  funt  aequalia. 

^ROLEMMA. 

MlracuJum  in  miraculogeometrico  eft  hfc  afFe<ftio 
paralleJogrammorum  inter  afymptotos  Tideft 
fempcrintcrrcaccedentcs  nunquafetangentes 
Jineas)etiam  fuper  ina'quaJibusbafibus,nec  intra  eafdem 
paraJJeJasa:quaIium.Acdenionftrabiturope  aJterius  ad- 
mirandiE  affedionis^qua?  eft  in  propofitione  i  z.Jib.  2.C0- 
nic.vbi  ofteditur  fi a  pundo,veIut  D,  in  fcdione  DEF  cdu- 
canturdujE  DI5DK  inquocumqj  anguJo  ad  afymptotos 
ABfl,  & ab  aJtero  pun(iio,veIut  JE,educantur  ad  eafdeni_j» 
afymptotosaJi^edua?  EGjEC  aquidiftantesprioribusID- 
K ,  rCiflanguJum  ex  prioribus  cdudis  IDK  efte  a?quaJe  re- 
dangulo  fubpofterioribus  edu(5lis  GEC.  Ha:c  Tyronibus. 
Eritverdfolerti»  geometricse  fequentem  demonftratio- 
nem  ita  inftituere ,  vt  vnica  vniuerfaJi  rcguJa  demonftres, 
&compreliendasconbinationesomnes3  &c3fu5quorum- 
cumq,-  paralJelogrammorum  in  infinitum  inter  fcdlioncm, 
&  afymptotospoffibiJiiuTi.  &g. 

Pro- 
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INrer  hyperbolen  DgF  ,  &  afymptotos  ABH  infcripta 
/intparalIc]ogrammataqua?cunque  ALKD,  FMCH. 
Qye  dico  cffe  inter  fc  fe  equalia.Ex  angulis  ad  feclio- 
ncm  hyperboIicamjVekitexF  j&D^educantur  afymptotis 
pa'  aUela?  DI,  FN,  eruntq;  parallelogrammata  duo  IBKD, 
FMBN  latcrumoppofirorum  (per  34  pri.  &definitionem 
paraHelogrammi) ^qualium,  &  parallelorum.  Quoniam 
ergo  a  pundo  Dinhyperbola  edutt*  funt  du^  Dl,  DK 
paralleia?afymptotis  ABH  ,hoc  eftduabusabaltero  pun- 
do  F  edudis  FM,  FN,  nempe  DI  ipfi BN(hoc  c^  ipfi  FM) 
&nK  ipfiMB(hoceftipfiFN  )ergoredanguIumex  IDiv 
erit  a?quale  rct5langu'o  cx  MFN,  per  1 2  fec.Con.ergo,per 
priorcmpaitem  propof  i^Ii.  6,lateralD,  D\,hoceftop., 
poficaa-qunlialB  ,BK  rcciprocantur  cum  lateribus  MF, 
FN,  hoc  eft  cum  oppcfitis  ^qualibus  MB ,  BN ,  &  quidem 
cii ca  communem  angulum  B ;  ergo  circa  parallelograma- 
ta  BD  ,BF  vt  IBadMB,ita  BNad  BK,ergoper  2  partem 
cinfdempropof.  i4.Iib.(5,paraljcIogram.mataBD,  BF  funt 
inter  fefe  «qualia.  At  fuper  eadcra  bafi  Da,  &  inter  ca fde 

F     2  f  a- 
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parallelas  DK ,  AB  paralielogrammum  AK  eft  arquale  pa- 
rallelogrammo  DIB,&fupe!  eadembafiFM, &  intcrea- 
fdemparallelas  FM ,  BN  paraJlclogramum  MH  cfla^qua- 
Je  paralieJogrammo  FB,per  3  5  pri.ergo  &  paraJlelogram- 
mata  ALKD,FM  CHjper  a;c.i,luntinter  fe  a^qualia.Qiiod 
crat  demonftrandum. 

COROLLARIVM. 


Ademdemonftrationequafi  coroIJarij  loco  proba- 
ta  funt  ajqualia  etiam  DB,  MH;  &  FB,  DLj  eademqi 
formademonftrationis  probabitur  jduiflis  a  quo- 
cunquepun<aoEparaJIelisadafymptotos  ipfis  EG,EC, 
ipfumEBfquale  quibuslibetalijs  inter  hyperbolen  ,& 
afympWtos. 


Scho- 
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S  C  H  O  L  I  O  N     I, 

In  qao  Regula  vniuerfalis  pro  demonflratlonc 
recundx  huius  propoficionis. 

OVarcumque  conftituantur  intcr  hypcrboIen,& 
aiymptotos  parallelogrammata ,  (i  habeac  vnum 
lantu  latus  parallelu  afymptoto ,  ficc  &  altcr^  !a- 
tusedudumabanguloin  pun>.'~tohyperbo  es)pa- 
ralielum  alteri  afymptoto,  vt  cxemplutn  habes  in anteced. 
dcmonftratione .  Si  vero  habuerint duo latcra  parailela_j 
vtriqueafymptoto  ,breuior  crit  demonftr.uio. 

Cumveioquslibetparallelogrammatainterafympto- 
tos,&hyperboIen  habeant  vnum  faltem  latus  in  afym- 
ptoto ,  non  pofluntnon  habere  etiam  fl-mpcr  faltcmlatus 
vnum  parallelum  afymptotQ ,  pcr  deiinitioncm  parallelo- 
grammi. 

S  C  H  O  L  r  O  N     II. 

Curpropofitiones  haius§  2  5  ancecedent:s,cum 

antecedentibus§§  2  3,  &  ^^.repoficxfiatin- 

terSterfomerrica. 

Incommenfurabilium  Scsreometria . 

Redlefinis^rarioinproporicionibusJ  2  ^ancec. 

impofitus. 

Vldentur pr&dlcforum  faragraphorum  niaterix  nihil  ha~ 
bere  cur  tnter  liereometrica  rePonantnr,ac  cx.radcbi^ 
tttm  lccum  collocatA .  ScdJI ,  amice  Lector ,  rilegas ,  (^ 
recolas^mimxditertes  in%  2S  doceri modum 'vninerfihfsirnum  de- 
monfirandi ,  (juoplanorum  vcritatesetiam  adfoUda  eleuxnttir-,  (^ 
in  §  24  incommcnfurabilitas  linearum  etiam  adpLtna,dr  adjolida 

tra^ 
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fraducituY ;  vt  ibi  indtcatur ,  &  citatur  §17  adprepof.  2  o.  Itk  6, 
Te.2  hu.  Aerarij.  Suibusadde  e  'vcteri  fcholto  apudCommandimi 
in  fine  zltimxpropofitionis  Ithri  \  o  requentia.Uneis,  &pUnisin- 
^  ...  fo«i!Wf/^/&r/i^/7/^rt/oftenfis,oftendemus etiam folida incora- 
■  "'  ■^  menfurabilia. Nam fi in quadratis, vel reifiilineis, qus ip. 


Jida  incommenfurabilia.  Ctf»f/W/vExquibusperfpicuutn 
cft  non  folum  in  lineis ,  &  fuperficiebusefte  incommenfu- 
rabilitatem,  iz'^  &  in  Iblidis  figuris .  ^npropter&noscam. 
pum  ilhim  non  folHmplanortm  ,  Jed & foUdorum  ty.comnienfurA- 
hiltum indicatum  inter  noFira iicreometricarepofntmus- 

In  §  vero  antec.  2  5  gc  mtn.tpropofitioncs  mir  ficx ,  qtiarum  altc 
ra  folidm  feffioncmelhpticdm  conitot praxtbus  ,  drthcor/jsilltt- 
/lrat;alteravero  parens  vberrimt  nobtsfutt  tot theorematttmde 
fiiperficiebus  circafoltda  contm ,  &  cylirtdrum ,  6^  de  eorum  ett.m 
folidisproporttombustnter  afyniptotns,  vth.tbes  exempUin  2  r<?. 
hu.Atrar.adpropof\^.  I  5  >  ^5  ^^&c.quidntfubStereometriAnO' 
str&  infcriptionc  vcrfcttir? 

Hic  ergo  nunc  fiais  efto  ^rarlj  noflri  in  duabus 

propofitionibusadmirandisffi  quas  alias  in 

vniuerfa  Geometrica  rIiiIorophia)6c  fscun- 

diffimis,  fvthabescrebraexemplain  To.  i, 

&  2  yiirarij)  pro  ellipticis  theoriis ,  acpraxi- 

bus,  vfibus,appIicationibusiprofuperficie- 

buscircarolida  aliqua  rotunda  interafym- 

piotos  j  pro  gemino  nouo  modo  de- 

fcri  bendas  hyperboles  incer  rc- 

clas  afymptotos.  &c. 


Par. 


PARERG.  GEOM.  43 

§xxvir. 

PJRERGON  GEOMETRJCVM, 

In  quo  Ergo,  fiue  Conclufio  CycIIca  ^rarij ,  & 

finis  fubfignacus  puncT:o,quocl  eft  isquaie 

circulaii  fuperficiei  etiam  infinit«e. 

AMice  Ltcfor,  froloqtiij  loco ,  lerha  ififcriptionis  intcrfre- 
tahor ,  vf  qtiidhic  velim  intelligas . 
Parcrgon .  Non  qtiod Jit  extr^  rcm  Aerartj ,  fed  qttod 
(Onfulto  A  rne  di/lraclnm  est  h  Cerollario  6  pcflproitenia  2  6/cf/. 
2  Brcntay.nofiriStercometrici,ctiit4S^roblemaiis,  Cr  CorulUrijco- 
rcUarinm eft  hcc etinm pertinens  adjoltda ,  &  c  ejuo  j  (t^i itaehis 
infcriiis )corolUria  ,(^ probkfnata,  alta  Stereometricanon  intti- 
ctinda  dediicuntur, 

In  quo  Eigo. Hocergon  cfl quafi ergo,(^  Caclufio  Aeraru,fed  — 
-_  Q,yc\\czfctlicet,  ittn  ctrcttUrthuspertphtnjs  afuncfo,  inde 
fit  dtgrcfiio,  in  tdemfit  (^  regrefsio.Atrartjintttum  in  To.  1  apun' 
fh  cU  %  ■^ad  1  acfintttonim  fi.  \  ,vbi paradoxum  deptin&o  infigu^ 
rajvhda  ,  htcfnts  Airani  rcdtt ii7 paradoxl.  finule  ,  ac  mirabiltus 
dc  pttncio  tn  fclid.ifi'^ura,  Vt  in  hoc  ettam philofcphtco  nodro  opere 
verii  td  videas,quod  apudEoctmm  It.  j .  metr.  2  phtlofophta  ctctnit 
de  curjuJoLm,ac  ae  reUquts  natur^  opcratior.thustn  Orbe  tnorbem 
eutttibus» 

Cadit  HefperiasPhabiisad  vndas, 
Sed  lccieto  traniitL-rurlus 
Currum  loJitos  vcrtit  ad  ortus. 
Rcpetuntpioprios  qua^q;  rccurfus, 
Rcdituq;luofin<TUia  gaudcnt. 
Ncc  nianetvJJi  traditiisordo, 
Nifi  qui  1  niiunxeritortum, 
StabiJcmqifuiftceritorbem. 

G  J.fA 
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Saltem  hoc  ip/operfe&iim  erit  hoc  Acrarium ,  qttod  h  ^militti^ 
dinemperfcctx  fignrx  circularis  cyclice  clauditur ,  (jHemadmodunt 
&  Apiaria  ab  Aranea  geometrizante  frodu6la  funt  in  Araneam 
cofmographicam ,  e^c, 

Finis  rubfignatus  punifio .  Pofifnemalterhicfnise/iAerar^ 
depuncto;  ceufimsetiam  fintlisperiodiptin&o  fubflgnatttr. 

Quod  eft  a^qualccirculari  fuperficici.  Hocparadoxttm  longe 
TKir.ibilius  efl,  qnam  idm  Te.  i  addefinit.  i  .lib.  i  .depunSio  dqtta-* 
li  pcriphertJi  circulari .  Ac  licet  in  eodem  To.  l  addefinit.  1 6  ,  §  J 
indtcaticrimus  qttemadmodurf,  Circuli  centrn  qttodammodo  aqtfe- 
ttir  etiamfriperfiaeiCirctilari ;  tamenidem  hic  efolidts  quaCifoli- 
dtits  geometrice  demonfirabitnus  cumfoenore  fcienti^co  Corollario' 
rnm  Stereometricerum. 

Eriam  iniinit:r.  Hocparadoxtim  ,propter  infinitatem  hanc  in- 
dicatamftperficiei,  fideturrepugnare  deftmttom  4  Itb.'^  elem.fbi 
depniunttir  ea,  quxgeometricam  habent  mter  fe  proportionem,  ejfe 
talta,  vtfe  inuicem  aquare,  acfiperarepofsint  multiplicata .  .^ua 
fan6tione  excluditttr  a  proportione  ^eometrica  infinttum^propter 
ea,  quxanobts  hibes  adeam  defimttone.  ^ia  tu.t  igitttr  (jnqutes) 
tfiaproporttopu  v£li  ctimfuperficie  infinita  ?  ^mdni  igtttir  etiam 
liceat  geometrtce  philefophan  ciYca  f/gurasper  indiutfibtita,lt(et  ea 
in  qiialtbet  figura,  diHifibili  in  infimtum ,  fint  tnfinita  ?  Inferitts  i>t 
fine  huius parergi geometrici ,  mi  Tyro  ,  hxc  dtfflabtmus,pofi para-* 
doxum propoftinm.^ Cr  demont}ratum,& Corollarta  cx  eo-^rieproli- 
xitate  hic  nunc  non  necejfank  tncommodemus  rei,  quampnmo  ,  ac 
perfe  quArimus. 


§  XXVIII. 

vakadoxvm. 


Pun(n:um  sequale  fuperficiei  infinitx. 


Stt 
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^  It  repofita  hic  figura  co. 
roUarij  6  poft  proble- 
nia  26  fe*5l.  loBreuiar, 
antecedentis   noftri  Stereo- 
metricij  cju^eefl;  AB,  habcns 
incylindroAB  infcripta  fo- 
lida  Ipharram  KCEFj&co- 
num  DCB  fuper  bafi  comu- 
ni  cum  cylindro  ,  &  a?quali 
circulo  maximo  fpha^rs KC- 
EF.  Dico  pundum  C  verticis 
Ni  conicia?quaIeefTe  fuperficiei 

circuli  AGHLCLuoniaenim, 
(^ cltato  corollario  6 ,  &  alijs  antecedentibus  poft  proble- 
ma  2  6  hu.  Breu.  Stereom.  betft.  2  )  Iphara  KCEf  aufert  a 
Cylindro  duas  tertias,  reliqua  pars  Cylindri  fpha^rice  in- 
CauataCk-iJicet  iub  KCEF,&fubDAHB,  &  fub  bafibus 
circularibus  AGHL,  DMBN  )  crit  vna  Cylindri  tertia ;  & 
quoniam(pertI'Cor.r4,  feet.i,&  per  §§22,  23,24  Epilo- 
giplanimcrriciin  fine  1  partis  hu.  3  To.)  Conus  DCB  efi: 
tertia  parscylindri  AB,  eruntinterfc^qualesdua:ter  ti^, 
fcilicet  Conus  DCB  ,  t^  Cylindri  pars  Iph^rice  incauata. 
Ergo  &  dnnidium  Coni  {ccti  parallclis  bafi  erit  aqualc 
dimidiopartiscylindri  ph.rrKeincauata',acfe>5l^  paral- 
]ela»s  bafi,hoc  ell Scaphio  hemifpherice  vacuo  KCEHL- 
AG.&c. 

Accipiatur  dimidium  Conijfiue  fingcfuper  bafi,cuius 
diametcr  imaginaria  habcatextrcma  K,E,excitatuni  Co- 
num  habentcm  vcrticcmin  C,&  dimidiahic  parte  mul- 
dctur  ,acreliqua  fitquartaparsconi  habens  verticcmin 
pundo  C,ac  ficde  rejiquisdimidijspartibus,Ov5iaua,  de- 
cimafexta,  &c.fempcr  immmuendo  conum  vcilus  C,cruat 
ea-coni  partes  a^quales  partibus  fimilibus  fcaphij  cylin- 
drici  hcn  iiphariceincai;ati, quarta-^odausjdecimitlex- 
tffjacreliquis, fempcrfcca^.doIateraKA,  EHmagis,ac 

G     2  magis 
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magls  propc  Ajpcrficiem  bafis,  cuius  diameter  AH,  donec 
tandcm,continuatis  imminutionibusper  partesa-qualcs 
Coni,&  Scaphijjperueniatur  ad  vtriufqj  extrema  ^quaJia, 
fcilicer  ad  cxtremum  coni  pundum  C ,  &  ad  extrcmarrL-* 
Scaphijbafim,  videlicet  circularem  fuperficiem  AGHL 
interfeleiEqualia.Quod  eratdemonftrandum. 

Et  quoniam  concipi  poteft  CyJindrus bafium  maiorum, 
acmaiorum  in  infinicum,  &  ineo  inJcriptus  Conus  ma- 
ior,  ac  maior,  erit  tamen  femper  idem  pundlum  verticis  C 
atquaJe  fuperficiei  circuJari  AGHLquantumuis  in  infi- 
nitumampJiatar.  Quod  Jongcmirilfimumeft. 

S  C  H  O  L  I  A. 

I   "^    lcet  in  tom.  2,  $  2  o  adprop.  2  5  lih.6  irtdkancrimus  vhi 

■        demonstretJttir  ea,  cjuxfiippofutmHS  in  (itat.%  5  addefi- 

■^-^  nit.  I  lih»  I  ; tAmen  hic a nobis ex  antecedentibus habes 

demonsiratum  quomodo  (  quidquidin  cttato  §  tertio  ex  alienofen~ 

fu,  &  intetltgenttk  ptppofHerimas )in  appofiia  figuraconusED- 

Tfit  aquaits  Cylmdrtco  Scaphio  CA  BCFK,  Nam  (in  figu  rapara . 


Joxi antecedentis  )  vt  ConusDCB  efi  aqualis  dupDcato  Scaphia, 
fciltcet  cyltiidro  fphxrice  tncauato  i  ficjifupcr  bafi  DMBN  ere- 

etus 
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£iusjit  Co?7us  dtntidU  altitudi~ 

ms  tp/ius  FC,  ertt  dtfjualts  dimi^ 

dto  cylindri  /phxrice  imauati^ 

ide/i  Scaphio  cylindrico  hcTnij» 

fhxnce  incauato  KFEBNDM. 

2   In  noQrts  iheortjs  ci  rca  fo- 

li<ia,  confultc  (^pr^ter  Guldinitm, 

&Vtllaipandttm  nojirosjquofcu- 

que  altos  Neotiricos  Ceometras 

negleximus  legere  ,  nec  curabi~ 

mus ,  ficjutd  forte  nosfroru  flmile 

(^quodnefiimus)  tn  ijs  reperiatur'^ 

frxfertim  citm  apud\nos  corolU- 

ria  fint ):  noliris  deduBa  etiarn  f  cjuji  /int  apudveterum  aliquem, 

dr  a  nobts  longe  aitter^  qukm  ab  alijs,  tra&ata,  d^  demoMsirata. 


§  XXIX. 
COROLLAKIA,  & 
RO^BLEMATA. 


Dato  Cono  alfitudfnis  asquallsdiametrobafis, 
folidumcylindficun:!  fph^rice  cauuni  ^qua- 
le  conftituere.  Et  conuerfim. 


VElut  dato  Cono  DCB  habente  altitudinemFC 
ffqua]emdian?etroDBbdfisDMBN,fifemidia- 
metrobafis,  vel  dimidiata  altitudine  FCj  ve- 
lut  in  1 5  &  centro  I  defcribatur  per  verticem  C  circulus  K- 
CEF  pro  iphccra  &,e  lib.  4  elem.  circa  circulum  KCEF  de- 
fcribuur quadratum  ADBH pro  Cylindro, erit(c dcmon- 
Itratisinanteced  paradoxo  §28  )  folidum  Cylindricum 
fph^rice  incauatum  (lcilicet  fub  KCEF,  &  fub  DAHB ,  & 

G     3  fub 
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fub  AGHL ,  DMSN)  ^quaJe  cono  datai  um  concf itlonum. 
Conuersu  faciJius  con^citur.Dato  enim  foJido  cyJindri- 
co  fp hia:rice  incauato,  idcft  Iiabete  diametru  bafis  vtriufq; 
a-quaJcn^  aJtitudini,  Conusfuper  eadem  bafe ,  &  eiufdem 
aJtitudinis  erit  conftitutus  ^quaJis  incauatoilIifoJido,&e. 


II. 
Dato  cono  ( In  cuius  bafi  diameter  iic  dupla  al- 
titudinis)  fcaphium  cylindricum  haemifphac- 
rice  cauum  aequalc  poncre .  Et  conuerfim. 

POfito  cono  EDF  coditionum  propofitarum ,  {i  fiat  pro 
cylindrorc^angulumECfubaltitudinej&diametro 
daticylindrij&acccpta  coni  aJtitudine  pro  femidiame- 
troj&centro  I  ,fignatafemiperiplieria  ABCproJiemi- 

fpbario,eritconftituiumScapliiuraEABCFKa:quaJt^ 
dato  Cono. 

Conucrfum  faciJe  fit,  &  dato  Scaplvio  ponitur  Conus 
cqualis^fuper  dian.etto  bafis  ELFK  crcdofpio  cono}  trii- 
guJo  ifofceJe  altitudinis  eiuidcni  cum  ScaphiOj&c. 


Scho« 
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SCHOLIONT. 

Voniam  acciptuntur  cyltndri  exc-iu^t  a.  Sph<xra ,  vel  hemij- 
phxrio,  tdeoproblemata  funt  determin.zta  in  altitudtntbns 
&  bajibus Jbltdorum  mtituoxquAndorum^  &c» 
III. 

Formatio  vtriufqj  foHdi  caui(de  quibu&in  vtro- 
que  antecedente  problemateycx  eorumortu. 

I  fingas  circa  coni  EDF  imaginatum  axem  BD  gyra- 
ri  mixtilineum  triangulum  AE  BAfub  reclis  AE,  E- 
Bj&  fub  circuJari  AB,  Jareie  AE  in  motu femper  pa- 

.raJIelo  axi  BD ,  perfe(5lo  moiFZL 
circuIari,conflatu  eritSca- 
H    phium  cylindricum  hemif- 
phiericecauum. 

Etgeminato  eodemtrian- 
gulo  mixtilineOjveJuthabes 
in  altera  hic  figura,veruci- 
bus  iuniflis  in  Kjtriangula  D- 
FACA,(Iatere  ADfemper 
paraiJelo  axi  imaginato  CF 
in  motu  circulari  circa  coni 
axem)producunt  cylindrum 
fphiericecauum. 
IV. 

Dimenfio  folida  prxdiclorum  cauoram 
folidorum. 

SOlidam  hic  dixi  dimenfionem  ( nam  de  fupcr^ciaria 
paulJo  hicinferius)vtriufq,-antecedentis  foJidi  ca- 
uijqua:patetc  I  ,&2feil  antcced.  Breu. Srereo  n. 
&exhic  antecedentibuscoroIlarijs,ac  problematibus  i, 
&  2,-dumdimenfiofoIidaconi(  i.dudusbafis  in  tertiani-j 
partc altitudinis cylindrorum  vel  AB ,  vel  CE)  cui a:qua- 
leeftvtrumquecauum  folldum,  datvtriufq;  foJidamdi- 
menfioneoi.  Trani- 
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V. 
Transformatlones  — 

Auorum  corumdem  duorum  foHdorum  Inco- 
noSjConorum  in  cauaeafolida  excicenturi»i-ii 
antecedentibushicprobkmatibus  i,  2,3. 

SCHOLION     I. 


Caudones  e  primis  geometrlcae  philofophiae 

Pnncipijs  contra  Hallucinationes  in 

anteced.paradoxo  in  $  2  s. 

CAutiombus^qnasin  1  To.dddefinit.  i  ,§  ^addidimuspA- 
radoxo  depimCio  a^nali  ItncA  ctrcidart ,  adde  & jeqtioi" 
tcs,  Inparadoxis  non  efl  temere,  acpri»>o  tmpctH  troce^ 
dcnAum.^ac  {cjuodaltquifihi  blandtentes  feceruni^prontintianaum 
fro  admirando^  ac  vero  quidqutdmenti  occtirrtt  j  m  afolidephtlo- 
fophantibus  arguantttr  leuitatis  actimina  apparenter ,  nec  vere  tn- 
genio/kj. 

Itag^  dcpttn&o,  quodinitio  1  Tom.ltnex,in  extremo  vcro  hu.^ 
Tomijnperfciet  Aqtiak  ajfcrittir  ,  tntelltge  non  geometricc  ,fcddt 
pttn&o  ,  ltnca.,fttperfctephyfcis,  ideft  habentibus  quantttatcm,  at 
diuifbtlttatcm.Ac  quodperttnet  adhoc  nodrtim  paradoxum  in  an- 
tec.  §  2  8  j  intctltge pro puncto  verticis  conict  cxtnmum^  ac  mtni- 
mum conulum  ^Qrpro/uper^cie ba/Is  Cylindrtci  Scaphij  ,  intcllige 
extremumetuspropeftperficiem  bafs.Ita^^  comparatio  tli  legtttma 
in  eodemgenere,  tddt  rnter foltda  altcrum  conice  ,  alterum  fcaphi- 
C(  (i'tfc  loquat^  extrema.  ^jtod  mirum  ell(ctiam  phyfce  acceptti^ 
intiieti  angusttas  r  erticisconici,  ^  ampiitudinem  in  bafe  Scaphtf, 
lSlifiiuxtapr(S,dt£iaphilofopheris,ac  tntelltgas-,  nonparadox^^t 
fed(filtceat  dtccri^  p  "ralogtfmata  cffuttes  contraprtmapriTictpto^ 
Ccof},etricAphilofophiA.Namiex  3  dt.^nit,lib»^,& Sehofys nvfrii 

ad 
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adeam ,  fioft  eJl proportio geometrici  tnter  e.t ,  qu£  diticr/i  funt ge- 
neris ,  velttt  tnterptincJtim ,  Qf  /tneam,  ac  rntdto  mtntti  tnterpttn- 
cinm,  &jttperficten:. 

S  C  H  O  L  I  O  N     IL 

Quxnatn  fic  noftra  comparatio,&  equatio  pan* 
(5ti  cum  Supwrficis  infinica, 

1N  poflremis  refpondeo  impingentibits  mihi  /imilittidinempbi- 
lcfot)h.intittm  circafignras geometricas per  indtttifibilta.  Lon- 
ge  longtns  a  me  ab/itfrtiHran  ^eometrtcas  meas  theorias  opta- 
to  fine  demonflr  tt£  veritatis  .  .Qjtodfieret  ^fi  (contra  4  definittone 
Itb.'),  (ir  ScholtanoHraadeam^  compararem  inter fe  cjitjt geometri- 
cam  inttr  fe  proportionem  non  habent;  qttalis  cfi  comparatio  figura~ 
rttm ,  dr  philofdpbatio  circa  eas ptr  indttufibtha .  Nes,  dum  compa- 
ramtismtntmum  extremumConulum  lerttcaiem  ctt  extrcmo  Sca- 
phioprope  bafm  ctrculartm  ,  ccrnparamus  finitnm  cumfintto  ^ac 
in  eoderngeneretjuantitntis  fofidx ,  tdefltrinam  dtmerfionem  h.t- 
bentis.  Dttm  vero  infnitam  fuperpciem  uomtnamtis,  intetligimus 
fncathegorematice  ,fctticet  finitam,  ac  defintte  magnitudinisfigti- 
ram  bafs in  Scaphto  tn  infnitttm ^fi tubeat,  auz,endam ;  "uefut ,  am-' 
pttata  tn  infinttum  hafe  fcaphij,fit  etixm  arr.pliatio  bafis  communis 
ctim  cono,  &  tpfus  coni,  df  ■verticis  contci .  Ftt  tgitur  a  nobis  cem- 
paratiopants  defnitx,  ac  cert<e  cumparteSciphtf  certa,  O"  defffjita, 
in  omnibus  imrntnutionibus ,  &  au^ionibus  verfus  vct  i  erticem^ 
conii  veibafimfc3phtj,  Etotts  .tquattbuspartes  ettarn  (imttes  aqtta» 
les  tnferuntur ,  qutfcumq;  numerando  acceperis  .Nonfc  per  tndi"* 
tiifbitia,  Rettgepartem  2  i»  Epit,  Geometrtct, 
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§  XXX. 

THJEOREMA. 

Cylindmsfphaericecauus  habec  cauamrupcrfi- 

ciem  inccriorem  aequalem  exceriori 

cylindricx  fine  bafibus. 

PArergi  alteriusgeometrjci  loco  lubet  addcre  feque- 
tia  ctiam  circa  lupcrficies  incauatorum  cylindrico- 
rumfolidorum.  Iraquetheorema  hoc  primum  eft 
quafiCorollarium  ecorollario  2  pofi  probl.  17  fe(5>.2.  Bre- 
uiarijnoftri  Stereoir.etrici,vbi  patuitcylindricamfuperfi- 
cicm  fine  banbus.Eoualem  efte  fupcrficici  (phxtkx  cylin- 
droinfcriptcT.  eft  enim  intenorcaua  fuperficieseadequa; 
iphxtx  infcripta:.  Applica  figura?.  &c. 

COROLLjRiy-M. 

Scaphium  hemifphaerice  cauum  eft  fub  aequah*- 

buslupetficicbus,  intjriore  hemifphaeiica, 

exceriori  cylindrica  fjnebafibus. 

'"^  Cilicet  fuperficies  interior  hcmifpha^rica  fub  ABC 
"^  (lcmiperipheria  femiperiphcrice  gyrata  circa  ima- 
ginatam  AC)  a^qualis  eft  fuperficiei  cxteriori  cy» 
lindriLO-  lub  AE  pcrfccio  oibe  gyiata ,  &  parallcla  imagi- 
nato  xi  DB.  Patct,  &  Corollariitm  cft  exantcccd.theore- 
mate  .  Namfitotacaualpha:rica  iuperficies  ,ideftdupli- 

cata 
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cataABCjefta:quaHstoticyIindricje,fdeftdupJicar^  A- 
EFC,fiae  bafibus,ergo&dlmidia  djmidi.'eerita;qualiiiii 
ScaphioEABCF. 

FRO^BLEMA,  ^ Corollaritim. 

De  dinienfone  fijperficierum  in  fcaphijs 
hemifpbxricis. 


EXantedi»flis,&-cred.2.Breu.vbiri3pcrficieirph.rricaf 
varias  dimenfioncs  cxcudimus,habes  vnde  datihe- 
mirphserici  fcaphijfupcrhciem  vtramqiintimam,  & 
extimammetiarisj  vclut  fcaphij  ABCQ^,  intimam  ABC, 
fcilicetdudoambitu  circuJaris  oris  AlCc^in  femidiame- 
trum  imaginariam  DB.Quemadmodumenim  ecitat.feift.2 
Breuiar.  fphsrica  fuperficieshabetur  edu^ftu  peripheri^ 
circuli  (phsrarmaximiin  fph^r^diametrum,  fichicedu- 
(ftuipfius  AICQ^in  lemidiametrum.  Quod  idem  cftcuni_j 
eJeuationebafisEKFL  ad  altitudinemBDprocyJindrica 
fuperficie  «equaJi  fuperficieihemiIpha;rictE,  &c.  luxta  an- 
t€dit5la. 
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SCHOLION     I. 

Dequadraturis  infinlcis  ruperficicrumcuruaru 
extimas,  6c  intimae  infcaphijs. 

X  auteced.&ex  coyolUrio,(jHod  habes  in  2  par.Epilog.TU' 
mmctr,  vbide  numero  infimtis  cjuadraturts  fuperficierum 
cyltndric£,G'  fphxricigy  &  circnh  ,  &  Jf/hxrtcorum  triaum 
guloru,  §  2  p  /aciunt  huc  adre  quadrattir^  ntimero  ihfiKttdt  fuper- 
cterum  ctiruarum  irt  fcaphtjs  ,  (-rcircafcaphiatqux  nthtl  altud 
Jtmt ,  (^nani  cylindrux,  & fphitriaefuperjicies.  Hic  tantuni  indi- 
to,vbt,ex  ctt/it.Epil.0-  Bretitar.Ster.hAbes,Jirtejuppo/!iiohihtts  de- 
monstratA  oT/mta. 

S  C  H  O  L  I  O  N     II. 

Ergo,  feu 
Conclufioparergi. 

T-  Otum  hocKoffrumii^eomctricuni  Parcrgon  crgo  concluda- 
mus  tnparaaoxi admtratione  etiam  accepti phyfici ,  ejuo 
constat  minimum  conulum,  quafi punctum ,  ffquaii 
ampliflimffininfinitum  bafiioJidt-Elcaphij.d^f./wA/tf /»<?»- 
tetea.expojita .  \^tcy^  hocce  toMCo^uncionoJtri  Aerarij geometrtci 
(xtremajubjignamus. 


Parer. 


1ND^,X  PRl,M  VS. 

In  quo  Qampi  ,  ^  vnluerfalia  de  lineis ,  &  figuris 
planis  curuisA  folidis  in  tribus  Tomis  i€rafij. 

IN  TOMO  "PRIMO. 


D 


I. 


Efinitio^lib.i.ampliatajSc  ad- 
dicxpraxcsj  &vi'us  pluiifor- 
miumlincaruiiU'. 


Dcfinitio  8  de  ^ngulis  ampliata,^- 

additi  pluriformes  anguli. 
Itcm  anguli  vno  plurcs  fub  duabus 

rcdis ,  &  angulus  maior  duobiis 

tcdtis. 

i. 
Figuris  re(flilincis  addita:  cylogoni,?, 

fuic  cauiangulx,  ac  carumpara- 

doxa. 

4- 

Pene  omnia  problcmata  Geometrice 

Philofophiz  vnicacircini  dat.T,& 

inuariata  diduclione  foluiitur.To, 

j.prop.i2,§  itjvS:  li&To.i.prop, 

^      .     .  ^- 

Omnifaria  traAatio  geomctiica  qua- 

dratarum  figurarum.  prop.  47  .  §  <J, 

&feq,ad  §  10, 

6. 

Compendia  e  47  prop.lib  i.ad  praeci- 

pua  problemata  ,  &  thcoremata_. 

Geometricx  philofophis.  prop.47, 

ante§  i8,(Scfeq. 


Campns  Geomctricus  c  ^T.prop. pro 
ptaxibus  diuidendorum,augcnd. 
immm.&c.citculorum.ibid.  §  12^ 
&  fcq. 

8. 
Ad  praxim  dimetiendarum  fuperfi- 
cieriim  tnat^alatium,  Sc  figutarum 
rcgulanuai.Ptop.4i,§,  i,  2, 5. 

Transfotmationes  figurarum  ctiamj 
itregularium  m  reilangula  prop. 
44,  §  2,  &  feq, 

10. 

Ad  ttansfoimationes,  augmentatio- 
nes  imminutioncs ,  proponione,, 
dimenilones  planarum  nguiarum. 
§6,7.8,5»  10.  rropof.4^. 
II. 

Transformationes  planarum  figurarii 
pcrparciumrranfpoluiones .  prop. 
4I'  §  4,  ^  <»»  feq.  &  propof.  44,  §  2, 
probl.1,2, 5,6cleq. 
12. 

ProGcodefia  ,  fiue  diuifionc  plana- 
uim  figurarum  problemata ,  corol- 
laria.  occ,  To.  i,  Propnf.  34,  §  6  , 7, 
8,  &  feq.  ^c  Propof. 38  ^  1,2,  3,4,  & 
fcq.plunbus.  6^  T0.2,  Prop.i.§  10, 
II,  11, 13,  I45(ix:feq. 

i 


ee^^f^  «50^^150^ 


H 


IN 


I    N    D    E    X    r. 

IN  TOMO  SECVNDO. 


Llncarum ,  ani^ulorutn  >  arcuunu 
quoiuncunq;  proportioncs  in- 
ccj:  ic  nolTe  ciicino  propoitio- 
num.Piop.i.§<J. 

M. 

Figuraium  radilincarum  audioncj, 
imminutioncs  in  data  proporcione. 
Ibid.§5?.  ^ 

Inuentioncs  linearum  pluriuminca- 
dcm  proportione.Ptcp.  2.  §  i.prop. 
12. §  i,  2, 5, 10. 

-    \6. 
Inftrumentorum  Gcometricorum ,  & 
AitronomiJoru  pr^cipuorumthco- 
iicc,c\:  demonltiatio  e  ^propof.  li. 
6.§  34. 

17. 
Compendium  diaiforium  linearum.. 
in  Haimonica,Gnomonicaj&  qua- 
cumqialiadiuifionc.  Prop.  10,  §4. 
18. 
Tlicorice  vniuerfalis  omnium  linea- 
rum ,  &C  operationum  in ,  &  e  circi- 
no  ptoportionum.  ibid.  §.6. 
19. 
Fundamenca  totiusGeodefisiuprop. 
j?,  «?i  iolib.(;.§  12. 
20. 
Proportionalitatumplures  fpecies>& 
carumpraxesorganicit,  tS:  geomc- 
tnc2.  Ptop.io.§  i^,&fep. 

Tradudio  propofitionis  10  etiamad 

fciftioncsarcuum.§  20. 
21. 
Numcrorum  mcdiorum  plurium  pro- 

portionaliu  inuentio.  Prop.i  }.§.i  i. 

Tradudio  inucntionis  lincarumpro- 
portionalium  etiam  extra  geome- 
tiicam  ad  .ilias  ptoportiocaluatcs, 
Piop.i3,pQll§  li. 


*4' 
TraduAio  propofitionis  t-l  lib.  tfad 
fuperficies  curuas  circa  folida  ali- 
qua rotunda.  Prop.  14,  §  2,  &  feq. 

Eleuatio  ciufdcm  prop.  1 4  ad  folida_> 
aliquarotunda.  ibid.  §  f,&  feq. 

2(J. 

Vniucrfalifiima  dcmoftratio  propofi- 
tionis  i^hb.fi  proquantitatenon_, 
folumplana,  fed  &folida)  &di- 
fctetaj&c.ibid.  §  10. 

Eleuatio  propofitionis  1 5  lib.6  ad  fte- 

reomctrica,  Prop.  i  J,  §  J. 
28. 
Vhiuerfalifnme  demonftratae  propof, 

16, &  17  dc  totogcnere  quaniita- 

tis  continus  ,  difcretae,  plan»,  loli» 

ds.  Prop.i7.§20. 

Libri  12  elero,  propofitio  1  fadla  vni- 
•leifahfiima  de  circulishdhentibus 
proportionera  non  fohim  quadra- 
torum,fcd  fimilium  omnium  figu- 
rarum  fuper  diamecns .  Propof.20, 
lib.6.§  14. 

50. 

Planarum  figurarum  transformatlo- 
nes  c  20  propol.hb.6,§  51. 

?!• 

TiaduAlonespropofitionumgeome- 

tricarum  etiam  ad  uumeros .  Piop. 
io,poft§5i,&ahbi. 

Ampliatio>&  vnmctfahtaspfop.  ii. 
lbld.§.i. 

Fundamentum  vniuerfale  conftitus- 
doium  ledtihneorum  proponiona- 
lium.Prc^p.  22,  S  4. 

}4- 
Ampliario  ad  numcros  ,  &  ad  folidAj 

pio|)ofitionisi2;§  Sf 

Am- 
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37- 


AmpliatioBCS  propofiiionij  z ;,  §  7, 9, 

Vniaerfalis  inueftigatio  ptoportionis 
inter  qiiarciiq;  tecitilmea ,  Prop.  ij» 
§  iz. 

?7. 

Traduclio  propofitionis  i^lib.tf.  ad 
proportiones  fupcrficierum  curua- 
rum,&  folidoium  aliquoiumro- 
tundotum.  §  kT,  17,  i8,  i^. 

Traduclio  propofitionis  i^  lib.  ^ad 
transformacioncs  iigurarum  etiam 
non  ledtilinearum. 

Reiflilincarum  figurarum  propovtio- 
naliuminuentioncs.^cc.  Piop.  zj. 
§  10,11,  li.  ^Scc. 
40. 

Cuiuilineorum  propoiiionalium  in- 
ucntiones.  ibid.§  i;, 

41. 
.^uaioncs,imminutiones,diuifioncs 

planainm  rigurarum,  fcruata  fimi- 
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litudinc.  ibid.§  14. 
4X. 
Tradudtiones  propofitioniim  18,  & 
19  lib.  <j  ad  conicas  fedtiones ,  pra- 
xes,  vfus,  &c. 

45- 
Ex  vnica  linca  quotlibet  alias  diui- 
dere  extrema  ,  &  media  rationo. 
Propof.  5oIib.6.  §  z. 

44. 
Diuifioin  infinitum  redtx  extrem3,5e 
mcdia  ratione  ibid.§  y. 

4T- 
Cipus  Stereomerricus  ad  corpora  re- 
gulaiia  a  linca  piopoctionaliicr  fe- 
dia.  Prop.30.§  14. 
4(J. 
Campus  geometricus,  &vniuerfalis 
cx  vfu  propofit.  5 1  li.<j ,  pro  auCtio- 
nibus,imiTiinutionibus ,  diuifioni- 
busrectilinearum  planarum  figu- 
rarum,  feruata  cadem  figura  in  to- 
tis ,  partibus ,  rcfiduis,  compofitis. 
§  ij&fcqucntibus. 


IN  TOMO  TERTIO. 


- .       47. 

VNiuerfalitas  libri  ^  elem.  non 
folum  ad  quantitatem  difcre- 
ram,&continuam,  planaiTu, 
caruam,  folidam,  fed  etiam  ad  om- 
ncsartes,&fcientias.To.3.1i.  ^.  §  i. 

Conuerfa  ratio  demonftrara  vniucr- 
faliter  detotogencre  quantitatis.li. 
y.prop.ip.Schdl.i. 
49. 

Propofitiones  aliqu2  libri  f  tradudts 
ad  folutionem  aliquarum  libiife- 
ptim.li.^.prop,2.y,corolIar. 

Propofitio  Z4  iibri  tertij  tradudtactia 
adcuruiiuieii;  ibid,  ix\  Sclioi. 


Campi  Geometrici ,  &  Tradudioli- 
bii  3  clem.ad  Conica,  Polt  propof. 
37,  in  Appcndice,  §.i. 

Tradu<5tio  libri  3  elem.  ad  Stcieomc- 
triam.  Poit  piop.57,  §  1. 

Tradudlio,  &  vfus  lib.  4  clem.  ad  mi- 
litaiern  architccturam ,  ad  Aitro- 
no.mica.  &c.  §  i,&mfcq.piopofi- 
tionibus  cius  libri. 

54- 
Vniuerfaliade  quaiibct  figura  regu- 
lari  infcribenda,&  ciicumictiben- 
da  circulo.  Ii.  4,  polt  propof.  16,  la 
Appendice,§  4,  &  f . 

H    a  Pio- 


■^ 


I    N    t) 

Problema  vniiieifale  pio  militari  ar- 
chitedlura,fcilicct:  fuperdataqua- 
libet  linea  quamlibet  rcgularem_ 
figuram  excitare.lib.  4,  in  Appen- 
dice,  §  6. 

Liber  iclem.tradudlusad  aigcbrati- 
ca,&  ad  arcananu!neroru;n,varijs 
exemphs,  §  i,8,5>,  i^,  14, &c. 

57. 
Vniuerfaliffima  fadti  tfe  toto  gencre 
quantitatis,  etiam  folids^ptima. 
piop.lib.i,§  <j, 

58. 
Propof.^  lib.  1  traduda  ad  omnia  ge- 
nera  qiiantitatis  etiam  foliax,  Pto- 
pof.^.Jchol.j. 

Tradudlac  propof.  1 2  ,  &  1 3  lib.  i  nd 

amplillimos  vfus  vnmeljEgaome- 

tris.  §  j8. 

60. 
Auftarium  propofnionum  vniuerfa- 

liam  de  toto  gencre  quantitatis,  ad 

lib»2,§  ly. 

61. 
Campus  Geometricus  circ*  quadra- 

tioncs  curuilineorum.il.  2. §  20. 

Campi  Geometricus,  &  Stetcomctri- 
cus,  in  qu)buselib.2  elem.compo- 
fitioncsfolidoium,  &coiumana- 
lyfcsjnlibrum  2.§20, 11. 

Propofitiones  55,;!6lib.  1  tradudl^ad 
folida.InEpil.I'linim.Poft§  i. 
64. 

Ampliationes  propofitionum  aliqua- 
rum  de  folidis.Epilog.  Planim.poft 

Campus  Quadratorius ,  inquolcgi- 
tim.-E '  leomcttici  philofophif  Co- 
roUaria  de  nmneio  infinitis  qua- 
draturis  fphiiicatum  ,&  cylindri- 
carura  fuperficierum  ,  ttiangulo- 
lum  iphxticornra ,  citcuioriim .  Ifl, 
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Epilog.Planim.§  29, 
66. 
Regula  noftra  vniuerfalis  de  {olido- 
runi  etiam  diuerfi  fpeciei  bafibiis, 
&c  ahitudinibus  leciprocis.Breuiar. 
Stereom.feft.  i.Schoi.poft  theot.  8. 

Regula  vniucrfalis  de  diuerf.E  fpeciei 
folidis  eiufdem  altitudmis  haben- 
tibus  intci  fe  bafiii  proportionein. 
fec.i.§4. 

68. 

Regula:  apud  nos  vniueffales,brcncs, 
ac  faciles  pro  pecuharibus ,  qua:  a- 
pud  liticlidcm  funt  circa  triplicatas 
proportiones ,  .Scc.  fohdorum  fimi- 
lium.  ibid.§(j. 

Vniuerfales  regul.-c  ad  praxes  ctiam_. 
eeomctrice  organicas  pro  cogno- 
fcendis  proportionibus  datoium., 
folidorum  etiam  non  fimiliu.  Brcu. 
^tcrco.  fec.i.Schol.poftlheot.^i. 
70. 

Regula  vniuerfalifllma  de  proportio- 
ne  folidotum  etiam  non  fimilium, 
&  vltraelementariujcxeorum  ortu. 
fcc.i.§7. 

Rcgula  vniucrfalis  pro  quadradis  cu- 
ruisfuperficicbus.fec.  2.  Schol.  2 
poftprobl.ii. 

Regula  vniuerfalis  pro  inucntionc^  ■ 
crganica  centri  grauiratis.Sec.2.co- 
lollar.  jpoftprobl.17. 

75. 
Vniucrfalia  ad  dimefionemquarum- 
cumq-,etiam  irregulatium  luperfi- 
cierum  circafohdarotunda.  fec.z, 
SchoI,3  poftprobl.  18. 

Vniuerfalia  pro  dimennonibus  folr- 
dorum  rotundorum.  poft  probl.  16 
in  fine  §.}.Sec.2.Schol.z. 

Regulae  vniuerfales  pro  transforma- 
tionibus  folidorum.  Seci,  Schol.t 
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poft:  probl.50,  &  cor.poft  probl.  44. 
16. 

Regula  vniuerfalis  etiam  pjo  folidis 
vltraeleincntanbus ,  feilicr»  totun- 
dis  omnibus  tianslormandis  in  x- 
qualeparallelepipedum .  ibid.poft 
probl.43,44. 

77. 

Regula  vniucrfalis  pro  folidorum  ro- 
tundorum  auclionibus,  imminutio- 
nibus,  &c.  in  data  ptoportionc.Sec. 
a.  §  z. 

78. 

Scges  Theorematum  Stereometrico- 
rum.  Schol.poft  §  <>,  fet.i. 

75>. 
Campus  Stcreometricus  de  quorun- 
cunq-,  fohdoruro.(?c  luperficierum_. 
CKca  ea  proportionibus  ,  dimenfio- 
rubusjtransformatinnibus .  &c.  cx 
eorumortu.Infinefcc.2.§  10. 
80. 
Vnica  vniuerfaH  regula  foluerc  libri 
i^elerocnt.  propofinones  a  11  ad 
18  cxclufiuedefohdis  rcgulanbus. 
Sec.j.  §2, 3,4,  ^. 
81. 
Vniuctfale  probl .  Data  fpbirae  fcmi- 
midiaroetro  inueniie  latus  fulidi  rc- 
guleris  infcnbcdi  aliter ,  ac  facihus» 
qu  am  apud  Eutl.  Scc.3.  §  4. 
82. 
Vniucrfale  conucrfum  anteccdentis: 
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datolatcrc  fol'di  regularis,inuenire 
feiridiametrum  fph^raecircumfcn- 
benda:.  Sec.3.§  f. 

Audlaria,  &  compendia  noftra  pro  1 3 
hb.de  fohdis.Sec.v§  1 1- 

84. 

Problcma  vniuerf.ile  de  folidi  rcgula- 

laris  fuperficie  metienda.  Ibid.§  i  i, 

8^ 

Pro  aliquibus  propofitionibus  libri  14 

elem.noftia  vnuerfalia  Audtana_., 

&:  compcndia.  Stc.  3.§  14,  if ,  i6j 

i7>  i8j  i^^io. 

85. 
Regula  vniucrfalispro  Jat»  corporis 
rerjul?ris  fohditate  mcticnda.  Ibid. 

§17. 

87. 
Compendia  indicata  de  transforma- 
tionibus ,  audionibus ,  imminucio- 
nibusjdimenfionibus,  &:c,corpo- 
rum  regularium.  Ib.§  10. 
88. 
Campus  dcmonftratofius  vniuetfa- 
liflimus ,  &  compcndiolus  pro  ele- 
uandis  propolit;onjbus  ad  omnia_. 
generaquanticarum,difcreccc,con- 
tinua: ,  planz ,  curu.T ,  folida: ,  ab- 
ftrad:iE,concrcta:.<.\c.  Scc.  3.  §  13. 

Campus,  &  compendia  pro  quantita- 
te  itrationah.  &c.  Sec.3.§  24. 


INDEX  SECVNDVS 

Theoremamm  de  Bgurisfolidis. 


C 


IN  rOMO  SECVNDO, 


Ylindri  re<Sli,equalium  fincba- 
fibusfupeificieiUjtacii  exgy- 
lationc  cif ca  afympt oton  ^qua- 


liumredtangulorum,  babentinter 
fe  proprrtionen?  icmidiamettoruro 
in  bafibus .  Ac  demonflratur  es  no- 
uo  vfugeometrico  centri  grauita- 

us. 


tis.Ptopor.  14.  §  ^ 
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Cylindrorum  redorum  (  ifcperime- 
ttorum  fine  bafibus )  leciprocantur 
llcur  fcmidiametn^etiam  diametri» 
&  pciipheiis  bafium)  fic  etiam  fo- 
liditatcs  cumaltitudmibus.  Ib.  §  6. 

Conorum  ifofcclium  ex  gytatione^ 
trianguloium  arqualium  itucr  hy- 
perbolcn,  &  afymptoton  fohdita- 
tesmrei  fe  iunt  vc  femidiametriba- 
fium,  &  reciprocc  vt  altitudines  >  c 
nouo  vfu  ccntri  grauitatis .  Propof. 

,  4- 
Sph^ra:  habent  intcr  fe  propoitioncm 
tnphcatam   femidiametrorum  de- 
monftratan)  ex  vfu  geomecnco  ce- 
tti  grauitatis.  Prop.  zo,  §  i8. 

Sphxra:  inter  fe  funt  vc  a  chametris 
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cubi,  Ib  §  iS. 


6. 


Sphjcra  Sohs  (  qui  tcrra  longe  minoi' 
ocuhs  apparet)eft  maior  terrij  ^ph?- 
ra  plufquam  centies,&  quadragies. 
Ibid.§  30. 

7- 

Coni,  irCylindii  rcdieiufdernalti- 
tudmis  ,  iS:  bafis  fai3:i  e  lotationi^ 
circaafymptotonex  ^quahbus  re- 
(a:anguhs,&  ttiangulis  mter  hyper- 
boIen,&  afymptoton,  habenc  intet 
fe  propoitionem  compoficam  ex 
proportione  trianguH  ad  recftagu- 
luni ,  &  cx  proportionetiientisad 
femifiem  femidiametri  bafis  cora- 
munis. Ptop,i;.§  iS. 
'8. 

Omnisconus  ccrcia  pais  eft  cylindri 
eamdem  cum  ipfo  bafi.ii  habenti% 
Sc  altitudinemiqualcm. 


IN  roMO  TERTIO, 


£c  in  Breuiaiij  Scercomctrici 
Ss<5bioneprini3. 


Aralle!ep'pedaiqua!iuni  bafiii, 
&  altitudinfi  func  equalia.theo- 
rem.i. 


Prifmata  iqualium  bafium,  &:  altitu- 
dinum  futit  a:qualia  .Theoi.  i. 

Cylindri  ctiamobliqui  equaliumba- 
iJum,  &  alcitudinum  func  xquales. 
Theor.5. 

4- 
Coniaequalium  baiium  ,  &alcitudi- 
num  funt  squales.  Theor.4. 

f- 

Parallelcpipeda,quotum  bafes,  &  aU 


titudines  reciprocantur,funt  asqua- 
lia.  Theor.  f . 

6. 
Cylindri,  &  Coni ,  quorum  bafes ,  & 
alticudines  reciprocantur>  funt  ac- 
quales.lheor.  6. 

7. 
ParaUelepjpcdum  ex  tribus  lineis  pro- 
pOrtionalibus,  eft  acquale  parallelc- 
pipcdo  cx  media,  &,c.  luxta  propof. 
36li.ii.Theor.7. 
8. 
Solidaex  quatuoi  lincis  proportiona- 
libus  fimiha  >  finjiiitcrq  \  defctipta-» 
funt  proporuoualia.  Thcor.8. 

Pa- 
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Parallclepipedi  fedi  parallcl«s,&c. 
fcgmeu  sut  iiitet  fevc  baies.Th.  lo. 

lO. 

Cylindrifedti  paiallelws  bafibusfeg- 
niencd  func  Uicer  fe  >  vc  axes.  i  heor. 

XI^  12. 

II. 

Paralllelepipeda  fuper  .-Equalibusba- 
libus,  tunc  inter  fe  vt  altitudines. 
Teor.13. 

12. 

Conuseft  tertiapars  fui  Cylindii.Th. 

Pyramisefttertia  pars  fui  prifniatis. 
Tbcor.15. 

14- 

Coni,  &  Pyramides  eiufdem  altitudi- 
nis,  funt  inccr  le  vt  baUs.  Li  Schol. 

Solida  parallelep.peda  fimilia  funt  in 
•  triplicataproportione  laterura  ho- 

raologormu.  Theor.i6. 
16. 
Prifmata  fimilia  lunt  in  triplicata  pro- 

portionelaterum  homoiogoiuitu . 

Theor.17. 


Similes  pyramides  funt  inter  fe  in  tii- 
plicata  pioportione  laterum  homo- 
logorum.  TheoriS. 

Cylindri  fimiles  habcnt  inter  fe  tiipli- 
catam  proporcione  femidiamt  tro- 
rum  (fiuc  diametrorum)  in  bafibus, 
cx  eorura  orcu.  Scc,  Theor.  ip. 

IC). 

Conifimiles  habenc  interfe  triplica- 
cam  proporcionem  femidiametro» 
rum  (fiue  diamttrorum)  in  bafibus. 
Exeorumonu.Theor.iC. 
20. 

Sph^ra:  habent  inter  fe  triplicata  pro- 
portionem  femidiametrorum  (  fiuc 
diametrorumjex  eatum  ortu  ,  eci.im 
line  vfu  gcometrico  cencri  gcauica- 
tis,  &c.  Theor.2i. 
21. 

Sifuerint  quatuorlineaEredli  ccnci- 
nue  proporcionalcs ,  vc  eft  priraa_» 
adqu.iicam,  ica  ell  parallelepipc- 
dum  fuper  prima  defctiptum  ad 
parallclepipcrtum  fimile,limiliterq; 
dcfciiptum  fuper  fecunda.,Th.x2. 


In  Sedbionc  Secunda  Brcuiarij. 


12. 

CYIindrifuperficiesfine  bafibus 
a:qualis  eil  luperficiei  iphaciae 
in  cylir,dro  infcripte.at  vero  ci'i 
baiibus  elt  fefquialtcia'.  cS;c  .  Poft 
probl.i7,coroU.i. 

Superficies  fpbaciica  eft  squalis  fu- 
pcrficiei  fine  balihus  lemKylindri, 
fiue  cyimdii  diffcdi  luxta  axtm ,  Sc 
habcntis  pio  bafe  icmicirculum., 
fphaEt^maximumj&pio  altuudiiic 
dup.icatam  fph^Kj  diamctrum.Poft 
probl.iS.coroil.  1. 

Spneaeta  eft  «qualis  fcmicylindco,fiue 


cylindro  bifedio  iuxtaaxcmhabet» 
pto  bafc  femicirculum ,  &  pio  aki- 
tudine  duas  tertias  duplicataedia- 
mecri  eiufde  fcwicirculi,.  Polt  pro- 
bl.i8,coroll.i. 

Spha:ra  eft  zqualis  cylindrohabenti 
pro  bafecitculum  iphirc  maximfi, 
8c  pio  alcKudine  duasceicias  dia« 
metri.  Poft  probl.2  j,coroiiar. 
16. 

Sphxia  iqualis  elt  cylindio  habentj 
pro  bafe  cncuJum  aqualcm  iphx- 
uc£  fupcrhciei ,  &;  pro  akituclinc^ 
leitiam  paitcm  ftniidiametrieiuf- 
deoj  fpha:is.  Poft  probi.  j6.corol.  i, 

Co- 
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17. 


Conushabespro  alrifjdine  femidia- 
metium  fpharrx ,  <?c  pro  bale  circu- 
lumarqualcin  fuperficiei  eiufclem_. 
fpharra-jiqualised  fphits  .  ibid. 
coroU.i. 

Gonus  habens  pro  bai"e  circuli^  fphae- 
la:  maximum,  pro  altltudine  duph- 
catam  diaraetrum,  eft  squalis  dats 
fpharx. 

.Sphxraad  Conum  hrbentempro  al- 
titudme  diametriim  cuifdem  fpha:- 
raE>&  probafi  cuculum  emfdeiTU 
fph.ri2E  raaximum>  habet  propov- 
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tionem  duplam.  Ibid.coroll.^, 

Duo  theorewata  alitfr,ac  faciliusi  qtiam 
^ab  Archimede. 
30. 
Sphara  quadrupla  eft  coni  habencis 
proaltitudmc  femidiametm  fphx- 
r.T,  &-  pro  baficirculum  eiufdeiiu 
Iphxrsmaximum. 

Cylindrus  habens  pro  altitudine  dia- 
meirum  fphxri ,  &  pro  bafi  circu- 
lumeiufdem  fpha:remaximum,ha- 
bet  ad  eandem  fphiram  propor» 
tionem  fcfquialteiam.  CotoU.  j,  & 
4po(l  probl.i(j. 


In  Sccftionetenia  Breularlj. 


SVb  angulo  redlo  rc(fla  linca  ^\ 
moueaturita,  vt  eius  extrema_i 
femperfint  iii  anguli  iateribus, 
ac  altero  extremo  motum  inccepe- 
lit  ab  angulo  donec  alterum  excre- 
itium  perueniat  ad  eundemangu- 
iu,  fignabit  medio  fui  puneSlo  quar- 
tam  circularem,reliquis  pundtis  in- 
ter  exrrema,  &  medium  fignabit 
quarcascUipcicas.  Sec.j.  fub  §  ij. 

Rcdta  fub  angulo  redlo  vcrinquein_, 

infinicum  produfta,  &  fecans  an- 

-.guU  latera  >  fi  altero  fedlionis  pun- 

sko  incjpiat  moucn  ab  angulo  fe- 


cus  alterum  latus.altero  fecus  alre^ 
rum,donec  fiftar  in  eodem  angulo, 
omnibus  fui  pundis  fignabic  incta» 
&  extra  angulum  quartas  ellipci- 
cas,eciam  oppofitas,v<c  ijquales.mc- 
dio  pudto  fub  angulo  fignabic  quat 
camcircularem.lb.in  fine  §  if. 

34- 
Parallelogrammaca  inter  hyperbolen, 

&  redtas  afympcotos  omnia  intci  fc 

funt  arqualia.  §  2(J.  &c. 

Cylindrus  fphsrice  cauus  habcr  caua 
luperficiem  interiorem  acquakitu 
exccriori  cylindiics  fine  bafibu», 
§30. 


IN- 


INDEX  TERTIVS 

Problemamm  dc  follclis  in  tertio  Tomo,  6c  iti 
Breuiarij  Stercomctrici  iedlione  2,  6c  3. 

InTo,  3 .  Breuiar.  Stereometr,  Scc.  2- 


PAralldepipcdi,  Pii{"matis,Cylin- 
lirholiditates  menn  tx  coruin 
ortu.  Ptobl.19, 10,  i  I. 
2. 
Pyramidis ,  &  Coni  folidicatcs  metiri. 
Probl.zx,  15. 

Sphajrs  ioliditatem  metiii.  Probl.  i^. 

4- 
AlceiafphjEixdimeiifio.  Probl.  ly. 

.  S. 

Tcrtia  fphscrxdiraenfio.  Probl.  16. 

6. 
Datam  Sph.Tram  in  xqualcra  conutiu 
transformare.  Probl.27. 
7. 
Dat-am  (phsram  iii  xqualem  cylindru 
transtotmare.  Probl.18. 
8. 
Dato  cono  cylindrum  ^qualem  ponc- 
re,  Probl..25?. 

P- 
Datumcyiindrurain  equalemconum 
tr.mstormare.  Probl.  30. 

10. 

Datum  prifma  in  squale  parallelepi- 
pcdum  transtbrmare.  Probl.3 1. 
II. 
Parallelepipedo  cyiindrum  xqualem 
ponere.  Probl.3i. 
12. 
Pyraroidcm  in  conum  squalem  ttans- 
tormare.  Probl.33. 

13- 
Pytamideminprifma,  vel  parallelc- 


pipedum ,  conum  in  cylindrum  ae- 
quahi  transferre.  Piobl.34,3  ^. 

14. 
Datum  parallelepipedum  in  cubum 
a;qualem  cransierre.  Probl.^6. 

if. 

Dataliquidorum  (autcriam  frugum, 
ac  rctuin  arularum,qiix  v.ifis  nien- 
furantui )  quanticaiccubicum  vas 
c:us  prxcise  cap.tx  gcometnce  c6- 
fticueic.Prob].:57. 
ilS. 

Datumcylindtum  ,  vel  conum  in  a;- 
qualemeubumconuertere  .  Probl. 
58,  39. 

17. 
Datocubo  parallelepipedumaiqualc 
indaca  alcitudineconl^iau-^ejcum 
vfupropol.36  li.i  1.  Probl.  40. 
18. 
Sphsram  in  cubum  .-cqualem  trans- 
■  formarc,  cum  vfu  geometcico  ctn  • 
tri  grauitacis.  Probi.4 1. 
19. 
Datocubo  fphxram  squalcm  ponc- 
rc,  Probi,42. 

io. 
Datis  cylindro»  Viico  o  fphirams- 
quakmco.i  tiuer  c.  Probl.43,44. 
2  I." 
Datofolido  fimiU-  foliduin  maius,vel 
muiusin  dita  j  top.^rcione  coiUti- 
tuerc.  Piobl.4f. 
22. 
Cubum  duplare.  Probl.^c». 

I  Co- 
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»?• 


Conum  in  dauratione  imminucro. 

Probl.47. 

14. 
Ditumparallclepipedum  ad  datajiu 

ratioiieni  fccaie.  Piobi.  4S. 


\H. 


Datum  cylindrum  fecarc  ad  djtanu 

lationem.  Probl.45. 
16, 
Prifmatum ,  &  Pyramidum  facillinia 

proporcioaalis  fe^io. 


InSc(flioneterria. 


17. 


D^tKfphxTx  fcmidiametro,  in- 
iinirc  iatus  folidi  rcgulatis  in- 
icribendi,  aiitci-,  ac  faciiius, 
quamapud  Euclidem.  Probl.i. 
18. 
Dato  latcie  folidi  regularis,  inucnire 
femidiamecrum  fphijta;  ciicumfai- 
bend«.Probl.i. 

Tetraedri  folida  conftruifJrio,  praxis, 
analyfis.  Probl.?. 

Ocliedri  folida  conftru(5Ho,praxi$,re- 
fotutio.  Probl.4. 

Compofitio  .praxis  ,  analyfis  Hcxac- 
dn,  liue  Cubi.  Probl.^. 

Ji. 
Gompoficio,praxis,ana!yfisIcofacdii. 
PiobLtf. 


??• 


Compofitio.praxis,  analvfis  Dodccac- 
dn.  Ptobi.7. 

Dati  (olidi  rcgularis  fupetficiemnjc- 
tiri.  §  12. 

Dati  corpons  regularis  foliditate  mc- 
tiri.  ib.Probi.f?. 

,   ^'^-  . 
Dato  Cono  alritudinis  equalis  diamc. 

cio  bafis,  folidum  cylindncH  Iphac- 

ruc  cauum  a:c|ualcconltiiucre.  Et 

conuerfim.  §  25, 

37. 
Datocono(in  cuius  bafi  diamcrer  fii 
duplaaltitudinis^  fcaphium  cylin- 
dru  um  haemifphajncc  cauii  a:qua- 
le  poncre.  Ec  conucrfim.  ib. 
38. 
De  dimenfione  fupeificicrum  in  fca- 
phijshemifpha;uci».  Poil  §30. 


INDEX   QVARTVS, 

IN  aVO 

Dc  curuis  fupcrficiebus  Theoremata ,  Problemata ,  CoroIJaria. 
luiD  Corollariadefolidis. 

DE  CVRVIS  SVPERFIClEBVS.&c. 
IN  70M0  SECFNDO, 


S 


Tparallclogrammorum  rcftangu- 
lorum  nucr  hypcrbolen,&  recii 
alymptoton  lacus  afymptoco  pa- 


rallclum  ad  diftantiam  alteriusla* 
teris  gyrari  concipiatur,  ficnt  lupcr» 
ficiescylindricaffinc  bafibus  jom- 
nej  intcr  fe  fc  acqualesi  Prop.  14,^  2. 

Rc- 
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i. 


ReftorumcyHndrorum  fupcrficics  fi- 
ncbalibus  produdbza  Utenbus  ec- 
iam  inacqualibus  iqualium  rcct.in- 
gulornm  funr  mcci  (c  «quales .  Ibi- 
dem.§  }. 

SUperiicics  cylindn  re(5ti  fine  bafibui 
producitur,  ducta  cyln.dii  alruudi- 
nemciicumfcreniumbar!s.lb.§4. 

Ccrollaria  in  re  vafaria  proliquidis. 
&c.Ibjd.§7. 

f. 

Conorum  rcdorum,  ic  inxqu.-.liuinj 
j^ltuudinurti.quoiuni  latera  (un  s- 
qualia>rupetticies  linc  bafibus^iunc 
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inter  fc.vt  bafiu  fcmiJiametri.  Pio- 
pof.15,54. 

6. 
Supcrficics  finc  bafibns  conorum  rc- 
Ctorum  fa^t?  a  triangulis  equalibus 
intcr  hypetbolcn  ,  tS:  afymprocon» 
habent  intcr  ic  proportioncit»  com- 
pofitam  exlateribus,  &  ^  feaiidu.. 
metris  bafium.Frop.Z5,§  16, 

7. 
Conorum ,  Sc  cylindrorumvciflorum» 
li.ibentium  xquales  b.ifes  &c  altitu- 
dincj  inter  hypcrbnle,  t?c  afynpro- 
ton,fapcificies  babe.it  inter  fe  pio- 
portioneip  topofitam  cx.  lat°nbus* 
&  e^  diamecro^  t^  femidiainctrQ 
bafis.Ibid.§  17. 


DE  CFBJ^IS  SyVE.BJlCllByS  J\TO.   J. 


s. 

RE<fl:orum  cylindrorum  fimilifi 
fuperticiej  finc  balibus  fuii: 
inttr  fe  in  duplicata  propor- 
tioiic  fcmidiainctroiumin  bifibiij. 
Breu;ar.Ster.fec.i,Theor.i3,&  ali- 
tcr  I,  i. 

9. 

Supetficies  rcdorum  fimilium  cylin- 
drorum  funt  in  duplicata  propor- 
t»one  altitudinum  .  Ibid.  Thcor.  24. 
10. 

Similium  conorum  fupcrficies  finc^ 
bijribus  fuiit  in  duphcata  pinportio- 
ne quorumlibet triuin  lacerum tta- 
guli  gyrati  Circulaiiter  in  ortu  ly-. 
Iindru  X  fupci hciei.  ib.  Theor.i $,& 
Alicer. 

1 1. 

Sphziica:  fuperfii.iLS  funt  in  duplicata 
ratioue  femidiametrorum .  luidcm 
Theor.Kj. 

iz. 

Superficics  fine  bafibus  cylindrorum 

^  rectorum,  quoruin  latcii.,&  diame- 
tri  bafium  rcciprocancm,lunt  i^qua* 

t.  ks.jb.TtL27. 


Cylindrircjfti  darat  fuperfieici  fintj 
bafibus  ajquaicm  circulum  dcfcri- 
bere.  Sccl.a.ptobl.i. 

Coni  rcvfti  daiz  fuperficici,  finebafi- 
bus,.cqoaiein  circulum  deftribc- 
te.  ib.probl.i. 

Dati  cylindri  fupcrnc^c  in  conicirn., 
fi  1'.-  banbus  trans:'ormare  .ib.dcm 
Prcbl.5. 

16. 

Conicim  fuperficiem  in  xqualemj 
cyiudiicam  fine  faafibas,  iran^iei- 
re.ib.Prob.4. 

17. 

Cylmdri,&  coni  iupcrficies  finc  ba- 
libiis  fuiu  inier  fc  iquales ,  qiJO'ii 
lattra  xqu.ilia  fui.t  ,  6c  d  mcter 
b:i|isc^ii  du,  la  cU  tJiaiuecri  balis 
cylmdri.  'bid. 

18. 

Di"~  circulocylindricatp,  vcl  coni- 
c  m  i.;pcri:(.ie  fiiu  bii.i.us  .t^ua- 
kminucnire.iD.piGb.),  <5t  6. 


li 


Sphx- 
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19. 


Sphxncx  fuperficiei  circuluiTi^qua- 

iem  Itatimaefcnbere. 
zo. 
Datisrylindricx.  vcl  Conics  fupcr- 

ficiebus ,  line  bafibus  ,  iqualein^ 


X    IV. 

probl.17. 


t9. 


Sphirictj  fuperficie;  cylindricatn  fine 
ba(ibas'a;qualem  poneie.  ibid.poft 
probl.i7,cotoll.i. 


fphxricam  fuperficiem    facilhme     Cylindri  fuperficies  fine  bafibus  x 


conflare .  ib.piobl.8,&  5), 

D.itx  fphxricae  fupecficici  iquales 
'cylindricaai)  vcl  conicam  fuperfi- 
finc  bifious,  facillimeconflare.  ib, 
Pfobt.io,  II. 

11. 
Triangutofpli.-Erico,  hoc  e(l  odtaujt 
parci  uipernciei  fphaic^  circulum 
xquatem  -iefcribere.  ib.  piobl. 1 1. 

13- 
Pacallelc;pipcdorum,Prifmatum,Cy- 

lindiutum  iuperficics   metiri  ,  ex 

earum  oitu.  lb.probl.13  ,&  14,  i^. 

Corollaria  ad  Sacra.  Ibid. 

CoroUana  ad  Archicefturara.ibid. 

Conicam  fuperficiem  metiri  exeiv.s 
otcu  ,  &  cum  viii  geo.Tietiicoccn- 
tti  grauicatis.  ibid.piob!.i6, 

2-7. 

Corollar.  milit.  pco  Tcnconjs.  &c.  Ib. 

Sohanicc  fuperhciei  dimenfi^,ex  eius 
ortii»cuai  vfu  ccncn  giauitatis  .  Ib, 


qualis  eft  fuperficiei  fphiiae  in  cy- 
lindro  infcripta:  •,  at  vero  "cum  bafi- 
bus  cR:  fefquialtcra,&c.it>.coioll.  j, 

31. 

Quanta  fitfoperficies  globotumLu- 
naris,  velTevreftris.  ib.coroll.  j. 

Sphef  icae  fapetficiei  dimeniio  altera. 
&c.idid.probl.i8. 

U- 
Superficiesfph.Erica  eft  .Tqualis  fu- 
perficiei  finS  bafibus  femicylindri, 
fiue  cylindri  dinedli  luxta  axcm,&: 
habtntis  pro  bafe  femicirculum_. 
fphsra;  maximum,  &  pro  alcicudi- 
nc  duplicacam  fphxix  diametrmn» 
ib.corollar.  !• 

.  34- 
Inuenire  quantitatem  rotationis ,  inj 
quam  gycaca  femipcriphcna  ciica 
diameccum  producic   lupcrficicm^ 
fph2;r.E.  ib.coroli.3. 

•   ^^' 
Recia  unea  peripherii  circuli  .-equa- 

lis  jeciam  fine  fpualibus  Archinje- 

dis.  ib.coioU.^. 


corollAria  de  solidis 

IN  7OMO  SECFNDO. 


DTmenfioncstacillim.'c  folidom 
txaiuediubs,  Au(3;iones,>&c. 
PlOp.lO,  §  II. 

Coroilaria ,  &  paradcxa  exifiia  vnj- 


ucrfalia  Aftronomica  indicara  de 
coelotum,  6c  coelcftium  fpha;rarum 
intcr  fe,  &;  cum  cerra  ptoportioni- 
bus.^c.ib.§28. 

IN 
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COROLLARIA  D£  SOLIDIS 
JN   TOMI  TERTII. 


Breuiaiio  Scercometrico* 


40. 

DE  parallekpipedis,&:  prifmati- 
ous  obliquis.  Sect,  i.  polt  Th. 
4,coroll.i. 

41.    ,. 
Depyramidibus  equalibusrediis>  & 
obliquis.&c.  ib.coroli.i. 
4i. 
Dfi  paiallelepipcdis, prifmatibus, cy- 
li.idris,  pyiamidibus ,  conis  etiam., 
mixtuu  a:qualibus .  ib.  Coioll.  3. 

43-  , 
Sifuerit  reciproce  vt  planuiti  ad  pla- 
num  i  ita  Iinea  ad  iineam ,  foiid  um 
ex  inedi)s  plano,  &  linea.eit  squa- 
Icfolidoex  excremis  plano  ,  &  li-, 
nca.  ib.pott  Tlieor  8. 

Q2a:"o  fol  rerra  lit  nlator .  De  com- 
paiatis  magnitudinibus  inter  {^ 
Planetavum.Ac  vfusalijmilitaies 
prsccdentis  Tlieorematis  ii  indi- 
cati apud  nos.  Ib.  poit  1  heor.n, 

4T- 

Corollar.  &  applicatio  demonftratio- 
num  cylindn  ,p.u-allelcp.  in  Iiqui- 
dis,&c.  Ibid.polt  probl.ip,  io,  11. 
45. 

Coiollar.eS.' applicatio dimenfion.Py- 
ranj.Com,  ^Sccm  re  inilitari ,  &  ru- 
ftica.  Ibid,  poit  probI.2z,  zj, 

«;   .  „  47- 

5pft.-Era eft  xqualis  femicylindro,  (lue 

cylindiobife<ftoiuxtaax:m,h.ibe- 
ti  pro  bafe  femicirculum,  &  pro  al- 
titudinedu.isteitiasduplicar.Tdia- 
nietri  emfdem  femicircuii.lbid.co. 
rolIar,poftproble.2.4. 
4S. 
Spbarra  eft  squahs  cylindro  lubeuci 


pro  b.ife  circulum  fphaers  ttiaxi» 
mum,v\:  pio  altitudinc  du.is  tertia| 
diametii.Ibid.Coroli.pPllprob.z^ 

49-  . 

Sphaeraiqualiseit  cylindro  habenti 
pio  bife  circulum  xqualem  fphae- 
rica:  Uiperficiei,&  pio  alti[udine-> 
tertiam  partem  femidiametri  eiuf* 
dem  fphsr^.Coroi.i.poltprobl.ze. 

Gonus  habehs  pio  altltudine  fcmi- 
diametrum  fphxrc,&  pro  bafecir- 
culum  iqualem  fupcrticicieiufde 
fphijrar^aEqualis  elt  ipfi  fphxri.Co- 
lollar.z, 

Propof.^i  lib.  1  Archimcdisdefph?- 
ra,&  tyluidro demonllrata  ditedte 
ex  antecedentibus,  iciljcet:  Sph^ra 
quadrupla  eft  coru  habcitis  pro 
alcitudme  feraidiametrum  f[)hxta:> 
&  pro  bafi  circulum  eiufde  fphsrx 
maximum.  ib.CoiolI.3. 

Corollariuinpropof,3i  lib.i  Arch.de 
fpha:ia,&  cylindro  expcd.tumex 
anteced.fcilicet  .•  Cylindrus  habens 
proakitudi.ie  diamctrum  fphxrx, 
6«:  pro  bafi  ciiculu  eiufdem  fphcr^ 
maximum,  h  ibet  ad  eandem  fph^- 
ram  proportionem  fcfquialreram^». 
ib.Coroll  4. 

f5- 

Sph.-cra  ad  Conu.m  habentem  proal- 

titudine  diametrum  eiuldcm  fph^- 
rx.&probafi  circulum  eiufJemj 
fph<Erx,maximun,  habet  propot- 
tionem  duplam.  ib.Coroll.j. 

Trium  foUdorum  rotundorum  elc- 

men- 
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mcntarium  ciiifflfm  alrimdini-sin- 
fciipcioncsi  flc  dimennonesinterfe 
oidinatillima:  cx  antedidtis  >  luxta 
numcros  i>  2»  ;.ib.Cotoll.6. 

SS- 
Dc  famofacubiduputlonc.  Proble- 
ma  4(>. 

De  comparatione  latcrum  in  corpo- 
ribusregularibus  Se(it.}.§  j. 

S7. 
Pro  li.  1 5  Elem.  dc  folidis  regularibus 
noftracompendia,  &auMaria.ib. 
§11. 

Pro  aliquibus  propoficionibus  lib.  14 
Elem.nolU'acompcndia.Ib.§  i  j. 

S9. 

Noftrum  compendmm ,  &  audlarium 

primuiBadlib.i4Elem.ib.§  ij. 


€e. 


Ad  lib.  14  clcm.  &  rcgula  vniuerfalis 
pro  dati  corporis  rc|^ularis  folidi- 
tatc  mctienda ,  cum  vlu  Corollar, 
ptop.^.lib.ii. 

61. 

Corollaria  eximia  ad  Thcoricen>3c 

xim.  &c  .ib.  (ijb  fincm§z^. 

61. 

Corollaiia  ds  fcaphijs .  &c.  ibid.  §  15. 

Scaphium  hemifphiricc  cauum  cft 
(ub  xqualibus  fupcrficiebus  >  incc- 
liore  hen)ifpha:rica)CXtcriore  cylin» 
drica  fine  balibus.  ib.  po(t  §  50. 

64- 
De  dimenfione  fuperficicrum  ia  fca- 
phijs  hemifph*ricis.  ib. 


INDEX  QVINTVS 

Theoremacum  de  planis. 

/iV  TOMO  SECFNDO, 


I. 

SI  duo  tiiangula  ^qualia  habcant 
vnum  latus  communc>&  indi- 
uerfas  partes  vergant;  Redla  op- 
pofitos  angulos  connedtens  alatc- 
tc  illo  communi  bifaciam  fccatur. 
Propof.i.§  17. 
1. 
In  parallclogrammo  due  redl^  lateri- 
bus  paralleiogiammi  parallel*  >  ac 
muiuofe  fecaates  diuidunt  paral- 
lclogranimum  in  quattuor  patailc- 
logiamnvita  pioportionalia>  ctura 
pecinutata  .  Piopof.  i.§  iS. 


In  parallelogrammis  alferutrumc&- 
plcmetumert  medium  pioportio- 
naleintcr  parallelogramin^ra  cir- 
cadiainetrum.  Propof. i.§  20, 

Si  in  ctiangulo  rcitangulo  ex  quoli- 
bct  acucorum  angulorum  inter- 
uallo  iaccris  adiacencis  aicus  cir- 
culi  dcfcribacut  fccans  baiim>& 
cx  piiilo  fcilionis  demittatur  pet- 
peiidicularis  in  latus  pr^didtum..» 
idtm  latus  eiit  mcdia  proportiona- 
lis  inter  bafiin  rnan^uli  >  &  (cgmc- 
euiu  latctis  conteatum  inicr  pec- 

Ipca-  ^ 
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pendicufafem ,  &  angulum  acutii, 
Propol'.i.§  f . 

V- 

Iq  circulisconcentricis  reStq  lincj  a 
coinmuni  ccnrro  du«ilij,  quj  fecant 
pcriphcnas  ,  proportionaluer  a  pc- 
tjpherijs  fecantur.  PropoUi.  §  6. 
6. 

Rccla  in  fcmicirculo  a  quolibet  pun- 
^o  dumctri  ad  ipfam  diamctrurru 
pcrpendiculan  ,  &  ab  vno  tcrmi- 
noiam  emfdc  diametn  dudtisplu- 
nbusliiieis,  qux  feccnt  circumte- 
tcntiam  >  &;  pcrpendicularcm  ,  liue 
intra»  fiue  cxtia  femiciiculum  :  illa 
linea  que  tranlu  pcr  mterfecbonem 
perpendicularis  cum  circumfeien- 
tia,eft  media  proportionalisinier 
illamcuiufuisalccrms  lincf  paite, 
qu^  contineiur  inter  tcrmmum_, 
dumetri,  &:  circumferentiam^&  il- 
laraqu?  intercipitur  intereundem 
tcrminum  ,  &  pcrpendicularciiu,. 
Pfcpof.4,§37, 

7- 

Siin  fcmicirculoex  vnotcrminoram 
diametri  ducaturtagcs,(:i:  cxaltero 
tcrminoiinea  fccas  tangentem,3c 
circumfcrcntiam ,  atq;  a  puncto  in- 
tcrfectioms  circumiercnti^  in  du- 
metrum  demittatur  perpcndicula- 
ris,  tota  fccans ,  diamcter  •,  fegroen- 
lum  fecantis  incra  femicirculuiTL^, 
nec  non  fcgmencum  diainetri  tntcr 
fccantem,  &c  pcrpendicuiare,  crunt 
quattuorlinc^-continue  propottio- 
Balcs,Propof.4  §  jp. 
8. 

Si  in  fcmicirculo  re<^a  qn<jpiam  ab  al- 
tetutrotcrmino  diamtcn  ad  culu- 
fcrentiam  applicata  ,  fccet  perpcn- 
diculatcm  quampiam  '."uperdiame- 
irumeductim  ,fitquc  fcgmencumj 
eius  inteiceptum  intcr  terminii  dia- 
metri ,  ^  didlam  perpendicularem_ 
^quale  fcgmento  diamctri  incercii- 
dem  terminum,&  perpci.dicalartm 
€^\i%  in  ipfam  dia9aec;um  cadu  a  pii- 
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{ka  applicat?  in  circumfcrcntia ;  ca- 
dcm  apphcata  ,cu!f-lt.'iTiq-,  fcgmen- 
tum  intcr  tcrminum  diamccn  ,  ^ 
priorcm  pcrpedicularcm  eruut  clux 
mediiE  proportionales  interdiamc- 
trum  ,  &  iliud  cius  fcgmeiitum_., 
quod  contincrur  inter  eundcm  tcr- 
minum  diamctn  ,  eandcmque  il- 
lan?  priorcm  perpendicularcm.  Pio- 
pof  4,  §  40. 

9- 

In omni  tiianguJo  tres  rcils  ab  anga- 
lis  produCii,  ac  bitariaiucs  oppoiita 
latcra  fecant  fe  in  commumpuntto, 
Piopof.4.§4i. 

10. 

S{  tres  lincz  redi  continnc  propottio- 
nalesadidcm  punClum  couemant» 
&  media  ad  rcliqnas  fic  pcrpcndicu- 
laris;  rcdVae  qux  lilarum  coniungunt 
tcrminos  ,  contincbunr  anguium  tc- 
d:um.  Piopof.j,  &  6.  ^  i.  * 

II. 

Sitrcs  linei  continue  proportionalcs 
fibiinuiccmin  rcrmmis  eodem  or- 
dinc  ad  angulos  rccb  s  infillancqu? 
illaium  tctmmos ncilaot  duae  rcclx 
Imee  fc  fcmutuo  fccabunt  ad  angu- 
los  ie(^os,&:  in  quattuor  partes  ^on- 
tiDueproprtionaies.  Propol.8.  §  10. 
II. 

Si  dua:  lincs  redac  fefc  itaad  angulos 
rcctosfcccnt  ,vi  quattuorillaiij  pai- 
tc$  lint  ordinc ,  &  connnue  propor- 
tionalcs  ,-tr(Ste(ft2,  qu.xeodemor- 
dinc  carunj  terminos  coniungunt,6c 
iplac  funt  contiime  propoitionaks 
in  rationepartmm  Propoi.8.§  18. 

Si  fint  tres  lineac  coiitinue  proportio» 
nalcs,&  fupermaxima  defcribatur 
fcmicirculus,  ad  quemex  teimino 
dLmetri  apphcctur  mcdia  ,  abeo- 
demq;tcrmino  diamctri  ex  diamc- 
rro  abfcindatur  ^qualis  minim^jqu? 
conneclit  tcrroinos  medie ,  &  mini- 
mc  ex  diamctro  abicifs? ,  pcipendi- 
cuuiis  crit  ad  diamctrunij  &  c?dcin 

mt- 
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poteft,  fimilibus  redilineis,  vcl  cir- 
culi5,  lacilc  ,  acclcroonltratme  co- 
gnolccre  quoc  rcCtilineis ,  vel  circu- 
lis  minoiibus  ^qualia  fint  fp.uia_p 
rjuanrumuis  uregularia  abiplisre- 
i-cdo  in  baiirii  caciat  petpcndicula- 
i-is.i\:  rurfuiii  cx  angulo  reiSto  vnins 
triangulorum  parcialium  alia  per- 
pe.uiicularis  iii  fuara  bafim,  conlli- 
tut^cruiu  c]uaccuor  line^-  continue 
proportionalisi  :icnipe  baiis  trian- 
guli  totalis »  iS:  bafis  partialis ,  nec 
non  duo  earumdem  bafium  feg- 
menta  i.itcrccpta  inter  pcrpcndi- 
cularcs ,  &  .angulum  communem... 
Propol.8.§  lo. 

Diamctei-,&  tangens  func  medi^pio- 
portionales  inter  fecantem,  t<c  feg- 
mentaadiacentia,  liue  interccptau' 
intra  ,&  excia  periphena.  &cc.  Pro- 
pof.8.§  ii. 

16. 

Inter  eafdem  parallelas  lincaemutui 
fecant  fe  in  eadem  proportiono. 
Prop.io,  §  10. 

.     '7-  . 

Si  ad  rectam  lincam  perpcndiculans 
ducatur,  quigfic  media  proporcio- 
nalis  mter  fegmcnta  linc^>,  femicir- 
culus  circa  iliam  hncam  redani  dc- 
fcnpcus  tranfibit  perexncmu  pun- 
dhiinlincs  perpendiculaiis.  Prop. 

iS. 

In  parallelogrammis  omnia  comple- 
menta  corum,  qu^  circa  diametrum 
funt  parallelogrammorum.funt  re- 
ciproca,fiue  habenc  latera  recipro- 
ca.  Prop.14,  §8. 

In  femicirculo  reita  perpendiculari 
erecta  ex  aliquo  pundo  diametri, 
&  protraCia  ctiam  excr.v  peripheria, 
omnia  rectangulacomprehefa  fub 
fegmentis  intetccptis  it.ter  cundeni 
termibum  diamctii,ujtcr  pcrpendi- 
culaiem,  !k.  intcr  pcnphcnam,  funt 
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mter  fe  cquali.a.  Prop.  17.  §  i  j." 

iO. 

Si  ad  diametrum  circuli  in  extitmis 
punctis  dug  perpendicularesexci- 
tcnrur,vS:  ab  eifdem  extieinis  pct 
vnum ,  idemq,-  punttum  cncumfe- 
renti^  dai;  ali^  red^  circulu  fecan- 
tes  ducantur  occurrentes  duabus 
pcrpendicularibus.eritrecbagulum 
comprehcafum  fub  vrralibet  feca- 
tium,^  cius  fegmento  interiore_» 
quadrato  diamecn  ^quale.  Propof 
17.  §  ^. 

zi. 

Si  in  circulo  diametri  fefe  ad  reftos 
angulos  fecet ,  i^  ab  vnius  cxcreu70 
piindlorcdtaducatut  vtcumquef':- 
cans  cucumferenciam ,  &c  alteraiiu 
diamccrum  fiue  piodudla,  (iuc  noii 
produtlamierit  reCtaiigulam  coin- 
piehenfum  fub  duobus  fegmencis 
huius  lincs  dude>q'iorum  vnuiru 
interexcremum  punClu  pnorisdu- 
mctn,  ik  fecundam  diamctru.m,  al- 
terura  vero  intei  idem  puctum  ex- 
Cremum,  &  circumferentiam  intcr- 
i|cicur  ^quale  quadrato  intra  circu- 
lumdefcnpto.  Piop.i/.  §  if. 

Quadratum  cofte  ell  a:quale  rccflan- 
gulofub  diametro,  &  fcmidiame- 
tro  qu.adrari.  Propol!  17.^  16. 

^^ 
Si  curu^  line^  reda  fubtendatur,& 

qu(j'  a  linea  ad  (ubtenfam  peipendi- 

cularcs  ducuntur  pollinr  .xquale  ei, 

quod  ipfius  fubtenf^-  paitibuscon- 

tiuctur ,  ducta  linea  circuli  citcum- 

fercntiacnt.  Propof.i7.§  17, 

Cireulihabenc  inter  fe  duplicatamj 
proportionem  femidiametroiuiTi,cx 
vfu  gcornetrico  cerri  grauuatis  dc- 
monitratam.  Propof.io.§  8. 

Intrafiguram  redilmeam,  velcircu- 
lum  dcfcriptis  minonbus ,  &  intec 
fe  fe  cqualibus  quotcunque  c  apcrc 

po- 
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potcft  fimilibns  tcftilincis,velc!r- 
culiSjfACile,  ac  demonftratiueco- 
gnolccre  quo:  rcotilineis  ,  vel  cir- 
culisminonbns  JEqualia  fint  fpatia 
quantumuis  irregularia  ab  ipfis  re- 
ttilineis^vcl  cuculis  minoribus  non 
occupata.  Propof.io.§  14. 
i6. 
Sphsfrz  h;ibcnt  inrer  fe  proportionem 
tnpiicacara  fcmidiamciiorum  de- 
ironitratam  cx  vfugeomecncocc- 
tiigrauiiatis.Piopof.2Q.§  iS. 

J-7' 
Circcllus  c.Tleftis  a  (tella  polari  circa_. 
mundiaxem,  &  polum  deii^natus 
longe  maior  eft  citculo  cili  Sobns. 
Propof.20  §  i5>. 

iS. 
SphaeraSolis  (qua;  tcrra  loogeminor 
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oculis  apparet)e(l  twaior  terrs  fph^- 
la  plafquam  ccncies,  dc  quadragies. 
Propof.iO.§  30. 

15). 
In  omni  parallelograirmo  alicni  coni- 
plemcntorum  eft  mcdium  propor- 
tionale  mtet  paraHelogrammata  cir- 
cadumccrum.  Propof.i4§  1. 

Si  dati  petagoni  rcgularis  latera  vtrin- ' 
qucproducantut  donec  m  angulos 
cocant,omnia  latera  fccanturmu- 
tuis  gemmis  fciitioiubusfecu.iu  nie- 
diam,<<cex:ieraampioportioncnxj, 
in  quarum  fecliionum  alcera  miius 
fcgmentum  eft  latus  pentagoni  ma- 
lons  circumfcnbendijiii  altera  vtro 
minus  fegmentum  cft  latus  dari  mi- 
nonspcntagom.  (S:c.  Prop.  50  §  i(J. 
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T 


Hcorema  de  iph^ra  plar.um  ran- 
gcn  einpundo,  expropofir.  z. 
iL).5,§  I. 

Thto.ema  de  lincis  duCtis  a  pundto 
contaLius  femicirculorum,  que  om- 
•ncs  fccantur  in  proporiione  feols 
diainctri.  loid.  Piopof.  3  i  §  i. 

Datis  duabus  rcdlis  lincis inuenire  ,  ac 
oftcndcrc  potcnciam  maicris  fupra 
niinorem.iD;d  §  s- 

54- 
Sidua:  rcctx  mutnoita  fecent  fe,  vt 
catum  ligmcnca  lint  recipioce  pio- 
poiciunalia ,  c.rculus  ib.i  pcr  carum 
cxcrcma.  lOid.  prop.5  ^.§  3. 

Siinfemicirculoex  quouis  puncloin- 
tradiametrum  allumpto  ad  ipf-iiTi_. 
erigatut  pcipcndiculans,&:  ab  vcia- 
quc  cermuio  diairiccri  dua:  rcciij-  du- 
caniur  le  mutud  lecrites  intra  femi- 
circulum  in  aliquo  punclo   Iinca; 


perpendicularis.-alia:  dua:  recta:  da- 
Ct2abi,u1em  teimuv.sdiainctn  per 
punci.»,in  qu  busprioiesdu;fcci.nc 
ciicur.MCtcDtiam  ,  (i  prcducantur, 
concuncc  cciam  ipfe  cxrra  fcmicir- 
cuium  in  idcm  punctum  crect^  per- 
pcnd1cular1s.IiJ1d.Propof.36  §  f. 

Si  infcmcirculo  ab  vtroquerermino 
diamctn  dux  rccl.i  uucancur  fcj 
niutuo  fecitcs  iiicra  fcini^.ircuium> 
&:  ab  cifdccu  cermuiis,  pcr  puncta 
in  quibus  duwta:  fccaiic  ciicumicie- 
tiam,  ducanrur  dui  alia:  rccit.E  con- 
curtcntcs  exua  femxirculumirccia, 
qua:  toiiuingic  vcuuma,-  pujictuiuj 
coiicurfus,CMcad  dMtr.<.crum  pcr- 
penditulaiis.  Ioid.§  7. 

Rectanguliicomprchenfljm  fub  dia- 
mctris  qaad.ilactforum  cuculo  in- 
fciircoruii  a;quale  elt  duobc.s  r.- 
dtaii^uiis  liniui ,  qu.x  luo  i.iCtuius 
oppoiuis  concinciuui.  lib.^.Piopof. 

t^,§  1. 

K  k  Q.:a. 


j8. 
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Quadratum  circa  circulum  cftduplii 
quadtati  incra  circulum.  Ibid.  Prop. 

Oilogonum  mcd.proport.  intcrqua- 
dratacirculo  mfcripta  >  &citcuai- 
fcripca.  Ib.prop  io.§  2. 
40. 

Siper  idt-m  punLtum  diametri  in  re- 
itaoguio  duac  iinesducanturlatc- 
ribus  parallclae  ,erit  reiflagulum  fub 
feg.neticis  diametri  comprthcnfum 
xqudlc  duobus redlan^ulis  fub  feg- 
me.itisduoruin  laceiii  compichen- 
fis.hb.2.prop.4  §  10.   " 

41. 

Qiiadratum  dupJa:  quadruplum  qiia- 
dracidunidii  hnca:>  eciam  lu  nu- 
meris  ollenfum.  lb.§  1 1. 

1  neorcmata  cximia  depropomona- 
litate  ariihmetica  in  numeris ,  &  li- 
neisindicata.  Smgularia  etiam  in 
numenscirca  ^poitionHlitates  har- 
monicas,  &  Geomccricas  compara- 
tas  cum  arithmctica  ex^  propofitio- 
ne  elemen.  lib  .z ,  Ibidem  propof.  J, 
§14. 


,4?. 


Si  quantitas  qui^libet  in  duo  fegmenu 
diuidatur  >  id ,  quod  fit  cx  vtrohbet 
aiTumpto  fegmeiito  in  quadraturn^ 
totiuj,  iqtium  crit  his  duobus ,  fci- 
licet  qux  fiunt  ex  vtraq,-  fedtionum 
inquadratumrcliquse,  &ci,  quod 
fit  ex  quadrato  aiTumpci  fegmcnti 
in  tocam.  Ib.piop.  1 1 ,  §  i  j. 

44- 
Si  quantitas  quaelibetin  duofcgmen- 

ta  fecet  ur,  cubus,  qui  cx  tota  a^quus 
erit  his  ,  fcilicer  duobus  cubis  fc- 
clionum , &  triplo  eius ,  quod  fit  ex 
quadrato  vtriufq-,  in  leliquum .  Ib. 

4T- 

S:  quanticas  quxlibct  in  duo  fegmenta 
difpefcacur  ,  cubus  totius  xqualis 
ent  his.fcilicet  daobus  cubis  feg- 
mcncoiuin  ,&  triplofolidi  fub  tota, 
&,  fingulis  fegmentiscontcnti. 
46. 

Ex  orru  crculi  demonftrare  duplica- 
tam  circulorum  proportionme.  Epil. 
Flan.§  ly. 

47. 

Aequalium  altitudiimm,&  bafium  Py- 
ramis,&  Conus  xqualia  funt  felida» 
ex  coLum  orcu.  Epil>  §  3 ;. 

Videy  & in ind.i  theoremata  vniuerfalijjlma-, &  inter  C»  ollaritt,  & ParadoxAi  C^ 
Scholia, 
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Froblematum  de  planis» 

JN  TOMO  SECVNDO. 


DAtisqnibuslibet  ,  &  quotlibct 
rigunsredtilincis  ,qii.-im  inter 
ic  piopoitionem  h.iOcat  facil- 
lime  inueniie.  Fiopof.i  §7. 


A  Trapezio  ex  pudris  in  altcrutro  duo- 
rumlatcrum  parallclorum  impera- 
tam  pittem  auterre  ad  datam  pro- 
portionem  pct  Jineam  parallcUinj 

al- 
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alteri  duorum  latcrum  non  parallc 
lorum  5  modo  cadat  diuifio  iiitra  l.\- 
tusaltcruciutn  patallclum.  Piopof. 

A  dato  pent3gono  ctiam  irregulari  im- 
peratam  pattcm  ad  datam  piopor- 
tionem  iufcne  pei  Imcam  ex  anga- 
lo  deduclam  ,  niodo  diuifio  cadat 
intra  baiini  oppolitaro  anguic&c. 
Propol".  1  §  I J. 

4. 
A  daro  cuiufuis  laterisoblati  trianguli 
pur.dorcCtam  ducere  linfam,  qax 
ordinatam  partcmab  ipfo  iriangulo 
dncmdat.  Propof.i  §  ly. 

f- 
I.itra  datum  triangulum  punfliim  in- 
ueiiirca  quo  in  (ingulos  angulos  clu- 
£tx  lints  .evlli  tiian.;ulum  ipium  in 
tria  >  6:  inuuem  aquaiia  diuitlai.t 
tria.gula  Pfopv.fi  §  i6. 

Duabus  datis  rc<flis  lineis  tcrtiam  pro- 
portionaiCin  i;  u^nire  m  cncir.o  pro- 
pottionum.Propof.4.  Poll  §  10. 

Tiibus  datis  rciflis  lineis  quartam  pro- 
portionai<.ra  inuenirc  in  circinopro- 
portionum.  Propoi^4§  1 1. 
8. 

E^Prop.  lib.  fideicribere  peciiliarem 
ccgioncm.iv  inucnire  veros  (iruslo- 
corum  ,&  incer  ca  vcras  dillantias. 
Propof.4  5  1  i. 

Data:  longitudinis  <]iiantitatem  cogno « 

fccre.  Propol.4po(t  §13. 

10. 

Datam  altitudincm  (ex  eius  vmbrajco- 

jgnofccre  quanta  fit.  Propoi.  4  §  '4. 

II. 

Ci  gnofccre  quata  fit  profunditas  qua:- 

liOti.  Propof.4§  16. 

12. 

Latitudincs  obic(ilas  dimetiri .  Propof. 
4518. 
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'5- 

Dc  btitudinum  etiam  iniccenamm,& 
altirudinu  drmcnfione  pcr  du.is  fta- 
tio.;es,  &  per  partem  taitum  cogni- 
tam  longitudinis.  Ptopof.4  §  lo. 

'4- 

Altitudines  turram  .  &c.  pernoim.ini 
lub^onriane  poficam  dimetiri  .Pro- 
pof.4  5i2. 

U. 
Plana  fub  montibus  latentia  »&  laten- 
tcs  montium  pcipeni.1iculares  alti- 
tudines  pernotmam  mctiri.  Propof. 

45^5- 

16. 

Montesalircr  mctiri  per  vnicamnor- 

nis  applicacionem.  Propof,^  §  14, 

17- 

Cognofcere  quata  fit  altirud  o  alio  mo- 
do,qua:n  per  Solem>ff.il:cctperfpc- 
culum.&c.  Propif.4  §  15. 
18. 

Luna:  a  terris  diftanciarn  agnofcere  per 
conlhuctionem  orgamcaiTj  tri.,ngu- 
Ii  gecmetrici  iqui.mguli  tr:aiigulo 
pafallidico  Allronomico.  Piopof.4 
§  16. 

Solarisdiametri  magnftudinem  fcmi- 
gcometfice  comc^aa .  l^rop.  4  §  ij. 

iO. 

Solis  magnitudinem  per  fciphia  e  4 
prop.lib.(JEuci.  facillimtto^nofce- 
rc.  Propof.  4  §  28. 

21. 

Solisaterra  diftaniiam  metiri  eradijs 
per  feneftrxio  .micntijiedl  s- op^ 
piop.4li.6Eucl.  Propof.^  S  ^9- 

22. 

Scicntific.iro  ptdura n  e  Philofophiaj 
Opticacxeic.re  opepiop.  4l;b  6,  c^: 
coiollarij  apua  nos  pi imi  cx  Cu.  l'io- 
pol.4  §  34. 

Datis  du.ibus  rect  s  lineis  media  pro- 
poicionaltm  ii  ucnirc.Prcp  S  5  2. 

D.atis  diiabus  recl  s  Iineis  ccrtiammi- 
K  k     2  no- 
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norem  propoitiortaleinucmre.  Pro- 
pof.8  §  3. 

Datis  duabus  ledlis  lineis  maiorem  ex- 
tiemaai  inueniie.  Piopof.  8  §4. 
i6. 

Tribus  datis  quartam  proportionalem 
niiiioi em  ■  ac  tnaiorem  e  coroli.  pro- 
po  f.8  li.5  uduuigere.  Propof.  8  §  j. 

i7. 

Tiibus  ciafs  liueis  quartam  maiorem.» 
veiminoicm  pioportionalem  orga- 
nicc  (aciUiine  pernorniair!  inucni- 
re ,  luxta  coroil.propof.  8  lib.6.  Eucl. 
Prop.8  §  6. 

18. 

Duabus  datis  tcrtiam  proportionalcrn., 
lineam  inuenire  oiganice  per  nor- 
mam.  Propof.S  §  7. 

Daabus  mediam  proportionalem  per 
norniammterponere.  Propol.8  §  8. 

30- 
Lineas  non  folum  quartam ,  fed  plures 
etiam  in  caJcm  proportioneconn- 
nuaie  ad  maiores,  &  raraores  termi- 
nos.  Propof.8  §  9. 

D  uabus  datis  redlis  lineis  riuas  medias 
proportioiiales  m  eadeni  proportio- 
ne  nuerpoherciuxta  modum  Plato- 
uis,  c^  coroil.propoi.8  §  1 1. 

Duabus duas  medias  ,&c. alitcr orga- 
nice  ex  1'Ucone.  Propof.  S  §  13. 

Difta,itias(ctiam  inaccc(Tas)  mcririe 
coiollano  8  piopof.li.6.  Prop.8  §  14, 

Tctiiis  orbis  tcirarum  diametrum  iu- 
uenire  e  coroila.propof.S,  lib.6.  Pio- 
poi.S§  16. 

Ex qualibft  lineola , quamuis minima, 
aiiterre  partcm,vel  partes  impcratas, 
cura  vfu  initrumcnti  parmmi ,  (iiic^; 
apud  nuscLtcini  propoitionum.  Pio- 
puf.i?  §  4. 
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J^. 


Aliter  r.  A  data  retfla  imperatam  par- 
tem  auferre  in  circmo  proporuori.li.(J 
Propof.5?,  §  j. 

Aliteri.  Ex  Mautoiyco  datamrcdiam 
in  partcs  xquales  quotlibetfacillime 
fecare,liue  imperotaiD  partem  aufer- 
re.  Propof  c>,§  6. 

38. 

Alitcr  5 .  Ac  tacilius  fccare  demonftra- 
tiue  datam  in  iubi  as  partes  xqualcs, 
fiue  mipcratam  partem  aukrie ,  iScc. 
Piopof.p  §  7. 

55- 
Aliterdemonftrare  propof.io,§  1, 

40. 
Datam  iniccft.im.  fccare  vt  altcrafedta. 
ert,  cx  viu  circmi  proportionuiiTL/. 
Propof.io,  §  5. 

41. 
Datani  rectam  fccarc  vtaltera,  &c.iux- 
ca  Maurolycum.  Piopof.io  §  7. 
4i. 
In  quadrante  circuli  lineam  parallclam 
fcnudiamecro  fimiliter,  acfcciacft 
fcmidiameccrjingeniosefecare.Pro. 
pof.io§o. 

4T- 
Daramrcctam  in  Arithmcticapropor» 

tionalitatc  progrediente  per  datauij 

diflA.rentum ,  diuidc^re  geometrice, 

atq,-etiam  orgamce  m  circino  par- 

tuima:qua!iuni.  1'ropof.  10  §  14. 

44. 

Dacam  recftam  in  propofitafpecie  haf- 

raonicce  proporcionalit.itis  diuidere 

gcometnce,  acq;  etiam  organice  iru 

circino  pairmni  a:qualuim.  Propofic 

IO§lJ. 

45". 
Datam  redtam  in  quinquc  fegmcnta  oc 
ganicc,  &  geomctrica;  concidere  c6- 
flantia  trc-s  finml  proportionalitates, 
geomctricam,  hjcaionica,  arithme- 
ticamjcx  vfu  ioprcpof.£ucl.Piopof.. 
10  §17. 

Vfus 


46. 
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Inuentio  facilHmamcdisin  hannoni- 
ca  proportionahcatc  tam  organice  , 
quam gconietiice .    Ptopoiitio  lo,  § 


58. 


qua 


47. 


Datam  circulaicm  lineatn  infe(flada- 
tx  circulan  ktix  (imilifrfccate^ 
dupiici  modo.  Propof  10  §  zo 
48. 

Aliterpnm6,quam  Euclides.duabus 
datis  rcctis  Jineis  tertiam  proporrio- 
nalcm  maiorem ,  &  nunorera  adiu- 
gerc.Propof.il  §  i. 
49. 

Aliterfccundo,atque  alia praitis ^eo- 
menica  pro  tettia  ^pportionali .  Pro- 
pof.  I  I  §  i. 

Alitertertio,  tertiam  minore  propor- 
tionalcmj Scc. Prop.ii.§  3. 

...  n. 

Alitcr  quaito  ternam  maiorcm  pro- 
portionalem. ,?tc.  Piopof.i  i  §4. 

».■  •  ^^- 

Aluer  qmnto,  fexto,  &-  fcptimo,  terti? 

piopoit.imi.Piopof.ii  §  5. 

AliretScx  iib.  3  Euciid.  tettiamptop. 
(.S:c.  Piopof.ii  §6. 

...  54-      , 

Alitcr,  9,10,11  apud  alios  teitia  pto- 
poit.&c.l\opof.ii  ^7. 

Alircr  ijdatis  hncisnon  folum  quar- 

tam,  fcdquintarB.fexcamjv^^cc.inin- 
finitumcocinuc  piopor.inuenuead 
maioies,  ^  minotes  terroinos.  Pio- 
polic.iz§  1, 

Aliter  1 .  Plurcs  icdtas lineas  in  eadem 
piopoitione  ad  minores,  &  maiorcs 
leiminos  facilhme  continuare,fcu 
dtfcLibere.Piopof  11  §  2. 

Alicer  j  Plures  lincas  in  cade  propor- 
tioiie  co.itinuare  ad  n)aioi-es.&  mi- 
aorcs  leinunos.  Prcpoi.ii  §  j. 


Alitct  4  .  Quotlibet  lineas  imer  fe  pro- 
portionalcs  ad  maiorcs  ,  &;  minores 
terminoscontinuate.Piop.  iz§  10. 

59. 
•  Alitcr  ^continuaie  pluies  lineas  in  ea- 
deniptopoinone.  Ptopoiit.  12.  §  11. 
60. 
Aliter  6.  tiibus  datis  teclis  lincis quar- 
tam  piopoiiionalem  muenite .  Pro- 
poIu.i2§  12. 

61. 

Aliter  feptimo  tiibusquartampiopor. 

&c.  Propof.iz  §  13. 

61. 

Aliter  8  quattam  ptoport .  &c.  Propof. 

12.  §  14. 

^'- 
Aliter  9. 4  proport.lineam  inuen .  Fro- 

poUt.I2  §  I>. 

64. 

Aliter  10,  quartam  propott.  &:c.  Piop. 
12.  §  16. 

6s. 
Alitei  i.duabus  datis  rcfftishneisme- 
diam  propoicionalcm  iiiUcnitc.Pro- 
polit.23.l4. 

66. 
Aliter  2.duab.meJ.Fropo(it.i3  §  ^ 

67. 
Aliter  j.  mediam.&c. Defciibendo  fe- 
micuculumfuper  maioie  datatum, 
Piopofit.13  §  6. 

68. 
Alitcr^.  mediam  ptoportionem .  &c. 
apphcando  vtramq",  datam  in  fcmi- 
ciiculo.  Piopof.13  §7. 

69. 

Aliter  5,&  6.med.propoir.&c.  Propo- 

fit.i3,§  8. 

70. 
Alitcr  7  ,  &  ovganice  per  circinum^ 
propoitionum,  mediani  propoi.&c, 
Propolit.  1 5  V  9. 

7'.  ^ 

Alitc  r  S,&  ^.nied.ptoport  &c.  Propol. 
13  §  10. 

A!i- 
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IK 


Alitcr  lo. mcd.pioportion&c.Piopof. 

Patomcdiopropoitionali,  in  Hatali- 
iiea  diiotxcrtina  rcpcrire.  Opoitet 
autciii  tlatum  incdium  dimidia  par- 
tecljtxlincx  non  efle  maius.l'10- 
polit.i^^ij. 

74. 
Datisduabus  lineis,  quarum  altera- 
non  fit  maior  dimidioalterius,lu- 
pctdataiumaiore  coniliuert  ctiaii- 
gulum  icdaiigulum  ita  ,  vrminov 
datarum  fit  pcrpendiculaiis  ab  an- 
gulo  rcdo  in  baiim  de«.iu(^a..Pio- 
por.15  §14. 

7f. 
Datisduabus  rcdhs  duas  mediaspro- 
poitionjles  attentare ,  arq-,  intcipo- 
nere. Propofic.  i^.^  5  Ibid. 

Jnterduasdatas  duas  mediaspiopor- 
tionales  aliccr  i  ,  organicc  inuenitc. 
Propol.i3.§7lbid." 

77- 

Alircr  5  duas  mcdias  proportionaIes> 
&c.Propo(it.ij.§iiIb.d. 
78. 

Datisduabusrecftis  lincis,  mcdia,& 
minoic  cxtrcma ,  nuiotcm  cxcrcma 
in  Haimonica  Fropoit.oaaiitdtc  in- 
uennx-  per  analoyiini  ad  Geometri- 
cam.  Piopof.i  j.s  j  de  mcd.&c.hai- 
monic. 

75>. 
Dato  parallclogrammo  «quale  paral- 
lclogiamnium  ,  cx  vlu  piop.  14  de- 
tcribere,  Piupolit.  i^.^  i. 
80. 
Datotiisngulo  sEquale  triangulumex 
vlu  ptoj^iof.1 5  iib.  (ijdefcnbcre.Pro- 
pof.if.  §  i. 

81. 

Datum  rcsfl  lincum  quadrare  cx  17 

piop.apai-i  Eucl.Piop.i7.§^. 

81. 

FiobkuiA,  fiue  praxis  quadracita;  Cii- 
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culi>cxlib.().Prop.  17.$  19. 

Curuilincutn  cadiatum  quadrare.  Pro« 

pof.i7.§  II. 

84. 
Dato  quadrato  squale  redlanguluiTU 

conitituere.Propof.i7,§  iz. 

Datum  rriangulum  per  lineas  vni  latc- 
ri  patallelas  in   quotiibct  arqualcs 
paitesdmideic.  Piofoi.if)  §j. 
U. 

Vt  redta  ad  rcdkam  ,  ica  confl  tuererc- 
dtil;ncumad  liiuiItrt^l^ilaieum.Pro* 
po(.zo§  \. 

Vt  re6biiineum  ad  icctilincum  fimlo» 
fic  f  ictrc  ic6tam  ad  leCtain  ,  Piopof. 
zo.§  j. 

88. 

Dato  rcdtilinco  duo  cxcrema  propor- 
tionalia  ..Sc  finn.ia  aOiunj^cie.Pro- 
pol.ii.  §  j. 

89. 

Piopo  fonc-s  paiul.clogramorumintei- 
fc  racilhnjcac  va:ie  inucnirc,et:am 
cxtra  23  piopolit,  Lb.  ^.Piop.i^.  §  6 

Datisqu.bufcuinque,&  quotcumquc 

rtctilincis,  quain  mcer  leproportio- 

ncm  habeant  facile   inucltigarc  cx 

23  propof.Euclid.il.  (J  Prop.23  §  12. 

91. 

Datisduobus  rcttilineis  tertium  pro- 
portionale  coniticucic  in  eadcni  ti- 
gutarumfimiiitudi.ic.Piop.ij,  §  10, 

J)2. 

Tribus  datis  rciftihneis  quartum  pro- 
portionale  conltituercita,  vc  bina_. 
iauem  liuc  limiiia ,  Propof.  2  J.  §  11. 

9i- 

Duobus  datis  reduineis  mcdiumpro- 

pOiCioiialc  (alicer,  quaiii  ad  prop  24. 

lib.6)  idiuiigcre  iii  eadem  tigur^  om- 

niUiU  iiiailii.adine.  Propof.  2{.§  12, 

Datam  reiStam  linea  in  rrcs  partcs  pro- 
puitioualts  duiidere .  Oj^^orttt  au- 

tcin 


I    N    D 

tetninprimadiuifione  pcr  inzqua- 
Jia  fcgmencum  maius  elle  maius  du- 
plo  minoiis  fegmenti.Propof.z8.§  i. 

Datadiametromaiore,  fiue  tranfaersa 
ellipfisincono.  fiue  m  tiunguloe 
fectione  coni  fccunduni  axt-m.in- 
ueniic  latus  rcclumj  fiue  Imeam  ap- 
plicationis  cura  deficicntiaj&c.Pro- 
pd£i8.§  8, 

Datisduabusdiamctris,  fluefemidia- 
iretris  ellipfis  nondum  defcriprac,  & 
quolibctpiidlo  extra  diametrosda- 
to.tognofcerean  punduraid  iitui 
elIipli,anextra.Propof.2S§  ly. 
P7. 

Adtranfuerfam  dumetrura  byperbo- 
les  ipphcate  reiftangulum  xqualcL^ 
quart.E  parti  figur.-E  fub  lateribns  re 
fto,  &  tranfuerfo,  itj.vtcxcedat  fi  • 
gura(|uadrata,ex  v(u  propolir.  ip 
lib.  6.  ad  vlus  pr.Tclaios.  Propofit. 
2i?.§  6. 

HyperboLcarum  iinearum  defcriptio* 
nes  varii.Piop.ic;.  §  n.Schoi.j. 

i>9- 

Hyperbolicam  ftctionem  nouo  inodo 
defcriberei.tiani  afymptotonad  te- 
dlam,vtl  ad,  &  inira  duas  rcdis 
angulum  facicntes.  Piopof.25?.  §  1 1. 
Ahtei.Ibid.§  1 5, 
100. 

Fraxfs  compendiana  geometrice  ,  ac 
dcmonfltatiue  lecandi  datamreda 

•  extrema ,  &  media  ratione .  Propof. 
50. §  I- 

lOI. 

Praxisfccimda  demonthariua ex  vnf- 
calineadiuifa  fecundum  mediam, 
&extreraamraiione  quothbecalias 
datas  flue  maiores  >  liuc  minores  fa- 
ciIe,acdcmonlU.(tiuefccarc  fecun- 
dum  mediam ,  &  extiemam  latio- 
i»cm.Piopof.}0.§2. 


E  X  vi: 


102. 


Daram  re(flam  lincam  in  infinitum  vei 
imminuere,vel  augcre  ita,vt  in  om- 
ni  au(5lione ,  vel  imminutione  facil- 
Iime  fcmper  fiat  fc(Stio  media,&  cx- 
ttema  ratione.  Prop.  jo.  §  f, 

E  circino  proporrionum  expcditifnmc 
datam  redtam  mediaj  &  excreina  ra- 
tione  fecaie.  Pr.  pof.^j;-§  8. 
104. 

Dara  Imea  pro  minoii  fegmcntojadde- 
re  'lli  alteram  pro  maiori  legmcnto 
ita,  vt  rota  compolita  feda  fit  extre- 
tm.ck.  mediaratione,  Propol.§  10  & 
aliterport  §7. 

105'. 

Data  re^Sa  pro  maiori  fegmcnto,adde- 
le  miiius  conficicns  le^aion.m  to- 
tius  ptopoitionalem.Propof.30.§  ix 
&;  alJet  Ib. 

X06. 

Supcr  data  rcda  ftiangulum  reifl<-ui- 
gulum  cxcitaie ,  quod  habeat  I  itcra 
in  eadem  intct  fe  proportione ,  Pto- 
pof.30.§  14. 

107. 
Exdato  leifhlineo  impcraram  parrem 
in  lubita  proportione  aufe.  re  ita ,  vr 
in  ablato,&  refiduoferuecureadeni 
figura  dati  re^iIinei.Prop.3 1.§  2, 
108. 
Dato  redilmeo  duo  ^equaiia  conflrue- 
re  lubitx  proportionis,&  fimil  ia  in- 
ter  ic&L  ipfidato.  Propof.3  i.§  3. 
109. 
Dacum  re(SliIineumdiuidcrcinduofi- 
nnlia  dato  ,  &  inter  fe  in  lubita  pro- 
poniOiiC.  Piopof.ji.  §4. 
iio. 
DatumredilincHm  augere  inlubita^ 
proportione,  feruata  eiufdem  figurje 
tirailitudine.  Propof.3 1.  §  ^. 
II  r. 
Duobusdatis  fimilibus  rciSilineis ter- 
tiuinii.iuale  .acfimilc  tlcicnbero. 
Piopof.  3i.§(J. 


IN 
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IN  rOMO  TERT 10, 


DVoiumcirculorumfe  mutuofc- 
cantuim  centra  inuenire .  lib.  4. 
Piop.i.§  I. 
i. 
Ccniruroinvacuoputei  orc  inucnire. 
lbid.§  5. 

Vari  js  modis  inuenire  circuh  centrum. 
Ibid.§4. 

4- 
Ccntrum  gvatiiratis  inucnirc ,  ad  miri- 

fica,  &c.  Ibid.  §  ^. 

T. 
Dati  fegmenti  centtum  reperire .  Ibid. 
propof.i^. 

6. 

Datasredas  quotcunque  (  quarum  ta- 
men  inaxima  fit  rainor,  qiiam  ea,  ad 
cuius  (imilitudincm  fecandx  funt ) 
fimui  (Tiriiluer,ac  altera  fedlaeft  fe- 
care.  Ibidempropofic .  51  .§  3.  nu- 
mcro  I. 

7. 
Inuenireloca,  per  qua:  motusoculus 
datamrnagnitudine  videac  ausflam, 
vcl  imminutam  in  lubira  proporcio- 
ne.  Ibid.  ptcp.  3 ;  fub  §  4. 

8. 
Pofitis  duabus  lineis ,  podibile  q\\  vn< 
ipfarum  lineamm  aliatii  adiaiigerc 
ita,  vt  i!iu(l,quod  t?t  cx  dudo  totius 
ImexcumadiundainadiunL^an-L., 
squale  fic  quadiaco  leliqux  dacaiiu 
Ib.pr.  36.  §4. 

9- 

Ciica  duo  triangula  communemb.a- 
fim  habent!a„5v:  angiUos  ad  vettices 
requalescirculum  defciibere.lib.4. 
propol.^.§3. 

10. 

Circa  quadrilaterumj  cuiiis  duo  angu- 
li  oppo'ici  fint  ^-quaies  Ouabus  tcctis 
ciiculum  dcfcrii)ae.Ib.pr.5).§  3. 


II. 

Probl.  10  lib.  4  ex  circino  propovtionfi 
facillime  expecjire.  Ib.  prop.  io.§  i. 
II. 

Super  dara  red-a  e  circino  proportio- 
num  pencagonum  rcgulare  facilli- 
meexciiare.Ib.ptopof.i4,§   i. 

Dato  laterc  pefitagoni  regularis ,  inue- 
nire  in  circinoproportionum  femi- 
dianiftrum  circuli  pentagono  cir- 
cumfciibjndi.  Ib.  §  2. 

14- 
Pencigonum  regulare  fuperdaca  exci- 
caic  ope  cuci  prcporcionum.  Ib.  §  5. 

Alicer,  ac  certio  fupet  daca  tcfta  pcnta- 
gonumregularc  excitare.  &c .  Ibi- 
dcm,  §4. 

\6. 

.yuper  daca  rei5i:.\  hfxagonum  reguiare 
excitarcjCiri  ulo  infcriben:-,  circum- 
fcribere.  &c.  Ib  prop.  i  y.§  i. 

17- 
Inuenirc  laccra  Hcxigoni ,  Dccagoni, 
Pencagoni  eodem  m  circuloaliccr, 
quam  Euclides.  Ib.§  j. 

i8. 
E  fedlionibus  femidianietti  inuenirt,» 
iatera  tr..';uguli,  quadraii,quinquan- 
guli,  fcx.Higuli,iN:  decanguli  regula- 
ri  iim  iurctjbcndoium  in  circulo.cu- 
ius  reaudiamcterfecatur.  Ib.  §7. 

IP-  ^ 

Circulum  geomctiice   demonftrariue 
diuiderein  grad.  360  ex  propolitio- 
nidus  libri  4.  Ib.  in  Appcn.§  i. 
10. 

Chordas  arcuiim  diuid  quadrantis,vei 
femicucuii  tcaducere  in  vnam  rciLta 
lineam.  ibiJ.§  i. 

Datafemidiametto,  ftatim  lateraom- 
uiatiijurarum  regulaiium  inuenire 

Exem- 
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Exempla  aliqua  cxtu  ifitadffiiTiaj.  lis  circa  proportionalitares  harmoni- 

.Ibid.§  4.  cas>&  Georactricas  conipararas  cuni 

11,  arithmctica»  ex  hac  ^  ptopolitione^ 

ProbIeiTiataextheorcmatt<slibiii.pro-  clcm.hu.li.i.  Ib.§  i^ 

pof.  ^.§11.  ij. 

i^  Mediuninumefum>&me.1.hn.  inari- 

Pioblcmata  ite  cx  thcorematibus  lib.i.  thui.proporcjon.tnuenae.  hb.4.  §  14. 

priferrimcx4  ,  &  ^  prop.in  nume-  num.cJ. 

ris.Modi  va-ijcx  imparibus  numeris  t6. 

ladices  quadiatas  inueniendi .  lib.  z  Teriium  num  .  &  fcrr.  lin  .  in  arithmer. 

prop.5.5  13.  propoic.mucnire.  Ib.nu.iS. 

i4.  17, 

Problcmarieximiadeproportionalita-  Problcmaris  eximij  >  ac  vniuerfaliscx 

tearuhinecica  in  numeris,  &  lineis  hac  i^propofindicatafolutio.  Hb.ii 

indicaca .  Singularu  etiani  in  nuine-  piopof.  14,  §  1 9. 

yide  &  intcr  CordUrint ,  O"  Praxcs,  &  Par^doxa,  &  Scholia,        -  i. 


INDEX  SEPTIMVS 

Corollariorum  de  planls. 

IN  rOMO  SECVNDO. 

1.  lia  reitangula  funt  fimilia .  Propofit. 

TRiangula ,  dc  parallelogramma  4,  §  z. 

eanclan  ,  vel  xquales  b.ifes  ha-  6. 

benria  inter  le  lunt  vc  altitudi-  Dato  triangnlo  minus ,  vcl  maius  fin.i- 

iivS.Propof.i,hb.6  §  2.  ie  Itatimconiluuere.  Propof,  4.  §  3. 

2.  7- 

De  ttiarigulis  inter  hyperbolen  ,  &a-  Triangnlain  infinuumdiuilibilia.Pro* 

fymptoton  nucr  fe  xqualibus  .  Ibi  pof,4.§  ^ 

clem.§  j.  8. 

3.  Etiam  linciEin  intiniciidiuifibiles.  Pro- 
Figurarumcompararasquacicates  nof-  pof.4.5  5. 

fe,  rigurasaugcre  junmmaece  m  da-  5). 

taproporcior.eex  Euchd,  Propoficio.  In  omni  redtilinco  per  parallelas  fic  a- 

J.§  ^.  blacio  j6c  conltiiucio  fimihs  icctili- 

4.  nc:.-Propul.4.5  7. 
In  triangulo  parallela  vni  laterum  au-  10. 

feittiiangulum  (imile.PrL^pol.^.  §  i.  Corollar.  prcpugniiorinm  ibftaClionis, 

5.  &i  phiiolophaci0..is  Gco.ucini-.c.Pio- 
Omnia  ttlangula  a;qmlatera  rS>i  ifofcc-  pof.4.§  17, 

Ll  De 
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II. 


De  rcrum  eXin  pofitarum  quantitatc-» 
nicticnda  e  fimulacris  inrra  obfcu- 
lum  cubiculum  pcr  foramen  fene- 
ftrs  traictlis .  Scc.  Propof.4.§  3 1. 
12. 

Coroll.ad  vUis  infinitos  in  Stcreomet.& 
Machinaria.  Propof,^.  poft  §  41. 

In  triangu lo ,  dudta  vni  latcrum  paral- 
icla  >  impetatam  pattem  tx  omnibus 
tri  mguh  lateribus  aufcrre  .  Propofit, 

5.§2. 

Datum  arcum  cicrcularem  in  lubitas 
xquales  partes  dmidcrc .  Propollt.  5;. 

IT. 
Datum  angulum  tcdlilineum  inlubi- 
tas,  ac  arquaies  paites  diuidere .  Fro- 
pof.p.§  12. 

16. 
Dc  infcriptione  cuiuslibet  rcguiaris  fi- 
gura;incirculo.  Propof.<j.§  14. 

'7- 

Dati  ex  eadc  femidiamctro  arcus  quam 
interfe  piopoitioncmhabeant.  Pro- 
pof.p.§  i6,Sc  in  circmo  piopoit.ibid. 

18. 
Datus  aicusquor  gtatus  contineat  pro- 
pofit.fj,  §  17,  <Scincircinoproportio- 
num.  loid. 

Compendium  e  10  prop.EucI.  hh.6  pro 
cxpcduulimu  Haimonica ,  Gnomo- 
nica,  liue  hoiar;a,i<cquacumqjalia 
hneaiumdiuifione. 

20. 
Liticx  fpiralis  in  plano  dcfciiptiones 
perliueasin  cadem  pioportioneco- 
tinuatas.l»iopof.i4§4. 
21. 
Lineain  infinitum  ciiuifibilis .  Piopof. 
i2.§  iS, 

22. 
Dcfcclioncdatashncx  in  lubitas  par- 
tcs  continue  piopoitionalcs .  Propof. 
iJ-S  ii.clctiuab.r»c(J,propoit. 


'        ..... 
Linca  in  infinitum  cftdiuifibilis  >hoc 

cft  non  conftat  ex  indiuihbilibus. 

Propof.ij  §2. 

M-  ,      . 

Propofitio  1 6 ,  &  eius  conucrfa  etiaiifu 
ad  triangula  redangula  traduda:. 
Propof  i6.§  I. 

CorolIariura,in  quo  Praxis  e  16  propof. 
ac  vfus  gcomctricus  auica;  arithme- 
tic2  legulac  in  circulo.  Prop.  i<>,§  4. 
x6. 

Propef.  i7,&  eius  conuerfa  ptiam  ad 
tiiangulatradudx.  Propof.  I7.§  i. 

£7' 
Amrli.uio  propofition.  16, &  lyapud 
Eucl.Propof.i7.§  2. 

2». 

Patis  duobus  reailincis  fimihbus,  qua. 
intei  fe  proportioncm  h.^beant  fta- 
tim,ac  facilhmeinuenire  incircine 
piopoitionum.  Propof  20.§  i. 
29. 

Datumre6tilineum  diuidere  in  paifes 
scqualespcr  lineasduo  latcraconii- 
gua  fccantes.&:  reliquis  lateribus  pa- 
lalitlas  •,  fcruata  rigura:  fimilitudine. 
Piopof,20.§  2. 

3C>-  ... 

D.uum  rcdilineum  augerc  ,  vcl  immi- 

nucrcm  data  prcpoitione,Ieruatafi- 

gura:  firaihtudine.  Piopof.20.  §4, 

3»- 
Dato  rcdilineo  fimilc,  fimilireiq;  po- 
fitumindata  pioporiione  conftituc- 
re.  Propof.20.§  ^. 

Propof.  2  hb.  12.  Eucl,  dcmonftrata  ex 
Thcoun  §  8  ad  Propof.  20. §  <>. 

53-  .      , 

Semicirculi ,  quadrantes ,  &c .  circulo- 
rum  habent  intcr  fe  duplicatapro- 
portionem  femidiamettorum.  Pro- 
pof.20.s  lO. 

Corollarium  vniuerfalcad  2  prop.lib* 
i2.Eucl.PiOpof,io.§  13. 

Ea- 
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?f. 


Euclidis  i;proof.lib.  iiextheoreroa- 
tcin§  i8  ad  propof.  to  deraonftra- 
ta.  Propof.io  §  19. 
36. 

Sphirxinterfefunc  vt  a  diametris  cu- 
bi.  Propof.jo.  §  10. 

Dimenllones  faciUimse  folidom  ex  ad 
prop  10  ante  §  1 1  dikSis ,  Aucliones, 
&c,Propof.  10.  §  II. 
58. 

Dephyficademonltrationee  fonis,& 
ponderant!Jsproeirculorum,&  limi- 
lium  planotum  dup!icara,<S«:  Iphxra- 
rum  a  diamecns,  >?c  fimilmm  aliquo- 
rum  lolidoium  ab  homoiogis  i.iceri- 
bus  triplicacapiopottione .  Piopofic, 
ao.  5ij. 

i9- 

In  delincationc  geometi ica  oppidi  pro- 
culdnliti  agncfcerc  veras  njenturas 
mxniofum , turnum j  ^  arejEtotms 
oppidi  prototypi,  ad  vfus  magm  mo- 
mirnti  miiuarts,  Propof.zo.  §  ij. 
40. 

Coiollaria,  6:  paradoxa  cximia  vniuer- 
lalia  Altroaomica  indicata  decilo- 
rum  ,  (iic  cslcltium  fphziatunj  inter 
fe,  &  cum  terra  proportioaibus,  i?cc, 
Ex  dictis  ad  20  propof,  de  duplicata, 
ik.  cciplicata,  iiic.  Piopof.20.§  zS, 
41. 

Alitetteitio  dcmonftrare  etiam  ex  i^ 
propofnioac  quadratum  ,  cuius  la- 
tus  fit  duplum  lateris  altcrius  qua- 
drati,  cire  cjuadruplum  aitenus.  Pro- 
pol^zj.^S. 

Omncs  nguii  rcgulareshabentesiate- 
ra  numcri  paris  oppofita  parallela,ha- 
bent  inter  fe  proportiont  cx  lareribu$ 
compofitam.  Propof.ij.§^. 

45- 
Parallelogramma  intcr  fc  proportione 
habentconipolitam  ex  pioportione 
baiium,  Sc  piopottione  alticudinum. 
Propof.23,§  i^. 


4+. 


Triangula  inler  fc  proportionem  habet 
compofitam  cx  ptoportione  balium, 
Sc  proporiione  altitudmum  .Propof. 

4T.  ^      ,. 

Omnis  conus  tcrtia  pars  e(t  cylindri 
candem  cum  iplb  bafim  habentis,  & 
aliitudinemjEqualem.  Prop.i3,§  ip. 

CorollariaGeometricaex  24  propDflc 
lib,6  Euclid.Propofitio  24.§  i. 

47. 

Duobusdatis  rectilineis  mediumpro- 

portionale  conltitucre.  Prop.24.  §  4. 

48. 

Exdatalinea  triangulum  latcrumpro- 

portionaliuojcoitruere.  Prop.iS.^^. 

4i^-  .       , 

De  duabus  intermedijs  proportionali- 

bus.  Propof.iS. 

fo. 

Semidiametii  cllipfeos,  atq-,etiam  cir- 

cuh  diametet  1.1  vnam  leCtam  iun- 

(3:1,6:  fub  angulo  r>.c.to  mot?  defcrt- 

bunt  quartas  ellipticas,&  cuculares. 

Propof.iS  §  23. 

Lamellam  femiellipticam  conftruercj 
conltruendo  lubo  elliptico  ad  plura, 
in  ptimis  mirifii.e  conducenti  audi- 
tiombus.  Propoi.i8.§  16. 
52.  • 

Ad  Architecturam ,  ik  Machinariaixu. 
Propof.2  8.§28. 

Vfus  eximijdefcrptionis  linearum  hy- 
peibolicx.accircularis  inoiaphano 
pupillarij&prolinea  infinita  vllo- 
ria.  Propof.ij).§9. 

H-    ^  ... 

Gemina demonitratio  fine  conicis  at> 

afymptoto  hypeibola  ad  letica .  Pio- 
pof.29.§  14. 

SS. 

De  vchemcntifiima  vftionc  non  foluin 
ad  pundum ,  fed  etiani  per  lineaavrf 
ialinitam,&c.  Ptopor.i<>  §12. 

Ll    i  Kc- 
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Kc^xlmex{c£ks  extrema,  &mediaj    Darxiedbs  duas  exrremas  pvoportio» 
rarione  funt  omiies  in  eadem  pro»        nalesadinuenirc.  Piopof.j»,  §  iz. 
pordone.  Propof.  30.  §  3. 

IN  rOMO  TERTIO, 


Archimedes  vindicatusa  calumnia  ex 

igi)orantia4.definitionis.lib.j.§  j. 

1. 

Quantiraris  finit^  cuminfinita  noneft 
proportio  ,•  5c  patctad:i  paralogifmi 
Geomctrici.  lbid.§  6. 

Infinitii  ad  infinitum  non  eft  propouio> 
iuxta^defiii.  ibid.§7. 

4- 
Corollaria  ad  propof  aliquas  !ib.  y.EIc- 

mcnt.  exexpofitis  in  lib.j.ibLd.pro- 
pofit.if. 

Corollaria,  &  vfu»  vaviidefinit.il  indi- 

cati.  Iib.3.defin.ii,§  5. 
6. 
Natura  in  gtauiu  monbus  vritur  i  pro- 

pof.lib.^.  Arirtoieles  elucidatus.  &c. 

Ibidem  .  Propofitio  i.  §  z. 

7- 
Ad  Archimcdem  dc  ZEquipond  .  Ibi- 
dcm  §  7. 

8. 
Corollnriaex  propof.  17  Ibidem.prop. 

S>- 

Corollarium  de  anguto  recfto  ,qiu  infi- 
ftit  qjudranti ,  &  Ftaxis  normarexa- 
minandx.  Ibid.Prop.27.§4. 
10. 

CoroIIaria,^  Problemata  geomctrica 
de  fectionc  redtaruin  in  proportionc 
datx  fctila:.  Ibid.Prop.  3 1  §  3. 
II. 

Si  dux  rcclaE  mutuo  ita  fecenr  fe ,  vt  ea- 
rum  figmenta  fint  reciprocc  propor- 
tionali.r,circuiusibitpei:  carumcxcrc- 
ina,prop.3J.§3.^ 


In  quoui«  triangulo  ex  tribusangulis 
fi  demittanturpcrpendicularesin  la- 
tcra  oppofita  5  fefe  mutuo  fecabunc 
in  eodcm  puntlo. Ibid.  ptop.  ^(J  §  (J. 
Ibid.Poft§7> 

De  quadraturis  fupcrficicrum  cylin- 
dricae.fpbincx,  &  tri.inguIoru  fphx- 
ncorum  .  Ibidempoft  propofit.  37. 
§3- 

Superdata  recta  quadratum  cxcitait-» 
ope  circini  propcrtionum  facilius, 
quamper4(5lib.  i.  Lib.  .j.propofit.j^, 

Datolatercpcntagoni  regulans,  inuc- 
nirc  in  circino  proportionum  fcmi- 
diametrum  circuli  pentagono  circii- 
fc11bendi.Ib1d.Propof.i4.  §  1. 

Superdataquintidecangulumcxcitare. 
Ibid.prop.i<J.^  j. 

Corollarium  ad  vfus  Aftronomicos.Ib. 
in  Append.§  5. 

,8. 

Corollarium  i  vniuerfalc  dc  circum- 
fciiptione  circuh  circa  daram  quam- 
l'bcc  regularcm  figuram  .  Ibidemj- 

CoroIIaiium  i  vniucrfale  ingrati"ani> 
militarium  virorum.  Superdata  qua- 
libet  refta  quamlibet  regularcm  fi- 
guramexcitaie.Ib.  §  6, 
•40. 
Corollaria  geometrica.  lib.  i.  propof.  4 
poft  §  10. 

Co- 
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41. 


Corollaria  eximia  de  proportionalitate 
atichnieticain  numeris ,  8c  lincis  in- 
dicata.  Ib.  prop.  14.  §  i. 


4'- 


Elcmcntares  aliquas  propofitiones  de 
foiidisampliantia.Epil.  fub  Jchol. 
4' §5  5- 


yide,  &  tnter probiemata,  TheorematA,  Taradoxa,  &  Scholia. 

INDEX  OCTAVVS 

Vfuum,  6c  Appllcationum  in  planis,  &  folidis. 

IN  TOMO  SECFNDO, 


VSus,&  Applicatio  Defin.  fccun- 
d^E  hb.6.  Eucl.  pro  theonca  Sca- 
teia: ,  ac  libix  ui  commcrcijs,  vS: 
&  iufticia  commucaaua.  Detiti.z.§  1. 
2. 
Vfus  Piopofit.  I  Iib.  (5  in  Geodefia  pro 
figuratum  phnarum,  &  agroruiTi., 
diuifionibus  in  data  proporuontj. 
Propof.  i.§  10. 

Vfus  Prop  1.  li  6  Eucl.in  dimenfionibus 
longitudinum  uucceiraium .  Pxopo- 
fit.i.j  3. 

4. 
Vfus,  &  ptaxis  infueta  diuidcndi  datuni 
angulninduosa;quales.Propof.3  §  i. 

S- 

Vfus  ptopof.  4  li.  6  Sc  cofoll.-ir.  ex  ea  in 
operationibus  Gcoinecii.x  practica:. 
Prop.4.§  I}. 

6. 

Vfus  propof.8  lib.(;.&  Corollaiij  ex  ea_. 
pro  tacillima  inuentione  tcrtix,quar- 
lac,  midix  j  ac  d  uatum  eciam  mcdia- 
lum  lincatum  propcrcionalifi.  Pro- 
pol.8.§  I. 

7- 
Vfus  propofit.g.Iib.  6.  Euclidis  in  Geo- 
mctria  pradtica  pto  maccellisdiftau- 
iijs  ,  alcicudmibus ,  pcolundicatibus 


meciendis.  Propof.9.§  j. 
8. 
Vfus,  &  praxis  1 1  prop-EucI.  excircino 
proportionum  pro  vniuetfaeMuficx 
pt.iCtice  pravflico  compendio  in  vni- 
cxlinex  vaiijs  partibus  aulerendis, 
feu  fignandis,  &c.  &:  pro  modo  atte- 
perandi    harmonice   fidium   inftru» 
msnca  ope  circini ,  &c.  Propof.p.§  S, 

9- 
Vfiis  tertix  proportionalis  ad  fedliones 
conicasj  adhoraiia,  ad  fpecula  v- 
ftoria.ad  afympcotos,  idcft  lineas  in- 
ter  fe  niagis,  acmagis  accedentes, 
nunquam  fe  contingences ,  &c,Pro- 
pofit.ii.§  !i. 

Vfusquartarproportionalis  in  Geome- 
tiia  piaclica.  Ptopof  1  z.  §  17. 
II. 

InGeom.  fpcculatiua  vfus  med.  pto- 
porc.pro  diuifionibus ,  &c.  figuratiu 
Propof.13.poft  §  12. 
12. 

Item  in  Geometria  fpeculatiua  vfus 
medii  proportionalis  pro  ttanstor- 
mationibus.&quadrarionibasditS- 
cillimoruin  curuilineorum .  Piopof. 
ij.Ibid. 

In  piclura  optica  vfus  infignis  medi.T 

pro- 
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pait:onaIis.Piopof.i3.  Ibidem. 
14. 
Vfiismedi^piopomonalis  pio  defcii- 
ptione  fcClionis  conica;  hyperboli- 
cx,&  pio  exhibitioneafymptor<ii:i, 
ideft  linearurti  reiSt-aium  cum  hnea_. 
hypeibolica  concurrentiura  >  &  in 
infinitunuemper  inter  fe  acceden- 
tium,nunquam  tamen  fecontingen- 
t1um.Prop.13.Ibid. 

Vfus  mcdii  proportionalis  pro  cato- 
ptricis  in  deiciiptione  fedtionis  Pa- 
rabohca:adconticieiida  vftoria  mi- 
lifica  fpccula.  Propol".  1 3  Ibid. 
16, 

In  Gcometria  pradica  vfjs  medis 
propoinonalis  pro  dimenlione  vni- 
uerli  teuarum  O.bis  ,  altitudi,,ura_/, 
piofuntliutum,diltantuiuininaccef- 
iarum,  iicc.  Propof.  1  j.  ibid. 

17« 
In  Gnomcnicis  vfus  med.  proporc.  pro 
vanjs  vfibus  circa  Stylos  hoiatioiu. 
Propofit.ij.lbid. 
18. 
Vfus  theorematum  aliquorum  de  cy- 
Jlndrorum  fupeiticiebus,  m  rc  rafa- 
liaprohquidis  S<.c .  Propof.  14.  ^  7. 

Vfus,&apphcatio  14  propof.  hb. (>ad 
foiutionem  cximi)  thcoremai.is  circa 
diuilioncm  aruhmeticam .  Propcfit. 
I4.§  j/. 

10, 

Vfus  thcorcm.de  conicis  fuperficiebus, 
iii  re  vafariapiohquoiibus.&c.Pio- 
pofit.i5.§^. 

2.1. 

Vfus  iCpropof.  hb.  6  ,  Sc  praxis  inuen- 
tioiiis  quaria:  Lnea:  piopoitionaiis  111 
circulopto  praxibus  vniuerlxGeo- 
itietiijepratticE.Piopof.Kj.^  }. 
11. 

Vfus  i7propof.  apud  Euchd.proinue- 
nienda  in  nuincns,fiue  pet  numeros» 
niediapropomouah ,  &c.  Piopofit. 
I7.§8. 
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i?. 


VfuspropofiS.h.cinPiaurafcicntifi- 
tirica.  Piopof.  j8.§4. 

Vfus ,  ac  theorice  organica:  pidurr  iru 
codem  plano  e  iS  propofitiouc  hb.tf 
Euclidis.  Propof.i8,§  5. 

Vfiis  milirares.Mufici,  Machinarij,Op- 
tici,  fcu  P.dioiij ,  Gi-ometiici,  Altro« 
nomici  c  20  Propof.hb.d  EucJ.  Pio- 
pof  zo.§  I. 

16. 
Dato  prototypo  etiam  procul  pofito,  & 
inacceflbfimiJcm  imagmem  indata 
proportioncdchueare.  Prop.  io.§4. 
i7. 
Alicer,ac  facilius  idem  probiemapi- 
(5toiium  abfoluere  cx  20  piopoficio- 
ne  quando  piototypum  ,  ^  imago 
dt  hneanda  iunc  in  codr  plano.  Pro- 
pofit.20.§  2f. 

28. 
Vfus  Geometrici,  CoroJlatia ,  Amplia- 
tioncs  piopofiuonis  23.  hb.6.I'topo- 
fit.23.§5). 

ip. 
Vfus  propopof.24  ''b.6  in  praxi ,  &  de- 
nionltiaiione  lcietificiE  pidtui^.Pro- 
pof.24.§3. 

30. 
Vfuspropof.  25  lib.  <J  inconfiirucndis 

redliiineis  pioportionalibus.Propof. 

2J.§  10. 

Vfuspropof.  2Siib.  6  in  proljiemarc-» 
pulchcuimo .  Data  ledam  hneam  in 
crcs  partcs  proport.  diuideie.  Ib.  §  i. 

Vfus  2  8propof.  in  fectione  conica  eiJi- 
ptica,  fiue  deficicnteapplicationt-»» 
&c.Propof.i8.§5>. 

?3- 
Yfus  prop.  iS  pro  inuentione  geome- 
cjicagemini  pund:i  ex  appJicatione, 
fiue  comparatione  in  eliiplis  maiore 
axe,  ad  corum  pundtormn  vius  pia:« 
claios.  Propof.i8.§  iS. 

Dc 
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Dc  Gcometrica  applicationecutn  ex- 
cellu,  qux  Cvtffc^^i.ld  nomen  indi- 
tura  conic^  fechoni  ab  vfu  ippropof. 
lib.6.Itnd.§  I. 


iS' 


Vlus  tDuItiplices ,  atque  ainplifflmi ,  ae 
miriaffccliones  linei  {eClacfecun- 
dum  mediam  ,  &  extremam  ptopor- 
tionera  indicati.  Propof.jo.§  13. 


IN  TOMO  TERTIO. 


I. 

VSus  Cofmographlcus  definit.11 
III  duBenfione  tcireni  ambitus. 
lib.  5,defin.ii.§  4, 
1. 
Vfus  (ingularis  transfoim.uionis  paral- 
lelepipedi  ui  cubum  ,  pro  vaic  para- 
do  liquidis, &c.  piODicm.  37,  tcct.z, 
Brcu.Sitcreom. 

Vfns  al  qui  militaies  pndidoium  de_/ 
auc^tu  n:Dus ,  i<y;  i  T)mi..urionibus  fo- 
lidomm  indicat).  lL)id,§  7. 

4- 
Vfus  >  &  Praxis  8  propofit.  in  inucntio- 
nc  p.r  chordam   lemidiametri  oiis 
puicaLs.  Ibid.ptop.S.itchol. 

Vfus  5;  Propof,in  inuentione  poli  dati 
circaii  laxia  inucnrionem  cenm,  ad 
ftyh  perpendKularem  ereclioneixij. 
loid.prop.  i>.iichol. 
6. 

Vfus  opticus  propofitionis  i  j.lib.  3  .Ib. 
prop.i(j.§i. 

7. 
Vfus  propolir.  20  in   dcm6nflran"onc-> 
prax;s  >  qua  vnica  cucini  diductione 
noranuni  conlbmcur .  Ibid.  propof. 

iO.§  I. 

8. 

Vius  propofit.  io  in  paradoxis  opticis. 
Ibid.§  }. 

S)' 
Vfuspropofit.  21  in  inftrumento  adar- 
cus  quantuiBuis  maximos  duccn- 
dos  (iiic  centio  ,provarijs  opetatio- 
nibus  AitroiabiciSjGnoiuonicis,&c, 
lbid.piop.il, j  i. 


10. 
Vfus  propof.  11  inGeom.prailica.  Ibi- 
dem  §  i. 

II. 
Vfusopticus.Ibid.§  3. 

12.. 
Vfus  Geomctrici  ptop.i4.circacutuiIi- 
nea.Schol.  prop.  14. 

13-     ., 
Vfus  varij  propof,  15.  Ibid.  §  z. 

14- 
Vfus  opticus  propoi.17.  Ib.§  3. 

ij. 

Vfusopticuspropof.  31.Ib.Prop.31  §  1. 

16. 
Vfus  varij  apud  nos  Propofitionis  31. 
Ibid.§  4. 

Vfus  Aftronomicus  piopofit.  33.  Ifaid. 

ptopoi.ji.^  1. 

18. 
Vfus  geometricus  propof,  32  in  thcore- 

raace  pro  feclione  reCiarum  in  ea» 

dem  proportione.  lbid.§  i. 

Vfusopticus  paradoxicus  propofit.  33. 
lbid.propof.33.§  2. 

iO. 

Vfus  aJceropticus  paradoxicus  propof. 

35.1d.§3. 

21. 
Vfus  opticus  paradoxicus tertius  >pro- 

pof.}j.lu.§4. 

2  2. 

Vfuscirculi  cx?^  propofiticn.  inCeo- 
mttria  ipeculatiua,  bi.  praCtica » (?w  in 
Arithmetica,  loici.prop,  3  5.§  1. 


2? 


y 


Vfuspropof.  j<S  pio  dimcijfione  tctms 
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tcvarnim  Otbij.  Ibid.prop.3(j.§  2. 

VfusaIijpropof.^6.1bi(J,§  j. 

Vfus  Aftronomicus  corollarij  propof. 
i^,  nempe  Planecarum  aTerra  di- 
ftaiuias  agiiofccre .  Lib.  4  >  propofit. 
M,  §2. 

16. 

Vfus  Catoptricus  ,  hoc  efl-  pundlura-. 
vlhonis  phyfica:  e  fp.nico  fpeculo 
inueniie  ope  i  j  propofit.  lib.  4.  Ibi- 
tiem  §  ;.. 

27. 

Vfus  Aftrologicusjhrc  cft  Planetarum 
aipedtus,  ac  Lunx  phafcs  promfiu- 
xibns  luxca  larera  figuraium  rtgula- 
riumcxpr.xjedentibas  proponioni- 
busincircuio  infcriptarum  .  lib.  4. 
propof.if,  §  2. 

28. 

Vfus  harmonicus  ii.fcriptarum  ex  pra:- 
cedcniibus  propohtionibus  cuculo 
figuratiiin  ,  atque  in  piimis  Harmo- 
nixcarleftium  citculationum  aPla- 
necis  lub  Zo.liaco  fignatarum  vefti- 
gia  prodcre.  Ibid.§  p. 

Vfus  Allronnmicus  propoCi6.1i.4.cum 
opporcunitate  noltta:  mechodi.  Ibid. 
Propof.l6.§  i. 
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JO, 


Vfus  Aftronomicus.  Ibid.prop.  nJ,  §  r, 

3^ 
Vfus^elementi  pro  dguris  foiidis.  §  7» 

Vfus  4  Prop.Ii.-2  EucI.jP  inuctionc  qua- 
dratorun)  nu  nierorum  ,,5>:  radicurru 
cximpjnbus  iiumeris.&c. Iib.2.pro- 

pof.4,  §8.  i,!,. 

Vfiis  propofit.  4  pro  dcmonftranono 
Geomeirica  cxtraitionis  radicu  qua- 
dratarum.  Ib.§  p. 

H- 
Vfus4prop,  in  foiucione  theorematis 
cximij.  Ib.§  10. 

Vfus  amplilfimus  piopofitionum  i2,&: 
15  in  vniueria  Gcoineria  pradica. 
Coippendiaa  nobis  organica,-&  ahj 
vfus.  Ib.prop.  1 2, 1 5,  §  1«. 

Vfus  prop.u  lib.ipro  vniuersa  geomc- 
tria  fpecuiatuu ,  ^-  praCtica.  Ib.  §  17. 

57- 
Vfus  Primi  defiuitionis  lib.  2,indicati, 
§2,SchoL5. 

Vfus  logifticus  piopofitionum  librii., 
,  §  ^.  ichol.  6. 

Vfusalgebraticuspropof.4,hb.2.§  <?, 


INDEX  NONVS 

Praxe^^n  in  planis ,  6c  fblidis» 


PRaxisDefinicionis  fecundi  lib.<J 
ni  squipon  tciantijs  Philoiophie 
Machinariar.  Derinit.i.§  I. 
2. 
Praxjs  a  data  circulari  linea  imperatatn 


parrcm  aaferedi .  Excmplum  in  abla* 
tione  fepcima:  paic  s ;  huc  in  feptila- 
riacione  dati  arcus.  Piopol.j?  §  10. 

Praxis  altera  perfacilis ,  fine  femicircu- 
liSjCoiinnuandi  liueas  in  eadem  pro- 

por- 
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poitionead  tr.Inoies  tcrmiuos.  Pro- 
pof.ii.§  5. 

4. 
Praxis  duabus  datis  nicdia  proportiona. 
Ic  inuenicndi,  demoniliar.-i  parnm  ex 
prop.17  lib.iSapud  EucJ.l'rop  !/.§  5. 

Dnabusmediam  >iScc.  cumdemonftia- 

iiouecx  17.  l^ropoi.17.54. 
6. 
Duabus  tcrti.im  pioportion-ilcm.&c 

demoiirttaca  partim  cx  17  propofit. 

Iib.6.§f.  ^    ^ 

_  7. 

Conuerfam  piopofit.  i  j  lib.  ij  apud  Eu- 
clidem  exhibere;  hoc  eft:  Datx  re- 
ttilines  duas  extrcm.is  proporiio- 
nales  .idumcnire  ,  ac  defcribere.  Pro- 
pof.i7.§(S, 

8. 
Vfus.iS:  Prax-s  milicaris  propof.  18.  in_, 
ciiciuoproportionum.  Prop.  18.  §  2. 
9. 
Piaxisgeometrica  pro  inuenicnda  pro- 
poitionecompofiti  miuiirur  in  con- 
ftrucc.oiie,  qua  vtirur  Euchd.  dum.., 
deaioiKl.rat  ij  propjiic.iib  (J.  Additis 
anobis  duabus  alijs  praxibus  anth- 
mecicis.  Propolit.ij  §  ^. 
10. 
Dato  lecidineo  equalem  circulum  exhi- 
bcre.  Propof.i).§  5. 
1 1. 
Dato  circulo  ^quale  rertilineum  confti- 
tuere,  Propof,2  5.§  j. 
12. 
Data:  ellipfi  xqualem  circulum  exhibc- 
re.  Propof.2  5.§  7. 

Dato  crculoajquaieni  ellipfiin  exhibe- 
re.  Ptopof.2  5.§  8. 

Datisellipfeos  diamcrris,  lacus  reduiTu» 
liue  lineainiuuenire.ad  quam  facien- 
da  eft  applicatio  cuai  deticientiaj&c. 
Propof.28.§(J. 

Dacis  dlipfeos  vciaqj  diamecro  ,  latus 
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redum.fiu:  Ifneam  applicationis  cum 
dcficientia  inuenire.  Propof.28.§  7. 
16. 
Datis  diametro.  &  linea  applicationis 
deficientisj  Haz  latere  reCto.dcfcribe- 
te  cilipticam  figuraiti  per  pundta.Pro  - 
pof.i8.§  10. 

17- 

Daca  vtraLbet  diametro,  ellipfen  defcti-^ 

bere.  Prcpof.2S.§  r  i. 

i8. 

Datis  diametro,&  Lnere  redo ,  ellipfiin 

defcribcre.  Piopof.  28. §  12. 

19. 

Da^a  diametro  maiore,  defcribere  elU- 
pfim.  Piopof.28.§  13. 
io. 
Data  diametro  mincre ,  ellipfira  dcfcti- 
bete.PropoI.28.  §  14. 
ii. 
Prasis  facillime  per  mutuas  fec^riones  re- 
ct iruin  clliplim  Jjfcribcndi,  vua  cum 
indicacadcmo.tratione.  PiOj\iJ>.§  17, 

2i. 

Altera  praxis  geomctrica  inueniendi  ea- 
aem  gcmuia  puiid:aappIicat:onis  in_, 
raaiorediamettoeiliplis.Prop-i8.§ip. 

Praxis  geometrice  organica  facillimo 
inltrumentodefcribendi  ellipticas  Ci- 
mul,  ik.  circulares  lincas ,  datis  earum 
diametns.  Propof.28.§  ii. 

Snperdatare(3:a  linea  alitet  eodcm  re- 
guljEmotuelIipfiin,&  circulum  fo 
contingetcsdelcribcre.  Prop.iii  §  i^. 

Lmeam  applicationis  exccdentis  d-itx 
hypeibohs  taciUim^;  inucnire  .  Pio- 
pol.25.§2. 

26. 
Vfus  propofir.  19  hbri  6  in  leiftangu- 
lorum  appliciuone  hyperbolica  ,  liuc 
excedcntc^scc.  Propofi5).§  5« 
i7. 
Dacalineaapplieationis  cum  esccfTu ,  Sc 
larcte  tranfuerfo  ,  hyperbolen  dcfcri» 
bere.  Propof.iji^  4. 

Mra  Pa- 
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18. 


Pnxis  4  organica ,  &  Vfiis  puu  fli  appli- 
catio!iis  tx.:c(knitis,in  pnmis  pro  pra- 
X;  i.krcribcndx  hypcrboles  gemino  fi- 
lo  ,  a.l  plara,  3£>-.  l^roporu.icj.  §  7.  & 
alitcr,  ^  II. 

19 

Eodemreguix  mo  a  hyperbolicam,  & 
crcul.irciuiiiicas Jeictibere.  Propo- 
fit.ii-.§8. 

30. 
Linciniiu  la:?ppl:cationis,!iaelatus  re- 
(ftLiiTi  vci  data;,  vci  Uijii.  noeiKlspara- 
boicsinucnuc.  Piopof.i5).§  18. 


i^: 


Dats  linca  iuft.^e  applicationis,  parabo» 
len  delcribcre.  Piopof  ijj-^  19. 

3i- 
Inncnire  focurn  ,  (iue  punctum  vfto- 

rium,(iue  ad  quod  vnuii  rertedtuntur 

retl.t  omnis  .ixi  xquidillanres  111  pa- 

rabolenincidentcs.  Pcopol".i5).§  zi. 

Praxis  ^  ,  &  organica  defcrbenda  para- 
bolfsexpuniio  applicationis.&c.feu 
foco,  &c.  Proopof.  iy.§  14. 

34. 
Defcribere geomctnce  parabolen.  Pto- 
pof.i9§\7.. 


IN  TOMO  TERTIO, 


P 


Raxis  normar  examinand« . 
propof.i7.§  4. 


Lib.3.  Praxisorganicainueniendi  cetrum  gra- 
uitatis  fcmiperphcrii.  Breuiar.  fec,  \. 
coroii.^.polt  piobl.i^. 
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Paradcxorum  in  planls ,  6c  folidis. 


IN    TOMO  SECV  NDO. 


DE  f:niroetiam  minimononfolum 
arquah  ,  fed  etiam  multipiiciter 
miiote,  quam  (ic  quantum  ali- 
quod  cxcerioneiiifinitum.  Prop.  i.§4. 
1. 
Etiam  pernon  parallelam  vni  lateruraj 
triauguh  aufetre  tnangulumfimilo» 
^c.  l'iopor.4.5  4. 

Paiadoxum  ,(?c  vfus  4  propofir.  hb.  <»,  & 
ciroll.ui)  apud  iios  i  cx  ca,  pio  inue- 
tione  lincarumtcrtia:,  &  quarrac  pro- 


portionahum  in  circino  proportionu. 

Propof.44  10. 

4- 
LiaccefTas  altirudincs ,  &  latirudines  per 

innaccelTas  longinidines ,  &:  pcr  vni- 

cam  menfons  Itationem  faciUime  di- 

metiri.  Propof.4.§  i. 

Dacis  duabus  redis  lincis,mcdia,  ic  mi- 
pore  excrema  ,  maiorem  cxireinan)  i_n 
Harmonica  Proporcionalitate inueni- 
rcper  analogiam  ad  Gcomf  tricamj. 
Propof.  I  ;.§  j.de  med.&c.tiirinon. 

P.i- 
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c. 


Paiadoxum  in  Praxi ,  (firmata  pardm  ex 
i6  propcl.lib.  6)  tnbus  datis  redtis  li- 
ncis  qiuitam  ptoportionalcm  inue- 
niendi  e  lib.i  j  Euci.Propor.i6.§  a. 

7. 

Paradoxum  de  tribus  re6lis  lincisinter 
fe  ptoportionalibus  ,quarum  medis 
quadratum  non  clticquaie  re(5laneu- 
lo  fub  cxrienns.conira  propof.  ly.iib. 
<J.  Propof.i7.§  18. 
8. 

Praxis  propof.  1 8  lib.  <?  gcometrice  expe- 
ditior  nt  ab  Aranea  in  Apiariis  noltris 
geometnzante.  Propof,i8.§  t,. 

Ct, 

y 

Paradoxu  contra  xo  propof.  folutum  dc 
re(5tilineis  i  ylogoni]S,qua;  non  viden- 
tur  (iabcteint!.r  fc  ptcporticiicmdu- 
plicatam  homologoiuni  laterum.  At- 
queinde  alia  paradoxa  loluta  .  Pio- 
pcf.iO,§  \G. 

ro. 

Redlilinea ,  &  circuli ,  quorum  propor- 
tio  duplicata  lateium  >vel  diamerro- 
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rum  cognira  cft ,  ac  nefcitut .  Et  alia.. 
paradoxa,  Propof.io.  §  17. 
1 1. 

Solidi ,  fph.xra: ,  vcl  parallelip.  proprci 
molcni ,  vel  jiimiam  grauitationeiTi_. 
imponderabilis,  occultam  griuitatcm 
gcomctrice,  (ine  Mcchamca  ponde- 
ratione ,  pioderc  ex  1  o.  propol.  lib.  6, 
ibid.§  21. 

II. 

Superquattuor  redtis  lineis  proportio- 
nalibus  quattuor  tcfftilinea  interfc_» 
proportionaliafunt,(k  tamen  intcr  fe 
noi)  fimilia .  Cum  vfu  in  Muficis ,  & 
in  Pondcrofis.  Piopof.ii.§  <>. 

'3- 

Rcdtilinea  plurilateta  non  parallelo- 
grammara,  qui  habcnt  interfepio- 
portioncm  ex  latcribus  compofitam, 

,     Propof.i3.§  10, 

'4' 
Triangula  habentia  v  num  vni  squalem 

angulun.habent  pioportionenj  com- 

pofitam  tx  laceribus  circa  ^-quales  an- 

guios.  Propof.2  3.§  13. 


IN  rOMO  TERTIO, 


if. 

PAradoxa, &  admiranda  itJ propofi- 
litionis, 6c  corolLirij ex  ca . Libr.3, 
propof.  16,  §  I. 
16. 
Patadoxum  finguiaiccx  an^nlo  conra- 
clus,  quo  fjt  vr  angulus  lea.usad  atu- 
tumiion  habcat  maiorem  propoitio- 
nem  jquam  .iiiguius  fcmicnculi  .&c. 
NuUarte  proportio  anguli  acuti  cum 
angulofemicircuii.  Ibid.§  1. 

17- 

Pluriformcsanguli  conta^ftus  ,  &:  afym- 
piot»ii  iniracula,etiam  lUiauun  iccta- 
rum  linearum  icmpcr  incer  fe  acce- 
dcntium  ,nec  vnquani  fe  contingea- 
tium, abangulocontadtus.Ibid.§  3, 
18. 

Ex  verbis  propofitioais  16  patentca-ifx 


paradoxorumangulicotadlus.  Ib.  §  ^. 

Luxnaradoxis  aliquibus  angulorutn  in:; 

Apiaiijs  philofophis  Mathematics. 

Ibid.§  10. 

10. 
£ft  aliquis  locus,vbiafped:abili  manen- 

te,  oculo  vero  traiislato,afpcdl..bile_» 

fempcvsqualc  vidrtui.Ibici.propofir. 

ii.fub  §  5. 

Ei\iocus,vbi  m.menre  oculo,rcs  fpedla- 

taeloco  m  locuai  mutata  ,  a-qualis. 

fcmperapparet.lbid.prop.  27.  lub  §  j. 

21. 

Datis  duabus  magnitudinibus  inrquali- 

bus  vnam  ccrtiam  cotiiponetibus,  quis 

locainueniat,  V  idc  fpcdtatinunc  fin- 

guU,  niic  Imiul  iunct.c,  temper  tamen 

M  m     2  ap- 
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appareant  aquaies  niagnitHaincg.'Ib. 
prop.31  fub  §  I. 

Paradoxa  dc  anguds  fegmentorum  ctr- 
culi.Exticmaiuxca  fe  pofita.  Tranfitus 
abexticmoad  extrcmum  fne  medio 
in  angulisj  Si  lineis.  lbid.§  6. 
24. 

Eft  al'quis  locuscommunis,  vndeasqua- 
Jes  nugn  ludines  inxquales  apparcat. 
Ib.d.prop,?jfub§  1. 

Eftaliquislociis  co  i^munis  ,  vndeini- 
q.iuUs  magiiirudines  xquaks  appa- 
rcat.  Ibid.iub  §  3. 
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is. 


Inucnire  loca,  per  qu2  motus  oculus  da- 
tam  m.agnitudinem  vidcat  auflam^, 
vel  imminutammlubi.a  proporcione. 
Ibid.fub§  4. 

Pundlum  xqualc  fupcrficiei  infinite.Bre- 
uiai.  Scdlio.3.§  z8. 
18. 

Paradoxa ,  Sc  problcmata  ex  thcorcmati- 
bus  l:b.  1  prarfertim  ex  4 ,  ^'  ^  P'  np.  m 
numeris.  Modi  varijex  impaiibus  nu« 
meris  radices  quadratas  inucnicndi  cx 
eifd.propof.lib.i.piopol.f,  §  13. 


Ftdet  &  tnter  Theoremata ,  Probtem.tta ,  Corellaria  ,  &  Scholia. 


INDEX  VNDECIMVS 

Lemmatum  In  planls ,  6c  (blidis. 

IN  TCMO  iECFNDO, 


D 


At'"$  quotcunque  rccHiis  lineis ,  vel 
angulis ,  vel  arcubus,  quam  m- 
ter  lepiopottionem  hab>;ai:t  il- 

lico  agnofcere  in  circino  propoicio- 

nutn.Pjopof.  i.§6. 


In  tri.angaIo  quou;s  fi  vni  laterum  paial- 
lela  redta  ag2tur,6c  f x  quocunqi  pun- 
Aoilliuslateris  ad  angulum  oppofi- 
tumrctia  educatur  linea,diuideturli- 
nea  paiallela  ,  &  latus  iUud  m  eafdeiD 
lationts.  Propof.  i  o.§  8. 
3. 

Si  fint  quotcumquc  rcagnitudines ,  & 
qux  ellmcdia  proport.inret  mmima, 
&maximam  ,ea  ficquoquc  mcdiain- 
lerrcliquas,  iUl  magnuudinescrunt 
propoitiouaks  poncndo  mininum,  6c 


maximam  extremas.  Propofit,  1 2.  §  tf, 

Si  fint  quotcunq;  magnitudines  conti- 
nue  proporcionales,  &  alia:  qusdamj 
in  catiem  ratione  ,  fuqi  vna  aliqua  po- 
fteiioiuin  mcdia  inter  du  1$  quaslibec 
prionim,etiam  rcliquxpolterioies  to- 
dem  ordmc  erut  mcdiac  intcr  reliquas 
priores.  Propof.  1 1.§  7. 

5- 
Ex  harmonica  Geomctricam  Proportio- 
nalitatem  prccrcare.Piopof.i3.§  2.de 
med.proport.harmon. 
6. 
Lemma  demonft  ratum  ex  nouo  vfu  cen- 
tn  grauitatis:  Conornm  ted;oruni ,  ac 
inxqualium  altitudinum  ,quotum  la- 
tera  funt  a-qualu ,  fuperficies  finc  ba- 
fibus,funt  interfe,  vt  bafmmfemi-^ 
diamctn,Piopof.iy,§4t  Pa- 
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Dato:  rc<as  iuies  alia  adiungeie  in  data    Si 
proportione  per  circiinl  pioponiom'i 
Piop.i  3.§  2. 

S, 

Si  reda  linea  cxitema ,  &  media  ratione 
ffCCLUr,  appoaacurq;ei  linea  .Tqiialis 
iiuion  fcgmentctunc  &  roca  recta  \\- 
nea  excrema,  &  media  ratione  lecabi-  Si 
lur,&  maius fe^raentum  eiit  ca ,  qua; 
in  principio  redta  Imea .  Et  c  conuer- 
fo>dcc.Propof.30,§4. 


9. 


Sex3nguli,&decagoni  eudem  circu- 
Jo  infcriptnrum  latera  componantur, 
compofita  tota  extreroa ,  &  media  ra- 
tionc  fccatur,  &  mauis  fegmentunu 
e(t  ipfius  fex  .nguli  latus,  &  e  conucr- 
fo,  &c,Propof,^o.§6. 

lO. 

latus  hexigoni  fecetur  extrema,  & 
media  ratione,  erit  maius  fegmentuin  ' 
latus  dccagoni  mfcribendi  circulo, 
cums  femidiamerereft:  latus  hexago- 
ni  fectum  media,&  cxtrcma  ratione. 
Propol,3o,§  7. 


IN  rOMO  r  ERTIO, 


Db  quadratis  a^qualibus  a  lateribus 
xqualibus,  &  arqualium  quadra- 
toium  Jatenbus  squaJibus ,  Lib 
3.propof.i4,Schol. 
II. 
Vnius  circuh  vnicum  tantum  eft  cen- 
trum  lD1d.prop.25  §  I- 
13. 
Latus  pencagoni  poteft  larera  hexagoni, 
&  decagoni  in  eodem  circulo.  Lib.  4. 
prop.  if,§4.        14. 

Circulum  gcometrice  demo/liatiue  di- 
iiidereingia.  360  ex  propofitionibus 

Fidet  C  tntir 


libri4.Lib.4,  Append,§  i. 

Chordas  arcuum  diuifi  quadiantis ,  vel 

femicirculi  [laducere  m  vnam  reClam 

lineam.  Ib.§  2. 

\G. 
Peripheriiinrerfefunt  vt  femidiamc- 

tn,  veldiametri.Epil.plan.§  \^. 
.  '7- 

Si  fuerint  quatuor  linea:  continue  pro- 

portionalcs ,  vt  eft  quadratum  ex  pri. 

ma  ad  quadratum  ex  fecunda ,  ita  fe- 

cundi  ad  quartam .  Breuiai.  Scereom. 

fcc.2,anteprobl.3<). 
Pfobiemata. 
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Porifmarum. 

ZN  rOMO  SECFNBOl 


DAtopunflro  ellipfls  nondum  dc- 
fcriprar  ,ac  altera  diametrorum, 
altcram  diametrum  inueniro 
Propof.28.§  24, 
2. 
Datis  duobusreailineis  fimilibus,inue- 

V 


nirefaciUimc  quam  inrer  fepropor» 
tionem  h.ibeanr,  ctiam  fine  cognicio» 
ncduphcatiE  proportionis  larerumj 
homologorumiuxta  20  lib.  (J.Prop. 

IN 
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IN  TCMO  TERTIO, 


?• 


DAta  fcmidiaiDetio  inucnirc  in  cir- 
tmo  pioportionum  latus  trian- 
guli  a;quilateri  circulo  infcnbe- 
di.  Lib.4.ptop,i.§  I. 

4- 
Data  fetniciiametro,  inueniie  incircino 

proportionum  latus  quadrati  ciiculo 

infcribcndi.  Ib.prop.(j  §  i. 

f- 

Datolatercquadracijinuenireincircino 

pioportionum  fcmidiameiram  circu- 
li  quadrato  cjccumfcnbendi ,  Ibidem 
propof.5>,§  I. 

6. 
Data  femidiametro  ,inuenire  incircino 


proponionumlatus  penta^oni  rcgu- 
lans circulo infcribendi.  Ibpr. n.§  i. 

7. 

Dato  latere  pcnragoni  regularis  inueiii- 
rcincircino  proporrionum  femidia- 
metium  circuli  pentagono    circum- 
(ctibendi.Ib.  prop.  14.^  1. 
8. 

Data  femidiamerro ,  inucnire  in  circino 
proportionum  latus  Quintidccanguli 
circulo  infciihendi  ,  ^  dato  latcrc^ 
quintidecangiili.inuenire  fcmidiame- 
trum  ciiculi  citcumfcnbendi.lbid. 
propof.  16.  §  1. 


Fide>  &  inter  Prablema  'a. 
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Scholiorum  aliqaorprscipuorum  deplanis, 
€U[uis,43crclidis. 


IN  TOMO  SECVNDO. 


D 


E  fccflangulis  squalibus  recipro- 
cis.Detin.  1.5  ^. 


Explicata^&afTertaquintadefinitiolib. 
6.D£tin.^4.j.§f. 

DeiPonilratio  explicatoria  «  &  confir- 
nutona  Theoreraa;is,fiue  Problema- 
tis  perdcrin.  ^  lib.cJ.fi^nificati.Dennit. 

4- 
Adiumenta  praxi  facilitand«  circa  in« 


ucntionem  compofits  proportionis 
alitcr cciam  a  nobis  defintt.^' .  Definit. 

5- §4. 

Nodus  Geometricus  circa  veiitatem  i. 
Prop  >f.I'b,(J.foiurus.  Fallaciacuca  fi- 
guiaium  rechlinearum  fimiluiidinc, 
ac  Theona:  nodi  ad  folutiontm,&  ad 
luccmpro  if  piopofiuone  lib.J.Pro- 
pof.i.§  i. 

Corollarij  de  triang.  &  parallelogr.  vt 
aUuudiQesalia  demonlUato  geomc- 

trica 
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trica,pr«terEuclidem.Propof.  i.§  3. 

7. 
Alitcrdata  recftilinea  fcirc  quam  intcr  fe 
proportioiie  habeaut.  Ptop.i  poit  §  7. 
8. 
De  figuris  redtiliiieis  ,  prxter  triangula, 
£c  paralklogi.iniinaca  augendis  ,  mi- 
nuendisin  ilcita  proportioiie .  Uerc- 
^ilineis  propoitionaiibus.  Prop.  i.§  5;. 
9. 
Detriangulis,  &  parallclogramrais  in- 
commenfuiabihbus.  Ptopof  i.  §  15?. 
10. 
VetitasEucIidiani  ipiopof.lib.cJ. ctiam 
incutuis  Ime.s  ^.ir  uloium  pjralleiis> 
&  non  par.<llelis,  propi^rtioiiaiiterfe- 
cantibus  Ltera  trlaiiguiorum ,  &  cst. 
Propol.i.§  1. 

II. 
Indicati  vfur  propof.  z.  lib  6  pro  inuen- 
tionibus lincamm  propoitionaliunij 
rertis  ,iS:qu.irta;>atqj  eciamphinum 
in  eadcm  p.opoitione.  Ptop.i.§  2.. 
II. 
LiacceiTasprofunauites,  &  alritudines 
nicir.  c  z  propolit.  hb.  6  Propufit.  2. 
puft  ^  5. 

Applirario ,  &  vfus  mdicatus  1  pcopof. 
lib.6  Eucl.ad  (nmenliones  vmorarutn 
glo.  ilunaris,&  globi terrelhis  Pio- 
pol.i.§  4. 

14- 
Circini  proportionura  demonfttatio  c 
Propoi.4.§  8. 

Theor:x  ,  atqicauciones  circa  demon- 
itracioiiein  e  4  piop.hb.6,ac  vfum  cir- 
ciui  proporcio:ium  pro  ea  f3C!e,iii_, 
quam  chotd.t  90  graduum  quadian- 
tis  translatx  funi .  Ptopof.  4.^  9, ' 
16. 

De  inuentione  mcduT  proportionalis  in 
c:tcinoproportioi.uni.Propof.4.  pod 
§  II- 

17. 

Ampliati  Euclidis  praxis,&  ad  milicaria 
traduda.  Vtgetius,  .Jic  ahj  veterts  Au- 
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thoies expiicati. &c. Propof  4. §  i<. 

18. 

Vindicatio  Aguillo  u)  ,  &  confirmatio 

tactdE  abeo  den.onitrjaonis  ind,c-ta 

Tyio»iibus.Pio.>o.;t.3.§  19. 

19. 

Pto  praxibus  aliquibus.Piopofitio  ^.pofl 

20. 
Cofirmatio  hypothelis  catoptric^apud 
tuchderapio  dimenlioac  penpecu- 
la  e  4  propofit.hb.  (J.  Propolit.  4.  poit 

21. 

Decautionibus,&  firmamentisdimcn- 
fio;u'i  per  Scaphia,  &  r  alios  e  fenellrat 
loiamine  .  Piopoi.4.  §  50. 
22. 

Aftronoraica  plura  problemara  e  ^.pro- 
pof  hb.6.Eucl.  Ptcpof.4.§  |2. 

Cotollaiium,&:  Scholion,  in  quibus  e  4 
propo;it.lirt.  6.  Ckc.  indicacur  cheoiice 
pticipaorum  ineijfotiotUin  inlttu- 
me.itotam  Geomcciicorunj:(!k  Attro- 
nomitoium.  Propof.^.^  33. 

Vifionis  intra  ocuium  arcana  proditac 
4  propof.  hD.6  i^iopol.4.  §  5  5. 

FalLcia  lunt  opcica  expetimenta  in  ocii- 
lo  cad.iaer.iceo(hoc  eu  animalis  mor. 
tui)eciam  conguciato,  vci  inoculo 
viuo,  fed  inotL^ofo,  ideit  malc  atfecto 
ab  aiiqu4  corpor.s  argiuHdine .  Pto- 
pof.4.§  j6. 

26. 

Dcmonltrat  0  piaxib(in  §  }  ad  12  primi) 
dcmictendi  peipendicularera.  Prt>pof. 

i7. 
Pioludium  du.ibus  medijs  rediis  lineis 
piopottionalibus   Jnuenicndis    intci 
duas  Jaias.  Propof.S.poit  §  p. 

Scholia  ad  lucem,  &  cautionem  geome- 
tt'cam.i'ropol,ii.§  ii. 

Mo- 
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25?.  Apianjs  aliqua.  Pi'opof.io.§  i(S. 

Pro  praxi  organica  problcmat.  aliq.  ani- 
maduerfio. Propof.io.  §  i8. 
40. 
VfusamplifTimi  propof.  10  indicatiinj 
vniueifa  Geomccria,(Sc  Sccreometria. 
Propof,io.§  ip. 

41. 
Dedmi(Toneangi-.li  vt  alter  diuifusell. 
Piopot. io.§  zi. 

Qiianritatem  Matliemaricam  etTe  in  in- 
finuumdiuifibiiem  clt  prfenotum. 
Piopof.io.§  iZ. 

45- 
Ad  facilitatem  opcrationis  pro  demitte- 
d;spcrpcrndicularibu3,  3tC. Propofit. 
li  :poil  '^  2. 

Demonftracio  praxis  continuandi  plu- 
us  iineas  m  eadem  propoir.  Propofit. 
12. §8. 

4T. 
Scholiaad  irtelligenriam,  &  confirma- 
tioncm  dcmonltrationis  de  contmua- 
tioneplunum  linearum  in  ead.  pro- 
portione.  Propof.  1 2-  §9. 
4^. 
Propofitio  15  Iib.  6  triplicitciIocalcPo- 
nfmaeft  .Piopof.i  3.§  i. 

47- 
Dcduplici  conuerfionc  apud  nos  Pro- 
blcmatis:  Duabus  mediam,&c.Pio- 
pofit.ij.§  2. 

48. 
Devario,  Sc  multiplici  vfu  linearumj 
mediarum  proportionalium  apud  nos 
inomni  genere  Philofophia:  Mathe- 
maticx'.  Ptopof.i  ;.§  12. 
49. 
Adfacillimam  operarionem  aliquoruin 
anrccedentium  probkmatii.  Piopofit. 
ij.poll  §  14. 

Euclidcs  ab  A  pollouij  reprehcnfionibus 
vindicatus.  ApoJionius  ipfe  ab  Anti- 
qmsicprchwafusj  etiam  proiacocius 


Mothis  dimetiedi  diftantias  inquodam 
problemate  pro  vitandisfallacijsah- 
tcr  vfurpatus.  Propof.8.  §  i  f. 
jo. 

Innacceflas  alcitudines ,  &:  profunditatcs 
mcciri  e  coioll.8  propof,libri  6  ,  Prop. 
8.§  17. 

Alicer 9 propof.  lib.  6.  Eucl. excrcerc, ac 
dvfinonlhaic  per  duiftam  parallelam 
diuidcndx.  &c.Piopof.5>.§  i. 

Rcincdiumj&compendium  pro  lineis 
quibiifui?  hingidimis  in  vfucircini- 
proporcionum.  Propol.^.^.p. 

Ciici  alia  cxcmpla  in  ablarione  tertiar, 
quirta:  &:c.partisadatoarcu.Piopof. 

H' 

Mixt.-clincae  punftuat.T?  ab  anciquis,&: 

doitioribus  Philofophis  Geonietricis 
iuie  inepra:  habitac  funt  folutionibus 
problematumaliquorumgcometrico- 
lum. Piopof.y. §  if. 

De  proportione  arcuum  (Tmilium,  Sc  pe- 
iipheriarum,  &■  vfu  circini  propoiiio- 
num.  Propof.9.§  18. 

.36. 
Theorice, & inuencio ,  &  vfus  linearum 
inciicino  pioportionu  prodit  ab  vfu 
10  propof  hb,6,  luxta  nos.&c.Propof. 
io.§6. 

37. 

Lcmmaticade  fpcccbus  Proporrionali- 
tacum  pro  vi u  p ,  &  10  propof.  hb.  6 
inline.iium  partibus  carpendis,  fiue 
lineisin  partes  trium  piarcipuarunn.,. 
Piopoitioiialitatum  diuidcndis .  Pro- 
poi.io.§  1 3, 

j8. 

Dedata;rcdls  fedcioie  in  datapropor- 
tionalitaie  gcometrica  ,  Facilus,  ac 
bituius,quam  in  anreccilenribus  Pro- 
bicinatibusftcare datas  rtdh.sinqua- 
libet  timra  ptopottionaluatum .  Pio 
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paralogifmo  in  inuentionc  duarum- 
mcdiarum  propoitionaiium ,  Propof. 
I3.§  i.dcduab;.med.ptopoiT. 

Duaium  mcdiarum  proportionalium  ia- 
uenicndaramoccafio>  Scvfui.  Pto- 
pof.ij.§  1.  Ibui. 

De  vcteram  molitionibu-  ,  &ini!cntis 
circainuetioncni  du.uun;  mcdi.irum 
propornonalium.  J<ecenciorum  ali- 
cjua  non  diuerta  ab  anriquis.Animad- 
uerfioin  Pappnm  noua>  vdnon  pror- 
<us  vulgata^  icccntioribus  j  &a  no- 
bis.  Pfopofu  i}.§  j.Ioid. 

Quomodo  duar  nicdia:  proportionalcs 
mleruTant  duplanoni  cubi>  &  \n  dua- 
lum  mcdiatum  pioportionaliULn  m- 
ijciuionc  exemplumad  .Ariltotelis  in- 
•clligeiiram  de  AbdudioHC  Geomc- 
mca.  Piopol.i  j.§ij,  ibid. 

H- 
Dua  .T.edijpioportionalcs  iam  priflem 
cx  anti<)uorum  inucntis  geomctrkt-, 
ac  dcmo:nUaiiuc  inuentx  funt.  Pio- 
poiit.13.5  lo.Ioid. 

Dc  numctis  mcdijs  ptoportionalimis ,  & 
duobus  ,  6v  pluribui  mter  duos  datos 
inueniendis.  Propoi.i  3.  §11.  Ibid. 
0. 

Deprocrcattone  Haimonicza  Gcomc- 
ttica ptoportionaiuatc.Piopof.i  3.§  i. 
de  inu.l:n.propori.in  Hdimon. 

Dato  medio.  6c  maiorc  cxtrerao,inueni- 
nire  minus :  ^iatis  (•Ktrcmi:,  iiiuenire^ 
oiedium ,  ..Scl.  ia  Haimomca  Propor- 
nonalitate.  Propof.  1 3,§  4,de  pioport. 
hatinon. 

Dcjnuentionibus  extremarum,  &:me- 
diaslincatum  in  Atithmctica  Propot- 
tionaiiiate .  Propof.i  j.  §  {.dc  propcuT. 
Aiithoi. 

De  !Ruent!otiibus  exitcmotam  •  ic  me- 
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diorumnumerotum  in  Proportiona- 
litatibus  Harmonica,  dc  Aritbmetica. 
Propofjt.i3.§(S.  Ibid, 
69. 
Dcmonftratio  vniuerfalidima  propoti- 
tionis  14  pro  omui  quanticacc.  Propo- 
(it.i4.§  10. 

dt. 
Deampiiatione  priinx  propof.  lib  tfad 
pluntormiafoiid.i.  PropoiJC.i^.f  11. 
61. 
De  ampliatione  propof.  54  ,  &  3  f  lib.  t 
ctiain  ad  pluriiotniia  folida.  Piopolit. 
I4.§iz. 

De  conoiiira  ifopenraetri*  fuperficic- 
bus  line  baiibus.  Propof  1 5.^  j. 

Ad  facilitatem  ,  &  hbertatcm  exercendi 
ptopofit.ptoblcraatis  in  §  6 .  Pjopolit. 
lypoft  §6. 

Dcquadtato  medi)numcrimaiorc,qu» 
rcdtingulum  fuo  cxcremis  in  propor- 
tion.ilitate  Arithmctica ,  minotc  vcro 
inHifmonica,  &c.  Prop-af.iy.^  19. 
66. 

Piopof.  i(j,&  17  l\b.6  vniuerCalifnmc 
dcmonU  rat^  dc  toto  gcncxe  quantira- 
tis.  &c.Propof.i7.§  10. 
67. 

HiUucinatio,  &  variatio  circa  dcmon- 
rat.j8.propof,lib.<5.Propof.i8.§  i. 

Adornandamerudue  j8.propof.lib  (j. 
Poft  §  3. 

Hallucinatiocircaduplicatam  ,&c.pto« 
poitionem,  &c.  Propof.  j  {>.§  i. 

■70^ 
Applicationes,& Vfus,  &c,  i^ptopof. 
hb  6  rc(5liusaupropofit.  loiranslati, 
Propof,ir>.§  I, 

7'. 

Dequadtato  quadrupJo  quadrati  fuper 
dnnidio  latcrc  cxcitati.  P;opof.io.§  6. 

7i 
ladiCAU  aliqua  de  ptopoitionc  etiam-. 
N  n  cir- 
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circiilorum  intci  fe  duplicata  cxdia- 
mecfis.  Propof.20.5  7. 

Hallucinaiio  vitanda  Tyronibus  incir- 
ciiiorum  iiircrfeproportionibus.Pro- 

pof.iO.§  II. 

Qusftiunculi  curiofi,  ac  praxes  Hai- 
monici  Mii  taresj&c.in  proportJoni- 
bus  peiiplicriarum,  d<  circulorum_,. 
Propof.zo.§  12, 

De  quadratura  circuli  e  centro  grauita- 
tisinfcmicirculo.  Propof.iO.f  15?. 

Solutio  dubitationis  in  figura  ,  Sc  exem- 
plocrucisdtlineatc-Eiii  §  §  14,^5, ad 
Propof.io.§i5. 

_.  77. 

riguiarum  tranfiuutationes  ex  zoprop. 
lib.6.propof.io.  §  51. 

78.  -, 

Imago  per  iDftrumrntum  noftrumfce- 

nographu  um  fcientihcc  dclincata,ec- 

iampiccorypo  fimillima  deinonftra- 

tur  cx  i  I  propof.  iib.  6  Eucl.prop.  ii. 

.1-  .  7^- 

Aliter,ac  bteuiMs  dcmonftrationem  pro- 

polinonis  11  lib.  6  cxpcdirc.  Propofit. 

11  §  I. 

80. 

AmpliaticPropof.  12  lib.  6.  &  cius  vni- 

ticn".ilitas.  Propoi'.ii.§  1. 

81. 
Iiiqiiaproportione  fint  redlilinca  fimi- 
l:a  fuptr  proportionalibus  lineis.Pro- 
pof.i2.§  3. 

81. 
Propof.  12  lib.  6e(l  fonsconftituendo- 
luai  rcililmcorurn  ptoportionalium. 
Propof.ii.§4 

Propof.ii  iib.6ampliataadnuraeros,&: 
folida.  i'iopof.  2  2.§  7. 
84. 

Expoficio,,5c  cni.fiuiirio,c]uibusEucIi- 
lies  vt:turiii  dtaionftianda  2?  piopo- 
fitioiiCj  ciillTpaiu  haliucinaiiones  cuca 
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copofitam  proporrionem  Geomctri- 
cam ,  vclut  laterum  m  paiallclograin- 
miSj&c.  Propofir.2  5.§  i. 

Alirer ,  acbrcuius  dcmonftiarep^^opof. 

22  lib.6,c'ideniq,-in  nuaicrisdemon- 

Ilraia.  Piopof.2?.§  j. 
S6. 
Epilogus  ad  praxescxi?  propof  prarfer- 

timdimenfioiuim  farerti<.ialium  non 

lupeiiKK;liccr,l"ed^coin£tiice  demo- 

ftratas.  Propof.2  ^.^jii. 
87. 
Aliter ,breuius,ac  ficiliusdamonftrare 

propof !{ lib.(5  clcmciuarem.  PropoC 

ii.§  I. 

88. 

Indicatus  vfusaliquisphyficus,  acciui- 
lis.  (iue  agiaiiusprotilcmaiis  «av  tiaiif- 
torm.rcail.iii  circulum  .  Piop.  i5.§  4. 

Prcblematadeellipii  §  §7,8ad  15  lib.  g 
etiamad  rcctiiinca  v.iueiianz.uc  ,  v<c 
in  vfum  cUipciciE  arcxtinncticds  tra- 
duccrc.  Piopol.i^.§  ^. 
50. 

Curuilinea  proportionalia  conflituero.. 

PlCpof.ly.§  13. 

pl. 

Deau^l:ionibus  ,iaininutionibus,  diui- 
fiombus  plaiiaiuni  tigurarum, icru.ua 
caiumfiir.dicudir.t.  Piopoi,  25.  §  14. 

9-. 
De  problemaribus  apud  Geometras  In- 
ordinatis,  <:<c  laCta  itcticociiac^-  in  crci 
ptoportionalcs ,  icirt  in  quapropoc- 
ttone  fint  ea;  partts.  Piopoi.  28.5  j. 

De  Gconjetrica  applicafone  cum  defi- 
cientia,quar  Gracis  Taae^^'* .  ^d  no- 
men  intiitum  conita  ucLiuiii  abvfi» 
piop.iS  Eucl.  §  ^. 

Praxis  ex  punrtis  applicationis.iJcc.ellip- 
fimdefcnbei.di.  Propoi.iS  §  20. 

55. 

Punitorum  applicationis  ad  axem  ma- 
iorem cUiplis mu^ atfeCtioues> ac  vfus 

ali* 
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aliqui  cantum  indicati .  Prop.  iS.  §  ii. 

Thcor^a;»  ac  philoforhaiiones  geomc- 
tricar  non  llne  parddoxis  ,circa  opcra- 
tioncs  parniim  regulc  lub  angiilo  nor- 
mx  reiAo  mocarum.  Anftotelis  de^ 
motus  localis  gcnciibus  vindicatus. 
Propof.i8.§  17. 

97. 

Alijmodi  inucnienda:  hncae  applicatio- 
nis  hypeiboUca:,&  defcribendaehne^ 
hyperbohcx.  Propof.ic>.§  j. 

Monitura  ciicacffcdionesphyficasdia- 
phani  pupillans.  Propotij).  §  10. 

Dc  tuboopricocum  ictc  puf  iliaij,  Pro- 

pof.ip.^'!  i.Scbol.4. 
100, 
Ad  cmncs  hypcrboias  non  pcfTe  duci  af- 

fymprotos.  £t  cui  hypcrbo!c  rx^coni 

parailela  lit  apud  ncsprarcipua.  Pro- 

pof.i;).§  16. 

lOI. 

Dc  Geometrica  apphcacione  iufta  >  & 
pricila  (linc  di  hciertf.i.  vel  txccden- 
tia  )r,i.a  (jratiseft  »«tjPcA»,  Vn<iceT- 
iam  nomen  icCtiom  i.i-ii.ca:.Propof. 

25?.§  '7- 

»02. 
De  VeftaliumSc,Tphi)s,  ^  Archimedis 
fptculis  vltciiis,ac  criamdc  tubispa- 
iabolicis,&c.  Prcpof.i9.§  13. 

Cut  in  {edionibus  conicis  ,&  in  alijsli- 
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neis  non  icCkis  fpcdletur  angalorurnj 
incidentiar,&  reriexionis  iquahtas  pe- 
nes  rc(flam  contmgcntem.  PropoUr. 

2i?§if- 

104. 
Indicata  hallucinatio  Vitcllionis ,  &  O- 
iontijcncalatiisrc(5um,  &  pundum 
vftorium  iu  parabola  ,  pro  vitando 
magni  momeniictrore  pradico.Pro- 
pof.ii).§  6. 

lo^J 
Dc  Alijs  paraboles  dcfcriptionibus.  Pro- 
pof.z5).§  18. 

Dc  moru  proicdorum  parabohce  infle- 
xo.  Propof.i5).§  19. 
107, 

Dc  Ellipfi ,  Hyperbula ,  Parabole  apud 
nos  cciam  in  numciis  medijspropor* 
oonaiitatum  Gernictrica:,  Aiithroe- 
lica:,  Harmonicx.  Prcpof.zy.  §  50. 
108, 

Geomerrica  philofophjtio  cum  parade- 
xo  dillolutoiia  oppofiticnis  At;thiiic- 
ticar  cotra  operationcni  c  circmo  pro- 
poit.fecandi  imcam  proportion.  §  8. 
1051. 

Campusgeomctricus  y^  vniucrfalisex 
vfu  picpof.31  proaucl:ionibus,  immi- 
nutionibiisdiuihonibus.^cc.  quarum- 
cnnq;  piai.atuin  rctiilinearuni  figma- 
ruin,  icruata  fenipei  ciufdem  fpccici 
figura  in  cotis,  partibus,  reliduis,conj- 
porms,&.c,Pi&pof.3i.§  I. 


IN  TOMO  TERTIO. 


I.  nit.  ^dein  eadem  proportionc  ab  a- 

PRopoitionum  gencra,  fpecics,de-  quemultiplicibus.  ikc.  lDid.§  <>. 

nominatores.  Iib. ^,§  3.  ^. 

1.  Indcxcopiscirca  analogias.Ibid.§  10. 

Noftramcthrdus  non  patiturdifficulta-  5. 

tesvulgatas  detinit.onis  quuitx  hb.  j.  Expofitio  peimutats  propoirionis .  Ibi- 

Ibid.  §8>  dem§i3. 

.         ^-     .  ^- 

ExpofitiodiftindajiaciliSjacbreuisdefi-  Cur  in  argumcmatione  a  permutand* 

N  n     i  de- 
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dcbc«nt  termini  effc  tn  codem  gcnerc. 
Ibid.§  14. 

7. 

Hircfis  dc  artcrnitatc  mundi  cx  ignora- 
tia  1 1  dcfinitionis  lib.  f  malc  firmata. 
Ibid.J  I  f . 

8. 

Vniucrfaliritcs  4piopofitionis.!i.j.pro- 
pol.4,i»tliol.4, 

9. 

Oftcnfiones  numetica  valent  etiam  dc^ 
propotnoiiibus  iitaii  jnalibus.  Ib.  5  i. 
10. 

Coiiucrfa latio  demonrt tata  vniHcrfali. 
tcr  de  toto  gcr.cte  qiuutuatis.  Ibidem 
piop.i^.Scbol.i. 

ii. 

Vfus,  i5cexcmplaanticipationis  ctiarain 
in  Tlieotematibus.  Noitiamcthodus 
contit<»at3.  Ibid.piopof.}  5.^  j, 

EKpofitionc$,(JcratiOiies  11  definftionis. 
Iib.j.dcfii).ii.§  j. 

yemonUtatio  vcritatis  aflTcrtac  in  defini- 
uone  11  dc  angulis  acqiiaiibus  infe- 
gmentis ,  ^  aicubus  finiilibus  Ib.  §  z. 

Mcthodi  noftiae  oppoitunitas»  &  ncccf- 
fitas.  Ibid.j  5, 

^  M- 

De  contaclu  pcnpherix  m  puntTlo  icds. 

&c.Lb.3  piop^^f-J.Schol.i. 
\6. 
Phyfica  dcmonftratio  de  contadlu  rii- 

tuh,  vd  fph.Tvz  in  pundo.Ib.Schol.i. 
_  17- 

Contadlusin  puncto  intelligcndi  inab- 

ftradione  GconKtrica.  lbid.§  j. 
18. 
Anguli  contaiarus  omni  acuto  minoics 

ctiam  ad  rcliquas  fcdioncs   conicas 

prarcer  citculum.  lt>id.piop.i6.§  4. 

ip. 

Cauillationes  aliqux  contta  angulunu» 

contattusptoponuntui.  §  6.1bid. 

CauJlatioiiiibuscontra  angulura  conta- 
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ttus  rcfponderut.  §  7.  Ibid, 

Praua  ahquorum  illatio  cx  angulo  con- 

tadiis  ,quod  quantitasconftetcxin» 

diuifibiiibus,icpuifatur,  Ad  rcmrc- 

colitur  abftridio gcometcica .  §  8. Ib. 

11. 

Rcliqux  aliqua:  Ituitates  contta  angu- 
lum  concadtus  exufiats .  Ib.  §  p.  Ibidr 

Pio  nollra  Mechodo.  Ib.§  1 1. 

»4. 
OuiforriMs  figurs  dcfcnpt^.  Ibid.  ptop. 
i7.Schol.i^ 

Opcs  gcoinctfics,  ac  praKJs  ditandis » & 
cxiiccndis  contj<ftibus  icdarum  ad 
cuculos,  indicatx.  It>.Schol.i. 

Confirmatio  geomctrica  dc  ciccuU,& 
iph.Tr.Tconta6libus  m  puncio.  Ibid.^ 
piop.  lii.Schol.  1. 

rraxisaliainucnicndiccntri  io  citculOo 

Ibid.prop.ip.Schol. 
18. 
Pro  nolba  Mcthodo  .Ibid.  ptopofic.  lO.' 

Schol.i. 

Altrnnomici  obfcruatoris  oflronomicus 
p.u-ilo3ifinustx  abufu  10  propof.  Ib. 
SchoLi. 

Alircrrxeiccre  ,&;  demondrarc  propof. 
15  cxji  li.j.Ibprop.5i.SchoI.i. 

De  angulo  femicirculi  •,  quod  fit  iquaiis 
iet\o  hallucmationesahquorum  ciu- 
fttata:.  Ibid.§  7. 

Alitcr  Prppofitioncm  \^  lib.  \,  acbte- 
uitetdemonftrarc.Ibid,prop.j3.§  1. 

Nofira  mcthodus  pro  agnofcendis  cir- 
culiadmiiandisin  ^y  piop.lib.j.lbi4 
propof.jf,§  i. 

H-     ^      ,,    ..       .    . 
Conueifuni  nofttum  CoioUanj  ptimi 

apud 
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apud  Clauiunacx  ^fipropof.lib.j.lbid. 
piopof.56.  §  I. 

Pto  noftra  Mcthodo .  Lib.  4.  Propofit.  8. 
Poit  §  i. 

De  rctiquis  ifofcelibus  ad  infcribendas 
aliag  aliqiijs  tiguras  nonduin  inuemis. 
A  nobis  aliquid  opis>  ac  opum.lbidcm 
Propof.io.§  1. 

Apjdaliosinuentiolatefumtriane;ulia- 
quibc(;ti>quadrat!,pcn:agoni,hcKigo- 
111,  odlogom,  dccagor  i.dodecagoni  cx 
citculi  diamctio,  &c,  Ib.§  6. 
,8 

Vniucrfalit.is,  vtilitas ,  &  matcria  pro  fe- 
ptirnoyEtdrij  Toino  indicatxpiitiiiu 
in  fiiic  1  clem'  nn.  lib.  i.§  i. 

Propofi  io  ili.  i  fa6ta  vn'Ucrfali(Timadc 
omiii  gencie  quantitauscuam  loiids. 
Ib.Piop.i  §  5,nu.z. 
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40. 


Propofitio  ^  vniuerfaliflTma  etiam  adfo- 
hda.  lb.Propof.3.§6. 
41. 
Proppfitio4  de  omni  quantitaic.lb.prop. 
4.§7,SchoI,J. 

41. 
Quadratum  dupli  quadruplum  quadta- 
ti  dimidii  lauf,  etia  in  numctis  oftea- 
fum.Ib.  §  II. 

4$. 

Audariaad  propofitioncs  aliquas  lib.i, 

Ib.prop.ii,  §  15. 

44. 

Adiumcnta  ad  praxim  1 4  propof. lib.  1. 

lbidemSchoi.fub§  18. 

45-  „         . 

Aliercx  pet  fc  notis  cxpedire  Prppolit.  4 
hb.i  I  Elem.Epil.Schol.j  fub  §  ji. 
46. 
Dcortu  Pyramidiim,  &Conotuminff- 
qualiumex  iiixqualibus  bafibus.  vel 
altitudinibus.  &c.  Epil.  Schol.  3.  §  J4. 


In  Bceuiarj  Scereomecrici 

SECTIONE    I. 


NO^rum  compcndium  pto  folido- 
rumaliquorum  piopoitionibus, 
c\:  dimenfionibus  faciliusctiam, 
quam  cx  vfu  gcomcttico  ccntn  graui- 
tatis.  Poft  §  I. 

X. 

Etiam  in^qualium  cylindrcronim,&  co- 
notum  rcciprocationes  diamctioium 
in  baribusjiSi  foliditatum  cumaltltu- 
dinibus.Polt  Theoi.j. 

J. 
Alitctpropof.  ^6  lib.  1 1  Eucl.gcomctiice 
dcraonlltau,PoftTh.7, 

4. 

Rcgulanoftra  vniuetfal's(propanicuIa- 

iibus  apud  Euclidcoi  dc  lohditciufdc 


fpccici )  dc  folidis  etiam  diuerfx  fpe- 
ciei  acqualibus,  quorum  bafcs ,  v\'  alti- 
tudincs  reciprocantur ,  Sc  coHUcifim. 
Poft  Theoi.8. 

f. 
Pe  Cylindris,  &  conis  inaqualium  alti- 
tudinum  habentibus  inter  fc  propor- 
tionem  vt  bafiu  dianKtti.  Poft  Th.  13. 

6, 
Coni,&  Pyramidcs  eiufdcmaltitudinis, 
f unt  intei  fe  vt  bafes .  Foft  Tli.  1 J. 

7- 
Proporrioncs  inrer  conum,  &  cylindruin 
Poft  Thcor.  xo. 

8. 
Quanti  niomenti  fit ,  prarfcttim  in  fpha- 
iij^ptopottio inucnta c  femidiuwrns, 

ve! 
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vtl  v'i^mi  tvis ,  ni.cvfu  tvinn  gi\uijta- 
us.  i'  U  Thtor.ii. 

9. 

Alia  thtorcmara  dc  lolidoriini  non  finii- 

liu  pioponionibus  apuil  nos.  l'oll  §7. 

10. 

De  thcoicmatibusA'  problematibus  cir- 

ca  lupeUicics  folidorum,in  primis  ele- 
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.  mcntariuir.  §8. 

1 1. 
De  proportionibus  bafium  inter  feiru 
"cylindris  >  conis,  parallclepipedis,  pri- 
fmatibus .  Poil  Theor.  3  5,  iSc  Lemma* 
iz. 
Compendium  fingularc  in  theoiemato 
de  Iphir.fLipcthc.  Polt  Theor.itf. 


IN    SECTIONE    11. 


D 


E  rransformationibus  circa  fohda 
Liiam  non  rocunda.  Piobl.  12. 


L>i.  aimenfione  ftptrfici-i  pyramidalis. 
PortProbl.i6. 

Ad  circuli  quadraturam  noui  aditus.Poft 

Probi.iS. 

16. 
Piaxcs  militatcs  c  dimcnfione  fphira:. 

PoaProbl.14. 

17- 
Conus  habens  pro  bafe  circulum  fphac- 
ra:  maxmium  jproalricudinc  duplica- 
tam  diamc ttii ,  cft  squahs  daix  Iphje- 
ra;.  Polt  Probl.itJ. 
18. 
Soliditatem  fpharra:  nofle.  Schol.  3  .  Poft 
ii^otleai.iG* 

tp. 
Dacam  fphiram  in  conum  ^qualcm  ver- 
terc.  Schul.i  Poll  Probi.i^. 
20. 
Conum  ,  &  cyhndrum  vcrteic  in  fphs- 
lam.  5chui  i  pulX  probl.iS. 
21. 
Cyl  ndrutnobliquuipj&c.in  paiallelepi. 
vcittte.  Schlt>.i.Poit  1  robl.jz. 


12. 

De  varijs  folidorum  transformationibus. 
Schol.  poft  Piobl.34, 5  j. 
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Prop0f.  I.  Theo^.  I. 

SlfilcrintJuajredlx  linci,  quatuinj 
altra  fccecui  in  qiiotcunq;  partes.re- 
vSl.inguluiTi  ab  ipfis  contcnrenrum, 
^qualeenr  levitjngulis  ab  infcd3>& 
finguliS  f..ctar  part.bus  contcntis. 
P)0,'of.  1.  7  henr.  z. 
Si  lecia  lii  ca  fct  etur  vtcrniqucjcrant  re» 
ftangula,  qii£  tota  ,  &  p.sriibus  r Onti- 
nenrur  ,xqualia  quadrato  ,  quod  fic  a 
tota.  . 

r>oiof.^.  Theor,  5. 
St  rcdla  luiea  vtcinTique  fccetur.  crir  re- 
dtaiii^uium  tou,(S(:  vna  paitc  contcn- 
tum,.Equalc  reCtanguIo  partibus  con- 
teiitOj  (Jc  quaduto  i  dida  paitc  defcn- 
pco. 

Propof.  4.  Theor.  4. 
Si  rci5ta  Imca  vtcu:nque  fecctur,quadra- 
lumtotiusjcqualcciit  &  parnum  qua- 
dratis,  &  rcctangulo  bis  partibus  con- 
lcnto. 

''ropof.  y .  Theor.  f . 
Si  redi.i  1  nea  lev  etur  in  ^quali3,5v:  in  ine- 
qualia.erit  reiflangulum  inxqaalibuj 
totuis  partibus  contentum  mim.  cuitl. 
cjua.Hiato  inicx.quae  ntci  (cdtionesin- 
ter  jcitur,  .^quale  ci,  quoti  i  dimidia  fit 
quadrato 

Prouof  6.  Theor.  6. 
Si  re«5ti  liiici  bifecetur,  ciqae  in  diredlii 
quidaiiJrectaadijciatur,  eiit  redtan- 
gulu  n,  quod  fir  ex  rota  compofTta  ,  & 
aciicdla,  vna  cum  quadrato  dimidiac, 
^qu^lc  qaadratOj  quod  fit  cx  duaidia, 
&  quadrata. 

ProDof.7,  Theor.  7. 
.*>!  tcAa  linea  lccctux  vccua;quc  >  quod  a 
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tota,  quodqne  sb  vna  pirrium  fit ,  vt- 
raqae  quadrata  iqual'a  func  ei ,  quod 
a  tota,&  didla  partc  fir  ledagulo,  vna 
cumalcenuspaitis  quadrato. 
Provof.  %  Theor.  8. 

Si  reclalinea  feteiur  vtcumqucredtan- 
guluiT)  quacer  tota ,  &  vna  paire  con- 
teiitum,cuin  quadraco  altenus  parfs, 
arqu.ilecllquadratoa  tora^^Si:  didta..rf 
paitc,  tanquair.  vna  linca  dcfcripto. 
ViOpof.c)  Thtor.c). 

Si  redtal  ncafcccturiii  iqualia,,?»:  non_. 
xquali3,quadrata  putium  incqualiuiTi 
dupla  fuiit(:k  emsqaud  ika  dimidi.L^, 
&i  cius  quod  fit  a  l'i.ea  ,  qu*  inttt  fc- 
dtionesintcrcip  riii  quadrari. 
PropoJ.  lO.  Tbeor.  10. 

Si  redta  linea  bifecctui  ,eiquein  rf(fluin 
qu.Tdamaliaadiiciatuiiqii.rratotacu.ii 
adiedla,  &  ab  adiedta  fiunt  qu.idrata, 
dupla  erunt  quadiatoium,  quxfiunt 
a dimidia >  &  a  compofita  cx  v.mnuita, 
&  adiedta. 

Proyof.  1 1.  Theor.  i  r. 

Intiiangulis  obtufangolis  quadratuiTu 
quodfita  latere  anguhiin  obtulunu 
fulnendente  ,  maiuseil  quadratis  la- 
tcrumobtufurn  continentium  tcdlan- 
gulo  bis  c6  em o,  iSc  ab  vno  latere  ob- 
tufum  contincnte.in  quod  productum 
perpendiculatis  cadic ,  &  a  linea  exte- 
hus  afTumpta  a perpcndtculaii  ad  aa- 
gulum  obrufurt). 

Propof.  i^.Theor.  11. 

In  acutangulis  trianguHs  cjuadranim  la- 
teris  acutum  angulum  fubtcudentis 
nunus  clt  quadiatis  acucaa)  continea- 

tibus 
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»ibus re Aanpulo  bis  coiuento,&  ab 
»no  Utere  acutum  connnente>in  quod 
perpcndicularis  cadit,  «S;  a  linca  a  pcr- 

L  1  B  E 

Troyof.t  Theor.  l. 
Si  in  circuli  peripheria  duo  purdla  acci- 
piantui ,  reda  illa  conifigens  intra  cir- 
culumcadit. 

P/O^of.  i,.Th'or.  1. 
.  Si  in  circulo  icda  quidamlinca  per  ce- 
trum  ducla  redlim  non  per  ccntrum 
du6tam  bifecct  ,&  ad  angulos  reclos 
ipfim  ferabit:  &  fi  ad  an^^ulos  redtos 
ipfan.  fecet,  bifariam  quoq,-  fecabic. 

Pnyof,  4.  Thtor,  3 . 
Siin  circuloda*E  redac  lincs  fc  nnuuo 
fecent  non  perccncruinductjcfe  bita- 
tiara  non  fecabupr. 

Propof  5.  Theor.  4- 
Siduocirculi  leniuiccm  fccucrint,  non 
etit  ipforum  idem  cc;,trum, 

Propuf.  6.  Theor.  ^. 
Si  duo  circulurtenus  feccntin^antjuo 
crit  lilorum  idi;m  centium. 

Propoj.  7.  Theor.  6. 
Si  in  diamero  cii^.uli  accipiatur  pun- 
(ftum ,  quod  centnim  r.on  fit ,  ab  eoq; 
incircuium  cadantre^t<Equa:Ja  ,mx- 
xiaiaciit  ui  quaell  C'ntrum,iTi!nima 
relqLia.ali.irum  veio  prcpinquior  ei, 
quje  per  ccmri.m  ti  nfit  remotiorc^ 
fempet  maiorcd.  D.iar.iutc.n  tatum 
zqualesa  puK^o  in  cTculiim  cadeni 
ad  vtiafque  pares  ipluis  minimae. 

PropefS.  Theor.7. 
Sicxtra  circulum  accipiacur  puniftum-» 
abcoqueadcirculum  ducantur  rectx 
quiJam  jincs  ,quarum  vna  pcr  cen- 
trun  cranfeat ,  reiiqua:  vtlibcf,  earum 
quidcm,q;ai  in  cauam  per  pheriaii3_i 
Cddunt ,  niiXima  cft  qux  eft  per  cen- 
trum :  aliarum  vero  propinquior  ei, 
quxper  centrum  ,  remotiore  femper 
maior  e(t.  At  earum  ,  qua:  in  conuexa 
peripbcuimcadunc,  miaimaeft  quac 
incer  pundtum  ,&  dumctrum  interij- 
citur,-  aliarum  vcro,  qux  proquior  mi- 
nimac  fempci  ceraociore  minoi  eft . 
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pcndiculari  intusaffumpta  ad  asgalS 
acutuni. 

R     III. 

DuJE  autemtanrumsquales  \  punfto 
in  circulum  cadunrad  vtrafquepattes 
niinimx. 

Propof.  9.  Theor.  8. 
Si  intra  circulum  accipiatur  punftum.ab 
eoque  ad  circulum  plures  quam  dus 
rsqualcs  redt.c  cadant.crit  acccptuuj 
punctura  centruin  circuli. 
Propof  10.  Theor.  y. 
Circulus  circulu  in  pluribus,  quani  duo« 
bus  pundlis,non  fccat. 

Propofi  I.  Theor,  lo. 
Si  duo  ciiculi  fe  interius  connngan: ,  rc- 
dta  linea  coru  cetra  roniungens, fi  pro- 
ducatur.cadct  in  contactumcirculonl. 
Proyof. 1 1.  Theor    \i. 
Si  duo  circuli  fefe  exteiius  continganr, 
rcctaipforum  ccntra  ccniungens  per 
contadtum  cranfibir. 

Propofi  ?.  Tbcor.  1 1. 
Circulus  circulum  inpluribus  pundtis 
vno  non  c.angit,  fiue  inteiius ,  fiuc  ex- 
tcrius  tangat. 

Propof  li.Theor.  15. 
Incirculoxqualestedta:  linzx  xqualitei 
acentro  diftant.  Ec  qus  squaliter  k 
centto  diftanr,.T:quales  funt- 
Propof.  1  S.Theor.  14. 
In  circulo  maxima  cft  ..liamctrus:  aliarii 
vero  femper  quij  propinquior  eft  cen- 
troiemotiorc  maio;:eft. 

Propof.\6.Theor.  I  f . 
QiiaEdiametroaJangulosre»tosab  cx- 
tremitatc  ducitur, extiacuculumca- 
dit .  Et  in  locum,  qui  inter  rcittam  li- 
neam,&  peiipheiiam  interi)Citur,.)lia 
rcctanoncadit.  Et  (emicirculi  angu- 
kisomniacuto  rcctilineo  tnaior  eft> 
reiiquus  autcmminor. 

Propof  1 8  Theor,  1 6. 
Siciiculum  tangat  linca  qu^da  tccla,a 
centro  autem  ad  tactum  tcCta  duca- 
tut,  erit  illaad  tangentcm  pcrpendi- 
culatis. 

P  p     X  Priy- 
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Pnfiof.  r^.  Theor.  17. 
Siiedlalinea  cuculumcangat,  5<  atatSlu 
tangcnti  rctla  q  u^dam  ad  angiilos  re- 
<Sos  ducaturjeric  in  iUa  centrum  cir- 
cuh, 

Propofzo.  Theor.  18. 

In  circulo  angulus  ad  cettum  duplus  eft 

anguli  ad  [^ieripheriamj  qiiando  ean- 

cUnipeiiplKiiam  pro  bali  habent. 

P/opofz  I.  Thior.  1 5. 

Inciiculo  c]ui  ni  eadcm  poitionc  funt 

anguli  a:quales  funt. 

Propofi.1..  Thcor.  to. 
Qiiadrihucrorum  in   cuculo  dcfcripto- 
rum  anguti  qui  cxaducifo.duobusie- 
<^is  xqualcslunt. 

Pro^ofiif.Theor.i  r. 
Super  eadem  rccla'linea  du.E  circulora 
pofciones  fimiles,  &  in.-cqualcs  ad  caf- 
dcm  partcs  non  conditueutur. 
Pru^/of.ix.  Theor.  2.1. 
Supcr  ina;quaLbus  re>5tis  hneis  fimiles 
circulorum  portiones  sqiiales  funt. 
P,o^fi6  Thcar,  ty 
Inarqu.ilibus  circuhs  xqaahs  anguli<c- 
quihbas peripheujs  infiltuiit ,  fiue  ad 
ccncra,  fiuc  a.l  pjripheiiasinfiltanc. 
Prtpof  i  S.  Thcor ,  1 J  ■ 
In  a:qualibns  circulis  ^quales  reift.ne  line| 
a:quales  penpherias  auferunc ,  maiorc 
quidem  m.uoii,  minorem  autem  mi- 
nori. 

Propofip.  Theor- 16. 

In  iquahbus  circuhs  a:qual>3pcriphc- 

rias  cqualcs  lecls:  hncij  fubcendunt. 

L  1   B  . 

Propof.  I.  Theor.  i. 
Si  fuerint  qujtcunque  magnitudincs 
quotcunque  magnuudinum  ,  a-qu.i- 
hum  iiu  uero,  linguLr  lingularu  .xque 
muhiplices,  quocuplex  eft  vna  m.igni- 
tu^lo  viuus  totuplices  funt  ornnes  om- 
nium, 

Propof.  1.  Thecr.  X. 

Siprim.r  fccuiidv  rque  muhiplcx  fuerit, 

atque  teitia  qu.ur.c,  fucric  autcm  6c 

quinta  fccund.t  a-que  multiplcx,atqUe 

icxta  quarcrj  ciit  c>:  compofita ,  t2  pn- 


D    E    X    XIX. 

Propof.^t.Theor.lf. 

In  circulo  angulus  ,  qui  in  fcmicirculo 
lectus  cft-,  qui  in  portione  maiorc  mi- 
nori,  qui  ui  minore  maior  redlo  eft.In- 
fuper  maioris  portionis  angulus  maioi" 
redo;  minons  rcdto  minorcft. 
Propof]!.  Theor.  z8. 

Si  circulum  qu.xd?ni  icdla  tctigerit  •>  &  a 
ta6tu  dui.a:ui  rcd:a  cuculiim  fecans, 
etunt  anguli,quos  ad  tangentcm  fa- 
cit,  aquaics  ilhs,  qai  m  ahernis  circuli 
portiouibus  confiltunr. 

Prapofl<).Thccr.  19. 

Si  in  circuio  duc  re<ftc  fe  inuicem  feret, 
crit  redlangulum  portiombus  vnius 
contentum  xquale  portionibus  alte- 
i!us  contcnto. 

Pyovcfi6.  Tbcor.  ;o. 

Sicxtracirculum  punvflum  fumatur.ab 
eoqi  in  circulum  du.x  rcc^.clincxca- 
d.inr,  quuum  vna  cuculum  fccecal- 
teratang.u,  ledtangulum  tota  fecantc, 
&  ca  parte,  quxintci  punc^um,  5c  cu- 
ru.im  pjriphc:um  cft,crit  i'qualc  tan- 
gcntis  quadrato. 

l'ropofi7.Thear.  }l. 

Si  cxctacifculumpundum  <umatur,ab 
coquc  incuculum  dui'  reiti  cadant, 
qis.uum  vnacirculum  fecet  j,alcera  in- 
cni.itj  (ic  aucemquod  tota  fccante  ,& 
ca  pnitc,  qu.xintcr  pundlum  ,&  cuiua 
penphcu.im  eft,  coiuinctur  leclangu- 
ium,  aqualequadrato  quod  tit  ab  in- 
cideutc,  canget  iucideus  cucuhira. 

:    R       V. 

ui.r ,  (S;  quinta  xque  muliiplex  fecnn- 
cia-,a:queccrtia,&  fextaqu.i  tx. 
Propoj. }.  Theor.  5. 
Si  prima  fecunda:  zque    fueric  mulci- 
plcx,atqvtertiaqu.crc.xvfumanvuraii- 
tem  xque  multiphces  ptima: ,  iSc  ter- 
tiiverit  ex  .^quali  fumptarura  vtraque 
vtriufque  arque  muhiplcx,alteraqui- 
dcm  fccunda:,  alcera  autem  qu.aits. 
Pr  poj  4.Thcor.^. 
Si  ptima  ad  fccundam  eandcm  habuerit 
proporcioncm,  quam  tcrcia  ad  quarta; 

ha- 


\ 
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habebunt  ic  asque  fnultiplices  prim<j, 
ic  tcitiz  ad  .-cquc  raultipliccs  fccund^. 
Sc  quartx  fccundum  quamuis  multi- 
plicationem  eandem  pioportionem^, 
fi,  vt  intcr  fc  refpondent,  funipts  fue- 
rinr. 

Propof.  S.  Theor.  f . 
Si  magnicudo  magnitudinis  ?que  multi- 
plexfucrit,atque  ablata  ,  abiate;  & 
leliqua  reliquc^  ^que  multiplex  crjt,at- 
qucLota  totius. 

Prcpoi'.  6.  Theor.  6. 
Sidaq  ir,.'igii'tudinesdi!.nrimagnitudinu 
zqiie  muk  plices  fuennt,  &  abliti 
quxdamdnt  ratuirdem  equc  mulri- 
pln.es,  eru  it  rcliquscilden)  aut  ^qua 
ks.aut  ^que  ruukipliccs. 

VrKpof.  7.  Theor.  7. 
iEc.usIcs  zd  candem  eandein   habent 
prcpoitioiicm,  &  cademad  cquai;s. 
V.oyoj.^.Thior.^i.  ' 
Inff|Uj!itim  m.vfi.iiri^-iru.-ii  ma'Otad  ca- 
demmaiji-tn  b  bet  pioporcioncm  , 
qu-iB  minor,-  Et  c.idLin  adminoictn 
roaiorem  hal>fr,oii.  inad  maioicm. 
Proi-oi  9.  Tkeor-  p. 
Q£cad  eandcm  habent  propofionem, 
?qualcs  funt:  Et  ad  quas  eadeai  eande 
lubct,  Sc  ill?  funt  equales. 
Propo[.  lO.Theor.  10. 
Ad  eandeirt  pioponionem  habentium, 
que  maiorem  habccmaiorefl:,ad  qua 
vcro  cadem  maioiem  habct  mincr  eft. 
Propof.  I  i.Theor.  1 1. 
Qua:eideme5demfuntproportiones,&: 
intcr  fe  e^dem  funt. 

Propof-ii.Theor.  11. 
Si  quotcunque  magnitudines  puopottlo- 
nalcsfucrint,  cnt  vt  vnaanicccdentiii 
ad  vnain  confequentiu,  ita  oa-.nes  an- 
tecedentes  ad  omnes  confcqacntcs. 
Prepofi^.  Theor.  15. 
Siprimaad  fccundam  eadem  proportio- 
Rem  habuerit,  quam  tertia  ad  quarta; 
tertiavcio  ad  quaitam  maiorem  ha- 
buetit,  quam  quinta  ad  fcxtamihabe- 
bit  &  piimaad  fcctuidatBmaiotcin^, 
quara  quinta  ad  fextam. 


Prop3f.ij^.Theor.i4. 

Si  prima  ad  fecundatp  candcm  habueric 
proportioneni ,  quam  teitiaad  qu.u- 
tamjpiima  auten?  quaiTi  tcrtiairaior 
fucrit ,  erit  &  fc  cunda  quani  quait.a_, 
maior,  &  fi  a:quilis,  xqualii,  fi  tuinor» 
minor. 

rropoj  i').Theor.iS. 

Partes  cum  puiter  mulnplicibus  ean- 
dem  h.ibenr  propoitioncm ;  fi  Vi  (ibi 
mutuo  rcrpLiidenr  fum.intur. 
Propof.iG  Theor.  16. 

S''  quattuor  magnitudines  proportiona- 
ies  fuennt.&  peru.utatx  ptopoitiona- 
lcsciurr. 

Propaf.  17  Theor.iy. 

Si  componcy  inaj^iiruHi'- es  proporM?« 
ii.ihs  iueiu.it ,  ,.^drjii.cpi  poaioua- 
ies  tiuir. 

Propof.iS.Theor.  18. 

Si  diuif^  magnitui^ir.cs  pioportionalcs 
fueunt ,  t^  comppfitx  proportionalcs 
ctunt. 

Prcpof.ip.Thesr.  79. 

Sifuerit  vctoca  ad  totam  ,  ita  abiataad 
ablatam-,<?c  reliqua  ad  leiiquam  cric, 
vttota  ad  tocam. 

PropofiQ.Theor.  20. 

Sifuerinttrcsmagnitudioes,&  ali.-c  illis 
numeroxquales,qusbma",  &  in  ea- 
dem  ratione  fumantur ,  ex  iqu  Ji  aute 
prima  quam  teitia  maior  A)er;t ,  crit  & 
quarca,  quam  fexta  maior,  &  fi  aiqua- 
lis,  ^quaiis.ll  m;nor,  minor. 
Prtpof  1 1.  Thsor.  1 1. 

Si  fuerint  ttcs  magr.itudines,  &i  .ilia»  ipfis 
liumero  ^qualcs  qu?  bin^,  &  in  eadem 
propcrtionc  (Kmantur,  luent  aute  ea- 
rum  pertuibata  proportio,  &c  ex  cquali 
prima  maiorfueiitqua  tettia,&  quar- 
taquam  fextamaoit  ent,&  fi  equalis» 
ijqualis,  Sc  fi  minor,minor. 
Propofii. Theor.  zi. 

Si  fuerint  quotcui  que  nagnuudines,  & 
al'i'ipfis  luiincro  xquales,qu^'  l»iiie> 
&  in  eademproporcione  fcima'  tut,<S: 
cx  ^quali  in  cadem  propottione  crunt. 
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Pro- 
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Tropof.  l^.Theor.l!;. 
Si  fuerint  tres  magnitudines„?c  aliac  ipfis 
^qiiaks  nnmcro.qu?  bine,(?c  in  eadem 
piopoitioncfununtur,  fueritq;  earuni 
perturbata  proportio,  ^  cx  ^quali  in_> 
eadcm  pcrtione  erunt. 

PfOpef.i^.  Theor.  24. 
Siprima  acl  fecundam  candcm  habuerit 
proportiontni,quam  tcrtia  ad  quarta, 
halicatuiitcm  &  quir.raad  fecandam 
candtm,  quam  fcxta  ad  quartam ;  ha- 
bcbit  ,5c  conipcnta  ex  piima ,  &  quin- 
Xi  ad  fc  undaT  ear.dem  propoitionc> 
quam  tcrtia,  &  fcxia  ad  quartam. 

Propof.iy.Theor.z'!,. 
Siquattuor  m.-gniiudirts  proportiona- 
Jcs  (ucrint.maxin:a  ,&  mmima  dua« 
bus  teliquis  maiorcstrunr. 

Piayof  i6  Theor,  i6. 
Si  piima  ad  fecundam  maiorcm  habue- 
rit  piopoiiionem,  qua  tcrtia  ad  qu.u- 
tam,habcbit  conueitcndo  fecundaad 
pnmam  minorem,quam  quarta  ad  tci- 
liam. 

Propof.  ij.Theor.  vj- 
Si  prima  ad  fecundam  maiorem  habue- 
rit  propoirionem,  qua  tertia  ad  quar- 
tam  •,  h.ibebit  pcrnmtando  prima  ad 
lertiam  maiorcm,  qaam  fccundam  ad 
quattam. 

Propof.i9.  Theor.  iS. 
Si  prima  ad  ieciindam  maiotem  propor- 
tionem  habcit.quam  tertiaad  quarta. 
ctiam  componcndo  prima,&;  fccunda 
ad  fecundaro  maiotem  p.oportioncm 
habcbunt ,  quam  tettia ,  &  quarta  ad 
quartam. 
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Propofit).'The«r.  19. 

Si  prima,&  fecitndaad  fccundam  maio- 
icm  habeat  proporrioncm,  quam  ter- 
tia,&  quarta  ad  quatram ,  habebit ,  & 
diuidendoprimaad  fecondam  maio- 
rem  proportionem  ,  quam  lertia  ad 
quarcam. 

FrepofiO.  Theor.  j  o. 

Si  prima,  &  fccunda  ad  fecundam  maio- 
rem  proportioncm  habeat ,  quam  ler- 
tia,  tc  quaita  ad  quartam;  per  coniier- 
fionem  rationisprima,&  fecundaad 
primam  minorem  habebit ,  quam  tei:- 
tia>  &  quana  ad  tertiam. 

Propof  ^i.Theor.^i. 

Si  prima  ad  tertisra  maiorem  proportio- 
nem  habeaf,quam  fecunda  ad  quarta; 
habebit  etiam  prima  ad  tcrtiam  maio- 
rem,  quamprima,  &  fecunda  ad  ter- 
tara,&:  quaitam. 

Propof  j  1.7  hior. ;  i. 

Sitotaad  totammaiorem  habuerit  pro- 
portionem,quam  ablaia  ad  ablatam} 
habebit.  Hc  reiiqua  ad  rcliquam  maio- 
tem,quam  tota  ad  totam. 

PropoJ.  ^^.Theor,  ^i. 

Si  fint  tres  magnitudines,&  ahe  ipfis  nu- 
mero  iquales,  habeatque  prima  prio- 
rum  ad  fecundam  maiorem  propor- 
tionem  ,quaraprima  pofteriorum  ad 
fecundam,  fecunda  vero  priorum  ad 
tertiam  maiorem  habeat  quam  fccuu- 
d.i  poftcriovum  ad  rertiam,ctiam  cx  aj- 
quali  prima  pnorum  ad  tcrtiam  maio- 
rem  habebjt,quam  prima  policrioruro 
ad  tertiam. 
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Propofi.Theor.x. 
Triangula,  &  parallelc^ramma  candcm 
habentia  alcitudinem ,  lutcr  fe  funt  vt 
bafes. 

Propof.  i.Theor.  1. 

Si  vni  latciii  tiianguli  parallela  retSa  da- 

<Sa  fuerit  ,   proportionahter   ftcabit 

trianguh  laicra.  Et  fi  trianjuli  laEcra-. 

prop  oicionahcci;  fccla  iucuuc ,  rc(^a-> 


fecliones  coniungesreliquolatcripa- 
raliela  erit 

Propof }.  Tbeor.  j. 
Si  trianguli  angulus  bifecetur ,  re(5aquc 
angulumfccans,  fecct  &  bafini ,  ha- 
bebunt  bafis  partes  cadcm  proportio- 
ncm,quam  teliqua  trianguli  la^^cra .  Et 
fi  bafis  pjrtcs  cadem  baljeant  propor- 
tionem,  quam  reUqua  ctianguli  lacera, 

quz 
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qu?  a  vcrtice  ad  bafim  ducuur  reda  li- 
nca  trianguli  angulum  bifecabit. 
Propof.^.Thcor,^. 
^quiangulorum   trianguloiuiTi  lateraj. 
citca  icquales  angulos  proportionalia 
funci&  luerasqualibus  angulislub- 
tenfa  homologa  ,  fiue  eiufde  rauonis, 
Propof.<j.  Theor.^. 
Siduorriangula  l.uera  proportionalia_. 
habuerint  >  a:quian;4ula  eiunt,  hibe- 
buntq;angulosjquibus  homolcgala- 
tcra  fubtenduntur,  a-quaks. 
Propof.6  Theor.6, 
Si  D'JO  triangula  vnum  angulum  vni  x~ 
qualeiT!,&:  circa  aequales  angulos  late- 
ra  proportionalia  habueiint ,  ocquian- 
guUerunr,  habebuntq,-angulos>qucs 
homologa  latcra  fubtendunctquales, 
Prroyof.7  .Theor.j. 
Siduo  trianeula  vmimangulum  vni  an- 
gulo  a-qualf  m  ,  <!<<:  ciica  alios  angulos 
litera  propoitionalia  habuerint  >  reii- 
quorum  vero  vtrunque  aut  minoicm, 
aucnon  minoiem  lecto  ,  a:<niiangu!a 
ciunt  tiiangiil.i,  &:  angulos,citca  quos 
latera  funt   propoitionalia  >  acquules 
hibebunc. 

PropofZ.Theor.i. 
In  re^Slangulo  triai  gulo  li  ab  angulis  le- 
doad  bafimperpendicularisducatur, 
qux  ad  perpendicularem  funt  tran- 
gula,  ^  toti ,  &  intcr  fe  fimila  funt. 
Propofitto  14.  T^for.  5). 
JEqualium,  &:  vnum  vni  anguloarqua- 
lem  habcntium  parallelogrammovum 
reciproca  fant  latera,  qua;  cuca  a:qua- 
les  ar.gulos.  Et  parallelogramma,  quz 
vnum  vni  angulum  iqualem  habcnr, 
&  quoruHi  leciprocanrnr  latera  circa 
acquales  angulos,  jequalia  funt. 
Propof.  I  S.  Theor.  10. 
>tqualium  trianguloium  ,&  vnum  an- 
gulum  vni  aqualem  habcntium  ,  rcci- 
proca  funr  latera,quaE  ciica  xqualcs 
angulos.  Et  rriangula  ,  qux  vnum  an- 
gulumvni  xqualem  habent,&quO" 
rum  larera.qu^  circa  xquales  angulot, 
leciprocantur,  func  squalia. 
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Propof  16,  Theor.  1 1. 
Si  quattuor  led:?  linc?  proportional»^ 
fuerint,  crit  quod  extrcmis  continetur 
redtangulum  .cqualeilliquod  medijs 
continetucredlangulo.  Et  fi  re6langu- 
lumextremi»  conrentum  CEquale  fuc- 
rit  medijs  contento  rcdlangulo ,  quat- 
tuonllx  linee  propprnonalesetunt. 
P>op6f.i~.  Thcor  12. 
Si  tres  rcdle  linec  proportionales  fueiint 
ciitquod  extremiscontinetur  tcdlan- 
gulum>a:quale  qua..^iato,  quod  fit  « 
media .  Et  fi  quod  extremis  continc- 
tur  rcdanguluni  arqudle  fuerir  qua- 
dratoquod  a  n^edia  fit.erijnc  tres  li- 
neij-illa  prc.poitiohaks. 

Ptopcfip.  Theor.  13. 
Similin  tnangulaintcrfe  funtin  dupla_. 
prcpoitione  fuo:  uni  laterum. 
Propof.io.  Theor.  14. 
Similia  polygona  ui  f  m;lia  tiiangula  di- 
uiduntur>  &.  numeio  iqualia ,  &  ho- 
mologatotis-,(Sv:  polygonumduplam_. 
habet  piorortioncm  eius,  quam  ha- 
bct  latus  homologum  ad  latus  hoaio- 
ioguivi. 

Propof.  2 1  Theor.  i  ^. 
Qiic  eide  redlilineo  funt  finjilia,  &  inter 
ie  funt  fimilia. 

Propofi  2.  Theor.  1 6. 
Siquattuor  rccta:  Mvnx   propoirionales 
fuermr ,  eiunt  &  lecVilinea  ab  ipfis  fi- 
niilia,  fimilitciq,-  defcripta  proportio- 
nalia;Et  fi  rc(tl:ilirea  fimilia  fimilitec- 
que  ab  ipfis  defcripta  piopcrtionaliaj 
luerint,  crunt>  &  ipUis  pvopornon.ales. 
Propofi^.Theor.  17. 
itquiangulaparallclogiamma  inrer  fe_i 
proportioncm  habent  ex  latenbus  c6- 
pofitam. 

Propof,  24.  Theor.  1 8. 
Omnis paiallalograximi  qu«  ciica  dia- 
metrum  funt  paiallclogramma  fimi- 
lia  funt  toti>  &  intcr  fe. 

Propofi6-Theor.  I9> 
Si  a  parallelogrammo  patallelogramutn 
auferatut  fiViile  toti>fimiliterquc  pofi- 
tum ,  comraunem  JpU  habcns  angulu, 
'  circa 


I    N    D 

oiicca  eandem  diametium  eft  toti. 

Propof.ij.  Theor.  zo. 
mnium  parailelogrammoiuraad  ean- 
Odcm  rccbm  lineam  appiicatorum ,  & 
deficientium  figutis  parallelogrammis 
fiaulibus,  fimilitcr  pofiris  ei,  <\ax  a  di- 
midia  defcribitur.maximum  eil  quo.i 
ad  dimidiam eft  appUcatum , fimilc-» 
exiftensdefectui. 

Propof.^  I.  Theor.  21. 


Intriangulisredangulis  figura  qu?fica 
latctc  redtum  fubtendente  sequalis  eft 
figuris.quij  fiuntalateribus  reitum^ 
contincntibus,  fimiiibus,  finiilketquc 
defcriptis. 

E  LIBRO  XI.  ELEMEN. 


E     X       XIX. 

Propo[.i,l.TheoY.\l, 
Si  duo  triangula  duo  larera  duobiis  iate- 
ribus  piopoitionalia  hjbentia,ad  vnti 
angulum  componantur ,  ira  vt  latera.d. 
homologa  fint  parallela,  reliqua  lateu 
in  diredum  erunr  conftituta. 
Propof.^  5.  Theor.  5  5 . 
In^qualibuiis  c:rcuhs  ani^uli  eandcitu» 
propornoncm  hibent,quim  pcriphe- 
ii^,quibus  inli;>unt, Qaeadeentia,fi- 
uead  penpheriasconftituti  inJf^^anc. 
Quin  ,  &  feitores,  quippe  ad  centra-. 
conftuuti. 


Theor.  5.  Propof.  ?. 

Sl  duo  plana  fe  mnicem  fecent,commu- 

uis  ipforum  fedtio  re£kx  linea  eiir. 

Theor.  4.  Propof.  4. 

Sircctalincaduabusredis  hneis  fe  in- 

E   Ll  B  RO  XII. 

ThcoY.J.Pro^of.j. 
Omne  piifma  triangularem  bafim  ha- 
1-ens  diuiditiir  in  trcs  py  ramides  equa- 
lcs  ioter  fe,qui  tciangulares  bafcs  ha- 
bcnt. 

Coro/Urium. 
Ex  hoe  manifertum  eft  omncm  pyrami- 
deni  certiam  partem  eflc  pnfmatis  ba- 


Uicem  fecancibus,  in  communi  fetftio- 
fic  atl  leCtos  angulos  infiltar,  ctiam_. 
du(Jlo  per  ipfas  plano  ad  redos  angu- 
loserit. 

ELEMEN. 

fim  habsnns  ea  idem ,  &  altirudiaem 
xquilcm;  q.ioniam  ctiam  fi  bafis  prif- 
mans  aliam  quan  Janj  fik;uram  rc(5tili- 
ncam  obtinear,  &  oppolitam  ipfi  ean- 
dem,  dini.titurin  prifmata,qua:rnan- 
gulares  bafes  habent,  &  qux  ipfis  op- 
ponuncur. 


Theoremata  dcfolidisprolibnsvulgitiselementaribushabcs  \r\^ 
hoc^rario  etiam  vltraelementaria,  &  decuruis  fuperficiebus 
circafolidajprsefcrtim rotundijtacilius, & vniuerfalius  demon- 
ftrata,  &  vfibus in  omni  fcientiarum ,  &  aj tium  genere  applicaw 
in  Breuiario  Stereometrico,in  tertij  Toiniparte  fecunda.^. 


•«H,^  W^  w^isr 

•Jtfi^       t}P%9       cJC^ 


INDEX 


1  N  D  E  X    XX 

Problematum  elementariorum, 

I  N    T  o  Jd  0    II,     &    III» 


L     I     E      E 

Propof.  JX.Probl.  i. 

DAtam  rectarn  fccarc  •,  vt  quod  tota, 
6c  vnaparte  continecur  redlangu- 
lumjiquale  fitquadraco  quod  lit 
L      I     £     £ 
Vropof.  J.Ptobl.  I. 
Daticicculi  cencruminuenire. 
Vropof.iy.  Vrohl.  2. 
y^  daco  puncto  rsctani  hneam  ducerOi 
qu^'  dacjm  circulum  tJiigat. 
l'ropof.  i^.  Protl.  j. 
Dataportionecirculi ,  defcribere  circu- 
lum,  cuius  eft  portio. 

Propo/.  50.  Probl.^. 
Datam  pcriphetiam  bitariam  fecare , 

L      I     B     £ 
Propof.  i.Probl.  i. 
In  dato  circulo,  datas  rccla-  lmee,que  dia- 
mctrocuculi  m.uor  non  (it ,  ajqualem 
reciam  lineam  aptare. 

Vropof.  i.Vrobl.  1. 

Datocirculo  criangulum  dato  triangulo 

squiangulum  infcribere. 

Vroyof.  5.  Vrobl.  5. 

Ciccadarumcirculumdaro  triangulo  ^- 

qmangulum  triangulum  dtfciibcre. 

Vropof.  4.  Vrobl.  4. 

Indato  triangulo  circulum  defcribere . 

V)opof  S-yrobl.  J. 
Ciica  datum  ttiangulum  citculum  de- 
fciibere. 

?ropof6.Vrobl.6. 
In  dato  circulo  quadracum  defcribcrc. 

Vroi-of  7.  Vrobl.  7- 
Circa  datum  circulum  quadratum  de- 
fcribcre. 


R        I   T. 

cx  rcliqua  parte. 

Vropof  14.  Vrobl,  l. 
Dato  reftilineo  equale  quacir.atu  con- 
ftitutre. 
X        III. 

Vropof  ^^.Vrobl.  f, 
Supct  data  ted:a  defcribere  portioncm 
circuli,  que  capiat  anpulum  acqua- 
lemdatoangulo  reftilmeo. 
Vropof  54.  Vrohl.  6. 
A  daro  circuio  portioi  cm  auferrc,  qua: 
capiat  angulum  a:qualem  dato  aii- 
gulo  rcftihneo 


H        II II. 

Vropo^.  8.  Vrobl.  8. 
In  dato  qijadiato  circulum  defcribere. 

Vropof.  <?•  Vrobl.f). 
Circa  datum  quadratum  cuculum  de- 
lcribere. 

Vro^ofio.Vrobl.lo. 
Triangulu  ifolceles  conftitucrchabcnj 
vtriimq,-  qui  ad  bafim  ,angulum  du- 
plum  leliqui. 

V>oi^ofii.Vrobt. 11. 
Dato  circulo  petagonum  iquilaterum, 
&  cquianguium  mfcribere. 
Vropof.\X.Vrob!. II. 
Circa  datum  circulum  pentagonurrL» 
^quilatcium  ,  i<c  a;quiangulurade« 
fcribeie-- 

Vrofof.ii.Vrobl.l^. 

Dato pentagono  ^qailacero,^-  ^quian- 

gviio  circulum  mfcriberc. 

VroyoJ.iJ,.Vrobl-ix. 

Circa  datum  pen:agoaum  xquilateru,- 


I    N    D    E    X      XX. 

&  a:  uiangulura  circulum  dcfctibcrc.        &  ^quianguluia  defcribere. 
Propof  i  S-  Probl.  1 5.  _  Propof.  \6.  Probl.  \6. 

ludato  circulo  hexagonum  xquilacctu»    Inclato  ciiculo  quindccagonumeqmU- 

terum,&  ^quianguluiu  defccibcre. 


L  I  B 

Propaf.^.Probl.t. 
A  data  rcftalincaimperatampartemau- 
ferre^. 

Propofio.  Probii. 

Daram  red.im  lineam  infeclram  dars  rc- 

dt?  fe(5ta:  fimilirer  fccare. 

Proptf  II.  Probl.  5. 

Duabusrei5lisdatistertiamproportiona- 

lemmuenire. 

Proyof.li.Probl.  4. 
Tribus  daris  ledtis  lineis  quarcam  pro- 
portionem  inuenire. 

PropofT^.Probl.^. 
Duabus  redis  datis  mcdum  preportio- 
naiemmucnire. 

PropofiS.Probl.t. 
Super  data  rc6la  linea  daco  leiftilineo  fi- 
milejfimilicerqi  pofitum  vedilincum-. 
dcfcnbcrc. 

Propofi^.Problj- 
Dato  rcdlilmeo  fimile,  &alrcridatoa:- 


£  R     VI. 

qualeconftitiicrc. 

Propof.ii.Probl.  S, 

Addatamredtam  Imeamditore(!ii!inco 
xquale  parallclos^rammura  applicarc 
deficiens  figura  paialleIogramma,qui 
fitfimilisalccri  dat«.  Oportec  aurci-iij. 
dacum  ie(5lilineum  >  cuiarqualcappli- 
candum  t(t,m3ius  non  cfTc  eo.quod  ad 
dimidiam  applicatur  ;  fimilibus  exi- 
ftentibus  dctedibusj  &  coquodadi- 
midia,&  eo,cui  oporcet  fimile  dcficcre. 
Propof.  19.  Prcbl,  9. 

Ad  datam  rciStam  dato  rei^tilincoarqualc 
parallelogiammum  applicare,  excedes 
figuta  parallclogramma  ,  fimili  alten 
datx- 

Pro['o[.  ;o.  Vrobl.  10. 

Datam  reftam  Iineam  teiminatam  extrc- 
tnai^meduracionefccarc. 


fiffis  Indicis  2  »,  d'  ^ltimi. 


Probktnata  dc  folidis etiam vltraclcmentaria, &  dc curuis  fuperficie- 
buscircafolida  pra^fertim rotunda  habesin  hoc  JExzx\o  nouo,& 
facilIimomododemonftrata,&ad  multiplices  vfus  traduv5ta  in^ 
Breuiarijnoftri  Stcreomet.  fe(5lionefecundd,in  2  parte  tertij  Tomi. 


MONirVM. 

Suomamin hoe .^rmo pepifsi*»e cttatur  (jitarta  Editio  Apiatiorum  cum  Moi 
ieilts  yfciAt  Anficus  LeBor  Cixm  edtttonem  eittare  etiam  Vitiitijs  cum  aliqttot 
e.\t7f)fUrihus  apudCombium  btbltoVoUm» 


Re: 


REGISTRVM 

TertljTomi  Aerarij.  6cc. 

•»/:  4»  4.^  ttt  ABCDEFGHIKLMNOPQRSTVXYZ 

h*  Bb  Cc  Du  £t  i-  i  Gg  Hh  ii  Kk  Ll  Mm  Nn  Oo  Pp  Q,q  Rr  Ss  1 1  Vu  Xx 

YyZz 
AaaBotj  Ccc  Ddd  Eee  Fff  Ggg  Hhhlii 
ABCDEFGHlKLMiNOP 
t  iBCDEFGf  hikkJlmmnnoopp 

Oinncs  fun'  du''rniones ,  prajter  »J» »1»  Ee  P  f  Gj  8c  Pp,  quac  fijnt  tcrnioncij, 
&  .-V;  YY,  5c  D,  quaj  iuuc  leni  JoJ. 


B  O  N  O  N  1  ^    M.DC.XLVIII. 

Ex  Typographia  lo.  Baptiflas  f  crroni/.       SupcriorumpermlflB.' 
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